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Nter eos, qui Elertentt EucH* 

dis Mathematica fuis demon-» 
ftrationibus illuftrarunt, haud 
mediocrem meruic deportavit- 
que laudem Cel: ANDR.TAcQUExusjfuf-» 
fragia approbancia adeo unanimia fuerunt, 
iic aliquoties in diver/is Europa; locis 
ejus com-mentarii cypis mandati iint -, nec 
miror eos quim plurimum placuifle y emi« 
net enim in omnibus demonflrationibus^ 
tam dire£tis > qu^ qax ad abfiirdum du« 
cunt f magna perfpicuitas & amabilis bre^ 
vicas , uc fere nihil melius exfpedari pof^ 
ie videatur : .utramque probandi metho« 
dum f dire£tam & indire^tam , Au£tor fa» 
pienter retinuic » uc tyrones afluefcerenc 
methodis vecerum Geometrarum omni^ 
bus ^ cum Mt hasc Elemenca infervirenc lo- 
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IV 

c6 Logic* ad dacendUm vark* 'rafiocirtii 
& dcmonftrationis modos. QuiEcunque 
in Euclideis miniis utilia , aut nimis pro* 
lixa funt , omifit ^ ubi utiliora addi pofle 
judicavit , Corollaria & Scholia cgrcgia 
adjunxit: hinc fi paltnam onnihus none- 
ftpuiift , faltcm cum optimis de ed certaCi 
le cenferi poteft. Quamobrem digna hsec E- 
lementa cenfuit Clar. Bcitannias Mathema^ 
ticusGuiL.WHisTONUs,quaeornaretfuis 
lucubrationibus & eruditis cdmmentariis ^ 
hi^ ut & ipfum opus^ quamplurimum pla- 
cuerunt Orbi Mathematico> ut intfa an- 
guftum temporis fpatium typis excufi fint 
tribus vicibus in Britannii » hoc tem-; 
pore difciplinas Mathematicas ferventifll- 
me coloitc » & merito de fummis in his* 
cc Viris gloriante. Deerant in noftri 
regione exemplaria , fkpiusque dolui 
VOS hoc prxftanti opere deftitui ^ id- 
circo confului P. Coupio > Bibliopolx 
diligientt ^ ut juxta ultimo editum 
Briftannicum exemplar hoc. opus Tac- 
Quetianum typis xterum mand^tet / nec 
Oefuit , curans uc nltldiflime^ pnx|iret » 
i;orre(Shun fatis accurate i fpfaalmahbus ^ 
&; ornatum figuris oeri incifts melioribus ^ 
quam ia omnibus antecedentibus imprei^ 
(ionibus. Veftros in ufiis A. .'A. elegi 
^unc Audlorcm potiflimum j qui , praster- 
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quaoKiudd Do£Hflimi Whistoni operi 
ftdget $ non tantiim baerec in fex priori^ 
bus Libcis Euclidis > quemadpioduiir 
ConaientatQres plurimi s fed ca , qux» 
fufidameiua FlaAorum & Solidorum ipec* ^ 
tsmtf addlidic % quasque 9b aliis. non nijfi 
loogis exhibita domQnftrationibus > (b^ 
lit4 fui bfevicate a^: f^icate exjj^icuic» 
uc ablque txdio legi » abfque diinmlcaco 
res fubtiles inteiligi ponint. Pofterior^ 
xque VQbis fcicu ocoeflaria quam prioii 
ra : omnia enim cum^ didiceritis ^ apti 
demum eftis ad Philofopbiam Mathcipa- 
ticam cum fruftu intelligcndam ; qud 
alioquin ignaro Mathefeos nihil obfcu^ 
rius i perito nihil clarius dici potefl:, No^ 
lui huic Libro aliquid adjicere ex meo 
penu defumtum » ne in opus Clavianum 
excre/cat, tum quia rae vivi voce expli- 
cantem variis haec Elementa modis^ & . 
plurima inferentem audire foletis. Ad- 
dita fiiit huic edicioni Trigonome- 
TRiA Plana noftri Auftoris , brevis^ 
quidem » fed clara , fufHciens ad omnia 
intelligenda , quac in Geometrid Pra£tic4 
occurrunt: adje£bi haec quoque fiiit im^ 
preffioni Patavinac , fimul cum Trigo- 
nometriaSph^rica ex P. Schotti En- 
cyclopasdia deprompta ^ retinui utram* 
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VI 

que}FLAMAM,quJa utilitaCe CuSl & juain- 
difnmis problcmatibus dclercc ex animis 
veftris , quicquid txdii anteadto labora 
cepifletis. Sphxr.icam deliderabam, uC 
me AftroiKMnica tra^antcm metbodo Mat- 
hematica » facile & cum voluptate inteili- 
geretis. Hascc igiturlMatbefeos partes com- 
aiendarc Vobisrolui, quas dum explicue^ 
ro , vera me ftravifle mndamenta ad reli- 
quas , ut & ad Philoibphiam hodiemam 
ilrbitror> hisfniaminj, & raletc^ 

Xrajedi td RliCDuin 
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GVMnfudms decretum effct EUmentit Geci 
metrU EncUdea juxta f\ Cl. jMrea Tac'^ 
^uet editwtem recudere y dedi (feram m 
quam emendatiffime , nec fine auElariis § 
novo noflro Typografheo frodirent. jitque equidem 
Editio hacce Tacquetiana , qHom haud immerito efe« 
gantiffimain vocat noftra frofejjionis Pater CL Barror 
mtiSy fraabis mihijhnper vi/a eflj ^ exflicandi fa^ 
cilitate, fjr demonflranS ferfficuitate rebquis fahnam 
frarifuiffe. Neque aUam fuijfe DoUiorum de eadem 
fententiam , fublicus Geometrarum ufus fuadere vi^ 
detur* P^x aliam enim Elementorum Euclideorum 
firmam fhius imfrejfam , am manibus frequentiks 
tritam viaere licet. Ouin dr illa quoque ad accss^ 
randam hancfra reliquis editionem^ quam integram 
hsc damus; animos addiderunty quod ^ fracifua At'* 
chimeMsy Geometra ftane fummi y de Sfharay Conoi 
atque Crlindro Theoremata , auro contra non cara ad 
calcem exhiberei ; (^ in reUquis Editoris noflri oferi'» 
tfks^Afathematicis 9 eruditiffimis fane^ ^ ad ufuno 
Trrontm fiientias hafie frofrio Marte aggredientium 
cptime accommodatis , faffim chata extaret. Defu^ 
erunt quidemy autmihi fakem defuijfe vifafunt etiam 
in oftiniis hifce elementis nonnuUay quafi haherentur^ 
dijientibus ejfent haud farnm emolumenti aUaturam 
JSltmfe in ficupdo Ubro methodum demofflrandi inci" 
pientibus fasflo dffficiliorem : In quinto frofortionum 
doEbrinam in fi faciUimam fer ambages nimias exfofi^ 
Pom ; Atque etiam ob corollariorum froBicorum de^ 
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ftSium , Elemms mmis ahfirsStaf Fff^^Af. ^ ^ 
^ flena caHfabar. Qmcirca omnia ad iMcudem re^ 
VQsatr^ , i^ ifma 4fji(krarh'f^9 ^mkbantm^-^iffkre » 
|l aniinmn induxi. S^cUfuk it^^fuk, UM^eS^nfira^ 
ahme flerafiMM tum re&ang9$lof$me-fAufiruiikue , *mm 
exemflis numericis iUnfiravii DoSrinam de frefar^ 
tione,i (juam qi^uil^een^leQiwryJum^Mtm^f^ 
irevij}in$e exfo/ui :.Et qmd in m(fir6 (fere^ (fr in utd^ 
sierfo hoc fiudiorum genete fabnarium reor^y varios 
frcfo/iiionum \J(\x%Jiye iheoreticoSyfive fraSkofy (fa^ 
fiUores nimirum , ^ quak^ difeentifun coftui effent 
accommodi) condimenti infiary atque incitamemi haud 
rarp offofui^ Qua cum itajim , fas Jit Jferare £• 
fcmenta Geometrica Jam tandem , etiam ordine Eum 
flideo non mutato 9 & facilitate , (^ ufu itafore cemm 
faraia » Ht Elementis aliis novo ordinc ftqftc methode 
demonfirandis non Jit ofus fmurum. Minime enim 
flacet eorum ratio, qui frima Geometria etementa aUbi 
^uam afud Euclidem^ quemfoUm tanquamunicum 
Elementorum Conditbrem citant s4?ique JHathematicom 
fum libriy ^ bis mille annprum uji^sfatis commendat, 
quajitum eunt. Hifce quidem.ferleStiSj^ atque,. in fuc^ 
cum & fangtiinmverfisyfergam uiteriusTjrones cpmn 
ifuo fotet Afathejeos Camfus , quaqua (lucii Ne^eri^ 
corum folertia , in flerifque fane l^e felic0pia : fed 
J)$ece , atque jin^p Euciide fergant. Juvat ^ntir 
9U0S exquirere fonces i ^ it^ens erit moray/jnra^ 
fretiuen cakulo andjtico^ inwvifibilium methpdQflnn 
finitorum ^ithmmoe , . ^ nevifiima fluxionum doc^^ 
trin^ ConjlruBioncm f^eteru^^ Geometrarum Sjnsheti^x 
cam , tanquam Scientiarum ^athematicacnn^ b$f/m 
fnconcujfam , frafiayifie & frdibafe. 
, Sciat autem Le^or » me QaroUari^ ifi^ > i^bssf ujjesi 
frofcjitionum continentury e (eleberrimit Ekmentorumi 

fcri^tQribHs » Jie Qk4^4 1 flarrmo i F^rdich 45(w»^«a 
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PRiEFATIO; tt 

Princifc Ifaac9 NewMio » fiuim htmms etiam caupi 
ficminoy fofiffmttm mmuo accepiffe ; ferfOHCd emm 
qt$a de pemi prefriofrtffero ^ dkna mm fiim fM 
Jecrjim memorentHr* Qm4 vero ae JElementis a OL 
P^. Je Chales editis dtfrom/i ^ cumhasulfasfcajm^ 
fiso Uneolis fiforatricibm cernstntstri reliqsta vero hn» 
ju/modi ttncinttUs Q incbtJttntftriitatanten ttniverfitf 
ttt t^tta Tacqtteto mfro aUttnde accediimt f charaHerif 
diverfoate ttbupte dignofiifoffmt. 

Cniqstam atttem astter effe noUemjm Uirttm ittte^ 

grttm fismtl & fimlfibi ferUgendttm itnfonat : In 

fectttndo enim UlnrOf frobatiofSbtts (^ illnfirationibtts 

mfiris contenttts effe fotofif fritna fiiliem vsce : & 

in Ubro qttinto^ e Moaito noftrp ad Tyrones > ^^r 

neraUnm de frofortionaUbtts ratiocinattdi tttodorttm 

frobe mentwi ad JJbrum fixtnm iUico accedat ; attem 

fiute fi tnm neqtteat itUeUigere » cattfitm nan aicam 

qmn frofofitioms tihri 5 • farticnlares frins omijfai 

refetat^ jQtta etiam drca Paradoxorttm dit ContaSiis 

,4t9gttlo filtttiomm f^ fref. x6. lib. 3« tsffentmttr^ 

cnm ad Elementa non fertineamfneqne itafiUda vi^ 

deamttr; tmi otttitti foterttnt. ReUqtta ataem omnid 

Otifi fifrte ttonmtUas axiomatttm fita istce clarijjimo^ 

tttm demofifirationes mimts necejfarias. exctferis) digna 

fitnt omnino qna non tamum l^amur^ fid (p^fintti^ 

tffr memeria atqua attimt infixa hareant ; tanqttam 

Scientia ittter humanas lcnge fr^atttilfona ^ certiff^ 

mafrinc^ vere jitireay ^ tmnqttamjatis laudandai 

quwus tfnidem dttcibtts mn tsmtnm Oeontetriaffid 0^ 

Fbjfica.etiam^ t^ j^ref^tttut extra Sjderttm SoUfipt^' 

vias in hnmenfiem creverum, & etiamnum crefiunti 

ebmtfiientia hujtts Paremes Exsquat ViAoria Cslo« ' 

Scnbebam Ouitabrigtx III. Calen»^ 
49WU Atortii A. D. 170^. ' * 
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DeEdidcme tntii CAKTABRiGtciisx' 

Monitum. 

ED ITIO NB M hanc &icMs EUmeHtorsm 
jHXtd 0. TMqtietum^ yiHoTyroft$m ujibu^ 
accommoJatiorMquewfiruSiorfroMretiquau^ 
' tum fieri foffet perjpicuam & explicatam dare 
ferio adlaboratum efi» Theoremata bene muha novis 
demonfirationibus muniuntur r aliOj qmbus ea femtui 
deerant , iifiem fiqfpeditantur. CoroUariis ac Jcholiis 
fiarfim infirtiSy fulciuntur dmonfirationes inde tub^ 
Jecuta y m iis flsa firmitas (^ evidentia vis forfius ae 
meUus confiet; Propojitienum cenfluriumj quas ujui 
au^ vix fiatiras ondferae Tacquetus^ non pouta rr- 
vocata Jitnt; atijue eoruin AuSori ptfilimimo refiitkta. 
jidditamensa quibus Fir Cl. GuUelmus fPhifionus J?- 
ditionem primam aderfMverat j perjipe uberius tranjl 
ponuntur , ne propojkione aUqua viderentur nitij qua 
ante demonfirata nonfnifet. Theorematsnn denumjtra^ ' 
tionesy ubicunque nimium brevesvijijmtj aut ada^ 
mujfim non conJbruBa , fupplementis inditis pleniores , 
Tyronibufque (ut Jpero) faciUeres redduntur. Non^ 
uuUa afferuntur , qua maximi tx parte , ab incljtii 
Geometris , nu^ nominis Piris dtcerpta funt^ ut inde 
hifiruBior ev^lat hifce fiudiis profequendis^ quicunapte 
. ad veram Phitofophiam tendit iter. 

Hortandus efi Mathefeos fiudiofus ; ut Elementit 

Ceometri^ jlnahticam adjungat praxin. Hinc ei in 

diJcipUni tam JubUmi JeUcius pro^redi ^ & cumiUA' 

famiUarih verfati Ucebit ; imo & in ejufdeui recefi- 

JSis abditos fntimaaue penietraUa ei tandens introiret 

'as ertt. . 

Pabam XIII. Kal ApW, 

Anw Dom'. i7*^' . ( . . , 

GKOS 
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TU autem 5 DOMINE ^ quantus es 
Geometra? Quim eirim hxc fcien- 
tia nidlos termHios habeat ; cum 
11) iempiteraum novorum theorematum 
inventioni locus relinquatur > etiam penes 
humanum ingenium » TU uno bax omnia 
intuitu perfpedbhabes^abfque cateni con« 
fequentiarum^abfque txdlo demonftratio- 
num. Ad caetera pene nihil faccre potefl 
intelledlus nofter s & tanquam bnitorum 
phantafia videtur non nifi incerta qusdam 
fbmniare) unde in iis quot funt homineSy 
tot exiftunt fere ibntentia^: in his cbnfpt^ 
rfttur ab omnibus» in his humanumin^eni- 
um fe pofie aliquid,imo ingens aliquid Sc 
mirificum vifum efl: > ut mbil migis mirqiQ} ' 
quod enimin ca^terispene ineptam^n hoc 
efficax , fedulum , pmfjpemm , &c. TjE i^- 
tur vel ex hac re amare gaudeo ; TE fuf« 
pi<:ere > atque illum diem deftderare fufpi- 
riis fortibus^ in quo purgati mente &: clarp 
oculo non hsec fbliuim omnia abfc^uehaC 
fucceifiv^ & laboriof^ imaginancji jpurds 
verum multo plura & major^ ^ lex Tud 
Bonitate Sc immenfiffimi fanffciffiih^lque 
Benignitate confpicei:e& fcirecQncQ^^turi 
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SIGNORUM qmifm fretptens ujut efi iind' 
ditmibm EX t^t I C ATI O. ' 

* . ■ *^ ' 

,' I 

n^ Sfgfum ifMtatis. Sic mZZ i denotat quantitates 4 & ^ 

att|vak»dle.,. '- ^ , 

4* i;(g«iM9» 0ddUi^Sp -Sic 4 + ^ denotat iiinuDaiii qoanttta- 

tum 4 &^. 

.«— SiffMtm MduBMs. ' Sic 4 •- i dtiM^ttt execffiim quantitatis 

o Sigmm nihiU, Sic 4 «— • ^ IT o denotat 4 i9m»/ ^ (five ex- 
ceiiiai ipfiutf 4 fupra i) acquari nihilo^ €c proiBdc ^iaiw 
tifajt^ 4 , i efle inter ie ^u^ 
X Slgjm» multidhatmis. Sic m J>< ^ debotat produdum ex 
qnantit a nlnis 4 , ^ in 6 tnvfcem ninltiplicatis. ' 
Qmoddqnr^tiam quantitates produ^luiii efiideatas , «bfi 
qoe %DQ .intcrpofitp conjunguntur. Sic jiqE dcnotat prch^ 
dudum cx multiplicationc qoantitatis jfq per quantiettem' 
JL [£t £i: quoque apod ipw T^cqvetUAi (/ftW. p. i6, L 
1,1.) ABC denotat folidum ^ rc^tarum A » B» C fmflti' 
fUcMtkng coQtinud produ^ro. , Aliquando tamen , Tacque- 
tiis qaaodtates sddindgs Mifie (i^io Jntmolito coBJiuigit*. 
Sk w demooftr. p, 14.. 1. f. M donotat iummam ^quanti- 
tatum A & 1] 
' 6it ^miitas A divi&nda pcf^B-i <Qgotlcns fic /^X * 

smtatur.. \ V^/ 

« £t finnlkar» | eft qcioticnr ncimeri 7 per 4 divifi » . £va 
s^ Stoyoilibsc^ftaftionis f uit {) mtmerator (i) prp fy^> 

vtt|endo» denaminator (3) pro divifbre habcndos eft » & ip- 
ia firaaio ^) K^^ quoto. ^ 

• ; &^m TMmnuttt dqttMlmm. SfC Jl«Bt:»: #»(7tlitf:B::«:/}y 

. (ksi^t^ «fldcoi 446 ratioQcm in^r .4^ & J3, ac intc^ 
•£A. Simm prpfortioms cmimu. S\c:A^h^ 04^ dcuotat^ cHc 
•• ^itti B, iit « eft ad C. ' 

^gfmmsptftdfitti. Sic CiSf <^>iotat )uad«t«m latpris C39« 

c 5i(;Mi0i/4lt Sic Jlc eft cuUis bteris ^. 
t/ S^pmmirM^h ■jmsikaticd. Sic ^ f eft radix -quadratica numo- 

: H f; lc.%^4<4>'<ftiadixqu«teiticarummaequaott(atum 
'dUJt. Hdccft, fiarea.qttadratifi t f^-V^ l^^f^J^cM^ 
dem latus quodlibct per ^ ^ , vel |/ ^ + J? denotabitur, 
^ ^j^Yniffli ntpifcri/ riii^4. 6ic |/cy • eft radlK culiica nucnsri 5* : 
v^^ £t V^c^E eft radix cubica quantiutis jff£i boc ell « fi 
liimxiatur cubus fblido AqE sequalis» erit V c.^£ Tmea' 
red^, laterie)ui(iem cubia^ualis» quae nempe in fui ip« 
fius quadratua dufta» ip&m cubum gencrat. 

AMICE 



A M I C E 

L E C T O R. 

GVM. nmkis jnm Mms ElemeHfmm Gimmgi 
ria lalNrassmiffifyviJkm dem^t^afiadHpm 
ftsuUoft jtiventutis 9 cujus grasiu htttif laborem ^t$a^ 
letttcm^ fufiefi^ mvam editiotiem admiare ; in 
iftta qttid fr^ittmfit y foMcis, accife. 

I* Irnfrimis Geometria flana ac filida elementa 
conjtmxi , tte(utfit fkrtmkpte) fimfer in flattis tjro* 
ms bareant; fid ab his tranfiam adfilidai qttortm 
fitmme tteceffaria cognkio efi. 

2. Proftj^iontm bjfoth^^s ^ affertianilms £• 
teras $ forenthefi inclujas » t/ttilms adfigttram refierri 
fojfimy afpofiti: qttodeo c^t/tUo fici^tte ^ntedemonfi 
eraeimm > iterum exflkattda affirtio y 4deofte idem 
hs rtpetendtm effet : <^ tamen lieerii a relitjttS finfio^ 
foremhefi fiforatis » fita affertiom ttmverpditas oon^ 
fiaret. J^ertienm igiettr cotrveniet legere frintumi 
litorii fratenniffis i ttmfi tum imeWgds y teUteraa^ 
figteram dttcem* 

' ;• Profofitiones tdifttas fratermifif ^jttttrtm fir^ 
vel tndhti ttfits eft y aut certe non tditis^^amsttfer, 
eas detnmtflrenttir alia%mtasfine ilUs facilieri viafo^ 
ieram dmotifiare. Eofam iatnen frofofitiontm reti^ 
900 mtttterosy qttos JEMclidesyOfdiitemi^tte firvoyqttm, 
hs tttUk anmtrtitn tifits frohtvit. 
f 4« Zkmotiftrmiones vel nevas affer^^ ^ antufuof 
inwiores flertmt^ ac fatiUms cenor ^cire^ Et 
ftoiixitas eptidm rato frodeft. Ea fiift^itm tardior 
res e^ heMiores nmjmmii fitbtUibm amm & in^ 
giniofis mohfia eft. 

' 5r ii!f^^^ mtum knvii efifindmro i tx^ 

mavi 
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mavi tamcny me a frepojititf mn recedere \ fiea dJU 
deremy Ma GeometriMm' dijiere volentibus fittttrd 
ufid vHMantm-. Itaqtte CoroUaria & fiholia adjnnxi 
non fauca^ qna ufu longo didici in elementis defiderari. 
Geometria fraSica fimtes indicofiUs tocis. Tumfitjuid 
iUuflre ad tem occfmerety non omifi, ^aria deindi 
$H quibks laioratum huc ujque fuit ^vil exflkarevel 
demonfitare conatus fitm. 

6. In Uhro frimo pafaUelarum theoria demonfira* 
tur independenter ,ab undtcimo axiomate » t/uodnon 
axioma^fid tkeorema efi^^fr quidem non mji diffktd^ 
ter ac Idngo citcuitu demoHfirahile^ 

7* Secundum Ukrum^ in qito lohofare mttkum tj^ 
rones filent ; dijpofiti ad etmfete modum , tjtto jam 
anaijfia Jcrihttnt aquationes Jitas. Ouem fi exoHe 
tenere voluijfem^fuiffetqttidem res lfrevior;Jedtt$imt9i 
9tt arbittor ^ tjroniitts accotumodata. 

8. In Ubro tenio ad frof. t6. faradoxa anguU 
ContaftuSy tjua haBenus torjere omnesi fihttntttr. 

9« In quinto Ubroyfrofortionum doHrinatttj tet ejtti^ 
dem ab EttcUde traditttryjatssjfittofamy efficere flamo'^ 
rem conatus Jitm. ttaqtu frimum frofortiottttm e/e-» 
menta faciUori qttadam ttuthodoj ttutltifUcibusabkga^ 
fis y traduntur. Deinde hujtts Ubfi fixtam depmtio^ 
nemi, qtta frofortiomtm aqttaUtas fer mttltifUces exfU^' 
catur i ofiendi non depnitionem ejfe , fid theorema^ f^ 
ijuidem difficile dr ferobfittrum ; cujus etiam tkmonj^ 
trationem exhibemtts^ hallenus a tttdlo datam* Atepte 
itadefttonJhrationesEttcUdeastjttahincdttcttntttromnes^ 
fi ifuis forte iUas fra nofirip frobationibtts dejideret > 
fiabiUirimtts. Tttm aUttd tfttoddam aqttaUttm frofor* 
tionttm affiffto ac dentonfiro imUcittm ttniverfale yfri^ 
mtttttyfaciUittttttt$9 ex ^ otttttes qttittti librifrofofitio^ 
ttes demottftrare fotuiffemyfi hoc condttcere difientibut 
jttdicaffim. Pojiremo de fr^ortionibus mn fattcafiittt 
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meffdrid Jnhjmm ; ^mc imfrimis demMfiro axioma 
ilkd perceUbre pu fatiks theorema , frefertitmem ex^ 
irenmnen ex qmtUbef imermediorum pr(fortiombus 
coutfom^ id tpsod hMSemts m Geometna fmt dejide^ 
ratssm. 

la LArtim dmdechemn ^ cujtts d^iks sc fro^ 
tixa desmmfhrsuioms dijcemibus terrori ejfe Jolem^ sdiSi 
viu flus qtsMS decies hreviori demoufirAvi. Quod iea 
Je habere > qssi hsc uoftrd ctem EucUde ejujtpse cpn^ 
mmtateribus cotttsUerit . defreheudet. 

IX. In libris ijudrtoy Jexto^ tmdecitsso frdfismtur 
ed ipsd tsmverjim fisfrd indicdvimus. 

X z* Deniaste JeleSd ex Architiude theorertsdtd^aU^^ 
fmUiter dc breviori vid densonfiratd ddjttnxi ; exi* 
tttiamqtse iUisss de cylitidro acjfhara doSrittdm fofire'^ 
mis tredecim frofo/itiotdbsis ddjeflisy asnfUdvi; quibtse 
imer catera demotf/ho JeJ^uiaiseram* fnfortionem ak 
to in cjfUndro Jfhariqtie refertam y ab aquilatero cotm 
tidemjfhera circutnfcrifto > tam in foUditatey quam 
in fuferfi^e contpmari. EucUdi forro Archimedea 
itUs Jiibnextd ; non epiafi adhuc eUmema , Jed quia 
psittfUtate.fariter atque ujis eximiajsmt; tttm deinde 
m Geotisetria caneUdatus inteUigaty cum maximi Geo^ 
metra usventa admiranda affeqtd Jeje viderity nihil im^ 
Mathefi futUTum tamJiibtUe vel ardsiumy qtsod bss 
h^hrfsBus elementis fercifere non fejfit. 

TiubdC habei & ^ fi fldcsierint y kge dcdijceiiu^ 
^tesMorus in his frincifid nobiUJ[itisay& Jorte ommsm, 
emtiqfsii^uajiimiidi quod ijficndit tibip epsamjiib^ 
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2)^ arim & frcp^effu MMtheJeos. 

MATHEMATUM dcnicnta trtdituro , vi* 
. fom cft de 3tonim ori^ne ac pr«ftantii 
prsfaii qu«dam , ut intcHigant Mathe-' 
leos candidati , cujafmodi ea fcientia Ht ; ctii ie 

. confecraturi funt ; & planum fiat adverfts eos oui/ 
qua^ ignorant , contemnunt > quantae dignitatis fint 
fe difcipKna^ 3 quas omnium aetatum^ fapientiffimi 
viri kicredibifi ftudio fibi putaverint comparan- 
das. Ufiii porro mihi fiiit , in hac relationc 
toncinnandi, Petri Rami dillgentia , qui fchbk- 
him toto primo libro bene magno MathematiOpatf 
Hifloriam ex Proclo , Laertip, yitmvip, Geffio, 
Polybio 5 - Tzetze , afiifque accorate copiofequ^ 
corfcripfit. ' 

• Piima hofnimim fdentk'Mathefisfiiit'i itjo-*' 
fephp credfinus. 1$ &.](.• cap. 3. fciibit SetM 
«potcsCcelonim ordincmlac Siderutn curfdiobfef^ 
Vaire. iNe^autem haec mventa ex.honriniim owtft 
dihberentur, cthn Adamps uniyferfafern^biundK 
ttritum fbre^^praBdixiflcti uhymNaihmoyincetttliq 
ilcertims^exufihh^t duas ^cdlinriftai V'4^^^:Iar^^ 
tiam., dteramrkpideam t^ Sc tkrftjtie fixi!iVmvefit2h in- 

. fcripferunt , ut fi lateritiam diluvio deleri cdhttff- 
geret, lapidea fuperftes , hominibus difcendi copiam 
laceret , & qus infcripta continebat , fpedtanda ex* 
hiberet. Aiunt autem lapideam illam ab ipfis dedi* 
catam , qus & noflris temporibus extat in SyriS* 
Ha^ Be 9 penes quem fides eflo. - 

Poft 
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Poft dilavium primos mortalium AfTyrios 8c Chal- 
dsos Mathemata coluiile tradunt idem Jof^hus, 
Piinius^ DiodoruS) Cicero. Sed ort« & ft>ren«* 
tes apud Cbaldsos Mathematicx artes y deinde ex 
Chalds^ & AOyria ad iEgyptios tranflatas func 
Audore Abrahamo. Is enim cum Deo jubenteex 
patrio folo in Palaeftinam » ac deinde in ^gyptum 
profedus eflet , cerneretque ^gyptios artium bo- 
narum capi ftudiQ) atque indole ad difcendum egre* 
gi4 eile , ut apud eundem Jofephum eft lib. i. cap, 
9* Ati(hmecicam iUis Afbonomiamque» quam prs^ 
cedere Oeometriam necefTe fuit 9 communicavit» 
Qiiibus deinde ftudiis adco. iEgyptii floruere y i\t 
Anftx>tele6 i* Metaph. cap. i. affirmet Mathematir 
caiirtes primum in jEgypto ^ (aceidotibus publi« 
ci vacatiocie fretis inventas effe. 

Exinde Mathefis ex: i£gypt6 mare trajiciens 
ad Grascias Philoibphos pervenit : Thales enim 
Milefiiis » qui ante Chriftum floruit annis 584. 
priflBiss Grxcorum ciim in ^gyptum veniflfet» 
Geomefriam inde in Girsciam tranflulit. Is fane» 
frxtcrsh^l primi libri propofitiones 5. 15« %6. in^ 
venit* Eidem debentur 2. } .4. 5 • L 4^ cujus inven* 
.ti lastitii* elatus bovem immQlafTe dicitur. Idem 
/Kquinodia & SolfHtia ob(ervare ccepit» Laertio 
^efte;& Solis eclipfim,ut fcribunt Hippias & Arifl 
toteles 9 primus praedixit ; & Tzetzes Audor eriam 
edipfim Luns Regi Cyro prsnunciafTe. Quaprop* 
ter nic primus in Grscii Mathematicz fcientix pa- 
irons atque Audor fuit. 

Poft hunc Pythagoras Samius iHe Philofophorum 
antiquiflimus 9 Mathematicas difciplinas vehemen- 
ter auxit orriavitque. £t Arithmeticam quidem 
ita coluit 9 ut omnis prope illi ratio philofbphandi 

€x munerts ducetetur* Geometriam verd » ut re- 
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ferc Laertius ^ ^ materia abftraxit primus ; in qut 
mentis ebtione invenit ji. 44. 47. 48. £!>< i^ 
Sed imprimis ob inventas ;2 & 47 lib. 1« celd>ra« 
tur 9 & hujus quidem inventionis Isthia tanti af- 
fedus eft 9 ut tefte ApoBodoro apud Laertium^ 
Hecatombem immotarit. Idem incommenfurabiles 
magnitudines, & xegularia quinque corpora primut 
aperuit. Idem Aftrologiam & Mudcam impenfe 
& docuit & exercuit* Neque folum acute & fub« 
tiliter multa inVenit, fed edam ludum primus ape-> 
ruit, in quo juventus tam honeftas tamque nobi^ 
les artes addiicerec. 

Py thagocam Anaxagoras Clazomenius & Oeno^ 
pides Chius fecutil&tA:, quorum menttnit Plato in 
Amatoribus,. iibi adolefc^mes de Anaxagoral&Oe^ 
nopide in circulorum defcriptionibus coiicertantes 
indudt. Ab Anaxagora Geometriam qoandam 
fcriptam Indicat: Anftotdss ; & ex Laertio accepi« 
mus oftenfum ab eo Solem Peloponnefo majorem 
Cnota Aftronomis incunabulaj) eundemque deha* 
bitationibus in LunE nonnulk difputafie. Oenopidi 
odfcribit Produs it.&i^. 1. i. Hos excepereBri* 
foy Antipho»& Chius.Hippocrates9omne$>tentat8 
circuli quadiaturS , ab Ariftotele reprehenfi pariter 
& celebnati. Sed hos inter longe clariftimus Hip* 
pocrates fuit ^ ille l mercatore Philofophus & Geo^ 
metra , qui prxter circuli quadraturam 9 etiarn cubi 
duplicarionem primus tentavit per duas mediaspro* 
portionales , quam viam ut fingularem & umcam 
omnis pofteritas amplexa eft. Illius etiam iUa propris 
& ms^ laus eft > qu6d Prodo tefte » elemtata 
primus fcripferit» & ab aliis inventa ordinaverit. • 
Deitiocritus non in PhQofbphi^ ibliim , fed edam 
in Mathefi admirabilis fuit. Ejus tum Phy (ica, tum 
forte etiam AAathematica moaum^ta pcneruat in- 
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De mu <^ p^^ Mktbejeos. nt 
:vidia (utquidamfount) Aiiftotelis 9 ' ^ua unios 
icripta cupientis 1^« DemocririlPfailofophiazn Pe- 
tras Gailendus erudiriffimo opere nuper edito in« 
fiauravit. Theodorus CyrenaBus» licdt ejus invent^ 
Mathemarica non extant » vel eo nomine magnus 
eft^qudd Platonis Mogifter fuifle memoretur. 

Ad Platonem igitur aliquando pervenimas y quo 
nemo alius fpkndorem majorem attulit Mathem^ri- 
cis dileiplinis. lUe Geometriam maximis acceffio* 
nibus amplificavit $ fhidio incredibili in eam cc^ 
locato. £t inprimis reperta efl ab eo Analyfist 
certiffima inveniendi & rariocinahdi via. Philofo* 
phis inx libn» , Mathematicis rsirionibus diftin* 
xit y ac quicquid in Marhematicis admirabile con* 
jundum cum Phibfopht^ efTet , excitavit. Aca* 
demi^ foribus infcriptum legebatur : wid^ iy^t^ii^ 
^fnroq mh» : fmllHs Giometri^ expers accedito : illaf^ 
tri knt ai^mento qdim non aliena led propria» 
qu^que non inuriliSf vel indecora» ied honefta Sc 
commoda MatheGs > (anae certxque Philofophi^ 
fit* Qiiantus certe Pkto Marheleos fuerit 8c ad- 
mirsitor & cultor , is demqm intelliget , qui ejus 
monitnenta perlegerit. 

£x Platonis Academii pfX)pe innumeri deinceps 
Mathematici prodierunt. Tredecim. Platonis - fa- 
miUares a Proclo commemorantur 9 quorum ftudiis 
Mathematica fit abibluta* Hinc Leodamas Tha* 
fius^ Archytas Tarentinus, The«tetus Athenienfis; 
3i quibus Mathemata egr^e funt amplificata. Leo« 
damas Analvfim I Platone acceptam exercuit , e<* 
jufquet^ invenilTe multa a Laerrio dicitur. The* 
aaetum tum inventa fua » inter quae Elementa ab 
eo (cripca & r^Iarium corporum infcriprio cele- 
brantur 9 illuffrem fitciunt , tum Phtonis enco- 
SBia > qui etiam iUius nomini dialogum inlcripfir, 
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Archytas Elementa fcripGt etiam ijyfC) ejttTque du^ 
plicatio cubi apud Eutocium legitur , cujus etiam 
illa (ingularis tuit ]aus,qudd Mathematicam ad hu- 
manos ufus traduxem ftre primus ; unde & lignea 
columba ab eo fada volaiTe legitur apud GeBium. 
Qyem fccuti ^Daedalus aliique artifices, ^bulis poe- 
tarum materiam praebucre. Archytas porro & Ma- 
thematicus fuit & exercitfis Impaator, qui nimirum 
in patriis bellis , copiis dvium^fuorum quinquies 
pra^fuit & quinquies vicit. Ncoclidis tantiim no- 
men celebratur , Leonte fortailis difcipulo illuftrior 
quim inventis fuis. Leon lane Mathematicas uni- 
vcrras e]ementa confcripfit , auxit , & ad ufum ap« 
tiora fecit. Quare inter prascipuos ekmentorum 
conditores fuo merito cenferi debet. 

Eudoxus Cnidius fuperiorum a?qualis, in Arith- 
meticis magnus , & (fi Scholiaftas Grsco credimus) 
totum ei Quintum librum debemus 5 Elementa 
item confcripfit ; & gcnendiora efltcit , & fe6Ho- 
nes a Platone inchoatas auxit ; infuper Aftronomi- 
carum hypothefium primus fabricator extirit, 8c 
Greometrias fontes, ut fiipra Archytas , ad 01^ 
nicam ac mechanicam derivavit. Amyclas Hera* 
cleotes &'Menaschmu5,ejufque frater Dinofbatus» 
Helicon Cyzicenus» Theudius, Hermorimus Co» 
lophonius , Philippus Medma^us , omnes Platonici, 
Geometriam multo perfeAiorem reddiderunt. Et 
Mcnschmus quidem fe(9iones conicas invenit , ac 
harum ope duas medias , cujus inventio ab £u- 
tocio reliquis praefertun Theudius & Hermori- 
mus elementa fecerunt univerfaliora & auftionu 
Atqui hi omnes ex Platoois Academi^ , Mathema- 
ticam Philofophiam ad perfe&ionem adduxerunt, 
ait Proclus. Sed & Xenoaates Pktonis auditor » 

& 
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De crtH & jrofffejffi Mathijiof. Ttii 
& Airiftotefis magifter, ipfeque Ariftoteles cognitio- 
ne Mathematum clari fuere. Illius cian auditor 
quidam eiTe veBet Geometri^ imperitus^Abijinquit» 
an&s enim Philofophias non habes. 

De Ariftotele verd quid dicam ? libri illius ooh 
nes locis Mathematicis -funt referti > ex qu3>us 
in unum colkdis libfum confecit Blancanus. Ex 
Ariftotelis fchol^ duo prsecipue celebrantur jJEude- 
mus & Theophraftus* Hic fcripfit de numeris 
libros duos y de Geometril quatuor , de lineis in- 
dividuis unum : itle hiftoriam Mathemadcam coih 
didit ; ex qao Proclus a]iique fua mutuati funt. 
Ariftaeo, Ifidoro, Hypficli, Gcometris fubtiliflir- 
mis , iblidorum librds maxime debemus* Denique 
Euclides aliorum inventa coll^t, ordinavit, au- 
xit y demonftravitque accuratii^s , eaque nobis re- 
iiquie elementa , quibus ;am ubique terrarum ad 
Mathematicam juventus inftituitur. Obiit anno 
ante Chriftum 284. Euclidem fecuti funt cen» 
tum fere poft annis Etatofthenes & Archkncdes. 
£ratofthen]S clarum imprimis nomen fuit : led e- 
jus {cfi^tz periere [ijfutm fbfrima , fed non mmud^ 
Archimedis habemusmulta, multa amifimus. 

Sed Archimedem cum nomino , apicem quea^ 
dam humanas fubrilttatis , totiufque Mathem»» 
ticas difcipUnx abfolutionem animo concipio. £- 
fos inventa admiranda prodidere Polybius , Plu« 
tarchus, Tzetzes , aliique. Archimedi cosvus 
ftiic Conon Geometra & Aftronomus , cujus 
mortem Arclumedes deflet in fib. de quad* pa- 
rab, Archimedem & Cononem intervallo non 
magno fequitur ApoDonius Pergaeus 9 alter Geo- 
metria? princeps 9 qui egr^as laudis encomio mag- 
nus Geometra fuit appeBatus. Illius extant qua- 
tuor • \mQ fefteni\ Conicorum fubtiliflimi libri. 
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Eidem ^rcribuntur Euclidis libri 14. & r^4 
Hypficle contradi. Hipparchus & Menelaus 9 de 
.fubten|is in circulo 9 luc 6^ ille 12» libros primt 
confcnpfere 3 pro quo invento tam mili & necefla- 
rio non parva utrique lai^ & gratia debetur. Ex* 
tant etiam Mendai de triat^uUs fphasricis libri 
tres. Theodofii Tripolits uriliilimi fphsricorum 
libri tres in omnium manibus verrantur. Atque hi 
quidem, fi Menelaum [IJidcfrmny dtqHe H0ckm\ 
cxcipias » ante. Chriilum vixere otnnes. 
H Anno pofl Chriftum 70. venit in lucem ClaU"» 
dius PtoloMus » Aftroqomorum princeps , vir 
plane mirabilis > fupraque (inquit ^ Plinius) na« 
turam mortalium. Is verd non Aftronomis tan* 
tum 9 ied etiam Geomerris p^tiffimus fuit i quod 
teftantur y tum alia multa ab eo fcripta .9 tura 
in primis libii de fubtenfis » Mepelai quidem <i^ 
Hipparchi verd i x. ab iUo ad f • theoremata con* 
trafti. Plutarchi ctiam nominadflimi Phibfophi 
cxcant Mathematica probkmata. Jam Eutocii 
Afcak)nita? enidita in Archimedem \& AfoUomftml 
<ommeotaria quis ignorat ? Ab eo Philonis» Dioclis^ 
Kicoipedis 9 Spori 9 Heronis 9 tanquam exceUentium 
in Mathematicis Magiftronim inventa de duplican- 
do cubo recenfentur. ]^t Heronis quidem tam m 
Mech^inicis qi^tai ia Geometricis excellens inge* 
nium fuit. Cubi certe du{dicauo ab co tradita^ 
a Pappo 1- 3* p* 7« l^udatnr pi:s omnibus. Cte* 
libii Akxaodrini 9 cui antlias debemus noftras t 
admiramk opera \ Vitruvio^ Proclo^ Plinio» A- 
tfaemBO celebrantur. Gemioi quoque non mini- 
mum inter Mathemaricos nomen eft 9 quem Eucli- 
di ipn Produs in quibuidam pr^Bpofuit. 
. Diophantus 9 & ipfe Akxandrinus 9 ia Arith- 
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De orHf (^ frdgr^m AHubeJe^. mtt 
medcS tantus iiiit > quantus in Geometni Ar« 
chimedes) ApolloniuS) Euclides; vere todi» nu* 
merics fubtilitatis m^fter; a quo reperta (ic ad* 
fmrabi]is iUa ars, quam Algebram dicimos; qos 
hifce temporibus a Francifco Vieta, Sc Rcnato 
Cartefio mult6 perfedior & univeriyior effeda 
eft. Keliqui inter v^eres celebmntur Nlicomachus 
Aridimeticis ^ Geometricis ^ Muficis clarus moni- 
mentis ; Serenus binis de cylindri [& coni] (ec- 
tioneltbriS) Geomeerisnetiffimus; Proclus^ Pap- 
pus, Thecm. Quantus Mathematicus fuerit Pro- 
chis ) ex dodiflimis ejus in Eudidem coBimentisiriis, 
aliiique fcriptis manifeftum eft. Atque hic , opi* 
nor, illeeft» qui, nt refert Zonaras9& exeb Ra- 
mus9 ac • Baronius 9 ' fub ^num Chrifla 514. Vi* 
taliani claffem Conftantinopolim oblidentit , optk» 
fpeculonim artificio combuffit*. Theonis iau- 
ces vere magnas mirabiiiter cxaggcrat Petrus lU' 
mus ) ut euam libros ; quos Euclidi ha Aenus ad- 
ffcripfcTc omnes 9 Theoni patet attribuendos. Sed 
iniquior ubique in Euclidem Ramus ; neque nl* 
b iolido.iiixus ftmdamento , Mc dudiendus nqfi 
crit. Ut finis aliquandc^ (it » * agmen Pappus clau- 
dat temporcinter veteres [^] * poftremus , ut qui 
^erit circa annum 400. fed nominis claritudincs 
omnique laude Mathematum primis adnumeran- 
.dus. Quas ante Hypficlem 9 Ctefibiums & Db- 
phantum protulerat foecunda ingeniprum paras 
Alexandria, hunc quoque ingenri bono Mathc- 
ieos dcdit. Scripfit coUedionum Mathemarica- 

rum 

* Ditos ijHfdtmnmhns mdU etnfUndiLTMcqtHms. Pr&cha 
mum Lj/bisss , nsssmplurimss in Fhilofofhid stc MMthtfs fariftis 
slarsss , mmo Chrijii 48^. # vitA decejjis » ssc frmnde diverfsss «/f 
mt sUo Froch, «[fsi Jtusfsafio imfirsmti VitMnni cUsJftm in$9nd»t* 
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ruiD ISiros feptem t a quibosduo primi pcnenuit*» 
Kdiqui quinque § tam multis abundant, tamque 
.Variis; % ex omni prope genere Mathematum nobi- 
Kffiojis jnventis » ut mter prima quas extant vetfr* 
rum monimenta » ab omnibus cenieantur. 

Habetis originis ac progreffionis Mathematicae 
hiftoriam brevem. Ex qui Mathefeos antiqui-^ 
tas» prasflantia) ac dignitas apparet. Sane Reip. 
litteraris Principes iidem qui Philofbphiam > etiam 
Mathemadcam genuere j gemeUas forores partu 
velut uno 9 quas qui dimhere ab invicpji vio* 
lente yeiit » nis ille in narivam iUarum concordiam» 
cum infigni injuri& crudelis fit ; quando % quod 
£eri in gemellis fblet , uno vd loco vd mortc 
fuhlato^ languere 9 quin & contabefcere alterum 
oecefle fit. 

• Ad Bibliop^;um. 
Tabuls iEneas i. 2. }• 4. 5. & 6. adjung^tu^ 
jpofl Paginam 330. 
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'^ I EK T I A proprium munus eft > ex fiotioiu^ 
bus quibufciam limpliciflrimis > ratioDali natural 
a conditore Deo impreffis., elicere alioaid 
quod prius ignorabatur » stque inde rurium 
^^^^ aliud cx aiioi ot prior cognido iemper od ut» 
^wfwi H jii % tcriorem lit gradus. Quac ratio fi accurato 
teneatur • ex miafmis 6c pcr fe nods ad rerUm abditiliima« 
mm cognitionem pertingemus. Hanc methodum , ratioiiem« 
quc rdentix, prx 6mnibusai1Apiexx funtede diiciplmae, t[usB 
in quantitatis contemplatione veriantur. Quo ftu&u id rac- 
him (it , (biunt onuies , qui hiice ftudiis imbuti funt. £t 
ianc Geometria (ut de aliis Matheieos partibus jam Bihil di*i^ 
cam) mirum efl; qu4ip brevi ex apertiiltmis ad obicuriinma 
Ck^iihflt, 8c ek huimllimi» ad ahiiTima (btim aiTurgat* Sta« 
tuuntur primo iimplicinTima qusedam.facillimaque principia^ 
quibus nemo rationa prxdttus diflantite pof&t. Detnde nihil 
aileritur , Vel admittitur , quod ex its tn&IUbilljcaHociniQ 
ncHl iit ded«6ium. Ataue ita demum admiranda theoremata» 
tb omni humano ienui & c<^itione jremota , tflcredibili 
certitudine ac evidentia innoteicunt. r 

• Principiorum gencra ex quibus Geometria omnis doriyai» 
tur» fuottriai tUjfmtionfs , ttfitdnti^t AKiomOfs. > 



VOhih atttem 'EHeliibs in primo hpc iUmtntoftm fmtmk 
lihro prima GcoTn^xxix priticifis ixfmtr^. ^u§d m 
^ditti JSeret , DeBnitiones 9 fiv% vifotm ttpttttiffimarttm etcm 



fUcatictnm frmittit : hifce vero Po^btz fuperaddit nmmtUai 
Ah Mmht^ ftma mentit ftuiU foncedenda, Peftea Axiomatitf 
iiUt clarilpnHs tftti^t » natttrA seatte ratiiai dtuibtis^nm fof^ 
ftcmus ncn ajfcntiri cmnis , frofifitu > Demonftrationes fivs 
ariufnenta mftdUkllia ttbiepa aMht , m veritMtttm Maska» 
}maticaftm pdem vel Jk fervicaciffima Adverfario > maxim^tta 
tmnto ixtertituMt. In frimis atttem de Lineis , variifqtte ^pidi 
ilU concttmndo formant .Axigfa]k tra&an "-(^ profojaimihti 
frimit^ de Triaogulis.^i«8f« agit ; fimedtpte- Angubrum fltt^ 
ffirtm mttrttm ^xjdicnf. tofi f^oppfi$im$t'^at. Angak» U^ 



t Etemenimm GeometrU 

tHKiG^VLe ^fefMti£»(ii» Perpendiculay?v# excitan£Jiv$ JemitteiuB 
VMtnodum ojlendit^ DeinJe vtro alins Triangtilorum » qHm 
^ linearum jtquiJiJiantiHm five Paralleiarum affe^iones aperit, 
Bifie vero fera^is, ^Hadnhttrortim , c^ ffeetatim Parallelo* 

frammoruiD froftietam cof^derat > ofienditqHt qua ratime 
olygona , pvejigura multan%uU f^ irregtdares ad reSMnguia» 
tutt faraUeiogramma » aut etiam triangula » figuras nimirum 
magis notas atque regtdaros, reduci quoant, Fojiretno autem 
srmen elaudit celeberrimum illud JheeremaFythagorictm » ejufi 
mee cetroerfiem : In omni Triangulo Redangulo Quadratum 
Lateris quod re^ angulo opponitur acquale cile duobus llmul 
feliquorum laterum quadracis : £t , fi quadratum uoius late- 
ttB aequetur duobu» iimul reiiqoorum laterum quadratis , aor 
gulum illi hteri oppofitum rmum efle. 

DEFINITIONES. 

t« I^Un^him eft fignum in inagnitudine iodividuum* 
L Hoc eft>«quod dividi ne cc^itatione quidem poiSt. 
Pundam omnis mngnitudlnis quali priocipium eft , ficut 
n&itas aumeri. 

' 2. Lioe& eft ttiagnitiido tantum looiga. 
' Nimirum carens omni Jatirudine. lntdligiti)r generari e^ 
^uzu pundli. 

y Lineas termimfunt pundbi. 
f^; i; 4. Roda linea.c(l»quaB ex aquo iSiils termiois interjicitur. 

nhda u ' ' Vd ut Arclmnede&t .Re^a linca efl; minima iinQfljrun) eoP 
^m tcrmin^s habentium; iive cA omnium breviiljma» qu9 
inter duo pun^ duci poiSinr. 

• Vjd^ut PlatD : Reia& li&ea eft, cujus extcema obumbrant 
pmnia mcdift* [O^k mmirttmi tn iffa Unea frodu3a fofite.l 

Unus omnium ienfus cd. 
r iQAramentum quo re^ Haex. delcribuntur , regula eft: 
quseutrum re^iit, hbc examine licebit cognoicere. 

- Juzta reguiam dcfcribatur linea ; tum regulatn inver&mi 
£c ut extreinitas prius dextra jam iit iinii^ra. , ruifum ap« 
^licalineae prius dercripMe:>£ plane cum illa oongruat, reni 
c(t rcgul} » ii QOQ coogruat , non ait reda. £u:io p^det 
cz axiomate i^. 

' f. Superficies eib ma^tudo tsatum loQga & kta. 

' Doas ergo babet dimeniioQes. Intelligitur. generari es 

flu|u Jine». 

. o. Superficiei e^rtrema Amt lioeae. 

- 7. PJaQum , iire iiiperficiei plaiia^ft* qnatexaqiia inter 

Wtf cstrcDtts iioeas jaoec. . . 

Vd 



Liier Prhmh . ^ 

Vel qt Hero : Superficics plana db> cuju$ «oiiubtis pntiitf 
bus redla linea accommodari potefi^. ^ 

Gencracur enim fuperBcies plana cx fluxu liiMflB re£bp^* ' 

[ Nimtrtm ex fiuxu £reSto Imed reBx : oUm enifnfieri fetejfi 
Mt Ime/^ reHa defcribat etiam fitperficiem (Hrvam, ] 

Vel, PJana iupcrficies eil, cujus extrema obuinbrant ooM 
oii meciia. [Oeuie rnminem in if/a fitferfieie f^odttSiu ptfit^. }, • 

Vel, Plana fuperficies eil miiiima- omnium- coiikBi tiemi* 
flosiiabeQtiun]. Idem fenius eil einnium^ 

Non dcfinivie Hic corpus , fivc ibliduni Eiididls » ooi^ 
aondum. ktc .erat adhirus de corpore; Ke quis tamon illiuo 
definittonem- dcfidcret-> Corpus efib magnitudo longa » kta ^ 
profunda. Tres igitur dimeniioncs \t£ct corpus» iuperficiea 
doK, Hneaunam, puiM^m ndkm. 

8. Angulus planus eil duarum linearum • in plano .ft mu^ 
tuo tangentium , & non in dire^ufn jftcditium» alttfius tA 
alteram inclinatio. 

Angulum igirur cfiiciunt duae Vnese BA» CA 6 ttsutu& jr^.^^H 
.tengenres in A , fic ut non exiflant fibi mutud in dlreC'» 
tufti 9 hoc efl, non effidant unam lineam. 

9. Lateca ieu crura anguli » funt lineae quae aogulttd» 
officiunt. .4 

10. Vcrtex angnli efl puodlum (A) in qno €rura fibi^^^.i^l^ 
mutu6 occurrunt. 

- Cum aoaulus ef^ unlcus ,una littera ad vcrticem pofita de^ 
fignatur : Cum plurcs ad unum pun£tum exiftunt , dcfignaip« 
tur rribus iitreris , quarum media denotat verticem aagulii 
vcl ctiam iiibindc unica lateribus prope vcrticcm interpoiita* 
9ic in figura f . angulus qui fit i Hncis B A , C A defignatur f^^ f^ "' 
Tcl littcris tribus BAC, vcl unica O. 

11. Anguli xquaies, [vel potius fimilea] dicuntur j &f cuni ^. 

fibi inviccm vertices imponuntur , ktcra unigs coogruant^ ^ ^* '^ 
bteribus alterius. Ad hoc non requiritur » ut latera iitt& . 
fliquc longa* ; 

11. Instqoales, [ieu difTimiles^dicunturanguUf cum vfx^ 
tice U. uno latere congruentibus , aherum non coogruit : 8c 
Sle jnajor dicitur, cujus latus cadit cxtra. Sic aogulus BAEi f^* ft 
fl)»jor efl angttlo BA£. [H/ine ataem (^ frdeediHtetn.def» dtt 
migt^is n^Hneij intellige* Vide def, i^.'] 

Aiigulus QOQ minuitur velaugetur , Hcet aurt mxnm ?<l 
aogeas. 

ForrD qiuft angoij natura in Kncarutn tndimtione con« 
iiftit , inclinatio auccm linearum quantitas non cfl , nequir 
angulos o^ qnantitas efit. £c iane eodenv jure ciirvi- 
tts cfibt qjiaotitai • quo angulus 1 cum ab invicem noi^ 

A |k inagit 
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fiMgil 6ifktM 9 4uani inflexio 8c infra^o. Quahdo sgitur 
cum Euclide , aliilque Geomctris angulos xquales eflc dice- 
SDus, nihtl aiiud, quam inclinationum ilmiiitudo , hoc efl, 
Ittenim congruentia indicabitur. Vide qux de hac re ple- 
nius diduri fumus pofl propoilrioncm 16. I. 3. iTacqueitu 
hoc loc0 minm accuraii d^^angulo diffirtre viietur, ^gu^ 
Im quidem non oft quantitas » fed tamen auantus eft» hoc e/i , 
tugeri foioft • vol minui. Dua enim linex re£ia m funSio 
toncurrentes , plures vol ptuciores gradus drvaricatioms k fo 
mvicom haboro foffmt , adeoi{uo ^ angulum majorem vel 
sninorem conftituori. Vnde in definitionti, i^. &. 16. at^u* 
Iru i^obtufus appoiUtttr, qui reSo major efty atque acutus 
qui teSiO minor. Angulus igitur quantitatis cafax eft, ^ al" 
tori cuivis angtdo frofrie aaualis aut inequalis effe Scettar. Eo* 
demjure etiam curvitas eft ^antitatts cafax , cimt tma quevis 
Sttoa (vol fuferficiet) Jt linea reiia (vol fufsrficio plana) ttta» 
gis Mt tttmus rtcedere , hoc eftt magis aut rtunus curva foffli 
ji tfjf^ qttam alttra.'] 

flK* »«4« 13. Angulus re^iiineus eft , quem redse h^neae efficiunts 
curvilineus , quem curvac; mixws, quem rc^ 8c curva. [S»i 
Vide qtu ad coroll. poft frof. i6.li^. 3. adjecimus. j 

i^. ^. >4- ^um redb (CAJ fuper rc^am (6F) confiflcns, ia 

«; ' neutmm mclinat partem » ac proinde angulos utrinquc £icic 

sequales (CAB & CAF») re6lus efl uterque aEqudium angu^ 

lorum : Reda autcm (CA) alteri idiftens dicitur pcrpeodictt* 

hris, icu perpcndiculum. 

Angulus Tc^kus iic ctiam deBniri potef^. 

f^. 4> Rc6^us angulus is eft ( B A C, ] cui a parte alteri zqualis 

oritur (CAF,) ii unum btus (BA) produxeris. 

' Du» reguls fic compa£be ut flingulum 're^um cootincant, 

* !fi(h-umentuni efficiunt , quod Norma appellatar lllius in- 

^torem Vitruvius c. 1. 1. 9. affirmat Pythagoram. Tanta 

▼ero anguli rc£^i vis e(l in rebus omnibus condrucndis , di* 

HMtiendis , fbrmandis 8c firmandis , ut nibil fcrc cffici fine 

iflo poffit. Normae Examen iic indituitur : In quavis rcda 

'' .' B F , fumpto pun^o A , Normae latus A E applica rcdae 

Jincte A F , 8c juxta latus alterum dcfcribitur redb CAj con- 

vcrfa dcindc Norma vcrfus B, fi utroquc laterc congruat rcdit 

ib A V A b 9 idto efle lcgitimam Sc cxadam. Ratio patec cx 

spia def. 14. ' 

n^r* ' tf. Obtufus angukis dt (BAC,) qui redo (FAC) 

ibajor efl. 
#%• 1« t6. Acattts uigttlus ^ (LAI) qvi n&o (F AI) minar 
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17« Figora phna , eft fuperficies p]aitt > tnA rd pluribu' 
liaeis undii]ue terininata. 

18. Circulus eft pbna fuperficics 9 unfus linea^ circuini F^^p 
comprehcDia, quae drcumforenna dicitur, a quaj ad aliquod 
pun^m intra conrentum (A,) omnes quae duci polliuit 
re^ linex , iunc aBquales. 

ip. Hoc ver6 pundlum centruni appellatur. 

ao. Diametcr circuli eft te6ist pcr centrum duda (BC,) ^.^ 
ad circumferentiam utrimque terminata, 5c circulum bifarfam 
dividens ) ^ut ex omnimoM fimicircularum fi6i invicem fiiftr'» 
mfOyttTHm congrueruin Mbundl ii^ttet.'] 

II. Semidiameter, (ive radius> eft reda (AF,) ex centro ^{f« > 
ad circumferentiam du£b. 

aa. Semicirculus dk figura ( B LC) comprehenia a diame- Filg* fb 
tro (BC) & dimidia circumfcrentia (BLC.) 

Circulus ita gencratur : 3i reda linea ( A B ) uno cxtremo f^ f» 
fuo(A)manentciixo,in orbemcircumagaturi redbi ipia circu* 
lum » extremitas illius altera (B) circumferentiam producet. 

Porro mira circuli indoles vd in ipfb exortu fiio fpparctJ 
Ad ejus namque gcnefim contraria concurrunt» motus tc 
quies, duQi linca movetur, dcejus extremum quiefcit. Dein 
linezgenerantispun(9a omnia, cum inaequales eodem tempo^ 
re periodos abiblvant , diveria celeritate moventur. Tertio p0» 
Tipheria circulum ambiens , condat quodammodo ex contra« 
riis 8c extremis Cine medioi ex concavo nlmirum & convexo» 
inter quae re£lum ita medium cfl , ut aequale inter magus Sc 
mfnusi idque eo mirabilius t(t , quod ea contraria inuut H- 
jieae nullam latitudincm habentf. Hacc tria Axi&otcW viia iunC 
admiranda, ex quo illa depromplimus. At prodigia circuli 
longe majora aperuimus in diflertatione Phffico-Mathematio 
ca , quam una cum Cylindricis & Annularibus in lucem emi« 
fimus anno i6f2. Iflhic ea leget, qui volet. 

CircumferentiamMathematici partiri iblentin^^o.xqualet 
partes (quas gradi^ vocant) ob multas illius numeri coiAmo* 
dltates: iemicircumferentiam in 1 80. quadrantem in 90. 

a^. Red^ilinea 6gura , efl iuperficies piana » ref^is lineii 
undique terminata. 

a^. Trianguium, iive trilaterum , eilplana iuperficies tri« 
bus tc6ds comprehenia. 

" Haec figurarum re^inearum prima ac iimpficifrima eil» 
in quam caeterae omnes reiblvuntur. 

if. Triangulum acquilaterum eil » quod tria latera habet Ir* ^ 
cqualia. 

a6. Triangulum libiceles » ieu atquicrure 1 quodduotanr Fi^.ii»m 
tlM& Utcra h2)et aequalia. 

A ) »7. Sca* 
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Jf". 13. 27. Scaknum, quod tria lataa inaequalia habet. 

%• 'i- ^8. Re^ngulum triangulum efl , quod unum angulitiii 

habec re^um. 
f^. iif 29, ObcuiaQguIum triangulum eft , quod unum aoguluia 

-iiabet obtuium, 
l^. %9,tif 30. Acutangulum trian^Ium eft » quod tres babet acutos 

angulos. « 

FiiM>^f' 3<- Inter figuras quadrilateras , re^bngulum e(l , quod 

quatuor angulos habet rc^os , adeoque sequales \ iive latera 

sequalia iint , ilve non, 
1?^- i/t 31. Qu^idratum cH^ quod aequikterum 8c redangnlum cf^ 

ac proinde aequiangulum. 
Omne quadratum eil redUnguIum , ied non contra. 
^ flfj^j^» jj^ Rhombuscil, qui xquiiatcrus, icd non seqabngulus 

^C * ^'^fk**7* //34- Rhomboidcs, quac adveria latcra 8t angulos habens 
^ ^ «qualia, ncque aequibtera, neque arquiangula eft. 

C^/ct^^ J%.'4>iT« 3f. Parallclogrammum cft iigura quadrilatcra, cujus bina 
^ *^» "7f oppoiita larera (AB, F C, & BT, AC) iunt parallela. Quid 
kc<f K^-c*^ 'Vcro iint parallelx, dicetur icq. defin. 

M. ^ . Omne re&ngulum 8c quadratum eft paralldagrammum t 

6t-^»**^"* , txt fuo loco demonib-abituri icd non contra, 
U f\i* "f - 55. Redae lincac paralicli icu acquidiftantcs ibnt , quae io 
^ J ^2 eodem plano cxiftentcs , utrimquc in intinitum protradac, 

^-TA-^ (pAck^ ;cqualibus icmpcr intcrvallis intcr fc diifant. 
/ ^, iEqualia intcrvalla dcfumuntur pencs pcrpcndicularcfi 

gAaL.ua ^ ^ Quarc ii omncs ad unam cx duabuf paralldam AB pcr- 

pcndicuiarcs QJ^, acqualcs fucrint, diccntur vc&x, AB, CF 
parallcl^. 

Gencrantur parallclac, ii rc& LQ^ad redhm AB perpeo" 
dicularis, pcr A B icmpcr perpendicularncr movcatur : tunc 
cnim ejus extremum L dcicribit paralielam CF. • 

Euclidcs dcfinit parallelas eHe redas lincas , quac in co- 
dem piano cxiftcntcs , utrimquc in infinitum produ6bc , in 
pcutram partcm coincidunt. Vcrum quia dantur lineac quae 
'fimul in infinitum produdae , licct ad ie mutud approphi« 
(juent ad intcrvallun) quovis dato minus , ac proinje . licet 
IK>n iint paraiiciae , nunquam tamen concurrant , (cujufmov 
di funt Hypierbola 5c rcda linca i conchois & linca re^a) 
item duac aequalcs parabolae circa eundem axcm dcicriptacp 
^ plurcs alix; ) Noi| vidctur per ie notum efle , duas TeOosl 
licct nunquam concurrant , fore iemper acquali intcrvallQ 
dtffitas;» hoc eft aequldiftantes : poftct cnim quiipiam objice- 
• rc, fier! fortalTw pofle , ut etiam ipfae , licct ad ic mutud 
i^tfk^ ap|>ropin<^uareot | UUQpn Qun^uam concurrcrcnt. 



Qoare Eodidea deftiitio panllelifini mturam non fitis expU- 
cat. \M mm mc^ff^ ^ ta defimm hJiuhimMUca nMtttrmn ni 
definits explUet: ift mm difimtio hcmmis, »on ni, dmf^m 
Euciidfs tm rtBm Imems n^mimtvirii parailclas > qnd m eedem 
fUme exifiemes • mrim^ in infinitmn frodsiStd • in nemrnm 
fmrtem ceimidimti f^ etsm femfer fofien in hee fenfn fnrniMnt 
mjitrfaverief emm denisfue em defimverit fer freprietmem ejssf» 
medt 9 ftu mUlis reOis nifi veri fMrmlieiis feu d^idtfismnbtss 
emvenh p nm vtdee tpn jme culfmi foffit.'] 

37« Parailck^;rammi & cujafvis quadrilatcri diameter» J^. ij( 

[five distgem^lis,} ed reda (AF) per aoguios oppofitos 

duiEti, 

38. Figurae pknx pluribus hteribus quam quatuor com« 
prdbenfiB, mulcilatcrae, ieu multaogulflB , ieu Grsca vocet 
poljgonae vocantur. 

39. Re^iines figurae externus af^us eft, qui latere pro- Jv^, fj^- 
du^ extra figuram oritur. Tales Smt PBC, GCA , HAB. 

Toc igitur figura quselibct habet extenios angulos^ quot late^ 
la & angolos internos. 

J40. ^utmdo kneu vd msguhss vel figttru qtuvij biiectri 
bilariam kcari dicitttr > imeUsge iliemm tptedvis m duat 
mptities fmtes ^e diwfitm : Item triiecari • vel tri&riam ie^ 
cari sticitm id ftod iu tret fnrttt dftuiet dividintr ; ut^uo i$0 
frrs.] 

Poftmlata» 

POflnIaCiini,eft quod facile Betl voSe fcr & St manifeA 
tum. Pofhifetur ergo ut concedatur. 
i. A quofis pundo ad quodvis pundam redam lineani 
duoere. 

a. Redam lineam terminatami in dire^m & cootiauumi 
pfotendere. 
3. Quovis ceotro ad quodvis intervaDum circulum deicrif 
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AXioma eft iententia per ie maaiiHte. 
I. Quxeidem funt aBquaiia , Sc inter ie «quala fiwt] 
Kt, qood uno quovis aequalium majtls aut minns eft , majut 
^i^c aut minus eft altero aequaHum* 
a. Si aequaltbos addas aequaiia , tota erunt aeqnalia. 
5. Si ab aeqoAlibas demas aDquaHa, qaoB remanebunt, enttl 

^4. 4*« 



4. Si ififls^uilibus addas aequalia, toca erunt maBqQafia. 
f. Si ab inxqualibus toUantur aBquaiia » quae remaoenti 
crunt inaequalia. 

6. Qux e}utdcm[v$l dqualium] diraidia iunt» inter £e funl 
lequalia : Sc qux ejuicicm [ t;«/ dqwilfmn ] funt dupla , vel 
tripla» vel quadrupla^ inter ie aequalia funr. [Itnn, iad^iM^ 
hwn£wudu^ vildufUt trifUt c^. iaMqmaU» irunf.'] 

7. Quaciputu^ iioi congruunt zqualia funt. 

- 'Kpn re^ Clavius hoc Axioma convertit. FaUum eft 
" cnim.ea quse univafim inter fe aequalia iunt,iibi rautuo con- 
gruerc : Diifirailcs enim raagnitudines poffunt efic acquaiesB 
neque tamen congruunt. Quod ii fimiles 8c xquales fuerint» 
vaiebic converia. Statuamus igitur axioma. 
, S. Si rc6be lineac aequales fiierint, iibi mutu6 consrucott 
& anguli [ r$Qilinii ] ii sequoles fuerint » iibi mutuo coq*' 
' gn^^t* [ ^ y^ ^^^' ^quales fiterinti fi^ mui$te cengruinti 
^fi $jufd$m cirfuli , ««/ depiMium ctrcukrum arcus futri»$ 
aqualis , fiSi nmtub cmgtumi arcui ifii : Aut fi qttadrafa » 
v$l aiia quacunque fifura fimilis aquaias fuerint , ft^ mutuk 
dtmgtuitntj] 

9, Totum iua parte fnajus cil : [ 4^ual$ Ofitem qft mm&ui 
fartihtis fuis fimul fumftis . ] 
; ao. Omnes anguli leQti intcr ic aeqoales ilint. 

fk^ a«i Euclidis axioma undecimum dk. : Si in duas re&s (ABt 
CF) incidcns re£^ (GI) angulos ad eandem partcm interiores 
(BLQ, FQL) (e^p-it duobusre^Hs rainores, duae illae redhe fi 
protrahantur , tandem concurrent ad iJkm partcm , ad quam 
iBc^nt anguli duobus re&is minores. Hoc ver6* non eil 
ciarius illo, quod Frop. demum 19. EucHdcs ipie demoni^ 
fci% I vidclicety ii anguli (B LQ, FQJ^) iucript duobuc 
TC^is xqualcs, re£be (A B , C F) nunquam concurrenc. Qaa« 
YC a^fioma illud e principiorum numero cum Gcmino 8c 
Proclo, aliifque Geometris rejecimusi e(l enim non axioma« 
- ftd theorema, idque demonftrabimus pof^ Propoiitionem 31. 

Mftdffie* hujusjibri. Ejus loco alia duo fequencia fubilituo, quorum 

S^* vcrita$ ex definitionc parailciifmi (btim apparet. Eilo igitur 

azioma. * 

II. Parallelse lineas communi perpendiculo utuntur. Hoc 
ell, re£h, qux ad pavaliclarum unam eil pcrpcadicularis., e(l 
quoquc perpcndicukuris ad alteram. 

fife, ai. ^ la.. Perpendicuia bina (LO, QI) cx parallelis asqualea 
utrinique intcrcipiunt partes (LI , OQJ 

^Euclidis axiema undecimum (frefrittatiisu farallelifmi 
Jetf^firandis infervims^) mlihet ferfmdenti fatis manif^ 
fufn vi^tur. ^ia ver9 Tf^iuitQ k^mt Sudi^um faraim^ 



Uber Primm, « 

Urum DifiMmm Uco movin » tuftg mvMm fiAr9g»%i a^ \ 
fium $rdt Mt ia AxhmMtU imjm EueliJii kfum , nwn §tiam 
0XsamM4t dtto » difimtimfiu FmMiUkmm tttMgis ttMmtMtU 
fi$ifiitmirtt,^ 

13. Duse TcGtx lineac fpatium ncm comprebeDdunt* 
Ad hoc fiqutdem opus eil ad minimum tribus. 

14. Oux Te6tx lineaB nequeunt babCTo iegmentum com* 
inune: 8c omnes redbe punooaliter & interfecant. 

Redse AX occurrat refia.ZD. ca iiproducatur non pcr» J^* aa» 

gt per DA , fed in £, iic ut re^m XA non nifi pun^a- 
er interiecet. Axioma ex ootione ipia redbe lineae eviden^ 
tiflimum eft. [Imo viro ex ipfa Jefiutiine Ihted • ijtu magm^ 
tud» tamttm Img» ffi $ ttSfque istitudimt fmtis pMttt muHs om^ 
mum limMrum » ftvo re^grstm , fivo turvstrum, fim dm^ 
toBa & curvd interfeHimis t fmtiis^ iffo.] 

Tamen quia nonnulli tam iubtiliter pbilofbphantur , iK 
credtnt rc£bs lioeas, aliqua iui parte commiiceri poiSe, lubec 
is eorum gratiam boc* axioma amplius dedarare, 

Habeanty iifieri poteil,duae redx AX, AZ partem com* 
munem AD. Centro A deicribatur circuhis» iecans redat 
tn B6cC. tum accipiatur arcus BF SDqualis arcui BC» & ia« 
tcUigatur du^ cOe reda FA. 

Redbe igitur CA 8c FA eundem prorfus fitum babent 
reipcdu reax BA. Sed Tc&k CA cum re^ BA babero 
dicitur commune iegmentum DA : ergo etiam re£U F A ba- 
hrt cum BA commune icgmentum DA. 

Tres jam fgitur T96kx CA> BA, FA oommune DA £kg' 
Sientum babent. 

Sumatur rurium arcus FG xqualis prioribus BF» & CB/ 
dc intelligatur do^ eile reda GA. Rurium liquet redat 
BA» GA, eundem babere iitum reipedu re^be FA. Se4 
jam oilenium eft reAam BA l^bere cum reda FA comr 
snune iegroentum DA. Ergo etiam reda GA cum FA com* 
mune Ijabet iegmeotum DA. 

]am ergo r^se quatuor C A, B A, G A,< FA commuoe DA 
£^mentum babent, Eodem prorius modo odendam , & per 
totam circuli circumferentiam iumantur arcus prioribus a> 
quales , omnes £mul circumquaque redtis lineas du£tas od 
A unum idemque habicuras commune iegmentum 0A« 
Hoc tam immaae abiurdum iequitur ex eo , quod poneren* 
tpr bpax re^ CA^ BA habere i^mentum commune. Im- 

elTibile eft igitur ut dux re^ iegmentnm commune ha* 
ifit. 

In hoc axioQiate vis tota nftitur illius celebrati in icholif 
irjkuncAti, ^uo dcmonftratur magoi^udiq^nx ex pun(6H| 

'1 ^ l ' 9^^ 



.• 
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omiuno tndivifibiiibUs numero finitfs compooi qod pofi: 9t 
cft cj«ifinodi.^Conftent, fi fieri potei^ » magaitudines ex punc* 
tii. Circ» idem oentrum deraiptac tntcUigaatar (juotcum* 
ept circumferemiz circulares , Sc ponatur extima ieu maxi- 
sna componi ex centies miile pundis , a quibus fingulis ad 
centrum commune du6be inteUigantur redse linear. 
- Ex axibmatc jam expHcato certum eft, re6tas ilias nufquam 
commiiceri , ntfi in centro iblo. Quare dum omnes mediaa 
perfpherlas pertranleunt , in iis aeque muka dcfignant punda» 
•cerant in cxtima. Omnes igitur circumferentiae coocentri* 
coe aeque multis pun6bis conftan^ , ac proinde omnes inter (k 
squales crunt. Ataue ita circumferentia hac in cfaarta dc* 
fcripta, asqualis protabitur circQmferentiae firmamemi. Alut 
fropc tnnumeris dcmonflrationibus hic crror pbruitiir. * Sod 
iraam il^m hoc ioco attuli prae caetcrif , quod pafiira iit de» 
caotata , &: ex praefenti axiomate immediate pcndeat. 

[ if. JEMtMttm drcuUrmm dimnet^ man d^iuilai mt ^ 
mwn ftmdtAmitri five radu AqUMks erunf, JEf, fi duerttm cir» 
emlermm radii (amt dUmetrt) ^quMltt fumnt % circmli ermai 

riis, idim futa de dqudlimm tpiidrmeontm Uitriius <^ 
etris^ amt de MMrmmeunejue fiemrarmm fimilmm <^ Mfsm* 
^jiftQtdtf* ^um UteriSus (^ Mmetris (a) hommgis: ^ cemverjim^ ex defmm* 
xt^Lf,& Htate hemetefermm Uterim mttt diatnetrermm » ceadudes figserm» 
^i»A6» rttmfimHium dqmiUitMtem. 

iS. ferreettum^ majeris cWemlt dUmeter mmjer efi ^ mmofii 

mmner : 6" wiffim. idem pmta de auadratorum mequalimm 

iaieribus dtme diametrii ; nec mem de figurarum qmaritmemnque 

faim&um c^ mdquatium Utertkms ^ diametris bemtetcgis : f^ 

vkifimi,'] 

Fropofitionum aliae faciendnm aliquid proponunt, & vo» 
eaotor Probiemata j alix in fbla contempktione iifUint» qiiS 
iidrco Theeremata infaibuntur. 

P'R OPOSITIONES. 

CTtatioaes requifitae reperiuntur ad marginem. Ciim d» 
' tantur propofitiones , primus numerus defignat propo<- 
fitipoem, littera (i) cum numero fequcnti iibrum dcnotat: 
lit fi occurrat (fer f. /. 3.^ ita Icges $ (pcr propofitionem 
qnintam libri tertii.) Figura quaerenda ^mper eil inter fi^' 

eras ejus itbri , in <]Q0 tum ver&mur : citationes rdiquaB 
iic inteiligentur. 

Traduntur hoc h*bro afie&iones primx trianguloram 8s 
^xraUeipgrammorum. PropofitioQCS illuflrfQres iimt 31 1 Sj*» 

37» 4« » 44» V. 47: ^^^ 

PROi 



Liberfrimm. tf 

PROPOSITIO PRIMA. . • 

SVper data, reSa {AB) triangfdsm aqtUkterum % t^ 
' coftjHtHere^ 

Centro A, intarvallo AB (i») defcnbatur ckculiK FGB; (a)p«r/t^ 
l( centro B, intcrvallo eodcm BA deicribatur circulus /«4 3. 
ACL, priorem fecans in pun^ C, cx quo ducantur redae 
CA, CB. 

Dico triangulum ACB biBtnm cilc zquilateruoi. Kam \ 

re£b AC eft (^) aequalis re6be AB , cum fint ejufclena cir- f^) Ar 
Qili FCB icmidiametri } & re£b BC etiam aequalis cft ei- ^'i^ 
^m redhe BA, cum ambae fint femidiametri circuli LCA, 
£rgo AC » BC {c) funt SBquales inter fe : ac proinde omnia fc) Ttf 
latcra trianguli funt aequalia. Ergo triangulum AGB & (4/; ae- fj(*'p* 
«)uikterum eft , & iuper data reda AB^conflitutum^ quod ^^^^ 
crac j&dendum. * . , 

PROPOSITIOII. 

AD dat$m f$mSum {ji) data rtSU ( EF) ^ t^, 14; 
qualem ponere^ 
Accipc circi^o (f) intervallum £F, 8c transfier ex A in D» (ejP^aLp 

crit reaa AD par ^tae EF. 

» 

p R o p o s I T I o in. 

DAis dMabns reHis ifuiftalihts^ de m/^re {GH) T^g. if* 
nrimri (EF) parem aufirre (Gf») 
Accipe drcino (/) intervallum minoris datae £F> 8c trans- (QPtMji 
fbr in majorem ex G in I, 

PROPOSITIOIV. 

* .» 

S/ dtiorum triangtdontm (X, 2) latus fmum (B^ Bg. %$• 
' uni (FL) dr alterttm (C^) alteri (IL) fit 
aquaUj angHUque (ui& L) ah ilUs lateritus faSi^ 
^iamfint ocfHoUs ; aqMobftntMr etiam ,& bafes (hC% 
Fh) & tota triangHia (Jf, Z,) dr rcttqHi^adba/tm 
^uli (B , F (fr C^ I) qui lateribus aqnaiitus oppo^ 

Kaai 



11 Ebme f i t m m Geomtris 

Nam fi intelligair.us triaogulum Z trhnguk) X fuperpoiu, 
l^\ 'j htera LF , LI pcrfaac congrucnt {») fibi aeoualibus latcri- 
***•*• bus AB, AC, nc ut puncaa tria L, F, 1, caciant fupra tria 
pun6h A , B, C. Ergo tum etiam baiis FI tota cadet fupra 
tocam bafim BC. Sed & anguti F, B, itemque I, C, totaque 
tnangula (ibi mutu6 tunc congruent. Omniaigttur per /• 
AZ. «quaiia iiint. Quod crat dcmon&aQdum. 

SchaUfm. 

^ ^P Qlmiii fere ratiocinio , theorema (equent , cujus mox erit 
^ ufus , licebit demonftrare. / 

Si duonim triangulorum X , Z, latera BC, FI aequalia fiie* 

rint , & anguli ilus lateribus adjacentes , nimirum B 8c C 

ipfis F & I fuerint xquales , omnia reliqua , & triangult 

ipia , xqualia erunt. 

Quoniam enim anguli B & C aequantur an^Iis F 8cl, fi 

l^) Ptfp latus F I imponas lateri iibi acquali B C , illr {b) congruer. 

mu^ 8. Tum \rero ob aBqualitatem anguiorum F , B , & I, C, etiam 

{z\ Fwf (c) FL cadet ^pra BA, Sc IL fiipra CA. Ergo etiam 

Mi, 8. puodum L incidet in pundrum A $ ((i enim caderet extn^ 

A, lateraFL, IL non inciderent in latera BA., CA.) £rg9 

onmia funt per axioma 7. acqualia. 

PROPOSITIO V. 

#1^. 1& P^r^liiaf^idi Ififielis fiu ^ttptkrurit nd hafim angfJi 
X C^i ^) sqtMUsfiM. 

7otdiigatur triangalum ABC bis pofitum} fbd fitu con- 
%erfb cba, Quoniam igitur in duobus triangulis ABC, chHf 
cx hTpotheii aequale eft iatus AB. btcri cb^^ iatus CB lateri 

P) ?ir4« '^* ^ angulus B angulo b i etiam {d) ad bafim angulus A 
u tngub raequalis erit. Quod crat demonfbandum. lidea 

Bum £int anguli C & ^. 



M 



CoroUarium. 
Quilaterum ergo ttumgulum , etiam «q^iangulna 



Lihr Primm. jf 

PROPOSITIO VI. 

SI in triangHlo {ABC) dm angftU (^A& C)r^.^^ 
tcjtudts fiurint , ctiam latera {AB^ BC) iis if^ 
fojita^ dqnalia erssnt, 

' '^ 
Intelligatur triangulum ABC bis poiitum l &d fitu coih •' X 

verfa cSa. Quoniam Igitur in duoous triangulis ABC, cSa 
aequatur latus unum AC uni lateri f^» & angulus A aogulo 
€, & angulus C angulo 4 j eciam rditpui onmia (s) erunt W ^0 
aequalia, ac proinde htus AB «quabitor ktcri^i^i ouod mt^^f^ 
demonftrandum. Eaedem enim iimt lineae CB & ^ A. ^ 

CerolUtritm» 

' 2I?Quiangu]um ergo. tnangulam , ctiutt «cpdkeenati . . '^- 
JLlll eil. 

PROPOSITIO vir. 

ST fropter 8. f^e fite itta feeirfim frefofit^ eU^ 
monjirahitftr. 

pROPosiTio viir; c. • 



E 



S/ dsto triangula (X, Z) [vel X, Y] haheerint fi^;^ ' 
omnia latera fih mmuo aqtealia (jA iffi EFi ^ 

CB itfi FI ', AB iffi EI;) etiam angulos omnes a» 
qttalious iaterikus ofpofitos habibime aquaks (C^ 

F; A iffiE; S ^ L) 

» 
Ponatur enim latus AB. iuphtfibi aEquale £1 9 [^ita u$ 
funBum A coimidat cum Z% ae B cum /, <^ reiiquM Uuura 
^^dant,ad tmiim'fmem rjAe AB vtl £/.] Tiun. rerg 
^n^um C, vel incidet in puo^m F vel non. Si incidilt 
10 F, tota trianguia coogruent > ac proinde omnes anguii 
(h) aequales erunt. Ctdet vtro funSlum C in fmUium F. (b) IW 

Centro E » [tmidianHtro £F, drfcributttr ehrculus 5 ^ etmr^ 
t$ ftmidimetre IF . dtferikdtm eirtulutf tuaffum Cebla^ 



f 4 Elcmentmtm GteokteiruB 

ura dtpuiUdirtt m tircuii utrmfque dreimftnutm \ atq$t9 

ttded in utrmftfte emumferemU^ cmmuni interftifiane F. 3. 

E. D. "^ 

Ttrc^f '- ^i e c^dat ertra F , . ducatur FC. Quooiam pcr hypothc- 

(a) Fery. fim latcra EF, AC awuantur , crit (a) angulus EFC p«t 
^'» angulo EtF. ErgD^ IFC major crk quam ECP. ErgO 

. IFC multd major erit quam ICF. Rviura , quia pcr Ji^po- 

(b) Per f. thcfim IF , BC acquantur , crit IFC {b) par ICF. Ergo' 
A 1« IPC & vc^S^ mttior eft quam ICF , & zqualifr , quod cft 

inipoifibile. Ergo C non cadit extra F. Ergo, &c. 

Piorcs ca£tt , qsos hoc theorema admittft , confulti 
prxterttuii ,. ne tTrones &tig9rcmk Ncque verd difficulrer 
'% • eDcum denmilrttio ex demonih-atioae jaoi polita elicie- 
tur. -.;... . 

PROP.OSITIO IX. 

fk-^9^ 'TKjiimm wtfdim reSUimtm (IM.) Inf^rktm 

A^ fecare» 

£x latcribus anj^ accipc circino aoquales AB , AC} cen- 

tris B ac C dcicribc duos xquales circulos ie lecantes in F, 

dupiturque rc6hi FA. Hsec angulum biiecabit. 

* Pucantw? cpim BF, CF; trhngBfatFAB , PA€ funt f3g\ 

mutud ffquilatgra$ nam latera Afi, AX^ ex con^ftitiitione si- 

fc> P«f quaiia funt, Sc latera BF, CF, quia {e) xqualium circulorutfl 

^*d'^'o Kmidiamerriiettam «quanturj & AF utrique triangulo com* 
fd) Fer 8. ^^^ ^ "• g^rgy ^ngyi^ ^^p^ ^^p. ^^^ apquaics funt. Bifec- 

feiV^Ti&g tu((e)cfl^^.datu$ angulus lAL^ quod aat faciendum. 

Corollarittm. 

» f V 

r • • ' 

IpiW p^ quothodo angnuliis jeoin poffic m aBqoales 
1*1 angulos 4. 8. 16. &c. llngiilas.ninio-uin panes iterun| 
' feiiecando. 

k yfEtfoduiti ftcandlangalos^in'jequa1ca*qtiota»qtie, cfrci* 
iVi no '8c rcgula hadcnus ncnM) docuit. 

Ex Pappo tamcn 8c Archimcde faabemus curvas qua^am 

Encas, quadfatriceiin videHcct 8r fpiralctn ,• quarum admim-* 

'^ culo id obtinctur. Anguli trifcftio pcrficitur ^ Pappo f. 4* 

prop. 31. prziidio hyperbolcs , quod edam obdneri poteft 

ggepan^lae» vel concboidis. ^.- . . 



Ukr Primms. tf 

Mechanice datum angulum in quotcunque iecat>is «qua- ^* 
ks angulos , fi ex aneuit vcttice A tattquaiA ccntro inta 
anguU CTura arcum tieicribas » cumque dividas in quot pla^ 
cuerit xquales partes > re^ enira ez A per diviiioniiia 
pun£la emiffie , angulum iecabunt in partes totidem ip^ 
quaks. 



D 



PROPOSITIOX. 

jifdm reSam fiutam (AB) Jkat- ^4*f^,^ 
rutm» 



Super data AB fac triangulum aequilaterum (4) AGB, u\fgf^ 
lyil itiam ififceUs dujMalium cmrwn AG » BG, ] Angulum /. |. 
cjus G {b) bileca per re^am GC. Eadem biiecabit redam 6) ^^ 
AB datam. trmtdm 

Nam in trianguKs X> Z, latus CG cft communei 8c per .7» 

conftrudfoncm GB , GA sequalia , aaguHque iit cootcnti 
AGC, BGC aequales. Ergo bafes AC , BC (f) acquaotur. (c) Pgrf 
Bilcdb {d) cft crgo data AB. Quod erat &cicndum. » x^ 

Pro prajii fitis crit ccntris A & B duos aequalcs circoios W^^ 
dcicribae» ic fecantes xn G & L^ ac ducere vc£tam CI^ ^ 

PROPOSITIO XL ' ' 

X dato fm£to {A) m data nSa (L/yfer» f^Jp^ * 

fendicHlarcm excitari. 



\ 



E 



Cirdno capc aqualcs AC, AF. Ccntris C & F defcribo 
duos aequalcs circulos ie iecantes in B. £x B ad A du^ 
re£bi erit perpcndicularis. 

Ducantur cnim CB » FB, Triangula X dc Z fibi miitiior 
«quilatera iunt [frepter Utus AB commsini^ Utera AC; A¥ ,--. \Z 
M^lia fer canftn^ionem , cJ» ^^ra 30, SF dqUalis p& 
^xio, ij*.] Ergo anguli CAB, FAB {e) «quales &nt. Ergo fe}^?^ 
BA if) perpcndicularis c(h Ex dato igituif punidlo » &c. ^ «• 
Quod crat fecieodum. " ' * ^jaTam 

Praxis tuauiu^us quain JHurntis ei^editcu: £udllime prsc"* '^ ^ 
fidio ixirmaB, ^ 



•T 



rROf 



.c 
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pROPosiTio xri. 



iif.3|. T?-^ ^^ extra reSam infinitam (LQ) pun£ti 
S2j C-^) ferpendkuUrem ducere. 

* Centro A- ^eicribe circuhim , qui fecet datam LQ in C 
ft) Fer 10. 6c' I. Re^m Cr bilcca (a) re^ AB. £a erit perpendicu- 
^ !• laris, 

^f^ • . pucatitur cnit^ AC. AL Quoniam pcr conflru6^ionem 
fb) ^cr 8. tria'ngula X & Z fiiQt fibi mutuo aequilatera i erunt angali (^) 
/ r. CBA , IBA aequales. Ergo AB perpeodicularls (c) elt. Et 

(c)Perdff, idato igi^ pun6io, .6cc. Quod erat fiiciendura. 
?^- ' 

PROPOSITIO XIII. 
'. • - * 

1%, 34; l^^JB3a (BA) fstper reSam \CF) emfifiens , aui 

XV. ^i reHos angulos facit , aut dHobm reSh 

• " oqHales.' 

\' ' ' ' 

jL^ Nam fi BA infiftat perpeodicuUriter , crunt per dcf. i^ 
anjgali BAC, BAF utrimquc reai. Si vcro BA inliftat 0- 

fd)P«rit« blique , excitetur {i) pcrpendicularis AL. Quia tum anguli 

#. I. inxquales CfVB, FAB eundcm locuhi odcupint, quem duo 

fej^^fl' rc6ii CAL , LAF , ac proinde iis congruunt , erunt (/) htt 

"^^ "' ilU sequaies. . Quq4 erat danQoftrandum. 






CoroUaria. 



S. T^Odem modo demonftrabitur, ii plures Tt€at quam unai 
JlL cidcmrcffcac ad idem pun^him iniiftant , angulos cf- 
^ci dudTUS rc^is cqualcs. 
•j^^ . 2. Duae ,rc£li fe invicem fccantes BAC, FAL cfficiunt 

** ^* Angplos, quatuoi^xcais aequalcs. Patet ex propof. 

5. Omnes an^ijli circa unum pun^m conftitutii conff- 
ciunt quatuQr rc(^os. Patetcx Cck-qI. i. {um enita quatuor 
xcid *in plures pdrtes &6tu ' , 



Itrl^ 






PROPOSITIO XIV. 



g^ j^ ^I Jm relU (XR^ ZR) *d idm tttrim^ pmC' 

O Im rtH4 QR fmnnt ^f^i ^XfiQ^ ^^Q> 

dfftht 
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Jmbm reBis ^quaks ; (XR^ ZR) Mm reSam 

tfficiottm 

Si cegas , ficlant XR, BR umni redam. £rgo angttli #^% f^j^ 
XRQ^, QRB (i») conficicnt duos rcftos, quod (^) cil ablur- /. i. ^ 
dunij cum ox hyp. XRQj QRZ duos re^os efficiant. (h) Cmum 

Coroll. Hirjc in Catoptrica colUgimus htcis radtttm» inter n^ ^* 37« 
Jk^endttm , fer angulMm refieximis nngtUo incidentU dqumlem 
tendentem , fer vittm omnium Srevij^mam ferri. Vbi^nempe an^ 
futi BED, JiEF dquantur , ImeA AE p* EB JimulfumptMt 
lineis qui&ufcutncfue , futa jiF ^ FB Jimul fttmftisfunt he» 
nVi^res, JlfufUlo enim B (c) demittatur lintu perfendieularis (^) ^^i*: 
BC: &fiunt BD & CDd^les: ducantur etiam EC & FC. '• '• 
In triangulis BED &CED, eitm latus DEjit utrique commu' 
ne, & latus, BD lateri DC ex cwfhuBione aquaky Angulus 
etiam BDE anguio CDE (d) dqualis i. (e) dquabuntur reliqua (d) TerO^ 
cmniai eritque BE dcMalis CE, angulufque BED anguU DEC H- 
aqualis, ESyft aqualiius BE, CE addatur EAy eritfumma it- W ^^ 4» 
ftearum BE & EA dqteaUs fumma linearttm CE & EA, Es * * 
€um ex hyf<ahefi aquenSur anguU BED, AEF y & angtdtes 
SpD antea oftenfusjit aqtsaUs angulo DEC ; ergo & angulus 
AEF dquatur (t) angulo DEC i & addtto communi anguU (f) Ptr 
2>EAi fumma angulorum DEAy DEC dqtsabitur fummd nn»' dxk. I. 
£ulorum DEA , AEF, Sed anguU DEA , ^JEf eonfidunt (g) (g) Feri% 
siftos reSos* Ergo & anguU DEA » DEC funs dttobus reSis ^ <• 
d^tales , & froinde (fer haitc froj>.) Unea AE, MCunam rec» 
tam CA tffiaunt, qtu ex attte demett/iratis » dqttatter fumttSA 
roBamm AE & EB. 

Eodem modo m triangttUs BDF, CDF $ demoi^rMbitu^ 
aquaUtas Unearttm BF tf^ CF5 itetnque ttddao cotnmuni 
AFt tftettdetur fummam Imearttm Ai (s^ FB^ ftmma /1- 
nearum AF dr FC dquaUm ejfe. Sed CA, (hoc eft^ fttmmtk 
Imearum AE (^ EB) tirinor eft tptam fumtrta Unearttm AW 
C^ FC, {hocefif quam fttmttta Unearum A^f^FB) fet 
eiefittitionem reUa Unea , qua minima efi orrmium qud int& 
fttttHa A tb" O dttct foffunt. Ergo. Unea AE ^ EB fimul 
fitmfta , Uneit AF (^ FB fitmtl ftmftis fitnS breviores^ J^« 
£. D. 

PROPOSITIO XV. 

SI ikte redd (SCy FL) Je fecHeritu {mj4,)\,^t^ 
erttm attguU ttd vertkem (J) Q^^fin^^acjttales. 
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NimiruQi LAB ipfi CAF , 8c B AF ipfi LAC. Ntm onu 

U)T0A\. BA iafiftit re<aac LF, aunt LAB, FAB {d) parcs duobas 

n>Vf<r re^is. Et quia FA infidit xdStx BC > erunt {Jb) quoqoc 

iJl^ FAC, FAB pares duobus rcais. Ergo {e) duo iimul LAB, 

it)P€r F A B aDquancur duobus fimul C A F , F A B. Ablato igitur 

^'•. !• communi FAB, rcmanent {i) aqualcs LA3, CAF. &Mein 

<•'. '^^ inodo oftendam «qualcs eflc BAF , LAC. 

JkT* |1 Coroll. Hm<; iM qui fpbdrulis e&ameh <^ fmnd9 tUfikis 

bkltna , ^ii[iii» jUverfarUm repercmienJo amovere dlfcant, Sit 

fphirularum sUtera imfelUnda B, altera epu impeilendM tfi A% 

(c)f«^i2. Ltuus vero reSiUneare CD: Efto Unea BE linea CD (e) per^ 

^ '* fendicularis , ^fit DE aqualts BD^ fj^ ducatur reOa AM 

fecansCD in F, fj^ jungatur BF. 5ii pilafecundum reBatt^ 

AFE impeUatttr , ad ftmSftm F ita reffleSletur p ut fofi re* 

fiexiomm ad B tendat, In triangtUis enim BFD» EFD, 

Latus FDf ejl tttrique commune , & Ltttus DB lateri DE 

aqtuile, ^ angttU ad D aqualesfive reBi, Tota itaque trian^ 

TO ^^A» gula (f) aquantur : (j^ frotnde anguUts BFD angtOo DFS, 

jj{» 1^^ ^ verticim offofito (g) A FC aqttaUs eft, AnguUts atttittt 

yj^ "['^* -rfJFC efi anguUts incidentia , <J» Angubis BFD angulus rr- 

fieiiionis : qui cum in otttnihus carforttm porfeBe elaflicorttm 

refie&ianiBus fihi invicem aquentur i Uauit piUtth A eUtfiicam 

verfus £ tendontem , adfilam B fift refleiHonem fergere, eoM' 

fte imfeUere debere, ^ E, D, 

PROPOSITIO XVL xvir. 

COtftittettttir in prtf. ^ z. [Et in ejufdein prop. 
coroliariis demonftrantur.j Ncqtte ante illam 
^dhibenttir. 

PROPOSITIO xviri. 

flg.^ 'YN emtti triattgtJo^ attgulm (A) nutjer efif qfti 
X fMJori Uteri (BO) tfptnuttir : (B) tttiner y fi 
mittari (-/tfO.) 

Qk) Fer€; Nequit A* efle par B, alias (h) latera B'0, AO asqoared^ 

C !• tur, contra hypotoefim. Nccjue etiam A minor «flc quiUn B. 

Nam ii A tnmor eft", B major , poterit intra angulum B, 

per cc£hm BF, ficri angulus ABF anpalis A. Tum verft 

'■'' . per ^. ftquales enmt BF, AF, ic 6 addas utrique OP» 

cnintBF» FO aqualesHAO. Scd AO pcr IiTp. mmer cft 

quim 



quatn BO. Ereoetiam BF» FO miiiaresfinitqiiitli B0« 
quod repugnat definitioni Hneac re^ > qux eft omnium brt» 
viiTima* Angulus igitur A^nec minor e(l angulo B» ncc a^ 
qiialif. Ergon^aj^»*} quod erat demofnflraiidiimi 

PROPOSITIO XIX* 

IN mni tria^uloy Imus (BO) puym efi^ qt$^ ^jh %-4« 
f&mtmr vrajori (j4) tU^uU: (^iO) mmmSf qmd 
mmori (B,) 

fiil cmvcrGL prforis. BO non ed minus qusim AO, aliJ^ 
per i8. angulus A eflet minor angulo H, contra hyp. Ne^ 
que etiam BO xquale eft A O* alias per f, anguli A, B «- 
quarentur , rurfus contra hjp. Ergo B O jnajus eft quam 
AO* Quod erat <lemonftraiidum. 



o 



PR.OPOSITrO XX» 

■ 

Mtis trianguU duo qtuUbet Utcra rcUquo JitHt 
majot4$» 



Eft Arcbimedi inft&r aKiomatts; immediat^ (iquidem psftetf 
€x deBnirione Archimede& HnesB tcQat > quata vide fiipra iil 
definitionibuSi 

PROPOSITIO XXL 

SI k termiriis unius Utteris (jiB) intra truMguhm % tf * 
dua rtSla jungantur (AOy BO;) ha laieritui 
trianguU (AC^ BC) mimrfs fimt ^ majorem verh 
Mnguhm (AOB) comfrehendmst* 

t. Pars. Produc AO in F. AC» CF funt (ii).majcire$ (n^f^x^, 
qoam AF. Addita ergo commuoi FB , eruot AC, BC ^»- 
tnajores quam A F , F B. Rurfum O F , B F funt {b) ma- ^H,^^ 
jores quam OB. Additi ergo communi AO, erunt AF».' 
FB majores quam AO, OB. 'Ergo AC. CB fuoC multii 
Ifiajores, quam AO, OB. 

1. Pars demondrabitur ia CoroU* a. pattii prim« prop- 
ji. £ft iataim 090 ttcetauf. 

Ba rR04 
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il«i Elmmtemm Gtmttrk 

PROPOSITIO XXII. 

^'^ TJJTiirff triins reSis (BO9 LBy LO) ^futnm 
XJ, dMd aputUbtt rcUtjuk Jim ffMjores ^ triofigtibm 
coifftitttere. 

Aifiimatardatarufnuiia BL, atque unl qus extremitate 
l^ acceptl pro centro , iotenrallo aiterius datae B O deicriba- 
turarcus. 

Deiude acceptl pro centro extremitate alteri L , intervallo 
tertiaD LO delcribatur arcus priorem lecans in O: ducantiir- 
^re£bsBO, LO. Dico n£^um. 

Demonftratio patet ex copflrudione. 

PROPOSITIO XXIII. 

Pk^4^ A 2> eUtttm in reSa pttnSttm (B) ttfffftltttit efficere 
*^ dfMlctit dato (j4>) 

Dttcatur otcuinque CF iecaos latera dati angqli A. Itt 

aati Tc6ti ex B accipe B L parem A F. Centro B inter- 

«isaUo AC defcribe circulum: item aUmn centro L intcr« 

talb FC qui priorem iccet in O. £x O ad B &: L due 



Erit angulus L B O par dato A. 

Nam per conftr. triaagda fibi mutu6 funt arquiktera. Er« 
gopor 8. anguli B £c Alunt sequales. 
H^ 43« Cor. I . Hinc Imetm iwcctffMn A B mitsri licet, A pmf 

B$ eaim qtucumqui C obftrvetwr Mgtdus ACB, <^ men>» 
fitrentur Unett AC, BC: (^ in fluno quocumque acciffibiUt 
sd fun^um F, fufer nSu infimtu E^B^fuc Mgulum ^guh 
C squalemy (^ menfurentur linee, FD, FE, lineis AC <^ 
B C riffeSM dqtmUs » & jungtUur D £ : Erit hdc dqunlit 
Uttes inuccejfe A B. Sum in triunguiis ACB, D F£> frefter 
Ittterit AC, CB Uterihus DF, FE nfpiSlivi equaiut » e^ 
tl^"^ ^^^ ^ ^^^ ^ 4^/si» • erit (a) St^ AB ktfi DB 

8.44* ^flS^/- 
?<rii. Cor. 1. Hittc etium uUA rutiette , Hfuletemfecuti, Uneum 

& I* iuMceeJfMm metiri difcimtu. Sit Uneu iuuccijfu A D cui ui 

|c)P<rMw ixtremum ejtts fttnSum A (b) erigutur pirftnJicuiaris AC^ 

{i) Ptr •& enfiutttr mtfutus ACD, eique ex ultird furtt Unee AC, 

nU^ a. (c) n^ftrdU eei^tttttttr mgiim AQB • & (d) fredMcuntur 



!• 
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IJkr Prim0U ^% 

Djit CB d09ie cowemrmt mB^ LmM AB mtffHlh^ §rit^ 
bnd i9u§cceffd AD 4qtt4»lij.Sam m &iMnguUs ABC» ADC, 
«^ CA if^t B A D perpfndie$tUrim f angulji td A fimt rt£ii^ 
^ fr^tkii 4ipmiis i (^ anguli sd C fmt dftaks ftr coafir.jj^ 
UtHs AC ccmmunt. Ergo (a) omnm rtli^M €nm$ d^mHaM (^Pn 
f^ iMMs AB iMttri AD dqusU erit. ^Hi 

Scholittm. 

IN mtkm tyronum Tifiim eft h!c noimulla ad praxim an- 
guiorum neceflaria proponere. 

Anguli menitira eft circuli lieriplieria » qux ex A vertiov r^ ^jg 
nguii tanquam centro defcribitur » ut patcbit ex prop. uki- 
ma Ub. 6. ' 

Itaque quot gradus coatinebit arcus BC inter anguB 
B AC crura interceptus, tot graduum dketur e0e angulua 
BAC. £t quoniam rc^m angulum BAF metitnr qua« 
drans peripheriae BF» ^ndus 90. contioens, dicetur fe&oa 
angulus eile graduum 90. Similiter quia duos rcdos meoip- 
fat dimidia circumfereotia in 180. gradus feda > & quatuor 
re^os circumfa-entia tpta icda in gradus 360. dicentur duo 
n£k\ efficere gradus iIBo. 8c quatuor redi grados 360. Hif 
praenotatis , praxes anguknrum funt , 

I. Ad datum in reai BL pun^m B, ai^am ftamert F%. 44' 
mrem dato A. Ex A dati angult vertsce» tanquam centro»inter 
Iitera»arcum defcribe CF. Centro B pundh> dato , deicribe eo- 
dcm mtenraiJo arcum L2, ex quo aofer LO perem CF. 
Per B 8c O duc reOam: erit L B O por dato A. 

a. Dati aoguli OPQgradus examinare. Fit hoc iacilli- Jlr* 47^ 
me per femicircolom comeum traniparentem , in 180. gra» 
dns dmdim. Ceotrum femicirculi pone fiipra P verticem 
anguli 9 8c iemicirculi radium P L iupra anguli ktua P (^ 
Arcos LO , inter aneuli aura interceptus » oftendet quoc 
gradoum iit datus anguTus. 

3. Angulum conitruere datos cootinentem gradus 41. Vilg*^jl 
dnc redam XQ^ in qui figna pun^m P. Super P pone 
lemicirculi centrum , quique iemidiametmm P L iiipra ?^ 
Ab L mimera gradus 41. uique in O. Per O ex P doda^ 
£b dabit angulum O P L graduum 41. 

Honim omnium demionftratio pendet cx oltfma prop. 
lib. 6. , 

[ConA Cegmto mtgitlo BAF^ etgnefdtm ttitif ijttfdm am-^ <^* iV ' 
fUusmum Md duis jtBos CAV. Sit t. gr, mtgitiut BAW 
Smdtmm 70. irit tmguius CAF grtkdmtm ito. ifyimiri 

B 3 iM» 



i i Blenfihtmim GemmtrU 

mm iJttJtmMt 0dMtii gtMdus 180. snptl^rum nilomm Ju^ 
fum menfurAm conficmntj • 

PROPOSITIO XXIV. & XXV. 

f|,^. C^ ^ /ri^n^ilj (BuiC^ B^F) dt$o laterd 
iJ (B^, u4C) dnohms (Bj4j ^F^) slterwn 
4theri , a^ualia hahHerint ; unHm vero triangulHm anm 
oulum' illis Uteribus coHtcntum {BuiF) majorem 
bateat abero (B^d ) habcbii ^quc hafim BF 
Ihajonm haji (BC) 

Et Js hajm m^ijorem habuerit , habibit at^lum 

^jaremn 

i * 

• [Si latwa Bjif AF (fi^ B^, AC) fint indiptalia 1 af^ 
fkc e mnr adfe mviet» latera nMura B A. T/^] 

- CcQtrQ A deicribe per C circulum i is tranfibit per F • 

(«) Prrigf. quiA A C, A F poauiitur aequales. £r|^ B F cadtt |[m/r« (a) 

^ pnmium ] iupra C $ [hoe ^, inter ptm^im ^ & fnoHtim C.] 

Junge.CF. Aoigttlus BCF cft roajor anguld ACF>hoc eft,per 

f. anguio AFC, boc cft, multd maior aogulo BFC. Ergq 

f»>/<^2f t '« tfmnpih BQF. ] (^) BF oppohta majori aiiguk>'BCF, 
'f • major tA quam BC oppofita midori BFC, 

. 1. Par;s patet ez primi parte £c ex prop. 4. 

• tAngnius enim BAF non efimii^r amulo BACi namfi 
{cSPtvpri- itn, bnfi$ BF hafi BC minor (c) egett eonfra bfpothejimt 
^^Sf''' Sednec dquaUsefi amuituBAFamuioBACi uuiafiefftt^ 
UipJL ^y'' ^^ H^ BC(d)dquaretur, itemmcomra kyfotiB^ 
l\ ^ CnmvfroangultuBAF anguia BAC noenunt^ fit % JWf #- 

ffHdisi neceffe efi mfit wajor. ^B.D.} 



t-»/; 



PROPOSITIO XXVI, 

SI Jtto trianitiU (X^ Z) duos attgulos Juohu 
atfttaUs hjSbtterifti y tdtentmabm^ (BffiFj& 
C ipfi /,) (^ unum latMS utti latcri tufuaU^ vcl eptod 
'iuTer k^uatcs angutds exiflit y (ut BCj Ffj) vcf 
omod unt aquaUum tmgtfhrum ofpouiim y (m AC 
hl:) rcii^ omnia crum ofuiliu. 



» 

Fkmaatur priind aoqualia efle Jatera B C, F I , uittf 9H)ua« 
kt aogulos pofita: tum verd rciiqua ettam omoia aequalia eflc 
^monftratofn eft m icholio prop. 4. 

Ponontur deincle larcra AC, LU aecjuallbus angulis 6 & 
F oppofita, efie acqualia. Quia anguli B, C pcr hyp. aequan- 
enr anguiis F , I > etiam reliqui A , L aequales eruot per co- 
roll. 9. prop. 31. quae ab hac non depeodct. £rgo pcr pri* 
mam partem omnia reliqga funt acqualia. 

[Scholium. ^tuuUm hoe loco di ptrfendiculmri m triMngHU 1^.^ 
ififcHio , ^Mtf Safem di* MnguUtm virticMtm Hfioa , in/enr^ 
vtfiim tfi, Sit aBC tritmgnUtm ifgfcths > cttjm vtrtex uf » 
li^s BCj critrt^dqtittiiMABi AC. Dice» 

I. Si ttSatigttU) verticMli A ducMiur (a) nam AJ> bttfi ft)fif it^ 
ferfcndicuUris j kifiMSit ett ttmt bttfem^ tum sjtgulum ver^ ^ ^ 
ticsUem, In trutnguUs enim, ABD , ACD,fropter Utera AB, AC 
hn/icem (b) MmmUa, ^ AD utrique cemnuate , f^ ttnguks 0>)feri^ 
Uteribtts d^dtuius opfofitos etiam dquttUs , nemfe{c) B^ ^)p ^ 
C , (^ jiDB — (d) ADC; omnia reliqutt erunt {e) dqttttlia , ^ \^ "^* 
nemfe Uttts BO Uteri DC^ di* angulus BAD anguio DAC (d) Ptr 
^uare ferfendicuUris AD bifecat ( f ) tum bafem B C, tum dif. 14. 
SHguium vertieidem BAC. ' (e) P#ra^' 

a. Si recla AD ab angttlo verticali du^ bifecH bafemt (^fVp^^ 
bifecabit etiam anguUm verticalem , (^ bafi ferfendicuUris ^, ^o* 
erit, Cum ensm bafis B C bifeSia fit m I>, trianguU ABDt (g) Perh 
ACD erttntfibi mutuo dt^uUteraf tto (g) froiude fibi mtttuo ^* '• 
sqtiUnguU, Anguliigitur BAD t CAD aquales funtt atquo 
aaeo, (h) bifecatur anguUs BAC: anguli etiam ad D aquales ^t} 
funt, ac froiftde (i) AD eft bafi ferfendicuUris. H)'/V 

3. Si re^a AD angulttm verticalan bifecet,ilU bafem etiam it^ 14» 
bifariam ^ perfendieuUriterfecjtbit. In trUngulis enim BAD , 
CAD, frofterUtera BA, ADlateribus CA, AD reffe^i" 
ve aqualU , (^ angttlos BAD , CAD illis Uteribtts contentos » 
etiam aquttiesi (k) erit bafis BD bafiCD, aquaUs, fjf* angu^ fk) Ar^, 

li ad D etiam aqtttties^ ergo ^^^^•^^a^^M. Q\^f i^^*^-J &r7i\'F 
(m) ferfendicuUrkerfecttt, ^^/'^*^^^WWiWn ~ ^ 

4.51 1» triangttla ifofceUo ABC ducatur reSia DE, 
BC b^ariam b* PerfendtcuUritfr fecet in Di ea fer triangttlt drf.i^ 
verticem A trtmfibit. Si enimfufer DE tanquam axe mwea^ 
tur fars finifira £DB trianguli ABC » aonec farti dextra 
^DC fuferunfonatur i fibi mutuo (n) cengruent aquaUs $n- f^)^ 
gtdi reQi ad D, aqitalU tatera DB, DC, & aquales anguli ^^^ 
B, C. Coiacidem itaque Utera BA,CA, itemque tota trian- 
ptU BAO » CAD, ac froinde latus DA lateribus BA^CAm 
emo eodemque ftmBo A occurrit ^hoc eft, fer yerticem A trian^ 
' fftB ABQ traifit. 
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(b) Per 

ief. 14« 






if»io I f • 
(t) Per. 

(r) 'fl' 8. 



(hJP#r 



(S) ''^r 



. (k) P«^ 



f . 5J re^<« XD i> trmniuU ABC verfke A m ^em BC cM» 
dens f eam fecet hifarUm di* pirpendicularitfr j trian^td$im 
ABC irif ififciles t hoc ifi, crurat ABt AC ernJi/ (a) «^M4iM. 
Jn triangults entm AoB , ADC , proftir l»ttru AD 7 DS U- 
teribui AD » DC nfpeShve AquaUa , an^ulofque ad D illis kh- 
tert&us contiTUos re£fos, ac proindi (b) dquales, erit ittam U* 
tus AB lateri AC (c) aquale, 

6. Si re^a AD trtanguU ABC angulum A iiftcanst fit U' 
teri oppofito BC perpendicularis -y trianiulum ABC ifi ifofceles t 
iujus aqstalia iatirafunt AB^ AC Ham in trianguUs ADB, 
ADCt froptor an^ulos DAS, DAC aquaUsy angulos ad D 
reShs dr proinde dqisalett ac latus DC intir squs^s angtdos » 
ufriqui commtmii trit (d; latit* AB lateri AC aqttali^^ 

PROPOSITIO XXVII. 

S/ duas reSas (jdB^ CF) pai^ailelas /ecfterit 
reSa (GO:) erunt 1. acjualet alterrn an^i 
(RLO^ OpLy item BLO, COL.) 1. Externus 
(GLB) a^tMlisimertso adeandem p^rtem (LOF^) 
(item GLR iffi LOQ) 5 Dm ad eattdem fartem itt^ 
terni Jtmnl (ALQy COL) ^cfttales dHobtts rcSis. 
(item dno BLDj FOL dmbtts rellis ofttales.) 

1. Pars.' Ex O Sc L duc pcrpcndicakres OR, LQ^ 
Erunt (i) hx ad utramque paraDebni A B * C F perpendicu-' 
lares , oc pcr dcf. 36. inter ie aequales, ^quales quoque 
( ^) . ex jarallcHs aufcrunt partes RL, QO. Ergo triangula 
'X, 2 nbi nnutu6 sequilatera (unt. Ergo (g) anguli RLO > 
QOL, altcrni xqualibus lateribus RO, Q.L oppoliti , fuot 
tequales. Quod erat primum. Ex quo patet etiam alter* 
nos rcliquos B L O , C O L s^quaies efle. Nam quia tam 
BLO, ALO qu^m COL, FOL sfquantur (h) duobus rcfti^ 
erunc BLO, ALO xquales ipfis COL , FOL. Ablatis ergo 
a»}ualibus RLO» FOL» o-unt reliqui BLO , COL etiam 
xquales. 

a. Pars, GLB xquatur ad mticem (/) oppofito RLO. Sed 
RLO aequatur pcr 1. partcm LOF. Ergo GLB extcrnus ac- 
quatur interno LOF$ quod erat aiterum. ['Eodim tttodop^ 
batur itngulum ixtirtmm Gl*R.angulo iatimo ad eandimfat^ 
tem LOC Muaiem effe.]. 

3. Pafs. ALO p^r i. partem sequatar FOL. Atqui FOL 
cum COL (k) fiicit duos re^os. Ergo etiam ALO cuai 
COL facit duos re^oa ; quod erat tcrtium. f Et pari tttado^ 
dttn aniuhs 9lO , ^L dtiihs re&is amtaUt egi fatiSit.] 



DbrfrimM. if 

CanA. Hm, IrMttfthenfm hniMti » TtUHris nmbkum mi- J^. f^ 
tm difamus, liU tnim oifervttvit Stltm Sytnt , urki JEgj/fti* 
MC£ > fpfi ftf/fff^ ^/^'vf ait ftrttndicuUnttr imptndtrt : <$» 
ttdtm dit ffttmtms tftmvtrut Stltm tik AltXMkiru, nrbisttiMm 
JE^ftiMed» fub ttdimftrt mtridiMto j:t4 , vtrtiet grMdus ftrt 
ftfttm etm tfMuiirtUut fmt di^itrt: §te\ut urhts ^ms fiadim 
foQo- circittr sbftart novit, Undt vi frdfeatss frofOj tionis um^ 
Situm ttrrsL hoc modo dtfmiuit, Sit A Sftnt-^ S Altxundriu, 
mbi gmmtn BC trigitur horixmti ftrftndicuiaris i Sini D A 
fji' l&G rudii SoUtrts jiht invicem epioudftnfum farulltli i DA 
rudms herizontt Sytntnfi ferptudicularis , ftr F eentrum terra 
trunfitnsi EO vtro rsUtms horixjmi AlexandrinO ohUquus^ ptr 
guimoms afittm traufitnts , ^ cum gnomone augulstm GCt 
graduum j^ eontintns. Chn vtrh angnius QCF dftalis /k 
mguio alttmo AFByCujus mtnfura t/i arciu AB gradttum j\^ 
THIuris umSitumhae unalogiaadinruenit: XJtfe habtnt gjradusf^ 
t^fiadia j-ooo j Ita inttger eireubts graduiem j6o ft haheb\$ 
ad z/ooooi ambitttm ttUuris iifdem fiadiis dtjinitndstm, ^ 
E. L . . 

PROPOS.ITIO xxviir. 

S/dttas reS4s (ABj CF) fecdtts reSa C GO) d- ^. /ji 
temos ststgttlos {ALO^ FOL; £tptales femk ^ .^ 

entni {AB^ CF) ptirM^. 

Si negas, fit ergo alia X LZ» per pun^m L ad CF pa- 
faflcJa. • . . 

Brgo (a) angulus X L O par cft alteroo FOLi quod ficri ^"^ ^'^ ' 
apn poteft, cum pcr hyp. ALO par fit cidcm FOL. ^^' ) 

PROPOSITIO XXIX. 

SldttasfeSas (AB^ CF) fecansreSa (GO)fe^ ^.s^j^ 
cerit extemttm angttltttn (GLB) aeftt^em offofit^ 
intemo ( LOF^ ) vel dteos ad eafdem jartes ittterms 
ALO, COL) faresdttohs reSis erunt (AB^ CF) *' 
paraUela. - 

' Per tf. CLB flDquator ALO oppofito ad ▼erticcra. Sed 
per hyp. GLB acquatur LOF. Ergo ctiam ALO aequaturfibl 
ahcmo LOF. Ergo {b) AB, GF funt paralWbe. • : (^YPio 

Demdc COL cum FOL fiidt duos redos. Sed per hyp. frsud. 
idem COL cti«n cum ALO facit duos rcAos. Erga «ALO, 
FOL akarni aDqusdca iont. ^go rurfum ABiCF (0 iunt (c) ^tt 
FayaUcbi, ' ^ . ^ • • . . r^ 

' 9 t GtroU^ 
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QrfiUarmm. 

EX ficQQdi pirte patet omne ToQbagoiam cfle panUeb- 
gramoium. 
[ Scholium. TMCf^am trmm ptfcpofitmum smmdiMto ^j» 
€9diatmm (vix^ 17. i 8. 19.) ordimm EutUdium immmsvio, 
jgiM mim Eticlidi eft prof.z^. TMoputc ffi 17. (juim mmpo 
frimM ifiius fropofitimds pnrs (a quA ptrrtis du4 reltqtts depm* 
diHty i tuivA fuu parMlIeUwum defimione « mvifip^ dttohus 
MSttotmttis ^utuiedmM (ji* duodedmu fiMtim fequitttr : tfuinetiMm 
fret, x8. TMefutiMfiM » EueliJi eft 17. quiu ex JSttciided pu^ 
TMMMrum d^ttttiemt ^ufqm Mxioumte undeeimo (qus tuttt^ 
rejieie Tmqueteu ) prefofitio tlU dmmtfirMim. £t phiudes frop. 
19. TMe^e0i% efi SucUdis %%. Umc momndM dttui^ m ferf^ 
ferliHis TMcqueti elemeutis EucUdeis^t Tyrmes Mlierttm UMt 
fttMthemMtias opersmt dMOtest errorem MUqmm cMuftntur^ qitod 
Slettienti primi frofefitioms 27, zS, 29. fro TMcqmtismis zZ, 
»9» 27 reffeSlive^ iMttdari viderittt,] 

PROPOSITIO XXX. 

%5o^ ^Idi(£rdU (ABy CF) fit fWTMlkU ^ tmtim 
i3 rtBam (DN^) erHtUi itettr fi faralUU, 

Patet per fi> & ex prxcedentibufi. Nam /1 omnes iector 
(t)/ir turare^dGO, erit («) angulus extcrous GLB por interno 
\l:y* LDN: cft vcr6 LDN cxtcrnus rcipe(auDOF, ac proind^ 
»7/7 W «qualis. Ergo ctiam GLB par cft LOF. Ergo AB , 
it)Pn CF iimt (c) pvaaW«; 

PROPOSITIO XXXI. 

fk*s^ X^R iUtftm punSum {A) faralUlum ducert ad 
1 reSlamdatam (CF.) 

Cx A ducieiir utcufique AL, ficaosdatam FC. Ad poiic* 
ii) fer ty^ A fiat (d) angulus LAS par aneulo ALF. Erit AS pa* 
%yf»i* nMz ad CF , ut pattt e^c 28. ci^ saterni aoguli SAL» FLA 
iint flBquaks. 

Pivis: dudi AL, ocAtro L dcfcribe arcum IQ.t 8c ceik 
"'" ' tn>. A eodcm iPLteryallo ircum O^k eye 9U0 lufer OB pgiieai 
. ;q. Pcr A & B dttda ie6U ait paFallcU. 

DemoQfi^ 
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Demonfbratio pendet cx ip. 1. 3, 

Aiiter. Centro quopiam P defcribe circulum quf tranfeitpcr l^. n^ 
datum pun^um A,Sc iecet datam CF inQ^ O, Arcai QAc . . . l 
accipe aeiqualem ON. Reda AN erit paralleia. 

Demonftracio pendet ex 19. lib, 3. & ex a8. Irajas , [ <^ 
babetur mfrat m t*m* 0d frcf. ilS« TifeorimatMm foU^, 09^ .... 
jirckimfdi.'] 

SchoUfim. 

DEmonArata jam sgitur eft parallelaram theoria indepen* 
denter abiaxiomace, qudd Euclides ejuibue intcrpretes 
ailumunt minus rc£^> cum non iit axioma, led theorema ^ 
cujus veritas non magis v^ ie appareat , quam ipHus ap.pro-* / \ 

pofitionis. Quia tamen deinceps faepius adhibetur» id hoc kn * 

00 jam facik ex praBOul&s demonflrabimus. 

I redh (M A) incidens in redhs (6C , AD) iaciat angukn 'k- 5& 

\ internos ad eaid^m partes (BAD, ABC) duobus redismi- 
sores, refbs (6C, AD) concurrent verius eam partem,quam 
^)e&nt anguli duobus rc^is minorcs. 

Quoniam per hyp, CBA, DAB duobus re^is iiint mioo- 
res) €ant CBA , XAB duobus redis asquales ^{^nemfefgcmi^ 
0ngulHmXAB{i)4qjMUm angnlo MBCj J Eruntque BC, AX ^*^?^ 
(b) parallclac,[e^ tmguUts XAB{c)major nngulo lyABytxetffu \l^ p^ 
XAI)J] AiTumo tanquam axioma Mr ie notum > ittta tK&^ 19.tr. , 
AD , AX in iniinitum produdbs ouci pode aliquam ad AM (c) f«f ' 
parallelam, puta ZX, qua? major iit quim AB. Accipiatur def,kim . 
q>£ ZX sequalis AR, & junge ZH. Quoniam AR,ZX funt 
paralleiae, crunt (d) aUerni XZA, RAZ sBquales. Simt autcm ^f /^ 
& latera XZ , ZA acqualia lateribus RA, AZ per conftr. ?/) pi? "' 
Ergoetiam (0) anguK RZA, XAZ asquales funt. Ergo RZ 4. l.u 
cft (/) parallcla ad AX. Sed ctiam BC cft paralle'a ad AX. (0 Ptr ^ 
Ergo RZ & BC funt [g) p*allcla?. Eft igimr BC & pa* ff^ ^ 
ralfela ad RZ, 6c inclufa triangulo ARZ. Ergo cftm procki- 30 f** • 
ci in infinitum poflit , ncceiTario occurrct^quando rcftxAZ. ** *- * 
Nam ncque cvaderc potcft pcr fibi parallcife RZ , ncque per- 
tingcre in A , alias duz vtQtx [ vd J^ntmm comfrehenderent , 
vef'} habcrent commune fegmcntum, [contru mxiomatm ij, 
.d> 14.] Liquet ergo propofitum. ^ ' 

Demonftratio cSvii cft a parallelis independens , jfed prolf' 
idffima 8c multdm operoia : Procli nitttur hoc principio,qtiM • • ^ 
/efta unam larallelam fecans, etiara akcram feStpra fit,ff 
prodQcatnr. Verftm hoc fcr & notum ndn eft» (^ rationeiq[ 
flium dcf, 3(J, 
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CorolUria. 

f%«5i/ !• rTIoc pttet redas non paralldas coBCumre, de qao dur 
jn bitari poterat ob rationem alJatam ad def. ^6. Sint 

icdhe non paraUebe BC , AD, [^mu reB/tBAficet inB&jii 

\Ptr ^ MdUUm pmtm iffim BA,ubt reSd nmfMrMlleU BC, AI> 

1 1 • L 1« twrvtrffmt kdfe invtcem ,per funBum A , J duc (a) AX paralle- 

l^) f^ lam ad BC. firunt anguli XAB > CBA daobus redis [6) ae- 

a7*Au qualcs. Ergo DAB^ CBA funt duobus re^s minores. Ergo 

per theorema jam demon(lratu(n , BC, AD concurrent. 
[a. Re£id infimtM AZ fecMm reBrnn AXy ftcMt quMfuis 

mjSuttu BCp BZ ilfi AX fnrnUeUs, Chn enim fmumtur 
<^ ^^ AX, BCpmMlieU, fett{e) dqttMliSus imervMllis ubit^e difim- 
^* ^ tes , fecetfpte reBu AZ , ipfam AX j erio AZ , BC mMqttMUbtts 

imervtUlis diftMhtnt f (^ promde mn erum pMrt^Uetd: ^uMrr 
Cd) Per (d) AZt BC cmcttrrem. Et eodem mode demoufirMMtter reStsm 
*^* '• AZ ceneunere etrnn mUm ^vis RZ qtu ipfiAX pMrMiiiU dt^ 

oftnr.] 

PROPOSITIO XXXII. 

P A k s I. . 

f^.§fi £^Mnis tridtfguU exterms quivis attpeltts ( FSC) 
V^ dstohts itttentis oppojitis (Afjr C) ^tqttalis tfi» 

u) Pet Pcr B duc (e) BL parallelam ad AC. Quia duas parallebs 

ji.&i* BL, AC iecat FA,erit externus anguJus FBL intemo A (f) 
(0 ^'^ sequalis. Et quia eaidem paralielas BL, AC iecat etiam rem 

V^^Per ^^ * ^' ^**^ ^^^ *^*^® ^ ^^ 5 acqualis* Ergo totus FBC 
S^ aequatur atrique fimul A & C. Quod erat demcmftr. 



CorMdria. 

i.f^Xtenrasaiffiulus (FBC) quolibet tntemonim 0|)pofito- 
Jlj rum A vd C, major eft. lEft prop. i6. EucUdis.'^ 
fk^ i*^ a. Annilorum (C & AOB) eandein balim ( AB) habeotium • 

major eft (AOB)||pi intracadit. [Eft pMrsfecttndMprep.ii. 
cttjtts demmftrMtienem TMcquettts ttd hunc locum rejecerat.j 
Prpducatur enim AO in P. AOB per banc major eft. 
* qu^m OFBy & OFB per iiane eandem major ell quim C: 
£rgo AOB multo major eft quam C. 
^•jS* i* ^i ^ uno duikIo (A) in unam re^m (BC) inci- 

dant duae redx, sdtera (AO) oblique» perpendiculariter Ter6 
^ltera (AF^) haec cadet verfiis partes acuti anguli AOB, 
^adat enim « fi ficri poteft, ad parties obtufi aoguli AOC| 
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puta in Q: Igitur acBtus A06, erit eztmnu rdpedu redi 

^«) AQB, ac proiode illo major per coroL i. qtiod eft ab- ^^^ 

fiirdiim. ^*'**» 
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PROPOSITIO XXXII. 

P A R S II. 

« 

OMms triangHU trnfirmd ofiguU , ibulms nSh 1r* iK 
ySiMir dtquaUs. * 

Ac Drotnde eonficiimt gnuhu i8o. 

Produc unnm latus AB in F. EjEtemos aogulos FBC 
duobus iatemis oppolitis A & C sequalis (S) eft. Atqui (^) (b) ^^ 
FBC cum CBA emdt doos redos. £rgo ^iam duo A 8c J*y °» 
C cum eodem CBAeffidunt duos re6h)s. Quod crat demoos- /^^^ 
trandum. i-/.^ 

Aliter. [P«r 4»gi»iltfiff ^] ducatur HM paraQela kteri AC l|r. So^ 
Anguli akcrni tam O, A > quam N yC sequales {d) fimt. Sed W ^^ 
0,Q, N coafidunt (#) duos Tt6tos. Ergo edam A, C# Q^fJi^Jj 
duos re^os con6dunt : quod erat demonmandum* CmJji^ 

CmUaria* 

^•'"r^ResfimulangaUcujufvis triangoK {riBiVMl^l SDquaks 

JL iimt tribus iimul cujufcunque alterius. 

1*. Si in triangulo unus re^s [Mta reih' mMfdr] ctt, rcHb^ 
oui iiint acuti. [ <^ MogulMs tpu Uteri ttm maximo o ffmtm $ 
ftmP9r (f) eft MCMtusJ if)f^»t9 

6. Si in triangulo unus eft redus» reliqui duo fimul ctiam «r.^^. 
unum re6kum conficiunt. i8«fNh^! 

7. In triangulo angulos , qui aequatur duobus rdiquis,^ 
redus cft. 

8. Cum firitur qoot gtaduom fit unus angulusyfcitur etiam' 
quot gradus fadant duo reliqui fimul. £c cum ftitur quoc 
gradus &ciant duo anguH, aut eorum ftmama > fdtur ctiam 
quot gradus eflSciat terdus. 

9. Cum in uno triangok> doo aiM^H aut fingnli aut fimul i 
se^uaies fimt duobus angulis aut toguiis aut fimul in dtcro 
tnanguk>$ etiam tertius tertio sequalis erit. l£x hoe emUa^ 
rht qstod i frop. a6. tm Jefendeti demonfiratMr ojufiem fro^ 
f^tioms 16. farsfectmda » mS ibi mtat Tacquetus. Hme igitm 
ffiB frofefitio roferendu f/f .] 

10. Cam duo triangula unum angulnm fleqoalem habeot t 
•tiam rtliqttonim fimuBse SBquinlur. 
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II. Cum in libftclc anguhis «quis^cruribus comttttoi iA 
{ty^ rcfhis, rcliqui ad baiim iunt {0) femiredi. £c Ifuicciisad hoL'^ 
i^.^jAa^i iim aoguli fempcr lunt acuti. f^^ ^ IfifcBiu verticti ferfin* 
^\Pn '* ^'^f^^^^ ^ hHjim , (b) fWi/ iatrfi trtanguium ] 
cJl j.ibK- i^« TriqAgoIi equilaceri aiigulua facit duas tertias unius 
jm, TeSti, Facit eaim tcrtiam partem {c) duorum rcdiorum. Ergo 

(c) Per duas tertias unius, [Citm mim Juo reiii faciant gradus 180. 
kme&ctfr, ^^^ tertia Uirs Jnorum rtclorum , five triauguii 4qmUteri an^ 
," *** - gf^lns graauum 60 , ^ froinde contintbit auas tertias angtdi 
, l^e^i^jive graduum^o.] 
hi* 6u '3* Hinc anguli rc^ (BAC) fiicillima trifedHo $ (i fuper 
AC fiat xriangulum xquilaterum Z. Nam cum FACfint dua^ 
terdae aniusrcAii crit BAF redi unatcrtia» 
^k» ^*' H* Perpcndicularis (AF) eft brevidima omoium quae tx 
t pundlo (A) «d r^d^am aliquam duci pofltmt* Quoniam enini 

angulus F rc&Uft efl^ erit pcr coroll. y. AOF acutus. ErgQ 
(<!} Tff (4^ AF minor quam AO quadibct. 
%9Mu ||.^ £j^ ui^pundoad unam re^m taotikn ttna perpca^ 

dicubris cadit. Patct ex coroll. prxced. 

J*^. 6a. i^" ^tnc etiam ex frims farte Mus profofitionis afir$^ 

rum paral^in ftve loei vcrl attpse vm dijferentiam defim$ 

' ' difcimut, Sit A TeUuris centnun j B Locus ObfervAtoris in 

ejufdem fuferficie, Sit DBC augnlus aflri C a vertice fer 

iS/ervationem notm , five diftantia angularis aftri a veittc» 

yifa :. £ft vero Jlngmtks DAC d^antia angularii ▼era. Tri-» 

anguli asstem ABC angulus extemus obfervatione datus DBC, 

(e) Pef 0ngu!is duobus internis offofitis (e) BAC ^ BCA aquaUs 

^kmfnf* ^. ^que ^eo angulus BCA eft angulorum DBC c^ DAC 

• - . »!fi^f^tla, Si itaque angulus A , comftaatime notus , ex 

^ angtdo DBC , vbjervatione noto fu&dueatur , differemia a»- 

,' . . gulorum iftorum BCAj quam Parallazin didmus • fariter in^ 

nfiefcet, ^B. I, 

^ [ 17. Ltquet etiam e fecundd farte hujus frof. Trias^uU 

psjufiusnqui dteos quofiis angulas duohus roQis nmores ejfen^ 

tft f^of, 17. 'Etulidis d Tacqtseto onstffa. 

^* 19« iB. In triangulo reSiangulo fcaUno ^ ille ex angtslis actttis * 

epsi laterum ank^^ulum re^um comfrehendontium majori offoni' 

tttr^ ofi fesmreiiomafort fy^ qui offofiittsr tninori efi femirech 

foinor, Acuti enim angidi j mul fttmfti , fer cor, 6. imjust an^ 

guium rcBuns co^ficmnt : Ergo lUe qui majwri iateri offonitu^ 

ff) Per ^ (f) femire&o majori qui minori , fetntreHo minor, 

'»*^i* . 19. Hinc turris atst fttniii atjufvi eievati aititudinm^ 

*• *3» umbra folarii ope , mettri dcet, Ubi enim Sol gradus ^fp 

fufra iioriztmtem elovatur , ertmt titrrmm umhra tn horixfin^ 

Htn frojeda» tarum sititttdfiU ixtUi^ 4^/tnkt* Qb mguiMm 
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pnirt£iHS , ftr w. 6. hnjns. ^t cum MttgmU sd ^m AC /aVlv 
6m 4^u$Us» Uters AB , BC ^fuUis (b) irmntn VmA itaqiH (b) JP^r * ' 
menfarando rtila JBC, dMfur etMm AB tttrrit sbittule fi^M 6^Uu • 
hmMjantm* 

10. Him ttBittm ttutcctfim AB metiri Uett» THdmgtdttm j^^ ^ \ 
mtim 4^ptHMterttm tptodcmupte BDB » fttn£hfit9 B tu istere 
BD, Md Imtd intuceffA BA fmSitm B fictmdimt emtdem BA 
fitfpmMtur odjeHum: & a f§tn£ie B fer Uuhs BE » tan^uum 
dtoftrnm , fttnSia tfUACHnifUe m reaA BC fefita eSfervenUtr. 
Mjtmevetttur demtun triangttbum BDE fetmtdhm reBam EC 
haciHdCi donec coUimando fer iattts trianguli EDfime CF^ 
fun&um A macceffitmt in eadem UneA CF fredttSd 9 fefitum 
femtitun & Hnea acceff&Uit BCt imea inacceffa AM atptaiis 
mr. Jn trumptUs enim ABC , DEB, Prefter angulum B eem* 
munem, & angulas C, E aquaies, (c) ermtt etiam ^P^ ^^ ^ 
A, D aauaies, Sed triangulum SDE ex hjfethefi tft a^tiia- ^^ 
ferum» e* feinde (d) a^uianguium: Erge etiam tfui^guhmt !^!Ur . 
BAC efi aquianguittm^ 0» froiude (e) aquiiateruuK Si itaque Mr./.f. ' 
kniMm aectffiinlem BC metianUtr , imaa etiam kmcceffa BA ^>* 
men/iuramim^emus. t^ic!!!^ 

HJjus pulcherrimi , fbecuodiflimiqike theorematis » cujiif 
pcr Matbefim umveriam uius prope immcnlus , iavei^ 
tor cft P^hagoras tefte Eudemo veteri Geonetri. Freqiieii- 
tifiimc ejuiciem fflemim't Ariitoteles, qui iliud etiam exem«* * 

Slum fiatuit pcrfc^i(rimse demonffa-atioais. Scd ouemadino-^ 
um ez hac propofitionc jam didicimus, quot rc^ angulis^ 
figurx trilatcrx an^Ii aequivaleaot, ita cjuidcm bcneficio cu« 
juilibct figarsB rcdlilinea: live interni, iive czterni anguIi,quoC 
re^os cooficiant, praeclarc innotefcct tribus {equentiM& tboo^ 
rematibas. 

Themma i« 

OMnis quadrangoii quatoor iimal anguU tfficiuat quatoor tii^$0 \ 
redos. 
Nam fi per oppofitos aogidos docas redam BF • hacc 
qoadrangalum io duo triaogula iecabit ,. qoonim anguU fimol 
€OoficiuDt (/) re6ios quatuor. (f| M 

Tbearmtt z. 
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Mnes finsol aogoK cujuiamque ^gBtne TcAiIroeib tMOfpu a^ 
ficiutit btt tot retet dsfliptis qoAtuor ft qiiot Aiot k« 
figonca 
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Ex quovis pundto ^ intra figQram« ducantur ad omtm 

figui^ angulos re^ > quae fecabunt figufam in tot triangu- 

(t) fat la quot habet Jatera. Quare cum finguia trianguia (4) coa- 

J^vwz. ^^^ ^"^ redlos > omnia fimul conficient bis tot rcdos * 

?i la/ ^^^ ^"°* latera. Sed anguli circa pun<fhim A , {h) con* 

^^ '*- nciunt ouatuor redlos. £rgo fi ab omoium triangulorum 

' angulis dcmas angulos circa A .anguli reliqui» qui componuot 

angulos figur»» conficicnt bis tot redos» demptis quatuor » 

qu^t funt Jatera figurx. 

. Hinc patet omnes ejufdem fpeciei re^iiineas figuras as* 
quales habae angulonim iiimmas ^ Quod admiratione dig« 
nujn eft. 

• ^raxis. Duplica denominatorem figurae ; i produdo aufer 
4. refta^unt anguii ttOd » quos conficiunt anguli iDterni 
ngttrse. 

Theorema j. 

fk' ^7« /^^cs ^^^ externi anguli eujufcumquefigurx redilinese» 
™* yj conficiunt auatuor rc6los. 

^ Nam finguii ngur^ intemi anguli , cnm fingulis extcrnis» 

(e) ?tf conficiunt duos (c) redos. Ergo interni fimuT omnes » cum 

i}*^i* ' omnibus fimul externis conficiunt bis tot redlos « quot fiint 

ktera figurae. Sed (ut in prxced. oAendimus) intsrni 6r 

mul omnes etiani cum quatuor Tc6ki$ , efficiunt bis tot rec- 

tos , quot funt latera figurx. Ergo externi anguli, 8c qua- 

• tuor TcQ:i xquantur. 

Mira fane harc figurarum redilinearum proprietas eft : cx 
qua illud etiam confequttur ,omnes cujufcumque fpeciei re^- 
Eneas figuras » sequales habere externorum an^ulorum fiim- 
inas. Itaque trianguli alicujus tres externi anguli sequales 
lunt mille externis angulis figurae milkkterx : Quz prorfus 
•dmiratione fimt digna. 

PROPOSITIO XXXIII. 

• •• • 

^ JHfigiint eka alut {AC^ ifFi) ertsm etMm iUs 
a^kUes & fordleU. 

BiraUelas AB, CF iccct AF, Erunt in triangulis (X» R 

(4) P^ altcmi anguli BAF, CFA (d) acquales Ponitur autcm la- 

*7.^r. tus AB «quale lateri CF , & AF utriquc triangjulo cft com* 

W^f mune. Ergo fe) baies BF, AC acquanturi (quod erat pn- 

^^** mum.) Et «oguU ad bafim Al^B, FAC Aat aBquales: ac 

• proinde 
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^inde AF incidens in reaas AC, BF facit alt^nc» AFB , *' 

FAC «qoalcs, Ergo (/») 4C , BF fiint etiam paraHete. [y/^' * 
Quod crat akerum. 

[ Schoiium. Si Juas reSktts pMrMUs (^ huqMoles ( AB^ ^k'%^ 
OC) jungMtt Jud aU^ (AO, Bd) concutrtnt tandem ifis 
jungMts, fi ultTA faralleiarutn minoretn (OC) fittis freducan^ 
tur. Ss enm a furaUeUerum majeriBA, capisuur (h) BR 0>)^^f' i 
tmnaridMuUts^ ^jungutur ROj eruat RO, BC(c) fstruUeUr U) per 
O* Mgtai ad eandem partem intemi,ByOKB fimtd/umftftdue^ 3^. /. i^ 
hts r(^ (d) aqststies. Sed triauguli OKA externus angteltts {d).Psr >• 
ORB , teno imemorum offofitorum OAR (e) major efi , (^ f^J V* ' 
frornde anguli B^ OAB jtsnul fumfti^ fisnt due^s re&is finno' J^' ^ *J' 
res f adeoejsse reSa AO , BC ttitra OC frodti&a , tandem (f) tmt* ^^i/ x/ 
atrrent. ^. E. D.'] (f; Fer " 

pROPOSiTio XXXIV. P!!iltu\ 

PArallelogrammi opp^ta latera ffr anguli a^aftttiri F^.e^. \ 
ipfiimqHe a diametro hifecatnr. 

Quoniam AB, CF funt (g) prallete , in e4(c)ae incfdft (?)Pif 
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cft. Bodem modo oftendamB & C aBqaaies efle. Quod erat def. ^f^ 
prtraum. , (k) f«r 

Quia verd jam oftendi triangula Q^ R, quxunum latus ^7«'-i» 
AF commune habcnt, etiam angulos kteri AV adjacentes ha^ 
berc aaualcs , nimirum BAF ipii CF A , & CAF ipfi BFA > ' 
crunt (/) etiam latcra AB ipii FC, flc BF ipfi CA« aEquafo; (i) /w 
itemque ipia triangula. • 9.6,1. u' 

[ Cor. I . Omne faraUelogrammttm , ut ACEF, attod ttnttm Fig^fi. .\ 
tmgttlum A reBum hahet , erit reSangttktm , hoc efi i htdfehk 
omnes angulos reBos, Nam qtiia reSas faraUelas AF, CE^e^ 
MtreifaCAf efficiet angubs A» C, internos' ad eattdem par^ * ' ^ 
tem, diu$us reBis (m) aattales: Chn vero A fit angulus reOtUi (m) F# 
^atitim C reBus erit: UnaePer hanc frof. anguti £ , F , an^ ^jJ*u 
^getlis Ai C reffeStkve offofiti , etunt quoeitte re^i. Eodem mo^ 
do confittSitfaraiielegramma qua ttnum anguhtm- tmi a^ttdetto 
habent, ejje aquiangula.] 

Cor. a. Hinc Montium tam altitudines fitfra horizon- Ftg. ^ 
tem , quam lineas iforisiontales metiri difcimus. Sit ABC 
itttus montis , cui apfltca ingemem normt^, aut qued norma ^ ^ 
imftarefi, ADB, edratione, ut latus ADjjt horisMUt fi^ 
'raiielttsn , (^ latits DB horizonti ferpendicttlarei e^ (u) com^ ^"'/f*' 
feSoft^aUalogrmmoDH^ erit (fer hanc prof.) latus ad 3»-'»«» 



14^ £lmiHt$f^ Gimetrid 

0)^^ 4^a!i rtSs EM% iffiAD d^ hmzmi(i) parsUeU ; i^ BB 
^'^ dfutit re^A. Ad* ndm DB, ,m & kirizonti f9rpendiattM4. 
AffUcM deinde /nferins k fun&o B ad fwtBMm C $ <^ eemfle» 
tii farMlielogrMmmif £jF»£G, erit isidem reBa 'kM aqmaiis CF> 
^ EC aepuUis Blffiui HG, from (if^ BH five I>A dquatm 
i^FG: mqtttjt0yirr0„ Laters harixMi farMiUU ADtBSt 
hicfimed MdditMp dM^tmt UmeMm ismxMtMlem GC : 4^ lati^ 
tM ftrfmidimimM BDt £C, ^c.fimeU MdditM dMkmt Mkf^ 
tetdmiemAG. 
%• €y Cor. 3. Hsnc etiam efe ^tadrantis Afiremmki » Tkrris A^ 

(0) 9«f tkudinem AB invemre lieet. Ubi enim elevMtims Mnpdm 
V^^j^ *" PfMadrame efk fenureQus ohfervateri ad B , fiat DE beri^ 
\/.&(er1 *Wi ferfeaadimlarts , o^ aquaits ocult otfervatms sutttttdmt , 
t.iu^m, & m6 oculo D (b) ducatur DF iffi EB taralkla , eritsfta 
(d) f»r BD faraiUtgrattwtum (c) reBatiguium , f^ latus FB tateri DE, 
ktmprif, jg^g altituM okfervMtoris octm^d) dquak > latus attttm D F 
%iIa. ^f^ ^^'^ £^> y^ve dfiantia obftrvatoris a turrt. Sed «• 

(f ) Ptrl^' tria^gulo AFD , frofter angulum AFD (c) reBum > c^ att- 
fctb, guistm eltvationis ADF ( f) femire&um, erit c^ angttius A 

(g) ferttr. \^fetttire^, & ImtM DF, Jeu d^antia obftrvMttris k tur- 
^•^•'** rt» (h) aqualislinta FA.ftu altituJini turris fufrm ob/erv0' 
fli) V0' ^^" tcubmt i cHifiadmaturFB abitttdt oatli, Mebitm «i* 
6.L I. ttgrM turris altitttdo AB. 

#%. 7^ Cor* 4. Hioc dtttifta Geodata agri fatralUtgratttiiUjartaait 

faciUiu drvidunt. Sit tnim ABDC ager farallelogrtnnmttt$AI} 

tjufdem diameter , five. lifttM diagonaUs ; citjtts ptmSum nta^ 

{i) Ver iitimfigtttt (i) K ^aeunt^ HntM reSUt ut EG3 ferfunt^ 

^o.l.u ttttm F tra^ft , agrum m fartes aquales EACG^ EBDG dH^ 

vidifi. T^i^ttlum enim ABD fer ham frof- Aqualt tfi 

C^)^'^ triangulo ACD i & Triangulum AEFaquaie (k) Tirumgeia 

mArr GFD{frofttra^tuil).Mnguio^altemosFAE» FDG i item* 

%7. l. X. me aqualtt auguios ad vertictm (cn) offtfitot AFE , DFG j ^ 

(m) Per JattrM FA% FD, qtta inter aqualts angulos oxijittm, etium a- 

MSJ»w ^ioiia.) SiitatptttrafttUoEBDF, Uco trianguli AEF , trif 

ttngttlttm tidtm aqttait GFD addtts % area qttantttattm natt 

^ pfUfabis: fed trit trafeoMm EBDG aquak trimigtiia ABD » 

fimt dMSofofoUtfgiratmntt&trmdatraftaJk ^OGX: aq^ 
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PArtim ex hoc tlieoremate , partim tx definitioDeBbro %l 
praBmittendil , lacile elicitur dimenfio paraUdogrammi 
re6hogulL lUius area producitur ex multipticatione duo- 
rtw btcnun Gomigusrum AF, AC. Sk« ex« gr. AP pe»» 



tihr trmm^ ^f 

dam 8. AC , 4. Duc 8 io 4. |>roTeiutmt J2. fedts qiiadrad 
pro aid x«£bLfigali. 1 

Quadrati vero area faabetur ez abo ktere Fl per fe ipfum P^. ;|| 
multfplicato^. ut fi ktus FI ik i*. peduin; diic j« in £t, pro»> 
▼euiunt 1/. pedes quadrati pro ared quadratl. 

Demoi^tl6-ct hac prop; patet, du£Hs pdr ktenitn divi^ 
fiooes parallelis. . . ) 

PROPOSlTtO XXXV. & XXXVt: 

PAndleldgramma fitptr bajieadm (jIB) vd «« % ij^ 
fu$Ui & imer eafdm f^alleUs {CQ^^ jiX) 
mJHmdj ftm aeputiid. * ^ 

Qliia AL, BQ (a) funt pataBett , taSapt fecat CCti tA W ft^ 
(i) cxternusXLA p«r ioterno FQB. Dcmde duia tam CF ^SJ; * 
ouana LQ^sequantur (^Jcldem AB, crunt CF , LQ^«qualer. iijili^ 
Mde utriique FL | eruiit totasCL, FQ^xquales. Iniuper (c/pc^ 
& AL , B6(J) a^^uales runt. Trianguk igitur CLA, FqB 34.A1V 
JEqualia («) uint. Ergo ablato communi FOL, pkna FOAC, ('^}J'^ 
Q^BOL remancnt aequalia, Quibus utrifquc adde pknum A09; f^f^ 
fiunt parallelogramma tota ACFB , ALQB xqualia. Quod \^ i. g^ 
crat dqiT|abfbra;nd.ifni; 

Haec propo^tio 6ct uoirerfalis p. i. tib. 6. ObferTent htc 
tyrofttSt qisimyia fnuralleloarainma iptcr eaHiem paraUcks fi- 
ne finc produ^bis, in infinltam longltudinem extendatitar et 
tidcm bdi AB, femper tamen n^anere atfqudia tx ri iemops^ 
trationis jam datae. ... 

[ Coroll. UiuU feqmtur daas urhis paraUeltgrammOs mag* 
fuiuMm ^ipu^si «s ckcuitH tMuhn Mffrefkre fojje , tu 0^ 
mHs stmhttus (enties vsl tniilies aUerisss smbitum exuferet. Si 
pimtrum ^kertt fit ^uaJtafst vel re&ar^ula ; alters vero fufei^ ' 

eadem eum friore baji , e^ intra es^dem cum Priore faralle^ 
ias, faraUeiografrtma quidemi fed adtitodttm ohuquttngulay ^ 
frobtde in longttm frotenfa. Sequitttr forro ifopgrimetras figuras^ 
areas immoMo eftamknk dhierjas ionNimre fofi,} 

EX liac iheatmm babetm dtmeufio paraBelogrAmmj cj %/!• 
! jufcuoque. Illius igitur area producitur cx aMtadiiie QX 
lcu CA du(a4 in baOm AB. ,n» ^ 

Nam airca redangiii CB rarallelogramfflio BL tecpAxs (f) V'/?'^ 
b (i) e« AC duai itt AB. Ergo, ^#. sL[Z 



'^S EkmMonmt Gemetrut 

PROPOSITIO XXXVIL Sc XXXVIII. 

H-W. P^RioftguU (^CB^ jiFB) fiper ha/i ekdem 
. X. (^B) vel itqHoliy (^ inter eafdem faratteUs 
( C/, .^iZ) confiitma , fint afuilia. 

Ldieribus AC, AF duc rarallelas BL « BI. ParaUd^gnim- 
(t) f€t ^^ ACLB » AFIB funt (4; aequalia. Sed horum , triaQgu- 
Ar^MH^ k.data {f) ixox dimidia, Ergu triangMla data {c) funt acquar 
W"'*^ lia. 

ic) Per ^*^ propofitio fict univerlalis p. i. llb. 6, Idcm Mc tf- 
1^.5. rones notent in triangulis, quodeos notare juilimus prop; 

prspced. de parallelogrammis. 
I^. jf. CoroU. Hinc etiam GeoJ^td ngri triangidam anamfadUsm^ 

divUunf, Slt t,g, ABC agir triang$tlarts 9 ^ fi bttfu BC bi» 
(4 Fn fe^a (d) m Dy rtBa DA ngrum btfartMm dividet. Trianfftla 
fo» /. .1. ^j^ ABDy ACDqsu Safes habent Aqualts BD^CDt^y^ com- 

mumm verticem A , ac frainde inter edsfdem faraUetas eeo/it' 

Utetmur , erunt ^tqtsalia fer hanc frof. 



« » 



PROPOSITIO XXXIX. & XL. 

»4-7^' f^Riangula oqtMUa (ACByAFB)fiperekdm 
' X tap (AB) vel.aqttaUy ad eafdem partes cm» 
titttta y fint inter eafdem paralltlas ( jiB , Cf.) 

Sinegas, (it CL parallela ad AB, 8c ducatur BL. Igitur 
XO fet '^^^ xquatur {e) ACB. Sed ex hyp. etiam AFB ipii ACB se« 
^Mc qoale eft. Ergo ALB 8t AFB xqualia funt , pars & totum. 

Quod fieri non poteft. Igitur » &c. 
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PROPOSITIO XLL 

/ triangulttm CjiPB) Jk m iifdim paraUeUs 
_ ' . cttm paraUekgramftto (AL , ) ^ bafm eamlem 
habeat (AB) velaqualemy ipjttts cUtmditem erit. 

itO ^frrr. ^^ ^- Triangula AFB, & ACB (f) aequantur. Sed (g^ 
€^39./. tj ACB eft dimidiumjparallclogrammi AL. Ergo etiam Ar^ 
U) ftr rit^imMinm AL. Quod erat demoxiAraddmn. 
i^^'- ^ 4eMitm 
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ScholiHm* 

EX luc tc fcholio prop. 35-. diicimus l aream trianguii' 1%. j^ 
I ( AF6 ) cujuicunque produci cx dimidii altitudine FI 
dudEi in faaiim (AB) vel ex dimidtd baii tn ahitudinem. 
Quare noto uno latere trianguli , & altitudine , five perpcii* 
dicuiari, quae in latus notum ex angulo opj>o£to ducimr , ia- 
becur trianguli dimenlioj ut fi balis AB m pedum loo. al- 
titudo FI> ci-. multiplica bafis dimidium 5-0. per Sf. prove« 
niunt 41/0. pedcs quadrati pro area trianguli AFB. Porroal- 
titudo (ive perpendicularis illa , quando area trianguli perar 
grari poted , mechanice innoteicic , uti latera. Si area per»* 
grari nequeat , invenitur Ceometrici altitudo per ia.& 13.U 
a. ut in lchoiio ibidem docebimus. 

In triangulo redangulo,' altitudo eft eadem ctim alterntro ; 

latere circa angulum re&um. Hujus ergo iemifijs du^ in hi^ 
tU9 alterum re£h> adjacens , dabit trianguli aream. 
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PROPOSITIO XLII. 

jIu truu^stlo (^CB) dquale paraUelofframm ^* 7^ 
mmm facere yhabens af^tdum forem doio. (O.) 

Bafim AB bifeca tn F. Per C duc («) CX paralkkm AB. (O'^ 
Fac (^) angulum BAL parem dato O. Duc (c) FI paraUdam ?w)^i* 
lAL. Erit ALfP ifuod quflcritur. ' ' ' ^lliu 

Ducatur enim FC. ParaileJogrammum Al angohjm habet (cj p^ 
LAF parem dato 0$ & efl «qoale triangulo dato ACB, cilkm 3<« /. r^ 
tim (i) triangulum ACB , quam (#) pmOelognmunum AI « tfF^ 
4opta fmt ejuidem trianguH ABF, f^)iv^ 

Coroltarium* 

DAto triangulo ACB habetur acquale rcdhngulum , fi per Fi^. 7^ 
C ducatuf parallcla lateri A B , 5c bHeaa AB in F, tai 
B erigatnrperpeddi^tilatis BC^ Erit enim redlangulum £ib 
?B ^c Qb pa triangub ACB,' ' 

p 11 P O S I T I O XLin. 

IN foMtkhffcammo (BLy) compkmenta (B 0.^^*1^ 
OL) eormn (jua circa diamietrmpf exiflme (^RF 
^ CS) fupif ofialia. 



Si per diamctri AQ^pQd6bim quodvis O ducator CF p«* 

lall^ latqri AB, 6& RS parallela lateri BQ^i fecatur tocuqi 

BL in quatuor paralkloeramma > qucrum duo circa dk^ 

iDCtrum iunt RF, CS> duo reli(}ua dO, OL, funt hoi^tix 

Qomplcmenta. 

(•) P<r . E^ ii^ ssqualia fic ofteoditur. THanguk ABQ, ALQ^(4} 

«* /.r. «juantur : fimiljrcr ARO, 6CQ (^yxquantvr AFO, 05Q, 

\lj^'^ frgb fi ab acqualibus ABQ^, ALQ^auferas aequalia,hiQC ARO, 

^^ pCQ , indc AFO , OSQ , aqualia remaneot BO ?c OL, 

^uod ^ dcmoqflrandum. 

PROPOSITIO XLIV, 

fkx^ ' /k ^ ^^ TtEhm (QS) fiitralliltgrMmifm 
]fTL cmftituere ddto triangmb ( P^) a^Hok in an^ 
(o dato (X) 



fc)P«p ^^^ (r) parallerogrammum RC dato V aequale; babens 

4Hf'i' " angulura ROC parem dato X, & poQCLUtus RO in dircc- 

iA\ Per ^"^ ^^^ ^^- P«T S dut SQ (d) paiaJIelam OC, cw occur- 

SW* ft '^ BC.produaa i» Q. IVr Q & O dsa» neda ocavrai BH 

potradic in A, Per A duc A L parallelam ad OS , cui occur- 

* ' sti^ CO & QS pjodaaB lo F ^ L. PalaiyDgraiBinHim OL 

cft Quod pctitugr. . . 

(e) Pjff ^^ni OL (^) xquatqr RC.Iioc f& per Gon9ra^«fiem da? 

^mM, f^tdangtilo V^ dtpftiaddttam 0$» habecqn^ ap^nm (Y) 

(0 /'^ ' fOS parcm anguiot ROC,k)c cft per cooll. parem d«tOiA, 

.^^ * : . {^GmU. Hm.ti^utt$ fipmdc addauan rtBtm QS,fm4^ 

^ ItlogTAmmo BO dquale (jr ^L^p^ngulnm f$rfMifgrapmmm Q^ 

..^ \ cprj^ituere oportet,} 

Rf^ 3i^ Scholium. Con$'met bdc fp&p^fh eum coroUaric Mmuxp^ 

Geometricam cjHandMth Jrvljionem, Sicut etum nmnertu muUir 

.- fUrMione^^oditStt^»tamqti0m.rfSan^nlMmfioddant,j^recei^ 

* £iderM4 jfotefi , r^j^i fmBeres fipi dua '^vfs reSf^w^ Uh 

'iera conttgud , prout in ^chdlio pojl £rop, 24. decUrdtu^ 

cjt i ^iT' e//isi99 i oJem jure , ntmen ^vtdenal ncttm ^ 

re^nnguUtm occupare cayebitUr 9 ctijur tatera circaangutufh 

quemvis , divifrrem^^.^mtum rfprjifptfiatfijft. ttfictit ifr 

nus idefnque nxmerm Aviikndkj vkfies oMtittit mifirei , 

auiius j:nguUs fuus exoritur tmmerus tpuftus i , Jic utta et^ 

'' tkmt^ik oHa fiiUnptin tfnantiim Hmf^ 99^^'Mms tam^ 

fftato (^eri a^fUcari feitfi , oh ad reiiot afiffiks apfttMtw 

quaiam a^ijt rtSa , pro alterojeBanguli latere» Tn fg^ ^t. 

J^t re&at](gulttm AS» dmd^im ftdet \uadrmot iwffflextm^ icoif 



Uher Prhm. ^9 

pu Unrmfim JfC trium, & AB tjmm^r fiJumf & pr^fa^ 
msnm id^m ^tuutttmi ri£iangul$tm Lmi bifidMU tmmpmm J^ 
vifiri ita ttpflkari , m ind^ infmgm Imm mlMdy qttodqtt»- 
tkath snftmrfit hMhndum, In reBd AE froduBAy cafiatHr li^ 
nea hifedMUi EH^ Md qnam^ ftr ciroil ffaced. c&r^ituatm' nc^ 
fmtgutnmBGiffi ABoipiaief e^ fndibit alterum re&angM 
Utus Mlfex fedes Imgum , fro quot» ^pufito, Chu ver^, 
ifnfttr fmraUehogramma BHt Al) re^a SD, AFs roQisEHt . 
El refifekiv^fint (a) aquales ffro fraxifatis erit^ fimCB fro' fa) fg, j^ 
duBdacdfimurBP fodwnduorum^ (j^ fer fuuSa D ^ Edu* ^ i. 
emurreiia D£, epsa froduBa occurrat (p) re£ia CA frodu&a (S).P«r 
» F. BoSia emm AJP ea erit qsiom yuarimus. Hm qtadem dt" w,i. Mi 
vifionis ffeciis Applicado dtcituri ^ qtumam ffatium re&angUf /*3i*^ft 
lum AB {hoe efi, ei amtale EG) iinea BD five EH ajpplica- 
tar. Etindefit tptbd Divifio baud raro Appflcatio nominatttr: 
fiiikit fro amioptorum Gcomc ir arum caafttotttdini i qui cons* 
trudSonis GeomctricaB » ttua regulA <$» chrdno foltt utitur » 
qttam computi Arithmctict fer mtmeros filis ferficiindi fotio^ 
tem rmionem fimfer kabtterttnt. 

PROPOSITf© XLV- 

DAo reSlilineo ( CBA , ) aqt/ttk fmraUebgr^m^ ^» B 
mnm ccufirteere ad dmmr^ reSmn (/^ & in 
eUtoiOHgHlo (H.) 

He^tiliaeum rdblveio triaogula A, B, C, ducaxifo redas 
FL, FI. 

Ad datam IQ in angulo dato H, fic (c) parallelogranimQm (^) ^f^tf^ 
IV xqualc-triangQlo A. Tura producatur IR infiniti verAs i/p^ 
P, & ad reaam RV. in angate VRP fec (d) paralklogram- i^ ' 
mum RZ acquale trigono B. Rurfum ad redam SZ m an« 
gub ZSP hc paraUelogrammum SG sequale trigono C. 10 
dk porallelogrammum quxfittim. 

Nam ( e ) aneulus ZVR par eft fibi altemo IRV. Sed (e) Perxfl 
(f) QVR ac IR V funt «quafcs duobus rc^s. Ergo etiam A' i. 
QVR & ZVR duobus re^is aequantur. Ergo ( r) QV 8c ([l/tr. 
KV Ciat xn direaura. Pari modo oftendam Cfz. & GZ /^-.^ 
cflfe in direaum. Ergo tota QVZG cft una' refta , 8c oui- /*,, * 
dem par^lek ad IX, d^m pcr conft. QV fit ad t? parallcla. 
Eft Ter6 edam {h) XG paraBcla ad IQ, tAm XG &t paral- /h) Pm 
Ida ad SZ . & SZ ipfi RV, & RV ipli IQ. Ergo (f> IG \o.Lu 
cft paxaUdogrammum; eilc autem qualc pctitur » patct cx ^ '^« 

C4 [SchcK 



[Schoimm. ' Ftrr^ > «y ^^ ipfit frofitpilon» hgud o^finrum 
9fi , qmmoJo paralUlogrMnmum in angitlo Jaiq cQnftrtur$ ofortii 
^uorum plwrmmvo ro^iilmeortm fitmm* dquaie, 

Gvollarium. Hinc faeilo inventtur oxcojfus quo roSitlinoum 
sliquod- majus fuperat roHUinosim minus: Nimirumfi ad mo- 
dom roBam I^ m eodom^ ungulo ^IF applicentur ud oan* 
dom pariem pj^rAllelogrammu duo , rociiUneis datis r^pocltvi 
Mquuiia, FarislklogrAmmsun enim quo majus oxcedit tuinus^ 
daifft roQiliaoorum dsfirenttam. ^* £. i.J • • 

AD)ungo probkma utile fliturum ad pnucim propo/Itionis 
14. lib. 2. 
ffc. J3. Dato quadrangulo BF, rcdfangulum xqualc defcribcrc. 

[ Rciblve in triangula pcr rcdbm A C. Ex oppolitis angu- 
fis demiitc pcrpcndicularcs BO, Ff. Biieca AC in S, Ex 
S crigc perpendicularem SL parem duabus BO, FI. Rcc- 
tangulum fub LS ^ S^ sequatur dato BF. .Demonfhatio 
patct cjc pitip. 41 . ejufque Sciiolio> [& iu Cofoli, poft prof. x , 
L 1, latiiss dodttceturA 

' PROPOSITIO XLVI. 

t^, ti. A D^^ rcSa ( ^ B.) quaJratum defcri- 
jr\. bcrt. 

. Erige duas perpcndicularcs aequales datae AB » nempe AC, 

E£» CcjungeCE. Dico fiidhim. 
(t) P#r Cum enim anguU A & B duo fint {a) redli, erunt(^) AC, 

aOP<rao ^^ paralklae : iunt verd etiam (0 acqualcs, Ergo(i)CE, 
/. I. AB lunt parallclx 6c xquales. Ergo figura eft parallelogram- 

(c) T/er. ma., & asquilatera : anguH quoquc omncs runt re£U : (cum 
^^^ cnim A & B fint TQ,€t\, etiam rcdi ervuxt (t) oppolitjt E 3c 
(d)P#r33. Q^j g.j.g^j ^^^^ AE, cft quadratum. 

(e)'P^J4. [Scholium. Z<^dom fere modo fncite defcri&os ro^angstlum 

*V- -^^-^^ J«^^ y«^ f^^i^ duabus re^ BF, AX^ conttneaturt 

^k* 7Ti' fi nempe ad punSia A\ X fufer datd reSid AX origantur 

ferpendi.ularoi AC^ x3 daia BF aqualot » & dueatur 

PRCH 
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PROPOSITIO XLVII. 

f 

IN om$d truingmlo {jiBC) n^OHgMla^ 4fH4dr^ ^««x» • 
t$tm laieris C-^O ^*^^ ^^^ anguh ofpomtttTy 
aquale eft dsuAus fimtd rtltquorttm tarerttm iAB% 
CB) ftadratis. 

Dacaattir IC, BF, 8c BE parallela AF. Si angalis lAB/ 
PAC tt€ds , ac proiode aequaiibus, addatur oommuois BAC, • ■ ^, 

erunt toti lAC FAB aequaies. Sunt verd io triangulis lAC» 
-FAB» etiam ]atera,quas sequalcs iUos angulos coariaent> iotcr 
£s{a) sequalia» nempe, lA, CA, ipfis BA, FA, altenim alter &^'^^ 
ri. Ergo trianguia lAC, FAB (6) ax^uantur : (^, quia-g**^*^^ 
cnm parallel^rammis ABLI & ZAFE coniiftunt in iiidem li) fer'^ 
balibus lA, FA, 8c in iildem paralielis lA, LBC, & AF» /. r. 
dEZB fiint (c) eorum dimidia. Ergo paralldogramnoa ABLI, (c) ^^4^ 
ZAFE, utpote sequalium dupla, erunt zqualia inter ie. £o- '' '* " - 
dem di&uriii duAis red^is AX , BR oftendam parallcJogram* 
na, EC, BX acquali» efle. Totum igitur AR utriique IB 
*$L BX acquale ertt. Quod erat demonflrandum. . ' " '•) 

Allumptum fuit LBC efie parailelam lA, adeoqve 13^ 
:BC efie unam ie£lam. Id vero patet ex 14.. dlm angqli " " ') 
•LBA.8C CBA ambo-rc£bi (tnt per hypothefim* ^ 

[Cdr. .1. Sirriangulum nSanguUun ABC babeat laura ^«^ ^ 
esrca sngulum reSium B dqualia ; erit auadratitm latiris AC > 

angulQ re^o otpojtti^ duplum auaJrati lateris AB vel BC aiH ' ) 

guio reBo adjacentis. JEquate efi^ emm quadratum Uterh (^^^ • 
AC quadratis (d) aquaUbus ABq, BCqfimul (e)fumftis, ac ^^pl^LmO 
Jreinio erit unius dupium, . ^,^, 

Cor. a. Si i trianguli cuju/cunquf AB3 dngulo A demit^ ^d^Bj. 
tatur iu ha^m (fi cpus proauham) perpendicularis Ap > erH 
differentia quadratorum lateris unius AB 0* fegmenti contermi^' 
nt BDy aquaUs differenti^ quadratorum lateris alterius AC ^ 
fegmenti illi Uteri contermmi DC. Nam propter anguhs ad D 
( t) reilos , erit in triangulo ABD , ABq— (g) ADq + BDq, ,^ Ptrdgf 
^ ftdlato utrirujue BDq, erit ABq— BVq ZZ (h) ADq: & j^ 
oodem modei in trianguto ADC oftendi poteft , quod ACq « (^Ferkmi^ 
l^CqZZAPq. Ergo fer axio. i, erit ABq-^BDijplACq^ P^» 
DCq. ^ E, D, ^ ^^^ 

Cor.g. In triangulo ABC, demiffd eadem perpendicuUri p^'^! 
JU>, iderit hafeos BC fegmentum majus, quod Uteri majori 
/iC adjacety atque iUud minus, qt0d mmori AB, Kam prepter. ft) ?«%•«: 
iattss 4Gmajus (i) quamAB, erit ACq majuiOn} quim ABq, ik) Per 

C s " S$i «w^*^ 



l|.» JolCWemvf ffW . xjarmeiTJm 

tt)ftrkm Std ACq (ft) S ^D^ 4- I>C^ > <^ ^fif = uf Of 4- 2>Bf . 1^*^ 
.(^ fitmmd ^sdl^awum AD^I, DCq maj(fr efi qnam/Mmms ^im- 

^, ^ irntmm ADqy DBq, ^uare sSImp communi ADq, (b) 
fc) P«r cv^ i>0| m/tjmsqttim DBq, mqHi Mdeo figmenimm DCfif' 
^. i6. mnu» BD nmjm (c) erit. 
1%. 4t. Cor. 4. 5i I» trutnguk ABE^ quadratum Imms BE pmjus 

Juerh quaJratis Uuerum AB^ A E fimtU fiimptis » unguius 
td) Piriu BAE Uteri BE opfafitus trit reSi mujor, Brigutttr {ir) tmm, 
^ '* fitptr repd AB, ud funBum A, ferftndicutaris A¥ aquaiit 

lateri AEy f^ ducatur BF* Oh angtslum BAP reBtUHt erit 
ft)Verhmc (e) quadtMtttm lateris BF aquaU yaadratis iaterum BA^ FM 
f^' fimtil flmtftis , i^c efi, fr^er Oiptaits FA, AEy qtsadratuttt 

(0. ^^ BF(f) aquaS^ ftadratit BA , AE fimui fumftis* Std ete 
^*^ ^^* kif9thifit ftadrMtmtf BE majtts efi quadrmis BA, AE fimtil 

fiittptiS': Efge quadrattim BE mojus efl ttttadraie BF $ ^ 

b) Ar naa BE (g) ^ read BF major ; 6* fromde angultts BAE 

JJ*--J^ (h) efi auguie reBt BAF mafir. ^. E D. 

Ki. <^^ Cor. f . Sodem medo » Jt m trisngttio ASC , qftadratut^ 

* * ' iateru BG mgvk BAC iffofiti fit tmmtt cptadratis iaterwh 

BA , AC fimtd fitmftis » demen/ira^ttr angttlttm BAC eg$ 

tmgttb rtBo tttmarm, EreBd enm ttd ittttts AB perfendiet^' 
f})Terkm htri AF iffi AC aquoii» & duOd BF, orit BFq^ (i)ABq^ 
^M' AFq, Std AFqtHt (V) ACq^ Ergo BFq^^ZASq-^ACq. Sed 

M?^X t^ ftff^hofimt BCq mmus tftqukm AMq-^ACq. ^/rgjt BCq 
^!Sl^^ ^^ ^fi V*^ ^'4> ^ freindo BC mkur (1) qttdm BFi tiuM 
fiyPer m»m tkijguith BAC UUguU riSh BAF titmor (m) erit. 

(m) PnF 

•M !• SthoUttm. 

• 

HOC thcQrema (qood prop. rt. llb, tf. Etfelides tti 
omoes^i!|in^$ fimiles extendet) PTthagforieutft ftppeUa- 
tur paffim ab mrentore Pytbagora» qui, uc teftantur Prodaib 
Vitruvius»a]iique> Mufis vid^imas immolavlt, qudd ie in tam 
prxclaro invento ab iis adjutum putaret. Ignorabaf vtddicet 
^ientiarum Dominum , vcrum 2c unicum omnis ftpientiff 
afidlorem Deum \ aut certe {\ cognovit, nqn iicut Deom 
glorificavit. Frequens porro hojus theorematis 8c eximias 
ptt Mathematicam totam ufas eil; ac yiam in^primis ad i|>- 
commenfurabiles magnitDdines^ arcamxm ii^cns Gconietricie 
Philoibphix» cognoSeodas aperit* 

Qnachati ktus ef& diametro iocommenfurabilc, theorema 
eelebratiffimum eft apud veteres PhiJoibphos » Artdotelem 
praefirtim 8c Phtooem* adeo ut qui hoc nefiiret» eum Pkt^ 

^o hDmiiiemeft* i^ pccodem diceret« Nocttiir iMrrd 

jiujuj 



LAir frtmm^ V. ^^ 

bijus mjtbeanL duzifle videtur origiiiem ex luic prop. 47. 
Nam cum in quadnto angoloi A te^s iit » cric quadia- ^* ^ 
tum diametri CB «quale quadratis kterom AB 9 AC » ac 
mtode (j} dopkim uaiua. Qgare ciim quadntum diaoietxi (^)A[«* 
CB fit 1. & quadratum latcris AB fit unitas , erit diamttd' ' 'J N^^ 
CB radix quadratica nomen bioarii» 8c latus AB radix qua-< '^ 
^atica unitaps » itve ipia unitas y quarum proportio (ut iuo 
loco demon^rabitiur^ numeris explicari oequit » ac proinde 
iaeommenfurabiies iunt. IHju frdfQjitio d* hiummtf^MU' 
UUi Uteris (^ Jtsmitri m J^iuidrato , ti ultimi^ Ubri diciai 
tifud EucUdim : dimnnfiratur Mutim m Taytfito i» Slimmh 
jMi Arithmot^ in Scholii pofi frof. 1 1. iK^. 2.J 

Atque hoc vel unico argumento , ttmetfi cactera omni^ 
ffaeficerent, evidcntii&n^ coniidtur, ma|nitBdines ex dcfini- 
to pup^^orum numero corapooi noa poi&: alias enim BoUif 
efleot tncommenfarabiles , oranium quippe mcnlura com<- 
muois eifo pnndum. 

Hfs fdbjungo trfa probldnafti ex e^dem propofitiope di^ 
duda, quorum ufiis vequentior* 

froikma x» 

DAtis qu»tcunq|ue qoadr^tis, uimm omaftai leqiNfe coi^ l^*'!^ 
ftruere. 
• Dmttm qvmintA |ria« qoonim kitera fiot AB,.BC, CE, 
Fac anguluni re^m FBZ infinita lia2>eotem liccra, in eih 
qoe transfer BA Sc BC , I5c jux^ AC. Erit AC quadm- 
mqir xquale (^) quadratis AB, BC. Tum AC transfer ez (b) Ar^y^ 
p in Xi k C£ tcrtium ktu) ditum , ttadsfer 6x lin £,& '- '• ^ 
funge EX: erit quldmum ex £X aequale (c) quadratis ex (c) ^m 
EB (ieu EC)- & eic BXi bdc eft » aequale tribus datia qoh '^ 
^pds ex AB, «K BC, ex CE. 

Pm^km4 2. . " /^ 

DAtis doabes rcAI» insquafifaus ( AB, BC>) exhihere qua- fK,ffff ' 
dsatum > qqq qtiadratiim, majoris (AB) exccdit q^adra- 
tum mtnoris (BC.) 

Centro B, iptervalk) BA deicribe circulum, [6* m fit^ 
mitro AFi k ctmro B vtrsks P, fom BC.] £x C erige per- 
pendicularem CE, occurrentem peripheriae in E. Quadra«' ** '^ 
tum ex CE eft excefliis quaefims. 

enimBE. Quadramm BE, lioceft AB» flBqoatur 

to BC & ^oadiato CE. , Er^ 8cc, l^)^^4n 



^s^ 



Ekmnfm/m 

Prablmd j. 

NOtis duobus quibufcunqae latcribus trSgoni re6hngulfi 
reliquum invenire. 

Latera re^m angulum ambientia iint AC , AB , hoc d*. 
pedum» illud 8. Qporteat invenire qiiot pcdum fit CB, angulp 
re^o oppbfittim. Duc 6. &: 8. in le ipi(a) orientur laterum 
quadrata 36: Sc 64.. quorum fumma eil 100. Radix quadratica 
100. nempe 10. dat pedes lateris BC quaciiti. Demonft. 
patet ex 47. Nam fumma quadratorum BA 8c AC soqua* 
tur quadrato 8C. Ergo horum fumms radix .cadem eft 
(Tum radice ieu latere BC^ 

Nota lint deinde Iatera*AB, BC, faoc 10. pedum* illud 
tf. Oporteat invenire AC. Lateris AB quadratum 36. aufef 
ez 100. quadrato laterfs BC. ' Rdiduum 64. erit quadra- 
tum lateris AC. Radix ergo 64. (nempe 8.) dat pcdes la- 
pfis AC. - "• -^ -^ 

• PROPOSITIO XLVIII. 

SI fudr4itwm,jA wio trjang^^ latere {jiBy de^^ 
fcriftitm y jit aqHole dmbHs relicjHorum latewfif 
Xj^Cj BCy *^iAidr4fij ;dOfp^lus(^ACB) ftemre- 
Vq$M latera gffminem , reBus frit. ^ 

Si negas , erit angulus ACB re6|o major aut mmor. £rgd 

r . f nt ;den>oi)firabitur prop. it. 8c 13. I.i. quae ab tiac nda 

.- • depeodent) duadratuin . AB non erit>xquale quadratis AC» 

ic, contra nypotheilm. * . ' 

Vd fic. Duc FC perpendicularem^ad AC; & aequaleni 

(a)P<r47. CB, & jungc AF. Quadratum AF sequale cft tjC\ quadratis 

^* FC, CA ; hoc eft {b) quadratis BC,* CA5 hoc eft per hyp. 
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LIBER SECUNDUS. 



H 



IC liber mole mrnis > at prae(hntU «c utilitattt 
theorematam pluie magnus. T^rroQes» icio quod 
dico» oondum captent i ied dSe veriflimam ulte^ 
riiis pro?e^» ufu iplb ccrtifllmd intclligent. 

TBjtBsfi Mtaem bic U^er iecundus di KiB^mm BniMrmm 
potcntiis ; hoe eft quadratis. Camparatque ReBangsJs 
varU 9 e reBarum aut i^ariam aut utcunque 'Mvifarum fart^ 
his oriunJa cum totarum Unearum reHangulis o* quasratix, 
fars hacfane elementerum hnge mtiiiffms eft: ffeciatim atttem 
Operatienum AlgeSrsucarum fracipuarum vere fisndamemttm. 
Tropojitiones tres friores sUmonflranda Mtsltifiicsitimi 3 ^ustrtst 
rstdiatm quadraticarum extroBioni mfervit. ^ma fesmsmtter 
^tittta y fMXta I fefttma » oQanfU Ofersuionihus Algd)raicisi 
Mjeiiqtta ver^ Trigonometricis conferunt flurimum, Primi 
qttidem fronte Tyronihts hic liber vtdetur dificillsmuss eo qubJ 
mjftera qetiddum in fe cominere pki imaginemuK Jbtsttuem 
Denmtftratunes in eodem stdhiSita fUraqtso omnst faciUmta 
huie stxiomstti nitttntur » Totum , nemfe, omnibus fuis partH 
bus fiouil iumptissequari. - Ne vero animtsm deffondeant ly^ 
rones » fi frimd vice ferftQik ttequeant comfrehendere, Jjttor 
relegendttm enim ft tam ciars non hueUexiffe oiim tttirttitttt^ ^ 

$mr* 

DEFINITIO, 

PAralMogrammnm redbnffolom (ML) (quod redangnlom ¥^^y£AH 
fimplidter fine uUo adcfito appellari fblet) contineri di- 
citor (iib duabns iinds re^ ( AC » AF ) rcdum aqjalum 
comprehendentibus. ... 

Nam earum altera AC altitudinem redangnli > akera AF 
htitndinem determinat. Deinde fi inceiligatur htus AC 
^^' perpedilicabriter pflr-Mam.AF» aiB^ per.totam . % 



AC» prodacetur eo mota area radhnguK. Quare merttd 
redanffulum 6eri dicicur ex HnaSbx » ieu multiplicatiooe duo- 
rum lijcnim eon^gu^m. 
W^* xAa, Quandd ieitur Sicitur ez. gr. re^hiifgulum fub (vel ex) 
AC, CB, rd orevitatis caufl , re&nguhim ACB » deiignatur 
itAan£uluii qu94 coottaetur iub AC-& CB Tytlfib rt^, 
fiu ijf^ -^Ct Cii ufp^Qivl fma 4fi§l€s\ ad ro&um anguhiiA 
conmtutis. Simiiiter , ci^m dicitur re^ngulum fub AB , 
CB, velre^ngulum ABC, defignatur re^nguhim conten- 
tum iiib.f^j^ 4q {c 9C Ivel fiUi nais f«4 f;|^ ^Mi/f/ 
)fim^] redum angulum compreheodentibus. 

KJe6bngu)um porro aliud eft oblongum , aliud quadratum. 
Oblongucii eft quod latera contigua habet inar^alfa > iSt^ 
quod continetur £ib duabne vtOAt inaequattbat* Q^iadsatuin 
re&nguhim eft, quod iiib duabua anjualibtts coatinetur. 

N OT A. Slpmm dquaStdtis m hoc Uhro eflj jg. [nempe tn 
flemonftr. Tacquetianis. AKa %na , hk: 8c alft)i in additis td^ 
liibica, ezpficantur kk initio « ante Tacqoeti praef. a4 k^o^ 
fem.J 

PROPOSITIO PRIMA. 

^ JkiaJSi m qttatctttttitte f^THs {AE^EF^ JFC:) 
frk r^dttgttlim fitb illis dttaitts {AB^ AC) oettt^ 
frebettfitn > aifHak reltati^ttBs , qtta fttb infi^k 
ijSR) & fo^Hlii feaa fartihi (AEy EJP^ fC) 

emnittemiir. 

m 

Statue AB perpeodicuhrem ad AC. Fer B duc infinitam 
ft) Pir ^' perpendicularem ad AB. Ex £, F , C erigeperpendicu'' 
' r./.a. bres £1, PL, CQ^ (4) Erit BC reAangolom iiib AB, ft 
- - - - - lis BE» IF, LCi boc eft (qui« 

aDQuales AB, ) re^aiurulis (c) fub 
lubAH, FC 

l%»8|.Ai» [Coroll. Hinc mmplmri demenftrMieni fitmmri pottfi ffobU^ 
r.' . ttteS^ tfibi tft StboHi ^ pe/. 4,-. Ub, 1. Ugitur , fdtti¥ 

iHdem tratut^ Si mmf ^ifutd^UMirum BF ptr re^Mm A(p 
mtrimtptla MG, 4U^Q r^^i kifiMM AC i» S, e^ efpa^ 
fitis angulis Bt ffin ^Ajim commmum AQ issBis perpendicu^ 
laribm 9O9 lrl\ eet $ eeii^aietr ,SA estnem fitmnu d^nnlis: 
e/tendm^ efi reiimipdum fuk CS ^ SL Aftari q/endrdnf 



Tiiiik LS s^fuim iffii JO & It fmmi fmmfiis , o» ^MMtm 
in fMiS, SD, DLfiffis BO» IFI rtfpiSivk dfSdies', Ergo tn* 
sm^ulaiftM^ /m ipsMdiU^ftmm MF, n&tmffdis CD, UE.^fuh 
inftiia CS , &jmisdis ftHA LS fMrtibus^ hoc eft » vi hstjm 
frtf. riOmffiU LCfssS dm^ CSfji^US dfmri Mf^ ^.J 

Scholium. 



D 



Ecem pdmt hnjus libri theoremata «tiam rtn Smt iri 

numeris» fi» ut lincx, dividantur in partes. Retei» 

guh Dumerica procrcantur ex multipIicatioDe duorum nume- 
rorum , quadnta verd numerica ex multiplicatione numeri 
per icip&m. 

£Sit mmmsis tnfiBus 9 » ^ fi^ 11 ^ qsti im fmtis trt$ 
stitnirHm 1% \& ^ dkuidatttr. Erit mHangukim ix ^ m i\ 
dsUio !I^ 108 44iM/# nSnnguUs trihus aj §• 36 <^ 4/, <x 9 
iitl&gin^O^^ms riffiSiv} dssBo comfofitis. 

Vilfit numerus ^1% tMnquas^ multiplicandus )^^/ m 400 



• * 




fUcMtimis ditttonftratio peti diiett} 

PROPOSITIOIL 

S/ reSa (^) fiSd fit mcmiep$€^ (itt Cy} 4bm 1%; 'n •' 
rtamfftLUfiA ma (M) & fmtJms (AC^ 
CB) imfrehenja^ tputdrato fmus acptalia fimtm 

Accipiatur F zqualis AB, 
Roa. FAB M. {a) tt&. FAC\ W '-^ « 

rea, FCB;/ *-*« 

lioc eft, quia F & AB funt sequaks intcr &$ 
Quad. ex AB ^. ^ed. BAC\ 

rea. ABC/ 
[ABter . Tua (b) ^DB 
mCtri 

HatpidtU 

CH, AD^ ^^ ^_, ^ , _ , ^^^ ,, ^^ 

rstUoiogrmusa rtSmgttU. Eritfrdtortn QH rtBd (f ) AKfivt (d) Piri^i 
(g) ABdmdHs : ^ frrnnde AH^ BHjtmt (h) ftBmptlaJub '- 1* 
/4iris u^ d» /Mirji^ ^C, CB cotnfrtlmfah &fitimfumftM ^fl^If^ 
^mmtttr ^mo if/ms AB. ^ / if/T* 



^ ,_, _.-- )B tfiMdratttm rtB^ ABt & Mdfttm' J%. j" 

Myi C «rifx«^»r (c) r«^« CH iffi AB ferptndiculmit. AttgtsU 00 ^^ 
ieaMto stdCrt&i, mgttlis A&B dmmiosfunt; & nSd AR, 7./*j|^,-, 
Cfl, ^DfM hrvicomfsmt (d) fartt&iU, & AH, BH(c)ftt. }. V. "^ 



4^ Elementertm Geometrid 

« sa nunMms 8 1» f c^ 3 ftlhis : ^uaifMiMm WtMs 8 X ^ 
= 64. ^«#if ^rfi5f4»^/a8X3 = H6»8Xy=4o.] 

PROPOSITIO III. 

ffc-4* QA r«ai (^) mcHfttjHe feSa (mC:) Erit nEian^ 
O gtdsim Jub tota {AB) ffr partittm abertitra 
(BC) comfrehepijltm , aquaU reStangulo fuh partU 
btis (ACf CB) tiM cttm qHodrato praMia partis 
(BC.) 

Aflume F xqualem CB. 
Xt)?eru Rca. ABF jss.. («) rcdl. ACF\ 

^a. rc<a. CBF;/ 

boc ell, quia xquales Aint CB & F; 
Rca. ABC iE. rc<a. ACB-V 

quad. CB. j 
1%. f; ; [Alkcr. Tiat (b) rtBmgulwn AD [ub totJs AB c$» ^4f/e CJ?, 
(b) Ptr jj^ (c) mg/stur ferfendiciUMris CE : oh reBmn CE, reitd Cd) B D 
^:^ five (c) BC d^ualem, rtnangtdum AD fisb tota AB &. farlt 
fc) ftriu ^^ comfrehenftfm» dtfsabsiur rectangHlo AEfitb fartihus AC^ 
l u CBf ttnJk cum i^uaJrato ES fraMita partis BC. 

(d) Peri^ Sit ntttnerus 7 in fartes 3 d* 4 ff^s. KeStangHlum 7 X 
4^34. /.i. j ^ 21 atpsaletji nHangtdo 3 X 4 — ^^ <^ qustdrato 3 
JfLf'*' X 3 ^^* P*"'^ KeSianiulum 7 X 4 — *8 atpiale efi ree^ 
^4,- $sitignte.i:f^j^^ix&qtsMdrato^y^^ZZi6.^ 

PROPOSITIOIV. 

fk-^ Q^rr reSla (FL) HtCHnqne feSa (in 0:) erit 
« ^- ''^- O qttadratum totius aqHok e^tuiratis partittm (F0\ 
"" OL) & kis reSangulo fub partihts (FO, OL) 
cofOtnto* 

fOPetu Quad. FL /b,. (/) rcd^. FLO cum 

£i,. . .. •- red. LFQ,... . 

ftiFjri. . ' Atqui rea. FLO iE. (^) rc<a. FOL\ 

X». quad. OLi J 

ftdPet &rea. LFO a.(/^) rc^. LOF\ 

0tnuC.: quad. FO. f 

Ergo quad. FL ^. rcft. FOL") 
r- • ^ ^ quad. OlI : 

•- . — .>.,. ^^ LOF f 

• quad. FO: J 






*• w 



u 



Lihn SeCftnduh 45); 

td cft, quad. FL a. icd F0L.bj>1 ' 

quad. OL > 
quad. FO.J 
tAlitfT. Tiat FGDt ^UMHraium reBd JPL , & JuHa Jta*- jR^, ^, 
ynitraGL, in triangub FGL^ oh ^^ualia* latera FG , FL (^ 
tmgubm F rt^um, irunt angult FGL^ FLG femirt^i (a) ^ ft) P^dh, 
^apMUs, Fer punBum O Jucatur iffi FG vel LO paralleU i<\^*i«* 
dK9 quafecet diametrum CL in C ; & fer funBum C ipfi ''^* 
FL vel GD paralUla ag/ttur HL Propter Cmrtes angui^s jf»4- 
eb^ati FD reBos % erun$ etiam mma parallelogn^mma FC^ OT^ 
HK, CD re^anguia (b); c^ oh parallelas oic, FG, erit (c) (h) Pe^tHh 
ixtenms ang, LCO aqstalis intimo ^ opp, FQLt hocefiy FLG yf^^W 
femireHo. Ergo in triangulo LOC, lattra OC, OLjisnt (d) 4- (c/ Waf, 
quoHa: , JEtfuanUUr (e) etuim feiianguli OI oppofita latefa OL , W '* 
Cli OC, L/j e^ promde 01 eft (i) auadratum reSta OL : Et (d)f&6^ 
oodem tnodo dmoBf^aSiiter filC quadratUm ejfe ^reila HCi vel ^- 1* 
(g) JFO. Mt cum CO , OL a^ntur, erit FC ro^angulum fuh ^ r. '*' 
fartihue FO , QL data recia FL. Sed reQangula FC , CD funt ^petdtf. 
(tOa^piaUa, & froindo Fd CD fimul fumpta^ aquantur his ja^Li, 
tekangselo fub parti6us FO, OL, ^an FD quadratum to- '^^^j^ 
tius re&4 FL, aquatur ipfis HKt 01, faftium FO, OL qua- ^'•.»"*««* 
eiratis, una Oitm FC,CD bis rekanguio fub fartibus. ^M.D. (hjref^fc 

Sit nttmems jq in partes 7 (^ 3 jeSius. Wstadratum 10 V 4 u 
lo z:: 1 00 dquaie oft qsMdratis partium T X 7 ^ 49 ^ 3 /N' 
3 — 9» & duohees reciangulss j X 11^^^ & 7><33:xi. 
Vol Jit mtmorus i% in partes 10 (^ 1 divifus. ^uadratum 
totim fl)ii^ nZ^ 144 aquale eft quadratis partium 10 y(^ 10 * 
:^ toofjin ^f^iZZ^-f ssnJk cssm 6is re£ianguio 10 ^ A , Jho 
^ )K '^ X ^ S 4^* ^^ ^^ ptndet radicis quadfatica extra^o. 

Coroikriuin 1. Hmc liquet paralieiogramma 01$ HK oirc^ ]^^ ^ 
diametrum quadrati, ejfe quadrata. - 

%^ Uem diametrum cujufvis quadratl ejus angulos ttfecaro» 
Fft emm FhD ang. reclusj (^ FLG femireBus. 

3. ^uadratum Unea dimidia eft quadrati iinea integfafars 
qumrta. fromotis emm ro^s OK, HI, tnotu paraiielo, ufqtto 
mi moSa punBa A lii^ B, M ^ N iaterust^ quadrati FD} 
roSianguia FC,CD, & quadrata OU HK in quatttor aquaiia 
qtfMdrats dofinont. Ft oodom ntodo ctnfialnt reBangulum (fivo 
atiam fsu^aHoiogrammttm quodiibot) ftth duabus reBis qutbuf* ' 
vis , reSangttii (feu paraiieiogrammi faraUeiograitttm dato 
a^tiatsg^U^fttb oarum diittidHs efft quadruplum, 

^•.^uadratftm quodvis FD aquaie eft £is reHanguio fui 
qusldrtuttatere FL fett GD, <^ iateris dimidio LSfeu NZ>« 
JEquatter entm reBanguhs FH , HD fimui funtfris, Item t 
fotraUelogrammum Miodvis , dquate eft bitparaUelogrammo a* 
q^ngtUofitb ttno Mtovii latefo & dlterius dimidio.^ 

D PRO* 



(^o EleWHfftmrfim CemetrUt 

1> R O P O S I T I O V. 

«f. •» • Q/ rcBa (OX) fe^a fumt ^aliter {hR)& 
O inaqHaUw.im Sy) erit reEtar^ulHm fub in^- 
qHolibus partibus (OS, SX) cmtemum y una cum 
quadrato psrtis ifOermedia (RS) aqualc quaOrat^ 
. dimijia (QJi*) 

(a) Tn' Rca. QSX («) M.. rca. QR. SX-> 

«•A2. rea. RSX. -i 

Rca. QR, SX A. rca. RXSj 

idcft, 

- j^a» quad. SX. j' 

Ergo rca. QSX «. rca. «SXl 

.quad. SX > 
rca. RSX.J 
Addanir utrifque quad. RS : habebitur, 

{rca:.-QSX a. rc€t. RS^X J> id efl, 
quad. RS quad. SX Ur) quad. RX 

i.t.1. ' rca. RSX rfcu QR. 

qoad. RS^ ^ 

*7/. ^ [Alitcr. Suptr feBA ^ X parti diffuM KX fiaf qtuUr»* 

tum RPx & dHdA dimitro XS, p$r S ducatur SG ip 

RE vel XF par^la , qu4 feeet diaiffitrwn in H -y & pr 

ji, ipfi ^X vil ET parallela agatur KI , /scaM RE in L-, 

{S)Pfrem ^ per ^tpfi RL paralleU agatur ^K. Pfftpter (d) qua- 

1 triKed. drfuum Sl , circa diametrum quadrati KF, erit SX (e):iC5Hj 

f... _^.,.,_ 

{T)^er hy- — B^, Sed 3ti eft reBanguhanfHh^rfcla ^Ji partibm inn- 
f^' .^ mlihks 3sTSX , (ji^ LG eft (k) quash^atum partis intetm^ 
(h)Pndef. J.^ ^^^ ^ j^^ ^n (j) Madratum dimidia RX. Ergo.firtei» 

?0 Pe^ ^^ ,Juerit feSla a^aliter inR , & inaqualtter iuS% frit » 

def li* &C. 4. E. D. 

(k) Per jiJ2;ie hinc f^ ex prop. fiquenti , pendet aquatiofmm quar- 

•jr. i.r^* draticarum adjoBarum conftruSio Geomtfrica , uti ad prop. 28. 

tS^u & *9. W- 6. t^^^^ expticahftur. • 

(!) Per Sh numerus ^feBus aquahttr m 4 6» 4 , atqut maquakter 

€^r. w r 6- 3. EritreBanguium yX 3 — «f «»* ^ quadrato 

I X I = r aquale quadrato 4 X+ — '<^- 
Cor. I . Hinc reSiangulum ^X, partmm iniquaiium , wi- 

tmf efi quadfat9 *^R (fivi aimidia ^X.) Nam per hanc 



' Lilier Sec»ninu 

frdp, TUU{aHj$Atm ^X , ioA cum qM4dra» M^ Sfttoitir 
quAdrtuo ^R. ^ ) 

Cor. X. ^m propih accidit ttmSium S ad medium punffum 
2 » «0 maJMs tfit re^nngulum ^X, c&* ^^ Ungms medk 
fun^o rKitiit » <# minus erit idem reSiangulHm, Punitum emm . 
S accedendo mmHtt , (^ recedendo auget partem iatermidianf 
RSi mtde (a) etiam R$ quad. m/nuetur c^ augebitur refptSii' {z)P0 
V€. Et csm per hanc prop. fit RS quAd. + ^X re£l. 2^ ^ »<• 
^P quMd. Ergo i quo minus fuerst RS quad. eo majus ffir- 
re£lang,^Xy fi» vice verfd. 

, Cor. 3. ^«0 propius accedit punBumS ad medium punBum 
R » 00 minor eritfumma quadratorum partium i/iaqnauum ^, 



(c)» ^ recedmdo minuit. Ergo iJem pmHum S ud. medium ^L^^ 
R propius accedendo minuit ^q^^SXq & recedendo MUgit* '^ ^ 

Cor. 4. In fig. 7. reSiangulum FOL pzrtium i^dqualipm Pf^^ 7» 
reBa FL qtmter fumptum % qu^drato ipfius FL minsts tji. Nam 
quadratum dtmidu FL quater fumptum (d) dquatur qttadra- {d}Perar» 
io FL:' Sed reaang. FOL (e) minus ejl quadrato dimidta FL s hj^'^^ *• 
0^ proinde reciang. FOLquaterfumptum, tninus efl ciuttdr^ tlj^^Z^f^ 
i9 dimidU FL quater fitmpto , five minus eft quadrato ipput ' ^^^. 
FL. ^. M. D. 

Cor. f,Si dua riSia dquales AB , CZ> , ha dhidstntur m (^•to» 
E , F, lit reHanguium AEB fuh panlbns nnius ^ aqualefit rec^ 
tan£ulo CFD fiU partibus alteriusj erunt unias partes parti; 
Sus alteriusrefpeBive aqualesy major majori, ^ minor minorl^' 
fi purtet fuerjnt inaquates. Si enim ptenHa E, F, btfecunt nBat 
dquales AB, CD, iiquet AE ejfe 'Sl CF, & EB ZZ FD; fin ff) Ptf 
ttttter, hifeamur AB, CD, in Af ^ Nj dtque earum femtjfes ^*i^ 
MB, N£) aquales (f) eru7t, & proinde MBq (g) S ^^^'j^'o\u 
Sed per i^anc frop. MBq ~ AEB reS. + MEq^ ^ NDq 22 (h) />#f 
CFO rea. + NFq. Ergo (h) AEB reB' + MEq ZZ CFD reB. asdo. i . • - 
H* -NT^. Et ahlutis re^anguiis ex hypothefi aqualibus , (J) erit CO^^t^ 
MEq^SFq. & MEt:! NFi quiifi Aqualibus AMy CiJ ^^^ff/V^ 
dumur, di* ab aqualibus MB, ND fubtrahantur , (k) haiebi*' ^^^,* 
iur ABZ^CF, ^EBI^Z FD. ^l. D. ' ' &S' 

Cor. 6, KeSangulum fub fumm& ^ diftrintiA duarum flk* I. ffi^ 
reBarum (^R, RS^) aquaiur diferentia quadratorum ab illio 
reBis faSiorum. Kam fer hanc ,prop. ri^. ^X + quad. RS 
T^quad.^^^^. Aufer utrimque quad. RS, & erit reSi.^SXtZ 
auad. ^-^quud.RS. Cum igitur ^Sfit nSiarum ^, RS 
futnrrsu, 6» (propter ^RZZBX) SXfit u^rum diferentia, 
litjtiii tr(^aum.l * 

- T> % • PRO* 



yx EUmemmm OemttriM 

pRoposiTio vr. 

1%. ti. Qj reB^ (j4B) fit bifariam feSa (m C) tiiiue 
^ rcSa ^uadam adjicioiur (BF^) erk reBafggM» 
b^Jibmacompofita (j4F) & adjfSa (BF) con» 
tfntttm 9 ima cnm qtiadrato MmidU (CB) aquak 
^uadrato ( CF) comp^a cx dimidia dr adjeBa. 

Adde in dirdhim LA , xquaicm adjedx BF. Chm aequa- 
Itbus AC, BC. xqualia addamur AL, BF , erunt totx LC, 
FC xquales. Unde LF k€ti erit xqualiter » C , £c inxquali- 
ter in B. 

f r^jft, LBF 
t^ p^ Ergo< cum A. (a) quad, CF. 

iUL . ^ Uuad.CB 

Sed ob aequalltateln re6brum LB & AF ^ 
rca. LBF A, rca. AFB. 

Ergorea. AFB ^E.quad. CF. 
^(\mA, CB. 
J%. n.' [Aliter. CmftruaA mim figurA ii. [uter da$a nai 
ACBF, eoditn frorfus modo epio m frop. fr^ced. fitfer reBd^ 
^SXfyuram 9. couflruxmms , erit ^N re^pdamjkb toti 
(omfofni AF & adjtBd BFi d^ KQ ytadratum iffius OB, 
Jhe dimidid AB CE verh qttadrtatim iffitu CF, nefftfe tom^ 
^fofitd ex dimidid ^ odjeBa. Et 06 reSangulum HE reBan* 
guUAK AfMle, (futm AK(b):^KB(c)ZZHE)& reUi^uum 
C>) ^*^ ffotium tarinquo comtnutte» Iktuet frofojitum, 
36. y. s'u nuvterus 6 fe^s dqMMUter m ^ d» 3 : «J«« addMtur 

w,iX> ^^^^ 51- ^^ reSstnguUtm 8 >< i ~ 16 & quadratum 

5X3 — 9 fqttatiu quadrMo J X f — ij*. 
jF%*si» ^r. I. Hincfitretre&dt AF^ CF, BF fuermt artthmote» 

ee frofortionales, {.hoc^efi, fi diferentia AC iuterfrmam & 
fecundam x ilifirentid CB imer fecundam & tertUmfuerit m^ 
qutilisi) erit roBsmgttlttmfttS extretnis AF^BF > «mU CHmqua^ 
drtUo difirentia AC vd CB , d^iaU tptadrato tmdU CF. 
ffg. tu Cor. 2. hinc reBungtiium AS^ miniu efi qttadrato CE,do* 
feBu quadrati KG , quod datd reffa AB , femfer idem manet f 
tetcummo augeatur re^ BF, Ex augmeme vere ifjittt SF> r ec- 
fangimm A^ ad quadratuhf CE magis tnafifqete accedit « 
^41» frefortione, quamfigurdi ita ut d^erentia ifia XG > ro^ 
[feSiu magnifudims figurarum AN & C£ > 'tandem vidoa^ 
$ter contomnettda,} 
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Vher Seetmdks. 5$ 

1>ROPOSITIO vir. 

S/ r^4 (^) fmrit mcunque fiSla (in C,) e- % t|* 
nwtf quadrata totims C -^^ ) & fig^nehti alter^ 
mtritts (j4C) aqudUa bis reElafigiilo contento JiiB 
rvtJi (AB) & ftgmento tUBo (AC^) macttm^^Ha^ 
tkato feffnenti alterins ( CB.) 

Quad. AB (*) a. tcO:. BCA bisl W P^ 

quad. AC V ♦•^** 

quad. BC. J 
Adde atri(que (}uad. AC : crunt 
/Quad. AB A. rea.BCAbisl 
Vquad. AC • quad, AC bis > 

quad. BC. J 
Atqui rcft. BCA bis cum quadrato AC bis » scquatur ( ^ ) 0>) '*•' 
rcaangulo BAC bis. Quarc li pro BCA bis & quad, AC bis ^'^^ 
&hftttuamus BAC bis} erit. 

{Qaad. 'AB je. rca. BAC bisS 
quad. AC quad. QC. j ' 

[ Alitcr. ConjtftUia figarA 14» ita »t AD fit ^uadratum ^* I4i 
totim AB > (^ Ah quadrMum pattis AC , du&aque qu^drati 
jiD diametro £B > 0* produ5ia LCinlB t ^ud/ecet tUaim* 
tntm in G , S*perG duHa HlparalUld ipjt AB vel ED» " ^ 
§rmnt reila HK, ' HJ toti AB ^ (ibt itrvictm dqualesi (nempe 
MK Zr HA +^K, & AK ^c)— AC, AH (d) —CG(c) (^) ^^. 
= CB, unde HKX^- ^CJ^CB — AB {i)z=. Hli )&HE, '2l^t 
HG parti AC (^ jtifi invicem dquales. Unde 06 duo ^ualia i/i/ 
ro£ianguta fiib totM AB ^ parte AC, nemfe HD , HL, i .f^ {pij^tr 
CI quadratum partis aherius > iderh fpatmm eum quadratij 34-'*>« 
jiDt AL eonttnentta^ liquet profe^m. ]^^ t^ 

Sit mmerus 13 utcunqtte feclus in ^ti^.'Erunt quadrata /^*.^?,^ 

13 Kn = "^ 6* 9><>9= 81 aqualia 13 X9 = "«7 ?^'-i. * 
^ i^')^, 9^ 117 & qnadrato^^^^ZZ: 16. lO Ter ' 

TropOjitw quarta nobis ej^hibft radicis hinomia qtiadratum : *+ ^ '• 
9X bac antem feftimd elkietur 4^eadratum radicis refidua, fer 
fo^puns. 

Coronariuai. Sl a re&d BA auferatur tars AC i auadratum ^(^* 1%* 
Tefidna BC» a quadratis totius BA e^ ailata AC Jtntsd fun^ 
ftis exceditttr , Us reSiangulo BAC quod fuh tota (^ ailatd 
£ontin€tm» Nam per hanc prop. BAq + ACq n: 1 reH. BAO 
+ BCq\ e^ utroupee fubdtscendo 1 reB. BAC^erit BAq^^ % 
7t9.9AG^ACqS.BCq.^B.D. 

D 3 . Sk 



fj^ Elenwitmm Geometrid 

J%. 14. Sk/ane, infig. 14. Cl -^IS^ AD -^ AL -^ HD y^ Hl,h9e 

PROPOSITIO VIII. 

l%.t/, Q/rf^4 (Z<F) fiierftfeiia bifmam (in I) ein 
Cj) ejtie qHodam re£la odjiciatHr (FOi ) erit rec^ 
tangtilitm (LW) ^tiod Jt$b (LI) dimidia 9 (jr, 
( 10 ) contpofita ex dimidia ^ adjeEla continetur , 
^uater ftt^ptftm i HPta Cftm (jaadrato adjcd^ (FOj) 
a^iH^ ^Hadrato totim eomfojita (LO.) 

W «w I Quad. 10 (a) A. rca. OlF bi»? " 

^^* 7qua4. IF ' quad, FO. J 

hoc eft> quia cx hyp. F.I, LI func aequalcs, ac proinde quad, 
. , >FI eft quad. LI , & rcd, OIF eft xe&. OIL, fco LIO, 

Cquad. 10 &. rcifl. LIO bis 
l quad. LI quad. FO. ^ 

jC^uarC fi urrifquc xqualibus addas xt€t, LIO .bis» Erit 
fqa^d. 10 ^ 
< quad. LJ 
lrc<a, LIO bis5 
idcft, 
fM F4 (4) qqa<j. ^,0 ^. rca. LIO bisl 

#•'•»• quad, FO \ 

rca, LIO bi$; J 
Ideft, 
M.. xt€t, LIO quatcri 
ec quad. FO. X 
fk« <^ r AlJter. Fi^ri QJDI e^iadrMum totms ^otapefita lO > tjfi 

/ff^i e;»/ diamitfo LA^ fer I^ FpmHa , i/^ LD vel OA[ 
* faraUeU agmtter IB* JF£, fecMtes diarnetrwn in K^S\ C^. 

per Ry S punSUy ipji IQ vel DAfaraUeU agamtMr Tti» MHm 
fe) fm . frofier tFhifeSam in /, (c) erit linea dimulid LI t^uadratum 
($f,%.fe» 77^ farsquarta quadrjtti MV Gnea integra LF , ty» waatmr 
M Per ti^^gf^l^ TI, RF, MR , P J^ (d; erant qiiadrata fihi nmtnk 
twJdem. aqualia, neindiy propier F^, ^S aquaUum quadratoruttJ^ 
Uil^er (atera, (^ proinde aquaUa, (c) aquahuntttr re^angula BN, 
fl?'p''* ^^*' -^'^ ^-^(OSS £>5, 6* ^H. (g) S;£5i er^P f^ FN 
41 Tu ^^ P^^Af» &quatuorrsaangulaFN, ^k; BM^ BtS erum 
U) Pet r^* ttfuttio aquaUa, Vorro profter aqualet Lh IR^.erit Z^Q^ 
Oaadmh (hic e(ty quairatui^ RFuna cum rtBangHU FN) re^gti' 

OOP^ hmfuSAmdiAli, (^ iq cmfcjfttA e^ |^i«?i*i .<^. 4i*>*i? 



Bj9 ifuutm epuub^fUa, TI, RF, ME, P^. mni eum t^uO' 
mw reSiitngHlis f N, ^, ^M , BS dquahmitur ric^MAgttld 
fttb dtmUid Ll,& compoJitalO quater [umpto: Efi sutem EH 
qumlratum ^jeB^ FO. Ergo , fi reiia LF fuertt JeSa hifa- 
riam i» I , eiqtte qu^dam re£ii^ FQ aUjiciatur i erit C^c. 

^^it ttumiruj 1 1 fe£lus dqtmliter in6 & 6^ eique addatur mt* 
.mirus 4. Enmt quatuor reffangula loX 6~ 140 ^ quadra^ 
mm 4X4n loaqualia quadrato 16 X^^^^f^* 

Euclides hanc fropofitionem hoc modo effert. • 

Si reda lO fucrit utcunquc fc6bi in Fj crit rcdangulunj 1%. ^Sm 
OlF quod fub totd lO , & uni partc IF continctur , 4uatcr 
iutnptam , una cufn quadrato reliqusB partis FO , scqualc qua- 
drato quod cx totl & di€t^ parte 01 + IF [feufumftd in 
01 produBd, reiid ILZZJF, dquaU quadrato quod ex OI c^ 
2L, nemfe £0j tanquam una ho«i deicribitur. 

Sit numerus 10 dtzifits in 6 & ^-y erit facium ex 6 X ^® 
ftater fumftum Zl 240, (^ 4X4^ i6i £t 140 "^iOZZ 

P R O P O S IT I O IX. 
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/ reSd {AC) fk divifa bifariarm {in B) & fig. 17« 
ttoH bifatiam (in F ;) erum qnadrata partitm 
iMefualium (AFy FC) kupla (juadratorum dimidia 
(AB) (^ partis itaermedia (BF.) 

Quad. AF iE. (4) rcd. ABF bisl M^tr^ 

qua*AB * '* *• 

quad. BF. 
Addtto igttur utrilque quad. FC, 
rquad. AF x. rea. ABF bis' 
Xquad. FC quad. AB 

quad. BF 

quad. FC. ^ . 

Scd rea:. ABFcft rca.CBF, qufei AB, BC funt xquafcs 
*r hyp. 

*^o Lquad, FC quad. AB 

quad. BF 
quad, FC, 
Atqui ( ^ ) CBF bis cum quad. FC aEquantur quadraxis (h) P«» 
BC| 6F> fai AB, BP: quare & hxc illis fubftituas, erunt 7.Aa. 
^ P 4 quad. 




Elem€ntm$m Gime$ri4 

' rquatJ. AF a,, auad. AB 
,5.qwd. FC quad. A3 

quad. BF 

quad. BF 

■ Id cft. 

fkf ''• [Aliter. Adfm^H^ ^ ^tgatut JBE iqutM^ c^ ferpmdUH-i 

Uris ipfi BA vel BCi ^ duMis AEyEC,per ^ a^atur tffi B^ 

p0rauaa F^ & per ^ ducatur ^G paraUela re^A ACy c^ 

ducatur A^. Frcpitr ang. ABE reBtim o» Uneas AB» Bfi 

dquales» (a) erunt BAE, BEA femireiti-y (^ oh edndem ratip^ 

yl\^^' nem erunt BCE , ^ECfemireclis Unde ^E^e^reOus. Et 

t.ti ' P9t^^^ (b) ^FC recium , e^ Cfemirechim^ erit ^ f^C 

(bjPpTzy* {c)femireHus, ^ re£le. F^, H; erunt {A) "dquafesii. ^ V*^ 

t^i- niam reBas parallelas Gjg^i AC fecat reHa EB^ ertt (e) ex- 

(c)Percor, f^Qjiij ang. ^G^ -^-ja^" <«ffr«tf c^ flj. £BC, (^i* protnde 

^•(]^*3*. j,^^-^. ^angulusvero UEj^efi fimireaus, ergo ^ G^ (f ) 

(d) V#rtf. fernireUus erit , d* ^"^'^'^ ^E , G^ «r«?j; (g) dqualesi(^ (^pt^ 
K I • J^ reBartgulum , (h) dquatur G^ ipjl BF. XJnde' m tnark- 

(e) r$r ^^ re^angtila ABE, pKCpt^r dquales rdlas AB , BE erit A^ 
(() Percar V^^drotum (l) dupltim quadrati AB partts ttimidU\ (^ m trian" 
«. pr. gx," gftlc reS^angul^ EG^, pr^nr aquales EG , G^, erit E^ 
#. t^ ' (k) qnadratum dkplum quaJrati G^ velBF pdrtis itUermediSi 
i%) P0 ^uadrata vero AE fjsr E^aqualiafunt (1} quadrata A^i' 
tii)Per ^ ^^ quadratisim) AF cr F^fve AF ^ FCpartium iw 
Q4«/. I. squaUtsm. ' Ergo qtutdrata pariium inequaUiim AF, FC, du^ 
(\) Pam. pta funt quadraterum partis dimidia AB, (^ p^rtis ioterme^ 
}\P^ 47, dia BF. ^. E.V. 

(k) '?«r ^** numeruf 1% divifm dq^aliter in i5 e^ l^iC^ iwujuaUter 

iiem. g» lo c^ 1 2 . Erunt^uadrata lo X *o — +oo 6* 1 1 X ^ * S 

<1J Per i^ dtepla quadratortMt x^^iC^Z^ i5<i(^4X4— '<^0 
47./. I. 

^"'^''' . PROPQSITIQ X. 

Ijf . i^ ^/ rrff4 ( FI) fit hifiU^ C in L ) «^«^ qtudam 
^rella etdjiciatHr (lO^) ertPtt (jttaJrata totims 
compofit^t (FO) ^ adjeilM (10) dtepla qttadrato^ 
rum tjtta defcrilnmtttr fkfer dimidia ( FL ) dr fuper 
(LO) compofiti cx dimidia ^ adje&a. 

Adjicia^ur in diredhim QF, asquaSs 10. Quia cr^o cthm 

FLf 



Jjker Stcundus. * '57 

FL. IL seqnantQr cx hyp, crgnt totac QL, OL flcqoaks , ac 
proinde QO bifeaa cft in L, & alitcr in L Ergo 

god opd. QI cft qtiad. FO, ^c quad. jQL cft quad. LO, 8c 
quad. Ll cft quad. FL. 

f Aliter. Ad L fun&Mm,riB4 F£ W LI daualis e^ ferpen', ^* aob 
dkuiaris Mgmiur LB ^ (^ ducMtUur FE, Br, & fer f, duttuur 
M^araitels iffiFOi & fer O ducatur O^Jarailela if/iLE: 
tfTi niias faralielss ££ , ^O.reiia ElT^O nm faraiiela, 
Ji froducantetr 9 (b) cencurrent alkti6i, Producanntr donee een-- W Per 
curram inG» ^ deteaher FG. Profter anguium FLE reilum, '^T' '•/**• » 
&FL, J^ aquales, (c) erunt LFS, LEF femireaiy f^ fari f^^^p^^ t 
ratione LIE, LEl (d) erunt femirUii , <^ froinde FEI rUius^ cor.xupr^ 
Forro.auguius OIG t o^fofitus adverticem femireHo LIE , (e) p./.t. 
eft etiamfemreBus: & frofter faraiitias EL , ^G , a reM V^'^ 
FOfeSiasJn L (J» O, c^ anguium ELO rehum, erit etiam *fTp^ .". 
ang. ( f ) aitemus GOL reShts: quare in trianguio Gpi,frofter gfXu ^ 
augukim ad O ro^fum e^ ad ifimirelhem, erit ijr ang. OGI (fiPfr 
{j^ femhteHus , & froinde iateraOG, Ol (b) erunt 'aqualia. a7.4 1* 
Et chm in faralielogrammo L^, angulus L reBus fit ', etiam ^ ^ 
offofitus ^ rtSus (i) erit. ^uare in triangulo ,e3G, T%lu 
frofter ^7e6ium, & ^Mfemtre^um, erit (> ^£0( k) (h) ?^ 
ftmireStts, & iatera o>£, ^G (J) oquaiiA : fed m reSang. 6. /. i. « . 
L^, efi E^ (m) n LO: quare LO ZZ £^SZ ^G. Jam p) ^er ^ 
vero , in triangtUo reHanguio FLE , frofter iatera FL i LE aqush f^\ '^^ 



LO comfeftta ox dimidiA ^ adjoad. ^ue^ratet ver^ FE eV f j^/p^ 
£Q i.qiMafHnt (p) quadrato FGj hoceji , (q) ^tadratis FO L.i ,. 
/oriMj eomf^td, & OG vfi QI ft^rt\s adjeiia. Ergo (r) quU" (n) ftr 
drittutotiu comfofit4 FQ» & odjeBaOI, dufi4 fttnt qtfadra- nr.i.fr, 
torum dmtidia FL j & LO iotiifefitAex dimidid 0"^eiidu VJj'' 

Sit mtmerut 40 feiittt aaudiiter in 10 f^. ao , enpM jciAb- 47* A i. 
mr mtmerus 14. JSrwn/ ^uudrata 5-4 X f4 rC. a^id 6* ^^^^^ 
14 X 14 = 19^ ^»^ tpuidrtttorHm ^oj^i^zs: 400, d* m p«f 

34 X J4 = 1 1 J^ -J. flriM, 

« 



'fZ Ekmentornm Geimitrid 

PROPOSITIO XI. 

r i 

JL^ reHoK^Hlufft (ABC) fiib totk & una fartt 
CMtmaum » aepiokju quadrato fartis reliqua (AC) 

Ex A criee perpendicularem AF parem AB. AF bifica in 
X« Duc rc&m XB3 cui ex FA produ^ aeaoakm abici&de 
XI. Tum abfcinde AC aniualem AI. Dico ci^hmi. 

Perficiatur quadratura B AFS > & du^4 per C perpendicu- 
lari, perficiatur quoque redbngulum FILO. Quocuam FA bi^ 
^bQu eft in X, eique adjedh eO: Ali erit 

i^)T^.C ^ rt^4^ ^.Wqiiad.XIi 

IL Iquad. XA ^ 

id eft, 
(b) ?rf A. W quad. XBi 

imfiT.ih' id cft> 



. . ''• • -*. (0 quad. BA V 

W^ •quad.XA.J 

''*... Aufera^urutrimquequad. Xa; Erit 

rea, FI A feu FL a. quad. BA } id eft AS- 
.Quare ablato r.ur{um commufii AOi 
•"^ • ' " Erit AL 4v. CS. 

^ Atqm AL eft quadratum AC, ci!^m AI, AC ex confb.fint 

« «qualcs : & CS eft rea. ABC, cikm BS fjt par AB. Ergb 

». re<f^g. ABG «quatur quadrato AC. Datam igituf re&auQ 

iecuimus» ut petebacur. 

S^holium., 

nRopofitiones ro. primae bnjus libri rerae fiint ,' etam in 
X numeris. Haec 1 1. numeris expHcari non poteft. Ncque 
enim nUus numerus tta iecar] poted, ut produ6bim cx toto 
in paH^ untm » aequale iit quadrato partis rdiqux. [Et ifoc 
mudtm dnmnfirmtH TaeqtsHuf mfiir in Schol, ftft prof, 19 
uM tertii eUmentorum jlrithmet. In numeris (urMs Mttem 
exhiberi foffitnt qtMntitates fe^fnentis ACy CB feffmdentes. 
" Sit AB^ 1. 1m <^, frofmatur numerus hnnms it^ divi^ 
dendus in furtes dO^s, ut tmadratum fmrtis majeris dquetur 



». .<». 



^foHkm ifiarum fartmmfu 

ftadmtum tartis majeris, 

tum 



UAer SicmubiS. f$P 

tmn ^faBmn ix HnMm ^ ftiru wm&rt « 4b(i^$Mtkur tmi et* « ' ' ) 
demaiui f^itamigiuh ntmpe 6—1 Y f.] Porro mira yn^ cft hag •- c 
jus ic^ionis, dt qui vide'pro{). 30. i. 6. 

PROPOSITIO XII^ 



•» . • 



IN trigono' obtufiuigHto (jiCB^ y JH4^atum £1- !%• Hli 
/^j (AB^ ohttffo. 4K^do (C) offojiti^ iptadratA 
Utmmi¥ttkjtmHm (Ad BC) txctdit rdQdfigtdo -^' '\ 
(BCF) bit , yiW con^ehenditftr fitb (BO) Ui 
tere akerutrochufnm angftliim (ACB') continen-- 
. tium , in ijuod^ cum pMVaSium juerit , cadit fer^ 
. pendicularis (AF; ) &^ /ub'( FC) inttrcefto ex^ ... ) 
terius latere inter perfemiicularem ^ obtujum an^ *' "* 
gulum^ 

Quad. AB J&. (*) luacL AF^ . (a) ?« 

quad. BFJ .. . ^ftV* 
Scd quad. BF eft (^) «quale quadratis FC, CB, & rcfl. *ft7' 
BCF bis. Ergo ii h«: fi)iftit]kias ^oi quad. BFj erit ^ '^ 

Quad- AB iE. quad. AF. "| . , 

quad. FC l 
quad. tB \ 
rcetBCFbis.J 

Atqui quadnita AF, FC asguantur quadrato (r) .AQ ^^^/^ 
Quare hoc prp fHk fMtitma, crit . . *^! /*• ) 

» fQuad. AB ^e. quad. AC 1' • .. 1 

quad. CB > 
Teft,BCFWs.J . 



• .1 -. . 
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^ PROPOSITIO Xllh 



IKT tria^igulo ^socumque (ACB^) fuadt^mum W*-»f^ 
teris {AB) acmo a^td» (C) ofpo/iiti^ a^cpeadra^ 
tis laierHm reliqmirum ( AC ^ BC) exceMtur reliau^ 
^ (BQF) biiy ^od cautiuetur fub iSC) latero .; ,- i 
^kemro acutum angulum (C) comfrehendentium , in \ , j 
guod cadit ferfendicularis (AF) ab angulo offofito 
(Ai) & fub (CF) intercefta inter fcrfe^ularem . '\ 

iuiF) & ^uttfm 4ttifftbm (C) 



.«•« «k 



'} 



$0 Elemmmm GmKtn 

(i) Ter QSM^' ^^« ^** M rea. BFC bis* 

4./. ft. quad. BF 

quad. FC. 

(b) ?if £t Quad. AC(^) A. <)uad. FC 

47* A<* quad. AF. 

Quare doo rqnad. BC m. red. BFC bis' 
. , fimul lquad.AC quad.BF 

quad. FC bis 
quad. AF ^ 

|c)P^3. Atqui neaa^. BFC bis cum qu^.. FC bisaB^Mir (c) 



refiaogulo isci* dis. iLrgo 

_ IC ^. rccc. Dv^r ow> 
Iquad. AC. quad. BF i 



rQuad, BC iE. rcd. BCF bis- 



qiiad. AF. 
{(f)nr47, At^ui outdrata AF • BF fuot {d) qua4. AB. Ergo hu^ 
jl«i» pro illis fubllicutG^ 



pro 

l-qittd. AC quad. AB : 



/Quad. BC A. rea:. BCF bis-» 



lad. AB re&uffu- 
loBCFbis. ' ' ' • . 

CmlUrhmp 

aif. \7^ ^^ propofitio lic^ pcrpeodicularis [jtp» proptir 
ferm, V angnhim ABC <f) 0^/tt/iim»] cadat extra triangulum. 
3./. 32.^1. [ jn litHs CB prodHaMm.j Demonftratio fiarc cadem cft. 

(f I P». ^mU. AC M. (f ) net. CBF Sijl 

U.AV qMd.CB Y 

qnMd. AB. J 
jUditi ighn^ tstrifipie ^drato CB \ 
rqtuU.AC A. rt€t'CBFhii\ 
^ ^XqttMd. CB qmad* CB bis > 

ftad.AB. J ♦ 

Afqui netsmg. CBF bis^ tmk ettm qmtdrtttoCB Ust a^fttUttr 
19-^ 3? (K) roatmgtdo BCF Bis: 

Frro -f ^^'- -^ *' ''^^- *^^ ^^1 
**^* X^lW. BC ^. ^. X 

^.«3^ ' Alitbr <^ wtiverfiii&t deitmfirtihtttr fnf. 13. y^« «^4^ 
^f* pirfendieuiMrif ititrM triMHgaiifm ,fiv$ ixtra. ' • 

9t.% * SCfl+CF^=(h)2re«.BCF+BF^. -<i;/^#«#W«^jCF^i , 
a) pi^ BCq 4- CF| + -^Fij az 1 w^ BCF^i* BFa -^AFq. Sed CFf 
47./. I. ^AFqS: (i) 4C} ^& BFq + AFq:^;i WABi. £rgi SCf 
W/er ^ACi^inctiBCF + ^.^M.J>^ 



JJkr SkHnJb$i. ITf 

SchoUfim (!•) I 

EX hac & 47. Gb 1. lubetQr dimenfio cQJaicunqiie triui- 
suli cujus tria latera fint nott , lic^t arcam habeat im- ^ * 

^jgHViano. ' Horum auippe theorematum beneficio ionoteicit 
' perncndicularis » etxamu cam impedimenta lod non finant ' * 

dd^^i. Perpendicularis autem mdtipficata per iemiilem 
ktcris, cui inckiit, producit aream trianguli» ut patet es 
icholio propof. 41. 1. i. 

£Ad trigonttm quodamqne ACB nota ^abens ktera. Opor- pu, 2^; 
teat notam reddere perpendicukrem AF ex dato angpb A in wlt^ 
ktus oppofitum BC demiflam. 

Quadratum kteris AB acuto C oppofiti , aufer ez fum- 
snd quadratum AC » CB. Per 13. refiduum erit re6bn* 
nhim BCF bis. Refidui iemiilem (hoc eft, *redanguhun 
BCF) divide per notum ktut BC. Ptoveniet re^ CF« 

Soadratum leGtx CF aufis' ex quadrato AC. Refiduum 
ibit qmdratum AF, cujus radiz quadratica dabit perpend^ 
^cukrem AF. 

ABq:^ 169, (^ BCq^^^ACq H^ 196 + 21/ :^ 411. XlndB 

X BCF (— BCq + ACq^^ABq^^il-^ie^^ZZ^f^, & 
frofterMBCF— lad, cJ» CFZZ,9- Erga AB^ (~ ACq"^ 
CFq~iif — 8i):rii44. ii> AFZZ i^. 1$ trisn^HU AfiS 

erh 11X7— ^X H— *4- 

Obtinere id ipiiim poteris etiam ex p. ii. Verilim 13. fuf- ^» a|i 
£cit, ci^m in omni trianguJo perpendicularis ez aliquo angulo H* 
an latus oppofitum, intra triaogulum cadat. 

• [N# a»ttem Tyronibtis d^t exempiumt qsu etiam ix frpp. Fj^« %ai 
12. anam trianguU^ohufrngHU , ( uhi ferfendkularis cadit 
extru trtMJ^ulum , ) datis Uumbus , ohtinere poj/au -, Jn trimt' 
guh ohtufimgulc ABC, (;%. 22.) fit -4B — 10, AC ZZ 13, 

BCZZ II. Brit ABq::z^oo,ACq+BCq— i^^^i" 11 iZZ 
a.90. Unde ABq — ACq — BCq ^ 400 — 290 ~ 1 10 ~ 
aBCF, BCFZZS^yCFZZXf CFjZZ^f, ACq^CFqZZ 
169 — ifZZi^ZZAFq. UndoAFZZiz, & l AF^ji^BC 
ZZ^X ^iZZ66 ofi areu triafjjguli ABC^ 

Scholium (2.) Si a trianguU eujufvis {ACB) vertice {A) f%. 24; 
m bafem (CB)fi ofus froduQam, demittatur perpendieulum V* 
{AFi)erit d^erentia quadratorum ^ lateribus ( AC , AB, ) 4- 
^uilis duflo roaangulo fitb bafi (CB,) & iCF-- j CB) du» 
tantia perfendieuli Oi modio bafie, Vidc Arilhmet. Univeril 
pag. 1 03 . odit. primae. 



^Ji EUffmOmtff GMffttrU 

' J^amtirbMne frop. ACa 4» fiCf rz ABq^ t^CF, 
EffitiMHs iitriaqMABq «f* kCq, mt AC — ABa ~ t 

/.a- CF— ; BC. \^. E. D. 

J^%. && StUtfra AB , ACjint dquslia, ftrfenJicubim cttitt m m^ 

(l^ Vtr ihtm (b) bnjish ttdeotjue tum diffkrentia quairMtorum ^ Ute* 

- •'■•**^« ribusf tum ii^antia perfeniicttU k meiiq k/^s firmd ivanef'' 
/.26.1.1. ^^ 

^•k/. Si nUerkter mgMorumaihi^fmjhreiluty utBi firfenii'. 
cuktm A¥ cttm Uttere AB eoineiiet \ eji* iiferentia quaira- 




L u ^^fa* ^t^T^ iifferentia qtiairaterum k lateribus aqualis erit 

iufh re&tmguU fitb bttfi ^ iifiantia ferpeniieuU a meiia 
befif. 

Wl^* aS* Sctiol. i . $ia trianguU cujufvis AB? vertice A ittcatur reBa 

AC bafem BT btfecans in C, erttnt quairata Utertun AB, A? 
^mtdfumpta^ aufla quairatorum aimiiia ba;7s BC ,' (ji* re^a 
ACbifecantis Safem ^ fimul fumftortem, Avertice A iemitta^ 
(<) fereer» *^ AP ferpeniicularis bafi t dr caiat intet C & Vl (e) Brit 
••f.ji, ' itaqtte angulus ACB ebtufits » c^ ACT acutus. Unie fer ptop. 
Ih ' 11, erit ABq ~ ACq + CB^ + iBCF ^ fer prof, 13 , erie 
AFq zr ACq+CPq — i PCF. Sei frofter BC Z^Z PC, erit CBa 
n: (t) CPq.f^x BCF::Z (g) iPCF. Vaie CBq+CP} zz 
(0' Ptr (h) % CBq , eJ» 1 BCF^ z PCF(i) Cl o. Frgo Mqualibus aiienr 
axio. if* io quAntitatis Aquales, frovenient aqualia aggregata, ABq -f« 
(«) ^^l^ APq ZZ 1 ACq + 1 CBq. ^. £. D. 
Ot)'Per cforoU. liftiem manenttbusbafe SP» & reHA AC bificantw 

!m.9. bafim 9 utcunque ai bafem varie inclintUa, ut aC, iiem ma- 
(i) Per nebit a^egatttm qttairatttrt^n crurttm\ fcti. ABq + ^Pq ZZ 
*«^ 3» aBq + a Pq. Etfic ubique. 

Hac autem propofitie ai Curvatum tangentes, iiametros d* 
priinatas appiicari pHefl. Tattgant v. gr. reSa AB » AP\ 
eonicam quamlibet feShenem vel feSiones efpoptas in B (ji* T i 
*• & junSta BP bifecetur reBa AC: erit BC vel PC or£nata ai 

iiametrum AC. Unie quairata tangentium AB , AP iupU 
orttnt tptairatorum orMuata BC vel PC, & iiametri inter or-- 
iinatam ae tangentittm concttrfum intercefta AC. Hac etiam 
frofofitiono tttitttr Seremts Antiffenfis infemem coni fUno fer 

^ertUem ittito. Veritm kae txtrs oUas. - • 
* . PRO- 
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PROPOSITIO Xfv.'^ 

Ato reEHlimo (QXZt) ^uak ^fMdrMnm cok^ ^**^. 
firtterej, 

iStfmereSiMn t^ummfh lAt fufif cmA ] re^Hneo QXZ 
hc aBHuaJe (0) pralklograsnmuin reoaag. CI, cujiis latera ^'^ f^ 
lA, CA, n aecwalia fuerint, ipfum erst quadratum quod pd- ^^*^** 
titur: (i snaBqaaiia fiut » latcia Aajus lA podnc in L f doncc 
AL iit par AC. IL biieca in Z $ quo cennw» pcr I & L 
deicribe circulum» & producatur CA dooec drcumferoi- 
ti« oocurrat in B. Qoadranim redae AB seijuale eft dan> 
QXZ. 

Ducatnr enim reda ZB, Quooiam IL §e&k eft bi&riamh 
Z, 6c jditet in As crit * • 

{red. lAL is. (^>quad. ZB$ boc cA» > (S) M 

^ quad.ZA S'L%. 

M. (c) quad. ZB jhoc eft» ^^ 

A. (i/)qoad. ZAt S^ftSt 

quad. BA S » ^if^' j», 

Ablatb igitur utrimqoe quadratoZA communi, rcmaneC 47«^i* 

TcSt\ lAL Mi qoad. BA: 
hoceft» Quia AC» ALfunt asquales, erit 

Id eft, (f) xtOa. QXZ A. quad. AB^ ' <e) ^ 

. Schidimm, 

• 

COnftni^Io Euclidea requirit, ut per 45*. 1. il rtfdHfincQnt 
reducatur ad reSbngulum. Qux redu^o dkm {atis . . 
operoia fit, fbrtafle e^peditiilks problema abfblTettir hunc io 
modnm. 

RedHineura datum reibhratur in tot quadrax^Ia (Z, X) t 

quot potcft. Tum finguKs quadrangulis fac (/) rwSbngula (f) ?ef 
apquaiia. Si tunc ibperSt ( ut h!c contigit ) unum triangu- /^» ». /w , 
lum (Q.) illiquoquc fic {g) «guale rcSangulum. Singulis J^-^»- 
deinde redangutis per hanc 14. fac quadrata acouaHa: ac de» J^.* 
mum his omnibus quadratirunam «equak {h) fiat. Erit hoc ^uku ' 
aequak dato QXX. (h) r«» 

^47«^K 



ELEMENTORUM 

GEOMETRI^ 

LIBER TERTIUS. 

PErfisdHfliinae inter pknas figune proprietates fundameii- 
tales hoc libro demonftrantur. liori utilitas vd hoc 
&io sanoteicit» qudd tra^^et de circulo, rerum admi* 
rabiiiam per Mathefim univcriain fente uberrimo. Theqiema- 
ta illuftriora funt i6, zo, %i, ax, 31, ji, ^f, 36» 

COtttinet Mtfem Ub§r bu tertius ciraHi prafriffatis: Imuifqm 
flurimmi ^ intra tjt^dm fmfheriam d^extra ad m?^- 
Jem dt$&as inter fe comparat. CircHlorHm etiam ft mtu$$b w- 
terfeetmtittm, &fe. mtttuef mtt hn^y re&tu tm^gemiMm nffec" 
tienes exfUcm. Angules etiam fvye ad centrum five ad cir^ 
cttmferentimn fejuos interfe cemfonit. Breviter Prma Geo* 
metriae Pradicae elementa» circulorttm ttdminiculo fotijimum 
iimixu^exfonit. 

DEFINltlO^ES. 

V. y^Irculi aBquales funt» quorum diamctri ieu iemidiamqjtri 
\^ iunt acquales. 
Wtii%u ^* Re^ (FB) circulum tangere dicitur » quae drcub iic 
I. 3« occurrit ( in B ) ut tamen produda circulum non iecet. 

F%* 14. 3* Circuli tangcre fe dicuntur , cdm iibi iic occurrunt, ut 
& %s* tamen non iecdbt. 
J%. ly. 4- Ib circulo dbqualiter ^ centro (A) didare dicuntur re^ 

(BC, FL) ci^m perpendiculares ( AI, AO ) ^ux ex centro 

in ipias ducuntur, funt aequales. \^Et fi ferfendscuUtres in rec* 
1^^ ^ tns (XZ, BI) detniffklfint imqiuUes , magis m centro difittre 

. didtttr enreBu {XZ) sn qsMm cadit major ferfendicularis.^ 

Fk* 38» f' Scgmenta , ieu portiones circuli iunt partcs ( C Q E» 

CSE ) in quas circulum dividit re£b (C£) circulum iecans , 

l^quaftigmenti tstriufspse Safis efiJ] 
!%• 34* . ^' '^"g^^ "^ &gmento ed (BQC) qui continetur iub rec- 
3j« tis iineis, quae ad unum circumferentix pun^m(Q)ex icg- 

menti terminis ( C , B ) ducuntur. 
J|r«34* 7. Angulus (C(^) iniiilere didtur peripllkriaB (BOC) 

qoae lili opponitur. 
^* («• 8, ScOor eft part circuli a duabus iemidiamctris ( AB , AF) 

£c arcu 



Lihr T^ff^ * tff : 

&arctt (V9 ^ BCF) qucm ftaudiametri interdpiunt , 
comprehiaifi* . t 

rp. jingulMS {BAO) fepmfiti (AB^O) eft,qm bt^fifigmm' /%. la» 
ri (k^) C^^^» (s2p-rf) timfrelmJ^Hr, 

lo. K«Ai BCcircuh infcriptMt "vocatnr arcuum BAC, BIC, ^^» 40» 
V9l M»x^ ^ cMfum BDC choxdii^ive fubtetUa. Et^fiu^^ • /i 
mrcut AB extremo B ducatur diameter Al, ^ m eam ub ^ 
tert itrctts txtremo B cadat ferpendieuUfts BG 5 apfeliatur ht^ 
arcutm B^p BI, five angukrum adcentrum BDA> BDrfi'- 
im te6Jtas , vtlfmfliciter iiaus j efttque- G A ^ arcus AB vek 
tmguii ADB {& GJ arcut JB velangnU IDB) finus verfuf»; " ' > 

Pmv> fi frodttcatur radius DB dmec reBa EF ^fircmlttm tatn \ 

gettfimA) oeetcrrm in E ^ re^aAM mmtntttur »rettum AM^ 
BIj vdMngtdurum ADB, BDJ tangens» e^ r^M DB eortm-, v 

dem arctutm vel tti^ttlcrum itc^m. fraterea^ angutiadcMn^ \* 
tfum re&i ADKfmus r^iut DK{tfti in hoc cafUfCircttii radittO} 
erit , ) pecttliari nomine Qnas totMS afpellatur, Deni^e fmtt^, 
reBus BL an^uli BpK {quod eomfUmentttm eft anguii.AMt 
odreBum) voeatur coilous angttii ADB : itom HK itmgettt f 
& HDfieans ejnfdem anguli BDJ&f fft anguU ADB xotmin 
gens t^ coiecans reffo^ive.'] 






k 



D, 



P R O P O S I T I O I. » 



Ducatur 10 circulo reda BC utcunqoe, quam bifica in Q. l^.i.t}3 
Per Q^ciacpcrpendicuiarem LF. Hanc IMxa ia A. Cric A •' « 
centrum. 

Si negas ; centrum eilo O extra re^m FL, (natn in FL^ 
efle non poterir, -cum ubilibet extra A dividatur in^squaliteri) 
ducanturque 60, QO, CO. Quoniam igitur vis O centriun 
cflc, crunt BO, CO aMuales. Triangula igitur BOQ , CO3, 
fibi matud: aBqutlatera iunt, ci^m c«hlm ex condt. BQ^dc 
QC fint pami, &.Q0 conMWinis; . '£rgo {a) angulus OQC (z) Vef 
«Bquatur angub OQB. £rgo OQC {h) re6^us eft» ao proio^ 8. /. i. 
dc aagub LQC pepcoaftr. redto a^uatur, pars toti. Quod (^)^^^. 
cftabSirdum. , i4-^«- 

CaroUaritm, 

EX dcmonifamtis patec» ii in circulo reda (LF) aliam (BG) [ 

f bi&rtam & perpendiculariter iccat > in iecante c^ ceo» • 
trum. 

^ FacilUme per normam invenitur centrum s vertice Q ad F^.iif^ ^ 
drcgmferotfiam applicato. Si qiim re^ 0£ junseas pun^ 



D 2c E » qaibus normfle htm periplieriain icetnt ] Inicel» 
in A» erit A centrum. DenMmfbatio pcndet ex 31. kujus. 

PROPOSITIO 11. 

llr.v f^ I in ciretdi 4mAhH dm fimSM fimumttir (ByCy) 



s 



re^d qmfer iHa dHcitm-y intra circHbm caMt. 

Accipiatur in re6Hl BC quodvis pundum O, 2c ex centro 

Aducantur AO, AB, AC. Quoniam AB, AC aequantur»* 

!•) ^*^ etiam (4) anguli B 8c C ^uaies erunt. Quoniam igitur 

ib('pJr «f. ^**™* AOOK^) major eft interno B , major erit quoque 

i!p.%u *'quto C. In trianguio igitnr OAC , latus AC itibtendens 

^'t.* m«jorem anguhim AOC, majus eft (r) latisre AO fubten^ 

{,c)Ptf dente miBorem C. Cikn igitur AC tanttim pertingat ex 

^^•^'* cnitro ad circumicrentiam , AO non fla-tingef. fitgo punc^ 

tum O intra circulum cadet. Idem oftendetur de quoifis alio 

punAo TeS» BC. Tota ergo BC cadit intra circulum. 

* €or. Hinc fetjuitur rtBam qnmffvisiinianl cirestlum tM^t»» 

tM, in MikQ pmBe tHnim tat^ert, Si-enim cfrcumfenntis 

ftmBa Juo tnn^eret , ejfet re6b linea per duo circtiii ponte 

i) V» dudh, $tte^t ad^ (d) rntra circulwn cadtrtt^ cmra tangtntis 

^f^ dtfinititntm. ft ftmtli rnttociA ( a pUms U filhU trmtftimdo ) 

jtobm ftfftt^flmmm qntdvii /pharam i» ttnict punBo um^. 



.\ 



PROPOSITIO iir. 



w* ^ Q[7 in ^ircHlo reSa per centrttm daBa (SE) 

i3 (CF) tton per <entrtem dH^amficet hifariam (in 
Q , ) ficahit qHOijHii,perpendkHlariter. Etfi ficet ftr^ 
fendiCHlariter y ficabit tifariam. 

I. Pars. £x A ccntro ducantur AC, AF- Truiiiguh X ,Z 

fibl mntudasquilatera funt: Naoi CO» FO ex kmthcR, & 

AC, AF quia ox centro, atquales fiint; AO vtfocommuois 

?«)■ P«f eft, Ergo (t) aoguli AOC, AOF asqntlei. ^ Ei^ (/) rcai, 

•• ^*» Qubd erat prinuim. 

*^,^ 1. PSirs. Quia cx hyp, anguli AOC, AOF &nt re^i, erit 

i, i^ quad. AC.(^) xqualequadratis AO, CO; & quad. AF ae* 

(g) Pit quale qoadratis AO , FO. Ci^ igitur quadmta AC, AF sb- 
47. /• '• «laiia (ib) iint, etiamduo firaul AO,CO duobusfimul, AO« 
ifl ^ sequalia enuit. Quare ablato utrimque communi quadra- 
io AO, remaneot CO, FO asquaija. Ac proinde etiam rec- 
tSB CO» FO iuni«cquales. Q^ «mraiKrtiin« 

[Cor, 



t^emit^'^ fimtJlis Mijftdi ifimsfiniU t§£lHs. ^civdk Cf mn*- 
g9$U sd ctntnm Cjil, ftrftndicHlnrit a centro dtuatitr AO» 
J^ irisHigtdif X, Z, trttm CO» fO(a; ^t^^liSt -dO fmmtkmt. (•) Pr 
c5» ttt^tdi std O rtcft. 'Ergo snjuli CAO, FAO 4ipmUs (b) '^P^ 
ortm, ^4tro satguM CAO fcmijfis trtt anfftU CJV ,- tT /.1. ^ 
roSm CoSintidittm chordd Cf. Sed CO efifinus (c) relHts 4M»« (c) P«r d^ 
ptli CAO. Ergo dimiditim ehordd , tmgulHm tfitemvis fd im^ lo /. u 
tlTMfitStendemist ififim^s anguU iAiuiJtnus reBus, 

Cor. a. Si tritm^i cttjufuis uffuiatmriy tmt otism famht^ 
IfifuUs AC^ fitmatur verte^ A pro ctrcttU cemro , f^ tdti- 



fttm dqttttHemt crathtm AC fm rttdiOfcircmitie twjiufiUt (d) W^^def* 
•tutm fir F: mtpt§ indi > vi hujtts frop. firoSta AO^ tt vortico '{'i'*^ 
tristuguU iftfmiis h^aot^tifim^ oiqu$quo foefondicubms k9^> ^^ *'* 
Afii ktfifitcrit fotfeudicuiam % omft bificakit. . Ft iudo otHUt^ 
dodttci foffom catora frofrittmos fu in Schoi* f^ z6. /» i« alimi 

da dorivamur* ^ - 

ScMtum. jf a vortieo trim^ttii Ifofittlis AMC ttd ^ptadvis l%,4» 
fttnSum hafis roffa Unoa ducatur » orit fuadratttitt ^uBa 
to^a ttns cum roSauptla ftth f^giumtit hafis , aeptaia tpmdrt^ 
to lateris AB vel AC. Sitm roSa a vertico A duSa, vtf orit 
bafi BC ferfendicuiaris , voi nmt. Sit fristto duEta rtSa^ AD 
fnfoudicuiaririj^ontRl}2ZWf>C,&frQkdor$aaii^.MJ^C {t)Perm^ 
5= BQa, vol DCf, Sod APq +• BJPj ^ (f) ABa^ htc ^ ^^ %-'. , 

Sod roQa duBafit AZ, nmt ferpendicularitktdi , 6* ^Mui". {l)plim' 
$ttr porfmdituiaris.AD « fta hafim « X> (g) i^cakt* Citm 2.%«f. *' 
ifitur wtSm BCAbifariam feaa ia D& nm Hftriam iu Z\ W P^r 
{h)tritrt&aug.BEC^BDq:ZZBDn. Adtfo utrinquo D4qp& i:J'ii 
rtS. BMC + EDq •#• DAqZZ^ BDq ^^ DA(f. Sod £IXf^-)- 47 u% 
DAq ~ (i) AEq, & BDa + pAq SS (k) ABq. i^ rt^i (k) Plt 
9BC + ABq^Z: ^Bq. ^ B. D. omi. 

PROPOSITIOIV. 

S/ in ehrctdt dtta rtSla (BCj FL) ttw tittth l%./.d-f 
ptr eenmtm dttSlst y fi fictra 9 n$ft ficslmtp Ji 
matto k^mrimtt. • 

Nam fi am LF tnnfiat per ceotniin, ^pntet haiic 9011 91^^ 
bifaari ab oDmi hC. quap ez hjrp. per ctmrum A va^ 
trftofit. 

Si fwiitra per centnim trtofit, ez A ccntro duc AO. Si 1%« /^ 
jcm imbae BC » FL foreat bifete in 0,anguU quoqiie AOC 
AOLcffmi (0 tt&il tc proiode «qmles, t^tum 8c pars, (I) Pw 
Quod tei ami poteft. f'^ 



^ Ek m e mmm G^metris 

PROPOSITIO V&VI. 



tangMti 



^'7- ^^ltCHli fi mittftd ficimtes^ a$a inttrm 
\^ mn habtnt idem centrnm. ', 

. Aliaf enim du^ ez commuDi ccntro A rcAis AB » ACF « 
enent AC, AF, (pars & totum ) squales > 91U ambae fuac^ 
iBguales eidem AB. 

; P R O P O S I T I O VII, 

f^.^ ' Qylm^truda^ qtfdJvis alitsd 4 cemro (ji) acci' 
i3 ffdtftr jmnlhtm (C^> ex^ re^d flnres (CBf 
CLj (X)^ CF) in circumfirentiam cadant i 
• >!• MaxiwM erit (CB) ipu fer cemnms tranfit. 
' 2. Reli^a diametrt pars (CF) minima. 

3 • Aliarftm vero majar efi ea y tjua maxima 
XCB)fKOfier. 

4, Netpse flstres (fuam dsu ex di£la ftmQo ( Cy) 
iptQdd eemro divirfitmifi y ad circmHfirentiMf dmi 

f^Mftt aquales, 

* 

Piirf T. Dacatiir ex A centro reda AL. QmMMni ALi 

AB fleqoales iunt, additd commuoi AC, enint LA citm AC» 

U) f$f ^ ^^ xquales. Sed LA , AC iiint niajores (n) qu^m LC« 

%Q.ku ^ifP etiam BC major cft quam LC. Eodem modo BC bP* 

^ l ei Meiu r major quar is ali^. 

Pars 2. Excentroduc AOreaatoi. AO,^hoc eft» AF) 
Ib) T0 ^ minor {b) quam AC, CO. Afalat4 igitik conununi AC , 
j^ remanet FC minor quim CO. Eodem modo erit CF 'minor 
quavis alii. 

Pars y In triangulis COA> CLA, iatera LA^ACaequan- 

tdlr lateribus OA » AC; angulus verd LAC major eft sftiguro 

fa) ftf OAC. Ergo {c)ho£vs LC major bafi OC. 

#f.A a** Pars 4. Patet*ex praecedenribus. Nam fi tres duci nof- 

lent asquales, CO, CI> CQ, fbrent dust C(^,CI ad eandan 

partem inter fe aequales. Quod repugnat parti 3. 

Cdrdll. Simili planeratitdnh eum 'SneJo/to eMgiMmtt Jtr- 

funm cinttlorum nmximorum, » fmito ipuvis a drculidaei ^iia 

diverfit imfupmficie (piucrA ad circ^lsau ifium duBumm , rnuxi^ 

pnm effi $um qui fer circuli folum .tranfiti nunimum qni ad 

* funitum 



LAir reftktSi Sf 

fmnBum ofpo/!htm Jati chfuli dmciiup% nUqmnmvtro eum 
tffe m0jorem'qu$ msximi efl frofi^ : du9i verh folhn kter 
fe dqwUes ab eoiem ptmSIo aJ circHlum duci foffe. *Nff«« 
eelifer de^fler^fte hujus kbrj froftfitionibm Leiior fer fe ratio- 
sitMbitur, A fiknis emm nd folida in ht[he nbtts tranfire ^fi - 
fme ftuilli/mtm, 

PROP.OSITIO VIII. 

S/ 4tf ]mn£io txtra ck€tebm accepf {ji) 4d cir-t ^i- >• ^ 
cubim ikctuttur pbtres reSte {jiB , ^C y jiF; "* 
uiOy AQ^y jiRi) 

,1. EartmtfM£ m cavnm ferifheriam sncidunt^ 
maximdefi (AB) trattftens per ceiitrum (Z,) 

2. jikartim majar efi ea^ qtu maxima (AB) 
fropior. 

}. Extra circttkm mlnima efi (jiO) qua pro*^ 
inBaper centrnmtranjit. ' ' '] 

4« Qna minimapropiorj minor efi ftmotiore. ' 
5. Non phtres ipnam dua ex JiilopnnStff (A) m 
feripheriam Jstci pojfnnt a^ttaksy five infra circstimnp . 
Jtve extra» 

Pars I. Ex ccntro 7, duc ZC Quia «quantur ^C, 2Bj % la 
additi comniiiai AZ, eroot AZ , ZC ipii AB zquales. Scd 
AZ, ZC mAjores funt (a) quam AC, £rgo etiaip AB majpr (z)Pfrio^ 
AC. Eodem modo erit AB major quavis aJil, ' U u 

Pars 1. Dbc ZF. Latera^CZ, ZA asquantar lateribus 
K,y ZA. Angulus verd CZA major eH angulo FZA. £r- 
go (b) baiis CA nia/or baii FA. (b) Ptr x^ 

Vzts 3. Duc ZQ. Duae AQ, QZ majores (c) funt quam /• t. 
JkZ. Ablatif igttur «qualibus.ZQ, ZO»ccnuQet AQ miimr f^*^^* 
quam AQ. Eodem modo AO minor erit quavis alid.. '' '^^ ^'^ 

Pirs 4. Duc ZR» Reaae AQ.& QZ minor<58 funt (i) (djpifxi. 
qu^m A]R , RZ. AblaHs ergo «quafibus ZQ,> ZR » rem^net /• i. 
AQ^minor quam AR. 

Par^ f, |4tet ex quatuor^praeced. 

•PROPpSlTIO IX. 

S/ at aliqtto intra circulttm fnnSo ( Ji) plnres r^. t^ ' 
» eptam Jna aqnales ad amtitnm dnci pofitnt % Id \. , 
pnnBnm centrstm erit* 

P§tct ca 4- f^Mtc prop. 7: . ^i^ 



yo Ekmeiimm QtmetrU 

PROPOSITIO X. 



Hf »!• g^Ircnli m dHtAms tamlm ,pHH^is Je tnutHo JSm 

feBccnt fcnim, fi fieril>otcft, inpIwibQs B, C, F. Ex A 
coitro circuH LQ.d)icaiitar ad B> C, F,ic£br AH, ACj^ AF, 
&UQt bae «quales. Quoniain ergo ex ali^uo intra drculum 
OS pun^p A dudbe luQt tres xqmles ad ejus peripheriam, 
(•)W AB, AC, AF, crjt A (a) centrum quoque cifcuH OS. Ergo 
^^ circuli LQ^fc OS (js kcit^ ittbeoc iScm centrum,-^^ 

rfpngoat propofitiQni f » 



PR.OPOSITIO XI. 

!%• I4t C^I dH$ ckiftU (e intns tamant i re3a per emm 

fer con^ 



Sf dne ctrcnli fi intns tatigant ; re3a fer 
centr4 i A t^ I) dmila tranjAit fe 



I1r*«jr« 



Si negas, babeaot» (i iidri potoft, centraeum fitum, ut 

re^ per ill% tranfiew , cadat cxtra coota^m B , iecans cir« 

cuJos in O gc L> rmtauc centra ipfi A 9c pi ac junge AB» 

CB» Quonian) igitur CB , CO aequantur ; addit| cotnmunt 

(b) fm ACctiam AC, CB aequalcs erunt AO. S€A {^ AC.CB funt 

•*• JjJ- majores quim AB j Hoc cft {t) quim AL. Brgo etiam AO 

^l^^^* mVOr <?ft quam AL, pars toto, CJiod cftabfurdum, 

PROPOSITIO Xlt 

S/ ctrcedifi tMngimt e>nerim; reHa cmjnngens ^en-i 
tra^per cmna^tem tranjiltit^ 

Sinegas, fint, fifieri poteft, centra ita pofita« puta in 

A Sc B , ut re^ pcr ipfa tza&fieos, per contadom S non in* 

(AS fm ^^^» ^ circulfw &cet in 0'^Q, jun^turqueAS, BS, 

U 4 r, Erunt |git«r {4) AS, SB myorerquam AB. Scd AS (e) cft 

(e) P#r par AO , & BS par BQ, £rg0 etiam AO, BQ.i(int 8iaJ9* 

^^ rei qnam tpta AB > para toto, Qjiod ficri t^on potcft, 

[CotqII. ad duat prsBced* Si im deeuU f$ tangMt vet 
immk vd enterdni TfSa a ceme mm ftr emtnBmn 4m?4, 

efMMfihb 



tr/aiflhi$ pir Uf^rum MlfirUts. EjufmoM mm nBd nm dif- 
fvtt m re^d ftr mum^ centrs duSA, qtu fr hMfa froff. 
11 c^ II. trMftktt ftr contaHum.'] 



C 



PRaPOSITlO XIII. 

Ircitli d^fifimuttiOf ffr Umm nBam fttttSua^ Tk. ik; 
Iker ttmgmt. ^17. 



Tu^ant aiim & lotr» (& fieri poteft ) do^ cirgsAi io j^. ti. 
ftrte ctrcumfercntiip CL. -Pcr centra A ^ B du^ rc£ktt 
(^ traoiibk per cQQta'^m» puta in C. Ducaatur infupcf (a) Perit^ 
AL, BLk Quoniam igitur (S) BL, BC acquantur. (funt M* 
«nim cx centro B ad peripherianr OLC,) additjl communi IzLsn^ 
AB, crunt AB , BL aequaie» AC Sed AC cft par AL, ^*^' 
( funt enim cx ccntro A ad pcripheriam QLC. Ergo etiam 
AB, BL iimt acqualea AL, contra io.\ . !• 

Tai^nt fc deinde exterius dooi circuli , ii toi poteft , tn j:^^. ,» 
«rco OL. Re^ AP centra A & P jungens {c} traniSbtt (c)'Firi%^ 
f^ conta£hun, putainO. Ducantur iofuper AL,PL. Erunt /• 3* 

r' nr dtto triaQguli ktera AL, PL apqualta ipft, AO, PQ, 
totx AP. Contra 10. ]. i. 
I>emque reSai BF & ctrculus ietangant, fi fieri poteft» %• 17« 
in parte aUqu4 CE. t>ucantur ad centrum re6bc CA, EA. 
£ruot igitur CA , EA «quales , ac profaide triangulum C AE 
cft libfceies. (^re (</) anguli ACE , AEC acuti. Ergd (d) /> 
ferpnidicalari^ad BF, dudh cx A centro, cadet inter(e)C '•'• "• 
& E, puta fn D. Erunt igitur tam AC, quam AE araualcs fc/V' '* 
perpaidiculari AD , quod eft abiiirdum , cootra Coroll. 14. ior,j^^ 

Corollarittm^ 

Clrculi qui habcnt centra lo uni redl , eamque ieoaot ng. it, 
in eodeiti pun^o B • fe mutad in pua<te iUo B con* 
dnguttt. 

Qeterikm haBC propofitio Hquet etiam ex notione ipA 
Knearum » quae comparantur. Neque enim aut redfo linca 
6c curva circuli peripheria , aut peripheriarum ina^auaKum 
4tverfie curvaturae , aut du^ confexae, iecund6m uilam firt 
pmem poflunt cof^ruere. Coi^uerent autem, - fi ie inyi- 
cem ta toci parte aliqui tangerent. 

E 4 f ao- 



^ JQIiff!fMf#WM Semetrtd 

PROPOSITIO XIV. 

*&• '^ T;\r circulo atjuales rcHa (BC , LF) €^ualiter 4 
X t^«rr(? JiftofUi f^ (pM diftanC a ceH$ro aqftaliter^ 
Jiint aaualcs^ 
* , ' 

Ex centro A ducantur AC , AP $ irem AO f AI «d aii« 
ft) Per^. gulos redos ipfis BC , FL, Erunt (a) BC, FL bifease ia 
^ i: O 8c I, ^ 

• Cutn ergo tots BC, FU poaaQtar aequales , etiam dimip* 
Xh) Tif diae OC, IF , adeoquc 8c (#) quadrata ipiarum aDquantur. 
«w», if. Jam vcrd quad. AC (tfjacquaicclt quadratis OC^ OA: £c 
J*' •**' quadratum AF aequatur ^adraris IF , lA, Ciim igitur qua- 
(/) P^* ^^^^ AC , AF {d) aequalia iiQt, etiam duo quadrata OC» 
d^.dnnR QAy duobusIFylA acqualia eruot. Abiatis igitur quadratif 
S-axio,if. bC, IP (qux ante oflcnia funt «qualia,] quas rcroancnt* 
ic) fer quad. OA, lA, atqualil crunt. Ergo etiam* perpendicularea 
^)*'pt^' OA, lA funt (0 acquflles. Ergo BC,.FL «qualcs, accntro 
<*5f.4, /.3» diftant(/) aequalitcrv Qpod ciat primum, 

K CQnvcrfo, 11 diftantiap QA, lA ponantur SBquates» tnne 

ablatis ouadracis rc&rum aequalium OA , lA, eodem diA- 

curlu oltendetur quadrata-reliqua OC, IF fbre aequaliat ac 

^g)Pif proinde Sc rcdbs QC, IF aequalcs dle , qua: cum fint (^) 

S« /«S. iemifies rcdbrum BQ^ FLt ctiam iUx aeqqjjcs crunt. (^uod 

crat altqrum. 

PROPOSITIO XV. 

'i**^ "D ^^^^^ circulo iff/crff^arum maxima, eft dioi^ 
J\, meter* Ouerarum ea major y^ qm cextro pro^ 
fior. 

Sit quaeWs RS aiia a dlametro FL. Ez centro dac AR , 
P»^/^ AS. Duac AR , AS aeqvantur diamctro FL, 8c fynt (*) 
*^*'''' majoresqaam RS, Ergo, &c. 

Sit deinde BI propior centro qu^m X7.. £x centro ad 
d^^rL ^ ^"^ pcrpeodicuiares AC , AQ. Erit AQ, (#) major 
(k) Fn ^* quam AC. Accipc crgo AO parem AC > ^ per O duc RS 
frj«» perpeodicularcm ad AO, qc^ (i^) par erit BI s jungantur- 

qup AR, AS, AX,- AZ. • (^uia igitiir A centrum cfl:, crunt 
latera A^, AS a^qaiia lateribus AX, Al, Aogulusautem 
p) p^ RAS, major cfl an£uIo XA^. Er^bafif RS, hoccft BI 
ft4.ii f. major (i) eft baii X^. Quod erat Ocmoaftrandum. 

P R O. 



R 



PROPOSITIO XVI. 
EBa (IF) qtu fer ( B ) extremitaum diame* f%, u: 



tri (CB) perpefulicffUris efi , tora caMt extr^ 
circMbm^ enm^jme taxgit (in B:) Neque imer ipjam 
& cinuUtm alia reQa ad tmaSbmt (B) dttci fotefh% 
^in eircuUtm ficet. 

Pars I. Accipiatur io re£):a IBF quodvis pundum L, ad 
quod ex centTo A duc redam ^L. In trtgono LAB, quo- 
niam.angulus ABL re£^us efl per hyp. erit ALB {a) acatus. fg) f„ 
Ergo AL oppofita majori angulo ABL , majorefl (^) quhn Mr.f.f.3v 
AB, quac minori ALB opponitur. Soi AB tantillm po-tin- l i«' 
git ad circumfereotiam. Ergo AL ultra circumferentiam ^^ ^^ 
porrigitur,ac proinde pun<^m L cxtra circulum efl. [/</?»» '^ *• 
ejlindttnr Je qtunU alio p$m£h rt^Jt lF,a B dherfo, ^tire% 
chn reBa IP ita circulo occwrnt ih unico punBo £ , ta eum 
nm fecet, ] Tota igitur IF cxtra circulilni cadit, [eum^ue 
tantit (c) m S.] Quod^at primum. . m Per 

Pars 1. Infra BF (fi fieri potcfl) cadat RB tota extra drf.ut.^ 
circulum. Quoniam FBA re£lus efl per hyp. erit RBA a- 
Cutus» ac proinde AB non efl perpendicularis ad BR. Du- 
catur igitur cx A centro ad BR , pcrpcndicularis AO , quae ' * 

cadct {d) VCTsills R , 8c fccabit circuKim in Q. Tgitur AB op- /|\ p^ 
pofita majori ahgulo, ocrppc AOB re^Oj majorcit quam AO or, ^. 
qax oppolMtur minorf, ncQipcacuto OBA. Sed, AB par eft f*j**^ti 
AQ : Ergo ctiam AQ^ major cft quara AO , pars toto. 

^Eucudtf hanc propofitionem fic tjfert: 

I . Rc£bi IF , diamctro circuli CB ad rcAos ailgulos ab 

' extremitate du^ > cadiLcxtra circulum : 2. &: ib locum 

<jui intcr rcdlam lincam TB & circumfcrcntiam QB inter- 

jicitur , altera re6U linea RB non cadct : 3. & femicirculi 

^gulus ABQ^major efl quovis angulo rc6tiIinco acuto, re- 

liquusautem QBF mihor. 

Fartem prim^m (ji' /ecunJam jjun demenftravit Tacquetusi 
rtliqUMs duAs pro paradoxis male fundatis rejecit , haud recit 
qwatm , ttt mihi %idetur, $i tnim dari poffet angulus qui'- 
vis reMfneus acntus ^BK» {angulo fed.reSio ABF tnmtr,) 
ysi tamen majof ejftt angulo femidrculi AB^i velfi quivh 
ftnndus reBilintus FBR daripfet» inter ttingentem FB^ch* 
fmum j^B , ad pun&um B conjlitutus i ftqutrttur rtffam inter 
f/mgentem ^ circulum duci joffe qua tamtn eirculum nm 
ftett , tmtra farttm ftcundam.\ 



74 Ekmentmwm Geamitrid 

CoraBdriOn 

f^ 21. TTloc mrfiim patet contadum rcStx lincx & circtdtfis 
rX e0e puo^hialea:. 

f^ il. ' X. Si centris in eddem lihei redH in infinitiun protraM 
mccepdi^ de&rdiftntar pcr fi in&uti circuii tam minores 
primo BSC » qaim majore% » omnes tangentrcdam IF ia 
eodem uno pun^ B. 

- ^. Circuli igit^r in amplitudinem. quacunque dat4 majo- 
rem exaeicentes, propiiis femper ac propius ininfinitum 
tangenti appropinquant , nunquam tamen ei prxterquam ia 
'unico conta6his pundlo conjunguntur : quod quamvi> evi- 
dentiflimum fit» eft tamen revera admirabiie. 

^* <t« ^. Ex his manifeftum eft, lineam quamcunque in infinl* 
tum eile divilibiiem. Ducatur eiiim ab aHooo diametri 
jpun^o ad tangentem re^ AQ. Tnfinit: circuli centra lia- 
Scntes in re6d BA fiae tamino produ^i, re&m IF per 
coroll. a. hic, 8c & muttt6 per coroU. d. 13. tangunt in 
uno eodemque pundo B , ac proinde nuiquam Td inter ie, 
Tel cum rci^l IF conjuuguntur praeterquam in B. Ergo 
necefile eft ut^redtam At^dirimant in partes infinitas , hoc 
e&, in noQ tot quin {^ures, 

%• *>• i'- Ajnguhim contin^tis ieu conta^s LBQ^ (eum nem- 
pe qui tangentc & peripberii continetur) nulla re&a lioea po- 
teft dividere. 

fiip iS» ^' ^ce circuraferentias tamen in eodem pun^ tangen- 
tes fccaH potefi: ac rainui in infinitum. Atque in hoc & 
tertio corollario latet totum myfterium afymptoticum , hoc 
eft, linex rete ad Hyperbolam un^ iccum in infinitum pro- 
dtv^ii» accedentis ad intervallum quocunque dato minus, 
Dunquam tamen coocurrentis : qiod praeclare obfervavit 8c 
demondravit Marius fiettiaus noiler, in Apiariis , 2c ante 
iOom Barocius arque Cardanus ex Rabbi Moyie Narbo- 
nenfi, cujus demonftn^ionem retiert Cardanus de iubtilita- 
te, iib. t6. 

F^X* i^« [jHigitbu eontoBis {uil vhI^c afpilkttirp ) p€r dmpffferat* 
ttMS m eodim fmUh tMngifaes nm mifmitttr , tupete qui mOtts 
tftt vtl nest ^tnntustfeu nott sitpdsts. (yide WmUf. de angtU^ 
€mad^,)Angttltts mum{per drf. %. i i.) ^JtsMfum Unairtim 
in pUmofe mttHio titt^entmm , til^mnin direHnm jncentisim^ 
nUerisis nd niternm inclinatio: reSn tmtem ^I eircttmferen'- 
iutm unttm vel plmes in tmice ftmOe B eentingens^ inipfe emt^ 
tnSis punSe^ {aUc enim^ fi qttisfitt exi/iit nngtdust) nan in« 
clinafiir ttd dlm eirfttmfirmitts, fd etmt Usimfm ^midh* 

Sitc 



Zihr T(nni0i. 7| 

Hk tgh$ir HffttMmm fixmm, qttdUnuis vtmh ifi» nmdif^ 
jtrt k tertio. Hmc Mutem fequitur 

7. Anguhm fmatireHli AB^effe anguU rtBo nSHUim I%«a<> 
ABV MpiMm, Si §mm Ucw ifie ^B¥ qtti inttr circuium 
f^ tm^gmm imerjiciiMrf udfunUumB fit nmjuigiulm^ fii^ 
tm-qmuttu i t$ tgitur «# ABF uhlm , uugubts rtdm nm 
mimutur 5 mc frimdi mtgtdm ftnmrcuH AB^istdkut ttMtut$ 
riBut. 

Cdttrtm tptdftitnm lu SeMi^ fuhftqumt Mgttmm » • lmg9 
muratih trttSUt Ctkdtrr. fVuUiJius^Optrum MatiftmMtictrum 
maittm, idtf (m fu4 de angulo contridfis & iemicircuii dif^ 
m^tiont GtmttricA, fug, ^of-^d^o, tjujqut dtftnfimt, fug. 
«031«* 6^4.) ^ ita^ UHnr qui Mfct oiiiButttr f^ rmittmt» 
^tku, Tjrmts interim, mifft hac SchtUo^ ad frof. 17« c^ ftf^ 
€tm aliqtto tomforit oftrsqttt cmfendio trunjibunt,'] 



Schelii 

Dcflaoaftratur & folvitur fallacia paradoiq^rum 
ex ai^lo coma&us deduci (blcnt. 

r t 

ATque hffc tpMttti ex t6. prop. badenus dedudh 9 fc 
mirt & cma iunt. Qu9e verd deduci cx cUtm fbleoc 
pneterea , omnem captum humanft mentis excedunt. Quara 
iiiipicari ali^uando com iMire kic aU<)uid , cujgs ignoratio 
ftbtilibus etiam ii^enns ilhideret, & paradoxis i%s nnmani* 
bus ailerendis aniam prxberet. Et piaae , quod /ufpicatus 
fiim, ita fe babciie, n^fhi tandem videor deprehendiile. IV 
radoxa qus ex 16. inferrifblent» ex aliis multis, bsc fire 
imecipua funt» 

i, An^ulus contiiigentise (OAC) omniacuto mioor ell. F^.i^ 
Acutus efto PAC. Ab hoc auferri poteft dimidius, ^ a re- 
fiduo itcrum dimidiiis ,8c fic deiiltepiS fine tcrmino. Quopac- 
«to acutut fiet quocunque dato roinor. Quamtumvis enim 10 
infimtum minuatur , leiHper tamenreiidui anguli, ^empli 
gr, anguli QAC Jatus unum QA (a) intra circuhim cadet , ac {t)rtri6i 
li-otn^kangvlttscontadijs OAC intr^ acutum co^inebitur, a p 
ejuique pars erit , idooque iUo minor. 

a. AnguKis ibniclrculi (BAO) lic^ redo miiior fit s eil 
ttinni acuto major. Quia ob eandem cau&m , acutot quaa- 
tumvis magnua BAQj intra fenicircoli angutum BAO cqm- 
prehenditur. 

Haec duo in ipib textu propolktoiKt inieruntttr. Quam- 
vis nonnuUi dubitent, EucUdis ea iint» an ab aliquo ad)e^ 
Afcnopmi certi siagtut.CeAaidniydkoicaiidemaBeaio- 

ncm 



j6 Elemintdrim ijemetrut 

Dem io dKpfi» iijperboM & paraboU demboflral , faas HlatiOT 
ncs practcrmittit» 
' •' 3. Af)gu]usredQsCAB(imoacuttisqtiicanqueCAQ)con- 
tiact infinitos aDquales an^alos contoi^^s ac proinde infinities 
iHo eft major. Kam angulus CAB dividi poieft in acutos infi» 
nitos mioores iemper £ miQores« <)uoram niiiilomiims fio* 
H1 f» V^ ^^ maj0res (s) angub conia^nb DAC. 
fsrsim* i. 4. AnHulus conta^s CAO eft vera pars anguli redi 
CAB,euiKKm quippe un^ cum iemicirculi an^o OAB (on- 
ftituit-.QequictamcnulMfttamultipUcationemnm totum ad» 
«xjuare ; ac proinde hic infinita «qualia fibi addita noo e& 
ciunt infinitum. 

' f, Tranikur a minori ad majtts & per omnia media > ne^ 
j^ue tameo per doqualc: Civc datur majus aliqoo» & datar co» 
dem minus, nequetamen datur eidem aequafe. Nam 11 Be6b 
AB, fixo manentepun^ A , movcatur, donec coogruat 
cum tangentc, defcribet .acutds angulos BAP, BAQ^ ^ om* 
nes alios poffibiles, qui quamvis femper augeantur iempcr ta- 
(V) F<f men erunt minores (^) iemicireuli angulo BAO , quaftipr^ 
/jMrfMT* a. mum yer{^ AB^ coi^uet tan|jcRti CK^ mmedKate habetur 
redus CAB major angulo ftmicirculi. 
. Hasc 8c plura alia cx liac 16. propofitione deduci iblcnt: 
qnae profeAo,fi ita> ut propoountur,&ffe babeancimeritoio.- 
comprebenfibilia videri psilcDt. Pdetarius , ut his paradoxis. 
ie expediat,negat angulum .cootadki^s efie quantum. Rem coo- 
fecesrat» fidixifkt nuUum an^Ium effe quantum. Scd is ve- 
Jbemcntcr crrat , cum inde mfert omncs femicirculi ax^of 
cfleasquajcs» quod plane non ia&rret , G intdligeret, quod 
de cqntadlAs aogulo aflevctat » omoS^qs anguTis convenire. 
Ncque taroen Cuvio nofbo in fti^ iM adverfi^s Pcletarium a- 
poloeetica difinitatiooc afleotior. Mei quidem fentcnda utcr- ' 
tfie Mitur , hic dum omoes omoino aogubs cfle putatquan- 
titatem; iUe dum omtm pvaetcr angolum contingentiae. Alii 
£ cxiflimaBt hac uni refponfione omnes difficuttates £>lvere» 
fi dicaot, curvilineos afl^ulos & re6lilineo6 efle iQcom{iwabi- 
^ les. Rogati vcr6, cor fmt incomparabiles , refpondeot». quia 

anguius jpotadus quantumcumque multiplicatus » nunquam 
potefl xquare rc^m vcl acutum. 

Atqui lioc efl puadoxum omoium maximum, cujus ex- 
.pltcatio petebatur, qui nimirum' fieri pof&t, ut angulus con- 
,u€tu$ anguli redi pars fii; • & tamen quotiefcumquc multi- 
piicatus^ eundem fiiperare necjueat. Rcfpondcnt anguhun 
.contadHis noo efle partein re^> quia eum ooo potefl ad' . 
asquare. At paiadoxorum afliertores rcplicaot , faioc ioidm 
Ibqui 000 cffe pvian rofti alJfpMrtmn ; Ycran i taoieo ciJe 

partcmf 
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firtem f eo:qtf5d. aim ftmidrcttU «Hgulo reftun p>mpo« ^ 

nar. Uode oui hac. vU difficultates propoiitas voUnuk 
diflolvcrc » dcbaeraat oftendere ai^lum contadus . nuUo 
lenfu partemeile redliiinei anguli, nequc$kddito iibi iemicir-^ 
culi angulo redum componere : id quod ^Lduri dcinccps no^ 
fumus. 

. JMilu videtur res omnis cx Eucltde^ dcfihitionc anguli pcn- D^ i^ 
dcre. HsBC eoim » ii penitius expcndatur, roanifeHe docet ^ k 
nullum angulum eile quantiam« qup iino errore fuhiato^ pa-. 
ladoxa omnia evaneicimt» Sentio igitur; 

I. NuUos ai^uliis eft ovt^titas^ ied modus quaotitatis» 
Sic enim habet definitio 8.1. i. Aogulus planus eft duarum» 
linearum te. alterius ad alto^m iodinaoo. At^)}i lioeahun in- 
clioatio non cft quaatitaa» ied modus quaotitatis. Cum eninx 
ciirntas non iit quantitasj cyr ioclinatio iit, gux ab ilU non 
magis di&rCf ouam infiexip & fra6^? Ddode i $i angulua 
cflet quantus , met vel linea» vel foperfici^s , vel corpus. Noa![^ 
cfle Iinean\»aut corpos patet. Sod neque fuperficies ei^ : ca 
cnim,' ablatione partiom C» Bf minuitur^ non aogulus. Ne- jF^« ^ 
quc poceftdiciaogulum eilb fiipaficiem indeterminat;yn,cum 
angulus quiUbet &crminatus iit. .,...-. 

a. Quooiam aaguU Qon fiant quantitaif ied modus quanti, 
•orum. inter ie comparatorum-tcjauo v oon eil squautas 2c 
imBqualitaSf ied iimiiitudo & diiTimilttudo. « 

3. Qiim i^tur aneuU im^ & comjparati aequales dicantur . 
aut inaequakif noo 2iud intelligi potelt, ou4m eos limiles eile. 
inter (e aot diilimiles. A^uit taqien Euclidcs aequales & isxT, 
qnales dicere, ob muitas bonim tercninprum in angulis redki- .* • ^ 
bneis commoditates. Qucm proiodc loquendi ni^^m etiam 

nos re t i n e b ioa o s. ^ _ 

4. Simiks porro anguli iuntf quoruo^ ambo latera fiijper-. 
smpofita.coiigruuoti diilimiij^Sf quorum non congruunt kte- 
ra. Angulus enim nilul eil aliudf • quam inclinatio linearum» 
altequaadalteram... Ergo fimiles anguli iunt inclinatioaes li- 
nearum fimiles. Non iimtautem inclinationes linearum iimi- 
ks f nifi ambac iibi mutud impofitae oongruaat.' Ergo ilmileg 
anguii /iintf quorum congruunt ]atcra> diillmiks.f quorum 
oon coogruunt. 

f. Itaque manifeftum eil, nullum at^uTum curvilineum l 
aeq^em dari po& ulli a|>gulo rcdkilineo. Nam a:quaUta% 
angulorum noo aliud t& quam fimilitudo . per coocluf. x. 
& 3. Similitudo angulomm eil lola laterum-^congrucnti^, pcr< 
conduiioo. 4. Laterum congruentia iiabcri nequit , dum 
ai^alus curvilineus impenitur rc(5iilineo. Ergp &c. Errai; * 
igttur ProduSf dum defcripds «qiyudibus femicircuHsi ita ror 

tioo 






f* 



ElC9ft60i0W9$ tS^OttUiTiS 



l%. a^ tfodflator: aDqdalitttn ihnidrcokirtrdi iuigQli EAD» CAR »3 
qoAks iunc. Etgo fi his addatar cornmoiiis ai^us CAD crit 
sfngulus EAC coryilineus aequalis re€tiiineo DAIk Faliitae cr-* 
go axioraa , Ci acqoaKbtti addas vcl demas flequdib» tbta» ifd 
re]iqua.crunE asqualia? «Ncquaquam: boc enim ad res quantat 
iblum pertinet: anguli porro quanti non funt. Axioma ut in 
angulis valeat» ita formarl ac mteliigj debet. Simiies anguli» 
fiapponantur (Imilibus angulis, (imiHtecquepofitiSi qoi tum 
oricntur» erane fimiles. M Pr^clus comparat angu^s fimilcs 
^idem: ied communfS, qui utriiqudadditur, cdim ab utA 
parte habeatlatos rd^um» ab alteiid ewum » dlflimiliter u- 
ft^iique additur. 

6. Quare citm tota ^sffentta aoguli fit linearnm & tangen- 
*lium inciinatio, non crit unus angulns pars alterius ; una B^ 
qnidem incliaatio pars alterius incanationis non eft:*Rcque aa* 
fi\\ii auferri ab angulo poteritj inclinatio fiquidom una auftr-* 
fi nequit ab ahcrd, &c. Hobc enim nonlaterum indinationi- 
bus , quae quantitas non fimt » iid ftperfidebus aovnr ktm 
conftitutis conyeaiont. 

7. Poftrem6 ex jam di£Hs coBigtmns , quomodo imelKgi 
deboint illa^ locutionum fbrmaB, quibus (SeoaMtraB paiTim » 
atqueipie ioprirais Eucikics, utunturr oU^ anfi;uk>s ieotfi » 
«igeri» immimu» alte^um akferius dupkim, tripTum, aliacM 
iimilia ai&runt. Haec ^ne exiftimabimus eos non propr»^ 
fid analogice tantilkm angolis tribuere 1 itaque eos loqui PO" 
biiie, qu6d id eommodius, & expodttius eflet, nequc tainen 
obnoxium periculo , mod^ in angolis redilineis maneatttr. 

fk^^ Aogulum itaque dividi re6biDA, non aliud erit, qo^m mi»r 
ktem EA, CA aliam ioterponi lineamv quacnoiras duas cum 
iitioque latere inclioationes , hoc efl duos aovos ai^ uki» 
efficiat. Anguliim ?erd EAC efle duplum anguli EAD, nihil 
rurfum aliuderit, quam inter liaeas redas £A, CA , aliam 
interponi , quae ad utramque iimiliter ini^Iinetur i unde fiae 
utrc^ EA, DA re^is CA, DA, incliDationibas mm mu* 
fi*tf*& tatis, impoiitac congruant, Quod fi ita rftiooinentur : ( Aa» 
«tf« oilus EAD clt aequalis angulo ILQ , 8s DAC efl aequafis 

QLR ; e^ totus EAC toti ILR aequ^is efl : ) klem' 
erit , ao fi ^licatur > Inclinatio re^hu-uq^ EAD iinxilis^ lea 
oadem,eil incliaationr re£bu:um ILQ^i 2c incIioatiO' red^a^ 
ffttm DAC iiroilis e(l ioclinationi rc&rum QLR : Erg{> 
Miam incUnatio re^rum EAC Amilis ertt inclinationi rec« 
tilrum ILR. Vel certd (quod recidet io idem, eJC ailerw 
tione 4. iiipra ) coile^onem iDam iic intellige : ktera 
£AD coogrumit kteribus ILQs & ktera DAC congnraae 
htcribus QC<R r Ergo kcpra ^uoque £AC congruunt kt<;» 
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ribos ILIL Qii« quidem ccmiecutio xqstt chni cft« atqae 
& aEqualibus addas aequalta,-toca sBquiidia dle. Ad euin modum 
locutiones caeteras» quae, cibn fint quantis propriae»ad angii* 
los translerufiw» &Gl]ct vaitatc tbcoreitiiauin ttbique ialvl, 
mterpretabimur. 

His ita conftitutlf, &dk paiadoxa angnlarla diflblvcmus ; 
quse &De noD aliunde OMta ftnt, qukn qvod aogulos cqdexiw 
quo caetcras quantitates , habu$xim loco. Ut igitur fimul om* 
nia exjwdiacn i Dico ]midoia illa» fi ia proprio verboniin 
&nftt accipiantur j ad HOttlA omnia effk Sbl^Aj Sic enim accep» 
ta non conveoieot nifi quanto: anguU autem quanti non iuDt» 
ut jam oftendimus. ■ >\ \ • ' ; 

Itaque angulus conta^us neque mioor eft quovis acuto» oe- 
oue fars eft anguli ^reSiiinei » ncqvnt in redHlineo coatinetnr iii- ; ' T 
nnities , imo ne &vt)t\ quidem > nihil cnim horum , lioearuai 
inclioatkmi poteft competcre , 91« tota anguli e0entia eft. Si « 

verd ixm proprie, ied analogice accipiantur , ja«i oihtloQiiti- 
nent,quod a comrouniieniu ac ratione alienum fit. Sic enim» 
•j^xgulum oonta£bus OAC efle minorem qnovis acuto » & le- J%. at»^ 
micirculi angulum OAB acuto omni majoremftnon aliud fig- 
mficabit, quam infra tangentem C A , nuUam pofic ducf reo^ 
tsun id cootadum, quin ieceit peripiieriam. Quae quidcm ctr« 
culi proprietas eft omnino digna, quam hpinincs admirentur» 
eft tamen ejufmodi quam poiEmQs inteOi^ere » & quae niiul 
cum ratione pugnans involvat. Kon ahus paradoxi tertii » 
quaiti 2c quinti ienftis crit. Atque ita inuus ^uclideae dffim^ 
tfonis du^o , riti perffeSti naturd anguli ,omoes iipmaaitttfi . . 
pKadQXonim ttnehcae «vme&anr. 

PROPOSITIO XVII. 

A PmSo dato (B) reSttm ducere , qm datum F^.%f, 
*^ ciretdMm (OQJ taugat. 

£x A dati circuli ccptro do/oatur ad datum jpuofi»m B 
JtdoL AB, iecans peripheriamnirO. Centro A delcribe pcr 
B ahum circulnm» BC , 8c cx O duc OC perpendicularem 
ad AR« quae occonat circulo BC so C. Duc CA , «xrcurrca- 
tem circulo OQ in I. £x B ad I duda ic6tz taiiget circu* 
Itim OQ. . 

Qda iatcra B A , lA acquantur lateribus CA , OA » an- 

foluique A commuoiseft in trigonis lAB, OAC , et»m ^'^/f 
*) aogttli AOC, AIB'9tquaies {unt. Scd {b) AOCfb)p^ 
re^cft. Ergo ctiam rt&tts eft AIB. £rgo BI (c) empr. 
«Dgitiol. . {4^^ 



Scf^litm. 

tk* ftt* 17^ B'* ^* pulchr^ ex daco pundo (O) ducitur tatDgenf^ 
^* JCi circulum datum f BQ^.) 

Centrum A {c dacum pun^m O jnngens re^ bifccetur ia 
F. Tum centro P, pcr A & O defcribe circuhim occurren-' 
tem dato in B. Redb OB tanget. 

Nam jundi AB, angulus ABO in lemictrculo re£his efl; , 
per ^i. crgo per i6. OB tangit circulum BQ. 

PROPOSITIO XVIII. 

fk* *Si ^IclrcmlHm tsngat re^a Sned ( CL^) qtta ex cen^ 
^ tro (A) 4dcontaStm (B) Jftciturj ta^entifeT'^ 
fenJictdaris eft. ^ 

m 

^' Si neg^ » fxt ex A centro perpendicularis »alia qoaedam rec- 
fa) ftt ta AF: (4) fecabit ea circulum in O. Quia ergo angulug 
-ir.« -^ z...^ _:. /z> ^Bp acutus. Ergo Afi, (hoc 



i.fm,f, AFB redlUs ponitur , erit {6) > 
«^^«- cft AO } major (0 qu^m AF , 



(b)?ir 



pars toto. 



Z.i^. PROPOSITIO XIX. 

^/|!i C*/ reSa (BC) chrctdttm iaxgatj dr ex contaSt^ 
, i3 (A) tdngentiferpendic$U4trisexcitetMr(AIj)erit^ 
in ea centrttm. 

Si n^s , (it centrum extra AI in Z » & ab eo ad con« 
{A)90 taAum ducatur Z A. £rit {d) ai^las ZAC redos » fic 
frm. proinde par angulo lAC, pa bypotn. redo; hoc eft» para 
toti. 

PROPOSITIO XX. 

fk.}i.|a. A Ngtdus ad centrtm (SJKT) dttfius efi mtgtdi 
'^' JHL (BCF) adferifheriami cttm idem arctts (BC) 

tft bafis att^niartmm 
• * 

1f*Sit Triplex eft ca&s. Inprimo, latera BA , BF cdnci- 

daot. Tum yer6 quia AF, AC ex oeotro dudx aequantur» 
jf«)f<rj. du6ti FC, CTuat lA trian|Qio 1 anguli F fic C (e) .«qualea. 



Sd ftAC («) Kqatfs eft dnDbui F « C. Eip BAC dtk* j['^.f^*)^' 
pluf eft uQius F. * 

In cafu iecuiido BA» CA cadiiiit mtrt B F , CF. TuAi *•♦ i^ ' 
^ei^ du& FAX, ^ cafiim primuxn XAB eft duplus XPB ^ 
ec X AC duplus XFC. (^) £reo touis BAC dupluseft tor ^7^'^ 

tlUS BFC kKnmiir 

[Ssi XAB MttgMiHs grMduum 6: (c) mt Mffilus XFB grm^ fmdet. 
Jtmm 3. Sit porro Mng. XAC^. 4; (d) m/ :^VC gr. %• (c) ^<r 
£rgoXAB.+ XjiCintgr.6.^/^:^gr.ionBACi & ^xf^ 
XFS+XFCgr. 3 4" > S gr.s.^BFC. DfiMiiiM Mit$m i ^ fg 
frmimitm mstmmts eft ^jmmtrii ^flusi irg/t ^ Mttgtdm BAC 
dupiMs eft miguU SWC.] nr ••. 

In tertio ctfit BF iecit AC, dc aagaD BAC > BFC ruat '*' *^ 
cztia iavicem. Ducatur FAL. Per caiiim 1. totusLAC 
dupius eft tocius LFC, fic abfatos LAB duplus eft aUati . 



LFB. £rgo («) & rdiquas BAC daplus eft reliqui BFC };/ ^'Jl 
Quod erat demofiikandum. . ka^nm^^ 

Isit LACgr. 11» LABgr. 1. (f) EfiPir ZJPC jr. 6. LFBfAd^ 
fr.i. Btg9 LAC'-^ LABZZ.gr. ix— iSTX''-*^— *^* ^^ '^** 
6* LVC-^LFB:S:gr. 6.— i STxr.f .3S*^. JEr/^ <a«*A^ *• 

PROPOSITIO XXI. 

A;y^4rfi (BQC, BFC,) qtti ittcfnttUit^tti^Hit^^ 
eidm ttrciti (BOCf) fivt, tfd itt tojftm jeg\ 
memt0 (BjQSQ mfittt», inttr fi mnetfim 4« 
fttaks. 

S!t pr]in6 ftgmefituiA BQSC majUs lemfelrctito. El %i|4» > 
centro A duc AB, AC. Per prxcod. angtdtts BACad cert^ 
trum, dupltts eft (idgulorum BQC» BFC. Ergo omna ^\^ 
BQC , BFC iiiut ig) seqQalcs. Quod erai demo&ifaandam. ^*^* ^ 

lit ddiide fegmemum BQC atqpale aiit minuf iemicir* j^, ^ 
colo. la triaogulis BQI & CFI, ouia anguli ad verticem 
I oppofiti, [h) aequaks fimt, etiam fumma reliqttomm <itx,.M^ifi 
R fummc reliqnorum F & O (i) sHuialis cffit. Qusre fi ^ ' • 
ab his sBqualibus fumaus aa&rantur ai^ R fc O qui Xl^ZS^ 
^ primam partem aequales fiiot, utpote eidcm arcui QP 
infifteotes, qui remaneat Q, J,aiquaics cni&t« Qood erat ' 
demotiftrandum. 

CorolK nine c^lBgnm Optiei Umm» tptgttwis BC Huh uU- flfk f 4; 
%nt m tireuB , fUJMt tbards ^ , orewtifirimiA fejitt ejttfdem W |/. 

F tttsifjHittp^ 



' "9k Wenmmtm ^mnrU 

uhiaue aptaret. 

^S^ " {jSchonum. Sifufir 4ivjir BOC infifiMtu dm9 d^tMks.sn-' 

p*iit quorum uUer B F C ^d ferffkmfiam urcui BOG offefttem 

\ MSfi/to : fr-H utirqu€ MHffUuj mU §Mndmn firifheriam ijfi 

.' BOC offojJMm i noc efi y angulus iffi BFC dquMlis » neqi^ 

dtra f ruque uUraferifherikm cMd$t, CM^Mt mim f fi fieri 

fotefi, cbrM ferifheriam mJ fuoBum I intrM drculum^ ttngm^ 

hs BJC dqstalisMUSUk BFC mU ferifheriMm txifinttU & frM^ 

. , ducMtur*iCdc»ec occurrMtLferifheriM in ^, di* ducutstr B^^ 

tdkt^U^B^G, Btb hk eodm ftgmmo exifkmeti fer huuc 

' P^h ^^ WsmUs : Sed (jr BlCt BFC dquaUs ejfs /stffonuts» 

' ' W>i Ettg^iJC (extmTUU Mngtdas* tnunguU BI^J aquMtis 

'^ ulMi^mmmrsun offofimssm , mmfe MUgsslo B^I, centr» 

^ iiw» • Wfr^ pW. I.' Nmigitur cMdit tntrMmcttUtmvdmsm 

r ferifkerusps MnguUss Mogsilo BIC eqteaUs. Sed neque extrtt 

eircuUtm « vel uUra firifheriam : fiwmexifw^ tstissE cssder^ 

' ' fi^^^ ^ psnBe ^sisbi reStt CE perifhermm ficm . dstCM* 

(^ IVf twf^ riSbL^ i trn ut frius , msgsdtss BJ^ {z^MU^^BFXSy td 

SfMC fnf:' fmind^iky) axgult BBCtaqstMUr^ rurfum comrM iJestr-cereiUri'- 

A^LdT •**>^**' B^fit MnguUss externus^ B E^u^ intemortsM 

^ effofitorssm trtMnguU B^E. Cum igitur auguUts if/i BFC ad 

ferifheriMm- exiSenti^^aUf- , ; neque^ cudui^ stierst-perifheriMm 

neque citrM\ erffatsgmui ud ferifherUni. ^. £. D. 

fim ^f, - Eode^s stsedo , fifegmemussf B^FC fit fimicirculo .aqut^Up 

^^' vel tnihus, efhtkietur ussg^Usm angsde BFC aqutdmi ^iqgte 

m$rti, iMfM uUra f^ifherustn B^ FC oMdere.] 



^p R o p 6 s I T I o xxn. 

V^ ^fdi dttos rc£los cossficittnt. 
'.' . • . • 

DnoiatiirBFyC^ >AsigiIus.AEG» cum>diiobos 8c£ 
(c) Psr ftcir (cy d«08 rcGboe. SedOcSt (d) aequalis I , oiitt infiftaDC 

YI.L^. 'arcQi' AB. Ergo ABC» cum duobus ertasn ,1,2,* boc ef^, 
lc) Per, . cum tiH6 oppofito aogulo AFC, lacir duo$ rtfftds. Quod 
ofid. cxar demonftraofUim. [£/ fmrl suodo eflendttur MSiguiet efm 
fefs0ts^ BAFn BCF duohst rt&it aquMies eJ/kJ] 

OdtoU. (i,y amc fi umsm iatut quMsiriUnri in cireule de^' 
fcrifti frodtiCMtur , erit unguitts extemus MquuUs smgtUe qussdrt^' 
iMterieffefito: insermtt mm setrivit Mdditmt dues reehs anguUs 
{f)Pef^f'(£) om^. 



Teriiuf. tf 

f (i.) ttm ema thmbitfn nm 'RhomBoidem ekeuhs deferihl 
mequit 'y ifUfth sJverfi gjus mtguli vel eedssnt dttobus reBis > vd 
0§s ekeidttnt. 

PROPOSITIONES XXIII. XXIV* 

NOff fitttt necejparia : ^ agittrr dt feffnenfix fir 
fmlibm ^ (^u€ non poffftta fine fropoYtiomhm 
reRe defimri. [Si quis tamen has propofitioa^ 
defiderer, inter CQrolkria ad prop* ult. tih. 6^ caf' 
inveoiet«l 



pROPOsiTio XX v; 



D 



Jktm tnrcMm (ytS C) perficere, - f 4. 37^ 

Sabtendatttur utcunque dax leGtm AB , CB , <jfm biftdl 
£1 1 Sc L. £x' I & L duc perpendiculares iibt occurrcfi^^ 
tcs in pun&o CX HoC erit centruo^ circuli , cujus portio^ 
«ft arcus ABC. 

Nam («> oestruni cft Sc 10 re^i IX, 8c in te&i VL.tsr (>) f^tto^ 
gj m cgmrQuni ip(i& puo^ CX ^- < ^* 3* : 

Prajds. . Ce^tfO 8 iuiiipto in arcii , defcribe cirtfuliiit)*, eo^ f%. 97« 
dcmcfue iotcrftttio, aJiis in arcu centris, deicrfbe dlK» Ms^ 
circuios <|uorum iin^li priorcm bis iecent. Pcr incicriec* 
dones du^fbe rcdae iibi mutuo ocqirrenees in O (k) dabunt^ (b)Ptt 
oentruqfl. frax.fr^ 

P K O P O S I T 10 XXVI. & xxvit. TT ** 

ITS^ circttlif ^uaHbtts^ [vel in uno eodcmque cir» ^* 3*» 
cuk) »] rtS^ iteftiales (CE > FI) fithteneteent ttrctee 
mpt e tte s \ fir fi ttnns fitnt aqttales^ etiam fiHbt^enfit 
ttqttales entnt. 

Pars I. Ad centra A & B ducantur CA, EA, FB, IB, 
fRiBdilU eruntjlti mutuib (c) 4qualtsy utppie quA fmt tjuf- i\^^ 
detn ciradi , vel ^e^uaUum circulorum K^Mi.^ Quia triangub ^"' '^ 
CAE, J?Bl Jibi mutUQ ae ;u !atera fiint , etiam erunt iibi ' 
mutud (d) aequianjgula. Ergo cum circuli Cbi mutuo itn- (d) Vtr 
poaotfurt trianguminFBIcbngrucre potctittrianguio CAE, ••^1« 

F a ac 



S4 Etemetitonm Gitmetrkt 

ac protttde ceatrom B incidet ia ctmniiii A $ bi punfti F« I 

ia puD^ C, E. Ci!im igitur circult &it tcquales» etitin? 

arcus FLI nece(]ari& congruet arcui CQE, & arcut FOl 
(a) Ver arcui CSE , ac proiode aeauales (4) erunt eciam ipff^ 
^•7- Pacs 2. Q^uoniam circulQrum flBqtalinin arcus FLf , CQE 

^^\ ^l^ ponuncur sequales , fibl mutu6 impofitt [h) congruent , punc- 
***•'• tequcF, 1 incident in punfta C, E. Ergo ftc fiibtenia FI 
(c) Vw ctMigniet fubteniae CB. £r|;o FI , CE {c) sequalas (unt. 
^xit,7« [CoroL In^drc$^is dquMliSus , vtlimodtnff n&4L indqttal u 

fubttndmt arcus i n Atpud i t , mMjor mdionm * nmm nunonmi 
^ fi MrcMs fiterinf indqunlij » etidm fisitenfit imdqunUs trMvr.J 



P R O P O S I T I O XXVlII. & XXIX. 

> ♦ 

11^.39. C^I m circtdis dqtMlibHSy [vel in codem,] angtt^ 

X i3 gulijtve ad^ centra (BjiCy FLl) fivt dd am^ 

bitttm (BOCjFSI) Jtnt a^ales; etiam arcns (BXCt 

FZI9) ^HibtiS inlifitmi » ftm aqtiales : & fi arcui 

Jmt aquales^ etiam anguU aquales ertme. 

tSifet ^^' '* Qupoiam latdn AB, AC {i) «qoantur LF, LT» 

12» ir* ^^^^ C3oi\m aequalium circulorum iemidiametriO^Bc taffuK; 
(e) f<f A» L ponuntur xttuales» crunt boibs (#)'BC> FI acqoaies. 
^Lu £rgo arcQS BXC, FZI eriam (f) aequajies ibtir. * 
(0 fe^ . Ponaotur jam anguli BOC, FSI ad ambitom aBC|oaleflr 
\^\f}r Q-"'' '\g\ty^ (g) horum dupli funt BAC, PLI$ ettam lUi ae-^ 
9^^<3* quaies eruht , ac proinde» ut jam oficnfum» etiasii arcos 
(h) Frr BXC, F7.I fuot aBquaies. 

^. tf. pars a. Ex scqualttate arcuum BXC, FZ,I lufietor per 17. 
1'^ I aeqoalitas ibbteDfirom BC, FI. Ergo quia etiam BA, AC 
<k)iP«r (h) squancur ipfis FL, LI, erunt (i) aoguli A & L ai 
^U 3. eentrum aeqpiaies : .8c quia (i^) anguli O & S honim dtmidn 

iiint , enmt etiam ipii «quales. 

Ftf« 40« '"■ C^^^^- JAn§M teSm £ F, eptn in A ntiJio funBe feripheria 

' "aJUujus B C circuhtm tnngit , farmOela efi re£id Jined B C quA 

feripheriam dinm fukendh, J>uc tnim t centro D tiJ centae' 

eum A reBam DA* & tomteQe DB, DC^ In trinnprii* BDQt 

CDG, Imus DG cemnmne e/l, (^ DB dqunle DC, atque a»T 

fl) P^ ^*^' BDAdqunUs nngule GDA (oh arcus BA, CA dqfto^ 

^t 1. /#/.) Brge nnguU (1) DQB^ DGC dqualts , & froimle reA 

(m) Per j^ ^^ i^,^- ^^^^ ^m) GAB^ GAlPetiam rt&ifiiut^ 

rx% £rge (o) J8C, SJPfitm faraUeU. ^ E. D.} 



' iMr Tmlm, $5 

PROPOSITIO XXX. 



D 



Dac AC, qoam bileca in O. Ex O perpendicuhrem duc 
OB , occurrcntcm arcui in B. Dico fadlum. '• 

Jungantur cnim .AB , CB. Latcra AO , OB pcr conftr. 
aajuantur latcribus CO, OBj 8c anguli ad O ibnt aquajcs, W^^ 
quia rci^i. Ergo baics AB , BC {a) cquales. £rgo«ctiam (b)'pJr 
(^)aequantur arcus AB, CB. ^ a6./. |w 

Praxis. Ceotris A & C dcfcribc pafi in^vallo arcus ie &• F^* ^u 
cintcs in pundis F fic I, per quflc, du6U re^ arcum ABC 
* (f) Mlccabit. * (0 ?gr 

[C6r. IJmfi^mttart dhniimm chcriA nreum quemvis fuS- t^^^-f*'^ 
tmdimisy tfifrmijps Mfcis V^iusfinum rt^umi cr '^'^^ virfd» 

fimtm re&um dufUctLtum» chordam tffk dufli arcus, Huic om- 
nimfimile efi cor i. f, i* frSts, ds cmri^ anguUm ud c$mrum 

fifSreudmi.^ 

PROPOSITIO XXXI. 

AJNgMlm (BCF) in Jimkircuky reSbu tfi : h K^.^s^ljg 
Jmnemo nu^are n^or re^o; in JiffmentQ 0»/* 
nore re^ major. [ Itcm angulus mixtnineus leg-. 
nynti majoris efl; majorredo, & angulus mixtill* 
neus fegmenti minoris eil minor re£to*J 

• • Pars 1. Et ccntro A duc AC. Quia «quales funt AB, l^. 41; 
AC, ai^K O, B (4/) xquales crunt. Ob candem cau&m i^)^ers* 
seqtjiks cnmt I , F. Ergo totus BCF utriquc B & F aequa- * '• 
i>s cft. Gkn igitur («} trcs ilmul coiiificiant duos rc6^osi Q> (e) ftf 
nuflistriam, anguhis BCF, uousreduscft. 3a./li^ * 

Pars a. ^t ^mcntnm LOBF fcmicircub LC^ majus, F^^^g^ 
in eoque FOL angulus, 8e ducatur OB. Angulus rOL 
mioor eft angdo BOL , qui pcr i . partcm rcdhis cft. Ergo 
2cc, 

Psffs 3. Eflo £gmeiitum IX>1C fcmicircuio LOB minus, Fjp. 4^; ; 
in coqoc tnguius XOL. Erit bic major qusim BOL » qui 
if^scft. firgoScc. 

F I l?m 



9^ ISkmmhfifm CfimtrU 

_^ * * 

ffc* 4t« [^Tm 4. S/r re^a BC commwm fegmmtorim hut^iuilinm 

Imjis: ErU angulftj tMXtilhius fejmenti m»j(fris BCF, ttSiA 
BC (^ ttrcu CF cmprehenfus , atjgulo reSo major, Ducatuf 
mm MamHfr BF, ^junHa FC, ertt angu^us reBilimusBck 
reBut per frimam parfem , ^ froind$ angulMS mixfiimem$ 
BCF9 reBd BC (^ arcu CF comprehenfus ^ eru reBo major. 
(s) Per, h^oducatur FC ad E, (^'4k9gulus BCE reBus erit (a) , uc fro» 
«^/ H* tnde tmgulus mixtiUneus BCD fegmenti minoris erit tiBo nu^ 
* Wr. ^B.D. 

^uartam h4nc fropofitionit 31. partem , ojufipti dmenf' 
trattonem a Tacqueto omiffas > ex Euclide rtfiituendas duxi* 
mus, * 
^*^ CoroUariuni (1.) ^me Exatnen Norma, num exaBe nc» 

iMngulafit infiituitm, Jn circulo enim quocunepse , . po^lto ad 
eireumfereiuia punihtm quodcunqUe ^Sorm^ vertice» ^ /«• 
sera per diametri extrema D Cr E trstfifounti angulus eft rtc^ 
fusi Sinminus, baudquaquam. 
tigu (^O [^^ n^nu Itttera ad pun^a D f^ £ contlnuh adjune*^ 

i0 teneantut » interea dum angtdus utrinque circumagatur * 
Vtrtex anguU ^defcribet fircur^erentiam ctfcuU cujus diame^ 
ttr eft Unea DE] 
MC* 4«« (3O ^^^^ ^^ extremd Unoi perptndieularem excitare difei" 
ntus. Sit BCMnea a c^jus f^nBo C perpendicmarem oportesi 
oxcitAri, 'A punBo gftovis A tanquam centro defcrihatur cir* 
cuUiSf UrpunBum C tranfiensi ey lineam BC interfecans in 
fttnSio: B. DuBi diamitro £F, e^ re^u CF« Uqaet Unemm CF 
ttje Unea BC normulem* ^. E, F, 

[(4..} In Triangulo reSangulo BCF* fr hypotentj^a BF iifeco^ 
fltr in A , reHa ACfhcaSit manguhm in duo tnanfula aqui* 
prurs. ACB , ACF: Et circuhs centro A per B defcriptus trtHP' 
Jsiit per C • anguU reS$ verticom* 

(y.) Citm anguUtf mixtilmeus fegmenti majorist ftt anguU 
(ti) Ter te^ reBiUnto (b) major,, angulus autem mixtilifteus fe^utemi 
^2-4* minoris^ fit tmguUre£fo reSiiLineo minor\ ergo anguifts mixtiU* 
H*^ neUsfemicircuU erit angulo reSh reBiitneo aquttU^ : id ^d ftiem 
(c) yide iMtea (c) ex alio frmifia demoi^avimtts*^ 
eor. 7! p. 



»6./. 3, 



pROPosiTio xxxn* 



fft' 4^ C^ ^^^^ (CP) circttUtm tttttgtH^ f{r alitt ex 
^ tf ! ^ ^^^ i-^B) mttdm fecit , trit ^gttlHs 



ctftttaHu 
a tatt^ 
getite tt ficamefaSm^ for 4mgnla% fiiff in feffnctUQ ^ 
aUertto^ 

Nlml» 



Nimirom «igulus CAB erit par angulo L« i|ui fit in/eg- %4f> 
mento ALQB> & angiiJus FA6 par sngulo-O» 4111 & in ic^- 
mcnto AOB. 

Tranfeat primdfccans A B fcr centrum. Pcr iB. C^B 1%. ^ . 
re^s eft. Et pcr 31/reaus cft L. Ergo CAB-& Lk- > - • 
quales funt. . ^ 

Tran/cat deinde ficans A B non pcr centrum. Ducatur f&^ .^^ 
igitur pcr oentriim jrGtz AQ^, 6c}ungatnr BQ. ^Q|iia ABQ^ 
in ieniicicculo redlus cfl^tacict BQA cum BAQ («) fec-f> («) r«f ) 
ta» uoam.. Sed ctiam C A Q ic^us (^) eft. . &)^jBQ A c«r.tf.>« . * 
cura B AQ «quatur CAQ. Ablato igitur comtQinki BAQ^- ''•'^ '• 
crit BQA (hoc. (r) cft L) xqualis CAB. Quod crat^/^g'/^ 

primum. ^ {c)'Ptr 

Deinde (d) FAB, CAB faciunt duos rc^osj & in quadri- ai./. ^. 
latcro BOAL^ apguii (0) oppoftti L & O etiam &ciunt duq^ {^)P<ri^ 
rc€tos. Ergo duo FAB, CAB aequantur duobus ilmul O* '* '-^ 
L. Ablatis crgo hinc quidem C A B inde L, qiio? jm oftcn- ^\,^^ 
di xqtaJes » croiit acqiales rdiqui F AB 6c O. Q«od cta^ 
lalterum. 

p R o p o s I T 10 xxxirr. 

» ♦ .' • 

SVpefdma reEla (BC) fegmenhtm dretdiemJM^ ^-4«; .. 
> cre, cafieni angtdum dato f4remm 

Si dctur angulus acutus A B F, ex B<duc BLperpendzcu» 
larem adLAB , Hc ad tcrmiaum C dat« rcdx B C, &c angulo 
CBL parcm (f) BC I, cujus latus fscabit BL in L Ccntio ff\ p^^ 
1 pcr B dcfcrilie circukim» hic traoiibit pcr C, (qnia ob /. i: ^* 
SBqualttatcm angulorum ad C&B, criam latera CL» Af (g) {g)'ptr^ 
sequalia fiiotO capiecqoe legmcntu^i BQC anguluni parem ^ <• 
4iato ABF. 

Nam quia A B diametro B L pcrpcndicukris eft , AB tan- 
get (^^ciftolum, quem iccat BC Eigo (i),angaiua io Ag- (ti)f<fi4» 
AientD BQC aK|uatur aiigulp ABF. . . [\\' 

Quod fi dctur angulus obtufus RBC, eadem conftruc, ^J;^^ , 
eritquc icgmcntum COB quasfimm. ." 

[Spboiifutn. Mduhpi ,omnmo ^onftrudloni , etrcHlt clrcumfe- F»^.^ , 
rmiam ducert Ucekit , qul dAtam reclam MR in dtuo punSto B 
tMigM* & per aliudpunciumC, extr^^reSlam AK fumptum 
Urtmkat. fiitmfe d^A ^d (^ ad datam AR eread perpen^ 
diciaari BL,Jifiut /^nguius BCIt ungulo CBL Aqualis', reaa- 
rtmBLy Cl intirJUii» I irit centtttm» 6* ^B vtl IC radim v/ 

WCttli drferihmdi.} 

F4 PROtf 



jp9 SlfMMMMM G(MK0tfi4 

PROPOSITIO XXXIV. • 
W4f* .\ pAtq circfdo fiffnemnm oMfirre C4ifkm 4^^ 

Ad aircalj diametrum FA due perpendicukrcteBAL^dii* 
V) T^ cttur itpm AG » (4) qqa; faciat «oguluni BAC parem dato» 
•i>fiit Haec aiiferet figmattaai AQC^ c^eas angulum |Kircin dato^ 

PROPOSITIO XXXV* 

^^ ^ nUaaffdtm (COL) fiA feginentis wdm ^ *r. 
ipuik ^ re^of^ido (BOF) fiik fignemh ^kettita 
fomfreheftfi. 

Si & inferieeailt in eentffo A, rci patef« 
9k. 4^1 €i im^ CL traoiit per ceticnim A , 8c refiquam BF &cat 

Sb) M ~ bi&fiami icpbit quacii)e(^)perpeiidico)aritcr» fo piQpter bi- 
• A }« feaionem ^uad. FO eft r^6^gialum FOB. Ducatvr AF. Qyo* 

lUaqEi QL bi£^ eft in A» &aliter iti O, erit 
<«) '* /rcaaog. CQL «. (0 quad. ALj hoc cft, 

^^ , ' quad. APi boc efti W 

Pempto igituf commuoi <]uaarato AO , erit 
left. COL jf^ quad. FO, hoeeft, 

wa, FOB. 

I 

|%,4f; 81 ooa CL per ceotram tranfit, St reliqpam BF lecat iiw 
lequaliter io O, ex centro A du& rcda iecct ipfam BF iq 
|c) ^ir Ibi&riam. leinir anguhis AIB (#) redus erit, Jam tffm 
S*'*^ Ct< biio^ eft m A & Siter in O, erit 

f re6taBfi|. COL, 4, (f) qori,- AL, iiqo cft, 
< cum 
I qu;i4, AO 

iloid.AB*i«cfttQr) • 

(^V. qwrf. Ai^ 

«^'* ijuid,8it/ 






JjAir Thtim. t^ 

Sd qoadratiim AO WBpktxxt (ii) qudnds OI, AI. Ergo (•) fa 
freaaog. COL M. qu^d. hl\ 47*^t* 

< <)uad. OI qind. Bl./ 

tquad. AI 
Dempco igitiir com&nini qaidnto AI» icamtxA 

{Xt£L COL A. ^uad. BL 
qoad. OI ^ 
Atqut ctiain quadmtum BI sequator redasigalo {jHi FOB ^^) '^ 
cum quadrato OI , quia FB fida eik bi£tfiam in Sc I aliter wl ^* ^-^ 
O. £rgo 

{rcdbng. COL M. ttSt, FOB\ 
quad. OI quad. OI / 

Donpco igitor communi qoadrato Ol» erit 
rea. COL m. re6. FOB. 
Qnod fi ncQtra rcaarum CL» FB per ccotram tranfiat > f%. soi 
pcr communem earum iedionem O & per ceqDtrnm A » du- 
catur re^a XZ. Per mod6 demonffa^ta tam redang. COL 
quam redang. FOB aequantur re€Ui^uk> TOX. Ergo eciam 
COL , FOB aequalia fnnt inter ie. 

IVtlfic fmLki & mm/»frSus. CmmaeCF ^ BL. M' ^.ft» 
mui ok mguUs (c) ODF, MOL W vmicem ^fptjiwSf iffifqmi (^) fif 
id) C&B (/mfer i$dm Mrm WL) fsnres, tngmus COF,BOL ^J^^ 
(e) sqtiimpiiM fisnt. Brgefer frof, 4. A^. 6. ^ nk Ims mm 11.4. 
defmin, CO: OF :: BOi OL\ & fretBJe , fer freif. 16. U6. (•) p^u 



PROPOSITIO XXXVI. 

S/ 4 pfPiHo (B) extra circtJum Jmo Jbicmnr ^•fK 
d$u reU^y mna tatigem (BF,) altera ficam ^^'^^ 
(BC) erit r^at^tbm (CBO) fuk totk ftcmtt 
(CB) & forte (BO) inter ptafSlum & ciratbm 
piterjcUa cmfrdfOfftftn , Mtdlc ftaJrato tat^etetis 

(BF.y 

t 

SileeanaBCtraikfitpercenttrQm A, juoge AF: iacietiiaDe B^n, 
(f) cumTB aagnhim Be6him« Quoniam CO biSbStA cft in in ^tr . 
^, ekMie adjeaa OB, erit ^^M* 

rteSt. (»0.(x) M. qnad. AB* hoc eft. (*) g];'' 
4.q^ AO pi)Pw 

Quad. AFtX 



9^ EkfnMm^ O ^f me t rU 

M^jesflft qadbdar AO, AF aqualibiii , ffCMtiet 
rcGt. CBQ M, qytd. BF. 

9^'SZ*S4* Quod (] CB \um traofit per centruiD A* d^cantur AB. 
AF » AO ; & AL ex ocntro duda btfccct OCin L. Ergo 
(a) Pir aagulua ALO (d) redhis erir. Item AFB (^) erk redus. 
A\^J* Quonam verd CO bifiOa eftin L* dque adieaa eft OB» 
™/ erit 

fcVF^ rtcGL CBO'» A. (r) ^od. LB. 

& 1 a* «.quad. LO J 

Aduatur atrimqae quadratam AL» eric 



rred. QBO M. quad. LBi 
< «lad. LO quad. AL.-» 

Lquad. AL 



fj) f^r Sed qbadrata LO» AL aBquanfiur quadrato (J) AO tat AF; 

47iA'- & quadrata lAt AL («) aequantur qoadrato Afi. Ei;go 
^^/^ r«eA. CBO «• quad. ABi hoc eft, (/) 

(0 fir , ^i-q»^ AF 

MniL quad. BF-> 

quad. AF.X 
Abhto igirur commnni quadiao» AF, lemaaet 
re^ CfiO M. qiad. BF. 

S'ff.. IVeifiefMeilih & mnmfmiAi. Dme Cf & Ryg mc H 
/!!r ^<^ ^fO <^ (g) C f^nst^ M smmumm , irini^la OBF^ 



/•|. 




SF. ^. £. D. 

Corollarin. 

^'J6* t. Ql ab eodem extra circulum punAo B » qootvif ducantur 
^ iecantcs BC , omnia re^nguh CBO iotcr ic aequalia 
Ant. Singula enim aEquantur quadrato tangflotis BF. 
' a. OuaBCX codem pundo circokim tanguot, BF» EQ aa- ' 
quales funt. ^um quippe quadtata asquaatur fingala eidem 
reaangulo CBO. 

[ 3. Perfpicunm queque 4/i A eoiem funSh B extrs cireet' ^ * 
bm i^jfumfto, duei tiMikm foffe dum$ UrnAs BF, Bjjjj ^ 
eirculum timgiMt, NMm /i^tertis tmegere dicntur » erit tiU 

H)f*r' ^isBFt^B^(i) kfmUe» & fremik edr wad ifimm nen 

•^- *• Sverfn. 

W%,$j. 4. Hmcctm Mmreijfco ex noti mmis sititttdm JLDt «cfr ^ 
Imei laerixjmdi JLBtmmm wngtme mBt tM Ptontij vertex^ 
si illo recednuihtt Mpfnrere d^aut , ^kfarff dixmetrum DR 
. i'm AD frodiUlA fumftmn)tnet'iri J&famus. Brit emm, fer 



I 



^ iikr fiifte; ft, 

ttm qudirMum JB per mtmn rntmh MHkliiumAb,^^ jm- 
tUns dMt TtB^m^AE: tx ^ttdfmStrMht nnam tn&ntu aititHd^' 
nrm AD \ rtii^ trh 2>£ lUmris dUmuttr. J^. £. L 

f. Jnemni triMti^tdo rtSiangHk B¥A , rtBMngttUtm tx ky* ^«3^ 
f0t0utfd (^ Utttb ttmtts fittnmdt itt diffrrtntid, sfmtur ^ut^ \_ 
drsto Utttris tdttfius. Si emm ctutr^ A > ^ mttrvMtio A9 .j . : 
dtfiriiMttir .circulus , fiasnt hyfottnitfim AB inO 9 t^ frodt^ *^ • I 
CMttir BA ufi^m dum circuio rurfits oceurrut in C, Hyfottmtfii '^ ^ ' 
BA e^ Uueris AFfiimmM trit BC , a funBo B circulum fi* 
tmts \ eirumque diftrtmiu ifit BO tu foemtisfart tfu inttr ] 

ftsnchim*(^ circstlum interjicitun & trianguli latus akttmm 
efi BF cireulum (a) tmtgens* Sed fer kiftcfr^f, reBM^uhtm (t)T^^^ 
CBO df^Mtitr quadtMte BF : Ergo 9 iu trianguio reaanfub ^P, . ^ 
BFA, c>c. ^. £. D. • 

6. Si abaflgulo Aerumgut ABC9 cujm Uftera AB, AC f^ii^flt 
fmtt iudiptalta^ demittattdr in ^fim {fi ofus freduSam) ftr^^ 
fendiculum AL » trit re^mtguUtm fu6/ummd ^ HffinmiJk 
Uuerum AB , AC* aqssale reStangulo fub fummA (^ dijferen-^ 
tid re&arum LB, LC,mter ferfendkulum AL fly» angulos bafis 
B9 C mtercefta^Um. Cemro tnim A» radio Utere minort AC 
defcribatur circiUus fecans lotus majus AB in D 9 & bafem 
(Ji ofus fredu^Um } «v O ; (^ froducatur BA don^ circula 
iterum eccurrm in E. Frefter Mqualet AC9 AD, AEj eri$ 
MB Utterum fstmmai ^ M^ iUerum differemia: f^ frefter 
smtaiee (b) LC, LO, -^m iCt^BO {velinWig. 5-9. BO (b) Peo 
f$> BC) fumma ^ diferemia inttrceftarum LB9 LC* Sed h^ ^ 
(c) rta. EBD zrrrea. CBO Ergo, 0>c. » i^wT^ 

In cafufig. f%. Tboorema ^c fotefi effirri. l%t*xSl* 

^f M angulo A trianguli ABC demittatur ferfendicularis 
mbafem BC, eam divUms in duofegmema BL, LC; erit 
reBangulumfuk fufmtid ^ diferentid Uutrum AB , AC9 4- 
t^uaU rtBangttlo fit6 kafi BC , <^ digeremia fegmemorum bofis 
BO. Ataue ht^ theoromaHs ufus tft oxiitms in tr'^onome* 
tn^ otana»! 

PROPOSITIO XXXVII. 

S/ feSofjgtUttm fttb CB ffr OB Jk aqnak ftadrnm Ffg.s9^ 
to BFy hac circtdum tanget in F, 

[ TUc eft^Jiafuneh B oxtra drct^um dato 9 h eirattbtm 
gadam dtu re^Mt quantm altera BC circitbim* fecet 9 altera 
vero BF incidat , fit imtem reBangubtm fuh totAfeeante CB 
C^ farte BO imer funBum ^ ^cuUtm inttrjeHd comfrehtmr 
fi^f ^W^^ V*^ ^ mcidemi BFfa tpmdrat^i Bocidene 
fmea BF ^rcubem ttmget iu i^J 

u 
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€mvixam fmflmimm mddma , ^ umm mm MF chrculMm 
tmfgmt MkerM fM^Mt B^mtukm cinttlmn tstigif. Nsm ckm 
MF, Bj^fitu M^utUf, isntm quMdrmM irttm (f) MtptttHM, 
Sid BFq z:: (g) CBO. J&/# B^if = (h)Ciro. Jb^anmii 
B^fiT ham fnf.tMiiipt cinttbmi'] 
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GEOMETRI^ 

■ • 

LIBER QUARTUS. 

HIC ISwr tdnis probksnitiait jdtu 'dobee^ oqo ar' 
tificio figurae prxfertim oriismx jCircuioinicnban- 
tar dc cooicribatitur. : Aznpliflimus dk' iSHiH u6t 
in nuiiiitioiubus extmendfs: & -cx iUo quaii font^ 
ciimiae ilbe finimm , tangeatium « ^ ieamtium tabuke iifpK 
ti bono Matheieo$ flttzere._ .. . . 

- mt vtri QuartQs htc tknmtonm liiir IVigonometriaB «• 

fUsjpmm. Cintik tmm fo^goM mfcrihiub , tAMs$$ Ch^da- 

fumi TM^gmtimny ^ Sicfmmm fkJMtmn Mfcimms: jfumm 

^<yfig»tmm^c$rf»rHmmApiku^Samm^ Ni^' 

^ mifque to fiiiUrttm Aipedhis » qttis voc/wt , ^MUrHHm 

wimfit SixiiUm, f^.riii ^mgmmmi mfii$ 0poSgmt&rm/i 

m ciretth mferipimi immm fmdmtis, JHit^ pdi CircttSi 

mmm fim quadraturam mumiMm Mliimdi qmim ixp^nn^ 

ip0 immmirirmm circis& as/criftirkm ^ drcsmifctiftmm *w - '^ 

mnis fifVi quadraturis aUigin foffssmms. £t imisd sf^ir cir* 

csslcnm sulfi hrviam rationim isflicsussm^ c dssflic/stA fc^ 

remrsm dfiem infcriftirsm sust circssmfi^riptinm r/stiom cd» 

uiisrsm. Arcinti£imss vrrh fsmHt^ fofygmss circtsU il^cnftit 

totiis mittsr» mt frss Ms omnihstfiimstiis, bmic liiro infilidmn^ 

ftri doisiri videsktm. * 

D E F I N I T I O. 

i.T^Igora redSinea circulo inicripta e(b, vel cirottius figune 
t/ drcumicripnjs , ctLta finguioruix^ angulorum verticei 

tn circumferentid exiihmt. 

a. Figura re^^ilinea drculo circumicripta: eft» yd circu« 

hs figocaB infoiptus eil» cikm finguk mera circolum tan- 

guot. 

}. Figttra orainata Sbu rqpdaris eft , ^x aBqmhtent Sc 

tBqimni^tft, 

PRO- 



5^4 Ekmeatonm Ge9ihe(tU 

PROPOSITIO PRIMAJ 

* 

Ifci*^ y^/rri^fc {BD) reQamdatam (^) diametro ftoft 
V^ iw^iw^w» , injcribere. 

« 
Accipe in periphcrid quodvis pun^m B. Ceotro B, in- 
tervailo datflc A*, tleicribe arcum circulo occurreiteai in €• 
Duc reaailh Kl. ^o &aum. ' 

PROPOSITIO 11. 
|Q^.s» g^htmlo tftMiffimh^ infirihrc dato (X) ^^m-^ 

W ^** Circulum tangat EF in D, Fiat angnlu» EDG jpar (*)' 

rftp^rta. *"8«i<* ^* ^ ^^ P" ^' JwJg^urque GH. Dico faanm. 
i.9. ^A"^ angulus H aequatur {b) angulo EDG> hoc cft, (^) av» 

(c}Pif gub C > &; G aequatur FDH , libc cft , ipil JB. '.Ergp, 
i^- etiam <3DH (^) seauatur A« .. Fa^ihim eft.igitur quod pos^ ' 

• P R. O P O S I X.I O IIL . . 






II-/ «6«<» /ix 

, LstQ» UC ubrimque prodtictttttr » tit fiant ettntiianguS 
<^ dc N« Fac tn centro A (per -»3» i. t,) iMigKio& GaB»* 
BAF pares angulis O, N. Deinde in pun^is G^ B*,'F,Gir^ 
culum tangant tres redx coeuntes in C, E, D« Trian* 
|i;ulum CDE eft circulo circuniicripmm . & xquiaogulum 
dato ILK. • • 
je) Tt^ Itk quadrSataro CGAB , anguii G 8c B funt duo («) re6H. 

18./. 3. Etgo rdiqui GAB & ^^ connciunt iinitil etum dnos (/)n9c>> 
(O ''«r ^Qs ^ 2c proinde ODqutetur duobns fimul O, L Abiatis igi- 
ffHptfi ^^ ^^^ ^ ^ aequalibus per cooibr. reroanent «quaies » 
^r^u C & L .Eodem nxxlo oftenditur E aeqoaiis efle iC. Ergo 
(g) Pir D 4p L (j) etiam oquaks enint. Fa^m eft igitar quoi 
•^'^/* pctebatur. 

K\p^w» Qo^ autem tiMigCQtef eoncomot» iic o(Vendittir. An* 
n. ^' gqH O» I, 8c K; N iiiot squales [h) 4. rt«H « I* .^ 

£uil 



fent mitKnres daobas (t^ rediis, Ergo O, N, (Koc cft pcr W ^^ 
conftni6t. GAB & BAF) fum majorcs du6bus tfi&is, Ergo t^'/^*^ 
GAF cft ininorduobus(^)iie(ftis. Ergp larats GBW $ft{c) femt' (fc) iw 
ftrifhmA mujtr^iif^ areur offojttus GF, femptrtfhiri» mthof. «r. 5. p. 
U>^^ej rc^ GF cadit [fuprneennum A^ hoc eft,'] iStcr A M-'-»-^ 
8t D. Ergo ctkm AGD; AFD fmt refii, crunt DGF, DFG tj^*^ 
duobus rcdis minores. Ergo {d) CGD, EFD concarrunt ver* x%XT 
&s D. Simili ratiofkC deiflonftrab s concurrcrc reliquks. . td)vfef 



/ttnSth Bi G^'PeifcuUt^tMng/inttrejri0df qiufrmdritik' 
lulos fffictent reBos ABQ » ^GC l <J» ABE , Al^^ Dtfii 
fdmsirre&d BO, BlP^jHd ex tetrd^e fkrte rssdn BA, for* 
maSkm tritmguU B-ASt BAF. Si ifa^ a duoSus angi^ 
fir rtBis ABC , AQC , trfangtrii BAG anrHii t^ B ^ C 
reffeitM fuhdticamkr , refta^tent anpeli CBC, BgC dsta^ 
Htr rtBis mmrts: ergo tnngentes BC, Cd fi protrttbitntttf 
$k parte anguimm daobits reBis minorUm, tandem (e) cofp- ^fJ^^ \ 
gkrrent. Eodem mtdo tangentfs 532, FE, fijirodttcantstr^cca-fi^^ . .; 
titrrent. Frodttcantur (^ ctncurrant BC, GCiirCi dr BE, ^ *.'•.... 
FE in E, Cimi igitstr .in (madrilatero ABCG ^aguii ad B 
^ Gfma re&i, eruni anguk BAG , BCG ttkaMroSis (f) fO ^^ 
tLftaUs. Sed anguU O, I funt duohits reais (g) ^ujmlts . S*^'/^ 
futfttm O' ^) sipuamr attgaU. tAGi Ergo anpdas BCX3 ie* fe)''&^ 
fftMut aagifilo I. Eodtm modo tftesidttur angulum BEF atr- r? Lu 
gttlo K aqitalem effe, ^ Sed^anguli I^K fmulfumfti , fstftt. O^) ^cr ^ 
duobus reSis (i) mmtrts: trgo a/iguliGCE, CCT fiiht duohus'^} 
rt^ minores, ^ froinde rofit CG, EF{k) cqocurremfi fro* mi7t: 
irahaikter, Concurrant m D. Citm igitttr anptli C ^ E n.Ai. 
irianguli CDE, anguUs I^ Ktrianguti ICK rejfe^i ^qua- W Per 
iesfint} aagulus D anguh t (1) tJiuaiis erit: &J/nguia triaih' fi^-P^» 
gMli CDE latera (m) tangunt etrculitmdatum. Circulo igirur /') V' 
BGP circum/crihitur ttittng^lttm CDE,aquiahgulmifdafo ILK. Ir ^0 



T 
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Rimtgtdo circttltttif^itifcrihre. Fig. ^ 

^ Duos angolos C & E biftca rc^is CA , EA coeuntitjus' 
ia A. Ex A duc pcrpendicularcs A^, AG, AF. Circuhw 
ccntro A per B dcfcri]>ras, tnnfibit ctiam p« Q & F, ta»- 
"gezcjQc tm fattaa tritugalii 

In 



Ekmgtftmm GcmeitU 

4 

1« triaimlis enim CAG 8c CAB »qum zngali AGC, ABC; 
itemquc (XA , BCA per conftr. xquaotur, & latus quoque 

fg) Ttr AC dftcommune, etiam AG» AB (4) 9Eaualia crunt. Pari 

%6Xu iDodo oHeDdam paria efle AB, AF. Circulus ergo defcriptus 
centrd^ A jper B, tranfit per G, Fs & <)uia anguli ad B, G, 

(b) Ar F fiint rtui , tangit (^) omaia trianguli ktera. Fecimus ergo 

itfAj. quod petebatur* 

^* p Cor» I. Bine cogmtis laterih$^ tntm£Hli , invimentur §9* 

T$un figmtntn ^u fistnt t^ ttntn&ihus circttls infcrifti, Sit 
DC — 11, Z>£zri6, C£= 18. SritCD + DEZZ iSf 4 
^fffubdtu C£ (rr 18) = CG+EF , 6* refis^nt GD -f- 

(c)F<r<«r« 2>jFrr lo. £rgo (c) GD:ZZf^DFi GCZZj^IZCBi BS 

».^3^*. i^ii— £F. 

^^* C6r. 1. DtuistritmguU Intm^s^ <^ rt^dh circuU in/cripti^ 

IMttstr tfirtn tritsngsdi. lUim dstSi AD , infcripti ctrctsH rtt-' 
disss efi sUtitssdo comsmsnis trissm trinnguUrttm ACD , ADE, 
AEC in ^ dividitur trianguium CDE» (jf eerttm bafes fttae 
trismgssU CDB Uterss: ergotndms in laterum femifusnmssm 9 

f) fof dssbit (d) swtsim trismgstli CDE. Sit rsulius ABZ2ff&lst* 

.^t'^^' tern 12, 16, 18; tpsonsm femtfssmmss eft t^ : Efiitss^ S ^fk 

iXV' ^l—i^S^^reatsistnguU.I 

P R O P O S I T I O V. 






fk» 4* ^"Y^Ristngido circttUtm circttmfirikere ; Jkte per trts 
X dsita pftttSa (B9 C^D) nwt ad ttttatm reBatt$ 
fojuay csrcsiletm dejcribere. 

PunOi dataB ,C, D binis reais BC, CD oonne&;,quaj 
biieca perpendicularibus OA, £A concurrentibos in A. Hoc 
erit: centrum circuli per B, C, D tranleuntis. 

Dudbe intelliguitur re^he AC, aD, AB. Per conilr. b. 
^ tera DO, AO aequantur lateribus CO , OA, & anguli ad O 




D. Quod petdatur, 
Ad piazim tantiim oiius centris B, C, D deicribere ties 

«quales circulos ie mutuo interfecantes , <& per interiedbio* 

nes ducere re£bs: hx fibi occurrentes dabunt centrum quaefi* 

toffl. 
aiA.a« [CoroII. Ffy» litpat» arctslttm etissm ^MstdriUutro ABCF, 

&3^* tmttt, ttnguU oppofiti ABC » AFC duo6us rtiiis aqustles Jint ^ 
*'*'* ctrcttmfcriH pojje. iJsmt dtt^ rt0d AC» circtdus ptr hw 



hler QM4rtmk Jff 

fH^. an^ tfhtBffAtm JIBC d^fariH poafi. tt/aUMtt&i & 
m 4trcu offoptoAFCs cMfiamr punBum quoihis O , (^ DA^ 
D C dfiCMUitr. Ergo ofi ABCD quMdrilMortim drculo infcrif^ 
hpn» AcproiiuU sHguIi ofp^ti ABC, ADC (a) dqualisjkm (a) Ptf 
dmhus roSis, Sod m qHadriUtero ABCF. angHG ABCi AlC ^* ^- t 
dguales duoktu roBis tffe pomsntur, AbUto igitur commttfli 
iABCt dfuaUi orunt anguU ADC^ AFC, tidom arcui AbC 




. M^gulttm qtutrtttm F. ^. E, D% 

Scholiiim. Si triaoguio ctrculus ctrcutufiriiahtr , ptbifftriA i^Ki^^ 
triMnguii arcttmfiriptijptcitt centrtm circHli varit cadet, ISl 
fiterit acutangulium t cmtrum cadtt iatra tridngulum, iUtit 
fropttr amgulum amtum Bdo (c) tnfegmtnto maje¥ts cm^ (e)^<f )»» 
trtim A cadtt itt ilioftgmento majore cujus bafis tfi BDi ut^ &fiktt.f^ 
ftt eodtm modo ofttndttur etntrum tffi in iUis ftgmentis mat^ fti*/.|« 
joriStts quoruM hftfes funt BC^ CD refpe^iv},adeoqtet tadet ■ 
intrt^ triangulum BCD, in triangttlo vero fe^ngttlot propte^ P^ & 
,emgulum snfemicirculo (d) reitstm , centrttm cadtt fnlatus tUH (^'#i ' 
^mo rtiio offofitum, In obtttfanguk auttm trtangulo , fi^ofiHt ^ ^ 
. auguUtm oputfitm in (t)fegmehto mmori, ctnirttm trit 'mjtgtum^ ^rit\ 
Uoffefito, acfroindetxtratriangttlumcadet. Hinc/eqttkttr^ tnd» 

1, Si a cuttro A ad fingtdos angtdos £, C» D, triAngliii F^^f^ ^ 
mcutait^uU dueantur rtBa AB , AC , AD > iUa triantguUem ia 
triaaqttictMratriangttlaABC» ABD, ACD {frofter aqudf^ 
Its AB, ACt AD) dtvident, tt ob taaderA caufam , Jfi j^^ 
roda AC a centro dristli trianguh reBangulo artumfcrtptib ud {^ytttemi 
sngttlum redum dueatur > iilud in duo triangula tfofcoUai ^P-Vdt^ 
. ABCt ^CD dividet, quod (^ trius (Q obfervatum,^ Si vtri % n 
ad fimguloi triangttli obtufanguu nngulos , 4 ctntrO circuU dr^ 
cumfcrifti, dttcamur reHa AB, AC, AD , firmabuntur indo 
iria aquicrttra triangttla > quorum illud ct^us lafis tft lattts Bt> 
M^uto obtufo BCD offofitum, nem^t trtanguSttu BAD^ trk 
axtrs triangitlum obtujangttlum > o* fimul cttm tO qfudrdati^ 
rum ABCD fortiktbit ^ duobus rtliquis trittnguiis ifefctius AB6t 
ACD aquaii, 

%. Si a eontro A in fiigula lattrs ptrftndbiuiarOs dtstanttd^ 
radu AEty AJH, AOGilvtlfiin circulo qui triangulo haatf^ ffbS^^^ 
^uio drcumfcrtbitur, duBts tst friiss AEF, Aod, acttMA . .j 
srigatttr iattri B D f$rfend't^ula¥is A H» qu^at^puniia A ^ 

1 in Uio ca^' ' 

^Ot tum 

fmt tfitmi¥iotmWti _ 
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ft) Tn%o. riam (keMhunt. C^ H circulo dna ok$ifmffihim triangiiunhe^ 
^ S* flitA dmnMro HAKy srcHs BKD tificmhiiur fa) m JC. 

J?<' f« I ^* Uhdi in triangulo acutangulo , BEt £/, COf(ii^,fimifffs 
(b)fncn-\ UtrrumBCy BD, CDyirunt{b)/mgulmmfBAF,BAH,CAGf 
r^. 3./.). Jii^c, finus riBi'y (^ fmilktr in triang, nHtmg, vil obtupmi. 
J%.«»7- )ffas BEy CO angulorum BAFy CAG fnus n&os iffi C9i^att 

a>6. i$ trtangulo autim reStangub radium circuU BJ anguUn^ 
..l7« BAHfnumnihMnffipatittxdif. 10. L ^. Et cumidim (c) 
ao»X3« -fi* angiUi cujufvis , ^ compUmtnti ojus ad duos nSUty fimu 
. riBuf^ Ergo m cafu trianguli o^iiquanguli, nSia Bl tmn m^ 
guli BAH qt^m otiam Mnguti BAKjhms nBus erit. 
Fif. 5r»^7, 4«, A^gulus ad cmtrum BAFfuprr arcu dwndio B F , acput^ 
Al) iwr Us ift angulo ad feriphoriam BDCjisptr arcu mtigro BC. 
€n.ubHfMt q^ g^ angtdus BAC tttm angult BAF (d) adceutrum» 
^ p^ ttim anguli BDC ad (e) ctreunfftnntiam duplus fit i tmgtO' 
io./.}. ii i£i^r B'AF, SDclt) aquaies erunt. Etpari modo oftm- 

(f) ?er dittir aquaiu iffi angulos CAG, CSDi item atpuAis iffo in 
^^ ^ic ^^P^ acutangulo anguhs BAH^BCD 9 tptos m trianguU 
*^*S9^ reSianguio rtBos fji» promdi aqualis tffe patet: In circuio autem 
^. drca triangulum oStufaugttUun difcriotoy angulum SJUi ad cm- 
™* '"• irumfuper arcu dimidio BK, angutoobtufo BCD diferifberi^ 

Mmffipir areu integro BKD oqtMiim iffi fic pfrtbatuer. DuiHs 

^K> DK, angtiltm ad centrum BAH fuper areu Snudiot 4- 

^gualim iffi angulo ad peripheriam BKD fiefer arcu mtegrot fa* 

' 'tet Ut fufra : fid in qtutdrilatero BCDK circulo infcrifto , irar^ii- 

(g) fef ^ •ppofiti BCD , SKD (g) duohus reHis , hoc efi, anguUs SAH» 
»a./. 3« ^SAKfimul fumptis (h) aquantur. Ahiatis igttur aquaiiim 
(h)f«r SKO, SAHy nmanehunt aquales SCDy BAK, 

^.V'*"'^ 5". Cttjufcunque trianguli B C D iatera BC, SD% CDfunt 

*f«.X>«.7« i^irfi^ utfinus angulorum SDC, SCD, CBD iaierthts nfi 

fi^M ofpojttorum. Nam iatera SC, BD, C D funt inter fi 

hvieem ttt eorum femiffes BE, BI, CO, hoeeft,-ut (\)fintu 

, iSLS' ^S^^tm SAF, BAH (veiBAK,)C AG. Sid a^ ^i 

(k)P#ff«r! mtguiis (k) BDC, SCD, CBD nfpeBivt fimt aqualis. Ergo 

^ln9.fM. lateraSC, SD » C D funt imer fe , ut finus itpptiorum lateri» 

bus iliis nfpiBive opfofitorum. Atque aS koe mtieo eoroBario • 

^iaagna fars trigouotnetria flanta Tdeduoitttr: iquod eUUgenttr eft 

tiotandum. . 

^ ^. Hine Ltma djfiantiam motiri dtfcimut. Vato ouim fer 

^•'^ oifirvationes Aftronomicas FaraUaxnfs diuma mtguk BCA , <jr> 

^ '* ungulo DBC , (^ froindi efus eomplememo ad dstos reQot CSA^ 

unk eum TeUuris fimidiametro AB, Luna diftamiam feqtsenti 

^anaiogid inveftigamiu, Ut /inus attguii ACB, adfinum angu* 

fi) P^ivr. ^ 0) OBAi ita BA TeUuHs femidimoiter ^ md AC di/iamumt 

fdh^ftM. Luna. ^E.J. 

7* Hm 



> 7» JHtnr SOs mtmdlfUmdm tmiri Jifiimi. 't>mh inlm fkihl^^ 
f$r Mt^mMmis Jfitmmmm fmtiiUmtms m^¥M ^pU^p 

9M /alkei Ltmffd^ ^fi00 4ffmm 4SM0i ^ Z4m$di/hii* 
tia ZO% pe^ anai^gutm fiquMtmt iiftmiiam Soiij colUgimm. 
ViSimtsanguUZEO, a4 fitmm anguli r$Bi EOZ fivi» (a) MPtt^tfi 
rmditmti 0>) ita ZO dj/imnia Luna, ad ZB d^amiam Siiit^ ^^-^h 

) . , ' 

Ctrc$$U 4fH4ubrMfm hfirikn % & strcmJM*» l^^pi . 
kere. • ^, 

Ducaator diametti BO, CE^fi xAvittA (ecmxs jsetpriidicii» 
briter. Re^ quat iurum terminos jungunt» ciroilom^ 
-dratum ioibribiot* .. " \ 

Demonfiratio patet ex 4* L i * & es 3^1.]. 3. (Kmi^ injti^ 
ftUs CAD, DAEf ib anitUos ^ualis ad A, ramft tiihst^ 
yu$ra u^ca m rep^ivi a^talia, isfis CD > DE {q), 4tf«r«^i (c) IVf 
erumi e^ todm modo omma lanr^ EB» ^, Cj)r^jff$' i*ffh 
ra infcrifsa fibi mvicem atptari paSeHt^ Et quia C t circ^i 
diametir tfi,. anfftltts C D E in fimicirculi (i) lifim 9rU± & W/f 
pb eandim fationem tmguU DEB, EBCBCDreX fifnt* ^H/^ "*^*'' 
drilaterum ergo infirlptum efi ^mlatirum 6* re^dnfnlum i^ 
(c) frmde quadratum ^. ^ , • , ^^^t 

DocanQor^deindequatuortaQgeptc* cirqiliim in B, C* 9> ^l*'^^ 
E conpvrrentes in I, F, G, H» Figarf^ IFQH quadratwn 
^fl circulo drcumicrfptum« 

Demonilratip patet cx iSJ.}.lkex.a8« 30.8^34,1.1^ i 

l^iaemmre^^ HI» IF, F^, G H circulum tan^mt h 
iUtremitatibus Mametrorum BD, C£: cum diametris ifiit (t) (^ Ptf 
ifficient anguias re^os 4/> B»CfD, E, ESfroptpr angulos etimtt thith 
reiiQs ad centrtim A > dquales erunt altemi anguli C4B, ABH% - * ' ' 
-& nBa C£t IH (g) erunt faraUel^.: tidtm mfido c9nfiaHt te) '*» 
riBat P£, IG fartmas efi: Ergo fjr F<5, IHfar^lUU (h) ?§ pJi 
fum. Et fari modi frobabitur reSlas F/, GH tum rtHi Df, 30. /.f, 
tfsm fibi invicem paraUeiat ejfe. BarallelQgratmnum igitur ifi 
J?GH^ & Utera iffofita (i) dmtaliafwui nempe n;iff> 0H, (i)*V ' 
&VG:S^m. sed ob parailiUgramtmt CfGEt & DGUB^ 34* A !f 
Utvra FG , GH faraiiibgrammi fGHI» (k) aqualiafunt drcsh (^) B^ . 
* diametris CE, DBi ^ froinde omnia latera /F, FG, QH, '^ 
ffl fibi inviam AamJia fmtt, fmi '» m fttr^hgrammo 
^DAC , smgs^ 04 A nBus eft: ergo itiam anguiesiad Freir 
m (1) ira i (^ pafi m9d9* mp^H a4G,Uti rem trunt- (l)P#rr^ 

C a P%9 



fBd Ekmemmtm 

fiy$ ipMdrMtim : mjus mm» Uttru eircMlmn dmtim tmfftiil$^ 
Sfi igitm tfkidr0itnm ciratU cirttmfnriftmm.'} - 

SchoUnm. 

f^.^ ^^Uadratam circumfcriptum circu1o>'dupIum eft inicfiptt; 
ft) r§r\i. \^ Nam quia ai^lus B C D in iemicirculo re6hia (s) eft» 
/kf^P ^^ qoadratum ex DB (hoc eft quadratum FI) aequale (i) 
\^ ij quadratis DC, BC, ac proinde (c) duplum quaulrati DC« 
(ei 'p«r w>G -eft quadrati CDEB. [Itm ftadrmmn mfcriftim Wm- 
«r.i.f.47* fkm «/f rtUu ^drati.'] 

PROPOSITIO VIII. & IX* 

fct«. f\i}^^^ (BEFC) circulHm injcritere^ (^ cirm 
V^ ctmjhr^ere. 

* Ducantur diametri in qoadrato & (ecantes in A. Cen« 

' tro A per B deicriptus circulus tranfibit etiam per E» 
F, C. 

Deinde ex A duc AD jperpendicuhrem ad CB. Cen- 

Cro A per B deicriptus circulus tanget omnia quadrati 

lateta. 

,. .. Pars I. Quia ex hyp. CB, EB latera funt aequalia, eniiit 

(4) f0 an^Ii BCE, B EC 00 sequales. Angulus autem CBE rec- 

T./.t. tus eft per byp. Ergo BCE , BEC (e) fimt lemiredi. 

(«)'rj^* Eodena modo oftendam CBF 8c reliquos eflc fcmiredos, 

/*^^'*adco^e «qualcs intcr 6. Ergo in triangujp BAC, ciim 

duo fint «quales anguli CBA, & BCA, erunt AB & AC 

10 F^ ^^ aequales. E^em ratione AB, A£, AF SEquales erunt. 

Vl^g. Circulus igitur centro A per B defcriptus, tranfibit etiam 

per E, F> C. 

Fars 1. Ex A fint perpendicukres infuper AG » A H , A i. 
Quoniam in triangulis GBA & DBA anguli ad D & G, 
. itemque ad B inter fe aequales funt, ktuiaue AB communc, 
f-\ pf^ ktera {g) AD, AG aequalia erunt. Eddem ratione aeoualia 
jyH/i I. iiint AG, AH, AI. Circulus ergoceotro A per D traxmens, 
0i) Ptr tranfibit etiam per G , H, I , tangetque ktera {hi) omnk 
%€kU 3* quadrati, quk anguli ad D» G, H, I fiint re£ti. Fecimuf 

ergo quod petebatur. 
^ ' CoroU. I. Hittc^ cum mtpdus Cl>Fs tangmti ^ftemit$ 

•*•' ^ fMBus fit ftmirtBust fivigr, 4f ; <J» m^lus CDG fifqutrcC" 
tu* fiv9 gr. iif I sr^ Imuc qumkmi drtmk mfiriftiROs 

(fivu 



{fim reBs mlfimdms quMdramm tdthu fnifberU) ut DCf 
tircMbsm MviJit m dw ftpnmtstf (a) tfUfwn mMJus cmmet ^^^i^ 
msntiMm ftmireBum t fjf^ mmus mpmsm feftjiulnUttm, An* ^^* ^ 
gtuus, igitttr in fepnmo ^drstntMU sqsMlis ifi smgulo rtSh 
C^ fmhtBo fimsslfssmftis , mqtie sMgttisis fufer arcst cptstdrmt» 
tstts,fiv§in/egmentooff(fit0» dqusUis e/i femireih» 

CoroU. X. Binc etism,fi fisfer DClfUere quAdfuti dretie 
mfirsfti fre distttteerot dofaribsstur siUut circulus minert iffiut 
circstmfereutia fer A centrttm ciratii mMJorit trsmfiSit. Nam 
csrcs sptsdrattm ACFDp cssjus angulus A efi in cenfre tttst- ^^^^ 9 
jeris ctrcttlit circutttfirihettcr (o) ifiecircttbts mincr*'] ^ ^ 

PROPOSITIOX. 

TSJat^ttluftf Jfifitles cmtHrttere {BjiC) itt ^-p^.t^ 
at^ttkts ad iafitfs {ABC vel jiCB) fit dn*^ 
plus mgHli ad verticem (j4.) 

Sumatur quae?is reda AB« quam ka fica (c) in D^ ^^xMFer 
T€6bngulum ABD Gt acquale (juadrato D A. Tum ceotro A! if./.v 
per B deicribe circulum, cui micribe BC (d) aD^ualem DA,! WPee 
& junge AC. Erit triaogulum BAC quxfitum. '*^ 4* 

Dttcatsr eoim feOtL DC, & per C, D, A defcribe (a) W i^j» 
circulum. Quoniam refhngulum ABD ^uatur quadrato (})p^ 
AD, hpc eft BC , liquet BC tanwc (f) circulum DO qucir^ U. ^ - 
iecac CD. £r|;o.an£ulus BCD «quatur (g) ai^g^lb A ijq {%) Pn 
iegmento ai^emo: additoque communi DCA, erit BCA S^ ^ S* 
aeqiaalis duqous Ji & DCA. Sed q|Dia fytas^ AB • AC dsquan" 
tur, ABC acqualis (A) eft BCA. Ergo ctiam ABC «quaT W ^*»* 
tor dttobus interois A & DCA. Scd etiam ezternus BDC fi) >^ 
(i) xooatur duobus internis A & DCA. Ergo ABC 2c BDC 32. /. t/ 
aK|uales fiint. Re^ igitur DC aequatur (ilr) BC» hoc ciE WPer 
p^ conffa*. DA. Ergo anguli A 8c DCA (Q aequantur^ mV* 
Quare aogulus ABCi qui dnobus ofienfiis cSt aequalis, dujpjus ^/^ ^ 
crit uoius A. Fa£tum igitur cft quod petebatur. 

. [Scholium. £x hssjus frofefitioms confiruSHono Uquet qush 
tmde tx date AB tsno crurtm toMaUsmt eenficiatur triangu^ 
Ism sfsdfi^tm^ Si verlfufer datibafi CB, tristngsdum Ifofct" 
its ABC fit ita ctttfirutndsm » ut uteryis smgtdorum ad. iajim 
dttfius fitaasguU ad verticem ; frimo » fufer . CB tanquam' isfit 
trurtm 4qsssiiism,^cenfirusuur ej.ufmodi triangulsm CBD.t 
t/tjus vtrtettp^Ci hs^is BD: dmdt fufer BC ad fm&um /m) fg^ 
Cfistt (m)* oMguius BCA tej^Us oAgulo CBD, f^ frcducatur ^|.Ai9 
JBD donec Hcsstrat jffi CAm A. £rit ABC triatgtsUtm quali' . 
ttm fitftr dstfd is^ BQ mfiru&imi\ 

' ■ O I ' ' ' ' Qtrtlz 



t 

rtr- ^** t/ A l^gulf ad bafim fihguH B & C m trimgate Ifeftdio ■ 
4X js^m c<onflru£tO| font ddae qoiotae duorum i^orum, 
ieu (juatuor <^uiatae unius re^, dc Tdiquu» A eft tfna quinta 
dabrum i^e^lorum feu ciuz quintae unhis* Pattt e^^ ptopofi^ 
tione liac*& qf Ji. lib. 1, 
, , ScB , ad tor . i . C^ Ju» imfuU te^ ftr femicirctdum , fiv$ 
pn ir/ubis 1 80 ihenfunntuf , mf quim^ f^s dmfumrgdhrumt 
wmff angulus^, gr, |6i c^ ^4 ^Kmr4 ibufrum nBmrum^ 
9iPtf$ B, ^r.' j6 ^/j, fivegr, 7^. JE^ ri«l uuus ang, reihtt 
pt gf. 90, (Tpj e^untu fors erit gr, i8, Erg9 uuguins A (gr, 
«;: . * .^^)tOTfmeii49Uu^nmmttUsrSii, & uiig. B- (^r^ fx^ qmHK 
fU0r ifi(hitus unius re^it ^ frwmde du^ qt^t4 4ttorum ret- 
fcrum funt quutuor quintd umui r^i i (^ unu quinta dtuh 
rum d^it JSms quimasunius. ' I,t unrvefftditer ^ it* angulo 4/^ 
* " timglldo fer re^um quorufiuunffud furtiif d^mdiatus reBo^ 
rkm' f^umeffis inferet faftium^numerum iupiicaiumi <^ t/ir* 
. vfrf^ Sic, fi a$dvis angulusfacimfex tfuittas miittt te^i^ €f 
i;p mt ^utatas^ duorttm reSert^m ejfkie$. 
tk%ih %A3T,i,Clt9tfattgukffB4PfitittirfmreB^ 

. itti fivi^ftua fartft deiama i hocofigr^i6 erifwtf^m mm deei* 
ina Sik^r rtShrum , five mtegri circuii , gr, $60^^ froiad$ 
' ¥em^ B^Ceftlatusdeca^ ordi^^h citculo ^^iSeudit cujttt 
•^ "^ hdiUsfiiAB^el4C, 

'' Cor.. 3, 9i radkui cintdi aB itu fecetur^n D, m ro&aet^ 

> if^^ ^BDyiM^ tdfo radie p* fegm^ minm\ atfsaU (i$ 

^ ' ' fuadraro I> A fegmehti majorui erit fegmentum iUttd majm^ 

•• ' ^D Imtti iecagm, drcuto cujus radius fit AB iaferiSendi^ 

■ i:onJiir eniM ett frof. hmjus deme^rtaioteo ^ fegirtent^m AD 

; . ' hJiiC'^quak i^o. 

.j '.1 ^Cbt^. 4. Hcentro O, rdOoCWvel CD doJhjSatmf eirm^ 
^ . ti-a|A ^» pumfit % C D triawgulum ifofcoks ttittnguk BAC amtianH 
Zkmm i*^^ t W ^* H^^ ^^ ^^^ dtcagolti m^dinati (b) m^ dr- 
fnf, 10, ti*h inftrihptdi. £t tslm drcuH radms CB (n (e) AD)fi$ 
ifnimd^* Utus ijt^amti (d) ejdem circulo infcrHltndi : Ergo , fi rtfht quM 
(bVPfl' cvr, ^f j ^^ itdfecetur inD,ut reSmtguhem ABDfu6 totA AB eJ» 
f c)?#r«(^? .^**^^^ m»fe ?1) Ai^etttr quadfate figmenti mMjdris A D » 
fir.brsjfu ^fememu}n ^mffftiAti Utus hexttgoni,i^mitms DB de^ 
jf,n>. "■' Ugm eid^m cir^j^o i»/<iitti6^ 4ifM If^ ofifrof. o. ^, 

wKf*'**' ^^.tiictidis. 

f • /♦ «ft - ttof . ij; ff^ iiftimtts arcum tirekli c^drmmtkm fejw*- 
k tff ib, fW if^f^§ ^Haies (4^ ffohifte^ m^^ W $ifi$^ i in fartn 
rk * ' ' < atmaim 



Uher Qmttml 1i«$ 

cliv» <;wm reH^BCfit Uum{z)i€C^m ardmti circulo , ri^/ia xJhgmu 
cimrumfit A^ raJmf AB , infcriftii trit srsus BC pars duh 
mm totitu draat^mid, five pars quinta fimicircumferemidi 
«l^ skU» dimdmm ifjiuj BC erit pars dicitM fitmfircumft!* 
fwtui^ t Jive pars qfoua arcus ifsudnmaUt,'] 
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PROPOSITIO XL 



\hrculo pentagomm orditutttm injcrshere. f^\tt'^ 

Ddcribatur (^) triangulum B AC habens angqlum ad ba« I^^ 
fim duplum angoli ad verticem. Huic aeqqiangulum CAD . 
Cc) infcribc circulo. Angulos ad bafim ACD, & ADC feoft n/^**^' 
bifiram redHs C E> DB , occurrentfbas circulo 111 E 8c B^ 
Pun^a A, B, C, D, E rc£^is linets. c^neift, dabuatpen» 
tagonum ordinatum circulo inicriptum. 

Nam ez coniiru^one Myxet quinque aimilos I , K , Q^ S^ 
O xquaks efle. Quareetiam arcus iis iumcnli, AE, £D> 
DC, CB, B A (d) funt «quaks. Itaquc rtikx fubtCBfic »• ig*/?^ 
cubus etiam asquales (#) erunt. Pentagonum igitur aequibt^ (e) Pniy^ 
rum ed. EH verd edam zquiangnlum , (fy ouia e^s angali i ^, * ^ 
BAE, AED, &c. infiftunt arcubus aequalibus BCDE,ABC]>> (O^^-.af. 
&c. FaAuxn eft ig^tur quod petebotur. * 3* 

m 

Orolldria. 

« « ■ I 

I. L Ngttlas Pentagooi ordinatx facit fex qulntas anius rec- ^. ta* 
£x ti, feu i^) ties quiatasduQTum. Nam trea anguli a4 U' ^^ 
A, ciim fint acqualcs, utpote sequalibus ^rcubus BC, CD,-^*^^ . 
D£,tn(iften&es , Sc medius per CQrQll.i.pra;ccd.<it dua^quintoe ^' ^4T^ 
vuoiuacedi, tves limul, hoc eft, ipfi pentagoniai^]us*cQn* 
ficicnt k% q^intas uqius re^L 

[Schol. ad- cor. i. Cm» smgyli reffj fars tjftintAfit gr. \t^ 
^it m9i^Hs?eiua§Bm ^dinatigr, i8 fexiesyjmgr, ifi%'.Ctim 
v^o fartis f)x quintas unius re£ii tnumerat ant/w , idem efi ae 
fi angulum reSum quintAfui parte auSium dtceret. 

Cor. 2. JEt^ MjAs frepofitionis conftru^fione liquet 9 qnomodtr^^* ii; 
fuper datn reSa CDt tentagonum ordinatum con/huere ofortet, 
liat (h). eTtim fiiper iuA tansftam ^afi , trianguistm Ifofceles (^) ^^ 
ACD , in qttP angulus ad Safem duplusfit anguls ad verticemi p*J^ 
^nn amdi ^\ckmnfmkninr c^estlm, & (fiftcemtnt angnii (\) p^^ ' 
nd hainm mffi,s Q^ ,. DJ^ , dtmk ocqnmmiint iME, B, Duiia /.4, " 
fiSa AB. BC» DEt EAferJicient wdinntnm fentng^mn^fi*- 

- i c 4 i^ 



90^ EiiH0M€t0ft^ G€999ftMd 

. ter iUiAnSACD di/inftwk, nti tx fr0paftimh'd0n9n0rMri$^ 
P0 MtpMrtt. AUMm porro methott^m idm co»/lrtiim/if itubif 
frooUmM mox ftmtnrum, 

Scholi^m r. tXniverfMliter 9 fiptrs impMrhfm iMttntm ith 
Jtriiuntur drcttio hiiufim triangubrmn Ifofcekum » qMortmt Mtt^ 
fuU dquales ad k^^imy xmMpWces f$$Mt eorum qui ad^utrticeik 
fitnt Mnptbrmn. fMrimn vero Uterum figura in circuU in^ 
/criStMttttr opo IJo^eEum triangulorum ^tontm MUguli ad SM/km 
aauidpHces f«(quialterae funt eorttm 'qui ud vorticemfuno mh^ 
||to fn; . gttlorum. U^ ift triM^gulq Jfefiefo ACD»fi Mngttl^s C MUt J> 
MptMlitfii trUms Mngulis A9 Lnttts CD orit Uttts HeptMgoni s 
p^ffMuor^^ erit Utus JEmteMgtmi» &c, Sin vero C vel D a» 
^tdisfit i\ Mnguli A^, er^ CD Utus qu^drMti: St fi C vef 
XH M^tdlis fif %\ MnguU A9 f^endet CD fextMm purtem 
fkctmrfa^onti^. FMriterque fi C vtl D dquMlis fit 3< MngttU 
Jiy oiif CP UtusoQpgoni^ &c* N^m qudtMitme 90 IfofceU 
kttjusprop. Mitgulorttm ad bi^ern ^eSorum partes» unJk cttm 
^gttlcvirtifSi, infifiunt arcttbus quinquo^ ai^ttaUhtts periphe- 
ff> teiius pmikusi & froinde fi/jufmodi trtangt^um circttU 
enjcfihatpr» ippttf bi^ mt UtusUntMgoni ordsnatiy eidemcir^ 
€ttIo. infcriietidi : eAdem rmione , filfifceUs unguUts Mktruter mJ 
^Mfem tripUsfueri^ unguU ad verficemi a^plorum ad bafem 
Pift^tp^fttntit uiOM ci(^ anguU vertiatUy inf^ent arcttSui 
fipttm* aquaUbus itideni totifts piripheriM partibt^Sy mc m^ 
m4t^ fi flttfmodi triMnguktm ctrcttU infcribMtur, iffius bMfii 
0rit Uitts heptMgoni ordinnti » ^dem q^cuU infiriben^. Et pnti 
psodo anftabit de reHquis: Sit n numertts Utentm fyttra m^ 
4Umm iircuk infcrib^da: Erit ^ofceUf, infcriptioni infervwn^ 



ff^, Ahgtibts n4 bnfent » Ad mgulum verticMfem^ Ut 

2, 

JU I, Unii pifitA uttttMte pro f^uk. vpficMUy MngttU ud ba^ 
/em\Ifl>fctUsy tmik cum Mn^alo fj£f vertkMky hifte nitmtris fr^ 
q^Mvufiguird ordinMti infcrikfinda, erunt txponmdi{ t^pefra 
friMnguUt aquiUtetro^ 1 ?H i + i SE 3 > /^^ quMdrMto, II -fi 
\l -f- I ^4» t^^ tfntMgono X ^ 1 ^ 1 :z,fi pro hixMgonq 
%} '^' %j+ ^ ^. ^. i pro heptagono 3 «f" 3 -^ i ZS 7. £f 
9odm ntfidM. t^ ^f? fr4i^''^ Wtri^tnifis . fjvcedindiii^ t/i.] 

Scbobitm^ Z, 

1Kg«iio& oft Eudtilca ptatagoiii InibipHo» £d muho eir^ 
peditior illa Ptqlemffi, QoaQi irMH l^t fi Ahna^d^» Sc 
fft cjufmodi. ^ 

Duciotur 



libtr j^ktrm^ lo^\, 

Ducantiir dttmetri £D » BF ie matud perpcDdkttlaritcr 'ir^ i|i 
{nteriecaiitcs ia A. Radium AD |>iieca in C. 6entro C per 
B dcfcribe arcum» diametro £D occurrencem in G. Reda 
QB eft latus pentagoni, £c AG decagoni. ^ 

Demonlfaratio hfc dari ncquit » pendet enim k prop. lo. 
Sb. 13. £uci« £am vide apud ClaviHm in firholio poft p. 10. 

L 13. 

llnilUpraf. to.Urifiti if^dinmltrMf SmUdis , peotM* 

fdai Qr^^mti fireub m/crifii aptJkiratum » dqtfsri.^Mdr/uis 
9X0i€9m & JiUHmi firdinatprmm» iidem circuU mfcrtftmm^ 
fimm fHmftis, Jrnn vcro iatm kcxngm crMnati drcuU m» ^ 

ferifti » ifufiiem circtfli rsulio dtpmU ijfe confiMbit ex cor. i» 
f, %.f,L^, Et latms decagem ordiTMti eidem drcuh infcrifti» 
\fUrtem ejk fUMJorem rudii /ecundiu» frof, 11. /. xJeSi^en* ^ 

fint ex cor. 3. f, 10. /. 4. Atque in fig. 13. triMuguli ABQ 
roilmiguii sd A^ Utus AB efi circuli EBDF rudiusi (^ iatui 
AG ^ fegmentum, mtUus rudti AM fecw^ditm frof. 11./. ^« 
ftm % ttt frofofitimis illius cmfirnciimtm cum SehoUi hnjtt^ 
confirH^iione conferenti fntebH^ Er^o fer 10. /• 13. c^ 47. ^ 
I . BG erit Ituus fentagoni eidem circulq 'mfirifti, Profofittomi 
umem illius decmstHb^ 13. d^numfktttienm i 0d utlcem Ubr\ 
ftxti Mffmmut.'} 

Prohlmtt. 

SUper datd re6bft (AB) pentigonum ordmatum ita coo^ je^, r^i^ ^ 
fbues. Seca (4) AB > iic ut redaiigulum ABC £t.0s- (a) fer 
fluaJe quadrato AC, £x AB utrimque produd^ aufer AD, ii*4^ i 
B£ aequales majori figmento AC- Centris A & D » in* 
trrvallo AB defcribe arcus duos ie iecantes in F : Item cen- 
tris B & E, eodem intcrvallo & iecantes 10 G. Rurfum 
centris F 6c G intervallo itidem AB » alios fe iecan&es .\n 
I. PundH A, F» I9 G, B redis lineis jund^a 4abunt peztr ^ , 
tagonum ordinatam, (hoceftj aequiiaterum Sc sequiangtt« '* 
Jnm ) fupcr datd AB. 

^uikterum efle patet ez conftru&ione: aequiai^lttai 
efle iic deroonftrabitttr. Ducatur D F. Fatet ex conftnicr 0>} ^^ 
tione tHangttlum AFD ciTe Ifofceks. Et baiis AD cft ma- ^''{^ 
jtts icgmentum laterisDF» extremi & medi^ ratione (^}/. r. ) 
ieai, (eft enim DF aequalis AB, & AD arqualis AC.) £igo (e)Permk 
ax^tthis (c) DAF eft duae qttinrc dqomm re^onim. Ergo i*^« *^ : 
retiqttus FAB eft (d) tres qttintae duorum re^rom , iiv^ mTpj^ ; 
iex qttintacttnitts rdSdi ac proinde eft (t) anjgttlus pentago* ,3.^1. 
ni orainati. Eodem modo oftooditur aDfiumm GBA eSc (eyferet^ 
Htx quiiitas ^sm reSi» ac nroiiKie pareot f AB. Vode t^ ^*f* ^'« - 
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'- cefiejam eftrdlcjuos F, G» I, Im «quafevefl^» QtfgttMes 
8. L I. fi coadptttur fubMd! reda FG. 

MBG fuper kafibus ^tpuUkms AJy^ EB, d^Mm^ enmt rtBm 
(t) Ur FGf, DE (a) fmmUeU, (^ fremdf akwm migmU DAf.AFGi 

K)pi^%7. ^^ * ^^ ^^ ^ujmdtsi & Mormm qmlikef^ dsu ^nis 

\^^ '* dmontm re^ermm. Ferret emm m trmnffik Jfifcele AFB mtH^ 

(c) Pif i»^ -A ^^ vertkemfit tres sfmmtaduenem re B e m m, (c) erb 

3&.^i. sltertiter ad Safem,mnaqmimm»fjh premde BF Sifeem mmptimm 

j4F3y & Mmgmlms FBQ ( ABQ^ABF» tmm n em fe qmintsmes^ 

tribms (pmtis fmbdmSkm }eentrneik dmms qumtm,FGB dttmstBFG 

fi ^tr mnmn : Iptstr ia triangmh^ BFG » Imtts FB^tmeri FG(d) MpmU 

'*f p eft Brge trimpUuBAF » F1G Jkm pbH nmutm aquilsttrM , ^ 

^'^ i^ freinde (e) d^uiangmU • (^ anpdtt» FIG eeminekt etiame- tret 

qmintas dmrmm riSermm , IFQ tmamf JGF mnam, E9»ge an* 

imli IFGy GFA fimml addlti 9 effieiimt etiam tres tpimtasi <^ 

eedem nnde angmlus 1GB eentinehet etiam tres auhttas. Frge 

fentMgenttm ifi aquiangmlttm. Cenfimitttr erge ptfer dmn ret* 

td AB fentagenum erdinntttm. ^ E. F. 

Alie medo fmfer dmd reBJt AB cenfirttetur fentagenmm er» 

dhimnm, fifttfer AB tanquam bttfiy ex farte cetttraria > fim 

triangttium Ife/celes ABX^ cttjtts angttlus ad hafem BAX vel 

ABX duflttsM angttli X ad verticem i&fredmS^s XA»XB 

md FfG, mftm AF BG iffi AB re^ivh oftales» centris F 

f^ G > radiis AF^ BG» de/criSantur circuU ft jecantes in duehtt 

* ' . ' fmnSis • tptnmm ah AB rtmtetimfit /, e^ dmeammr Fl, Gli 

DicefaBtmt, Demeitfhraiie fere eadem erit cumfricre: X>ttBi 

** ■''' enim AG, rtBantm AB^ FG faraUelifinut triangimlermm AB^ 

tf)Per^ jUHa ( f ) aqualitme etiammmt (g) cm^U*'] 

!g 'n PROPOSITIO XU. 



c 



A* ^S* \^lrctib pemofffKttm ordmmum tircttmjcriherel 

Infcribatur pentagonum orduiatum per pneccd. GHIKM.» 

. dttcautuffc)ue tangonics in pun^^, 0«H»If K»M, ^uaicoa* 

currantin B»C,D,£,F. Dioo&^um. 

... . £}f centr« duc redas AG, AB» AH» AC» AI. <^Qntam 

|li)P<f . BG, BH ex uno pundo B, tangunt drcufcim > aequales (^) 

^tkf^ erunt. IVigona igimrGAB, HAB» fibi nMittid flBquilatom 

iifptf - ^^* ^uantur erga(«) angnli O, P> itan Q»S: ac proin* 

BAu ^ ^^' ^ dtti^us» ed ipfittfi P » 6C' fipius GAH duptua eft 

' . 5, Eldem^decaufi an^li C 8c HAI dvpii iinie ipfirum T» 

Oi^Per 8c N. Scd GAH « HAI aBquaka (kj iiioe • quia iniUuat 

»^^«^ areubtt» «qHaUbiis <;h • Hi> gcr .cpoiir, Ef go etiana «o» 



nifti dimidii^r Htfqviksmiiit Qmyim %|Ctf ia tri«i- 

Ss BAH, CAH, duo aiguli S| N aBqpantur , tieaqocr 
aa H («) re&f ktaioQe AH cft mnaHuit, ekiam {k) (•) M 
BH» CH, itemqiie angult t» T leqnak» erunt. Eodemmo- '|f:''^ 
deoaendamreAuBG» FGefiec^uales. Igiuir CB, ^9^0^'^^^: 
pbr funt xqualium BG , BH ,. ec promde «juaie^ Eodem bkh 
dooAendam rttt^kttempfttagoni cireiimicripii eile aBqiia- , \ 
MoL .Uind i||iftur awpiilaimim ciHK, Eft ?eid ^ sqoiaapilum,». 
a w dtan jam oftnftA £t aneikM B & Cduplos euc an|Qa^ 
hufli F fe T.» etitm^9Bqn2ea enmt: eodemqpe modo ft. 
reliqtti. . Ordinatttni igitar pontagonnm cirode circumicrip*. 
fimoa» Qb''^' erat meiaodum* 

sMimm. Eodem artifiao circnlo ctfcttm&rjbftiir ordinati^ 
flgnm qnamnque » . £ piiib illi fimilia circulo inicribatur : 
l^^mmft diUHs $MHgmtih^sdilUarcmffiftriittUfimS^tGtH»' y 

hK^ O€.0hifym4im/Mfu mptli dtamifirmtim» itmgntm*^ 

pitOPOSITIO XUL&XIV, 

FVmagom orMm^ eirctdtm Ajf&tfert > (^ cir» '4k**^ 
tMmJtrikre^ ' 

• • •• . . 

- poo» p e nugm i tngblne B ; C biiwt reaia BA» CAcoft^ /' ^^ 
cutrena&tii in-Av Bx A dnc perpendieitiarem ALm . 

Circuluf ccntro A per LdeTcriptus, tan^ omnia poita* *' "^ 

eoni Jatera. CiicuKza idti deicri^ntf eefltft» A per B» xna6r 
bit etiam pcr C, D, £, F. 

«• ftara.i. jji^ m gt A s JX,M»1F ad fimBm» AiiUtmiteHritimt A 

jyJfBA, FjiJ] In trigonis DCA» BCA, quia latera DC, 
AC, (c) lateribus BC, CA, itcmque (d) angulf P & O MP*rJf; 
«qnamilr , «tiam G & I «qbalea (i) enmt. Sunt ira6 (f) i^^ 
etiam tod B & D a»]uale<. Quare c^m (^) tnsulus G fit /^p^ 
dimidiui tngdli B , etiam .1 erit dimidios ipfins-D. leitur 4, Lu 
T> qv^ue bifcdne eft teM DA. Ob eandem caufim , (0 P^hfi 
reliqui pentagooi aqguli E, F funt biiedi: ac praiiide omnea ^/^ 
iimMii aimli bter & '«qfloks eront, Ducaomr iniiiper ^* 
perpendictt&es AM^ AS., AN, AR. Quoniam igitur in * 

tH^i^LBA, MBA, anguii G, BLA aequantur aogulis Q* 
)^MA, ktn^ide BA commune eft> etiam (i^>AL, AM agqoa* W^^ 
)es elMnt/ Fari nMo oftendim reliquas AM; AS, AN» AR ^^'* 
i<Mer'6 aBqo^rr. Cfrcuhik ergo centro A trtniiens per L» 
trtoKibit tekrii ner M, S, N, R: Sc qnia angnU ad L,M, 
S, N, R t^ ftnt per confir. tanget (i) quinquo iatera M^ 
Mt%0Xtt; <^^tNi|Jpritttmi^ ^^^^ 



foP < Elemem&m Xremarid 

Furs 1. Iii trigQOd CAB, cpiit anguli O tc G jam djkofi 

M ^ iiiiit acqudes > enint latera AC, AB («) ocquaUa j eidemqiie 

■^*'* ratiooe «quantur etiam AB, AF, AE, ADj acproindedr* 

culus centro Atranfiens per B^ traniibit etiam per C, D» 

£, F. Pentagono igitur ctrculum inicripfimus 8c circttm* 

fcripfimus. Quod erat Ikciendum. 

%• i& [ Scholium. SMdem fMhQd$ m quMH fyufi dfubitirA 

fji^dqmangtUA ,• <^ circM qmmMn figmrmn dumUnnMm i^ 

M^msngMUmy ctrcmius dtfin^HHTi fi hifiemtw iuo mtivis int» 

pdi froxim VCB, CBF r$9is CAt BA^ & m ftmao cmcmr* 

jts A, Uimcmvis BC dmittmm firfiBdicuLiris AL: Ctrcuii 

€mm cmfro A rsuins AL, AB defir^,mmtfii$tr4 duu ultir 

mfcrifms t mlicr drcsmtfiriftsts. 

Cor. 1, HirtCffidito sntptUfmxiimB f C fytsrs ordinms 
ktficmticr rMs BA, CA^ cmcmrmtihts in A, fji* s fm§3§ 
tmcmfiu dsscmttur rHU AD^ ASt AF ndrtiifiis figmM 4bs- 
(b)P«rib^ gfilis\ onmes smgulifipsrM crunt btjc&i. Vndt (b)figmM ilU or* 
I X 1iX<; ^^^^ drvidttur in tSt trimiffib if^ctUsk M/j^MiiM , mm fimt 
{ ,;^ lMttrMfignrM.BtMbAdemiffisAL, AM, &c. Md fignrn Uf 
(c) •>«»«» ' ttrn ftrfendipiiMriSus% h* Imutm (c) hiftcMktnt^ & cum rMM 
M.fM.f» fim mfanfti circuli, fUfi invicem dqiuUes trunt. 
M6i»u QQr, 2,. DMtt itMqnt figurd ordinMtM iMttrts & rMdi$ drcuH 



infcriftit hMhttur fynn, iUius Mrtu, fi rMdk bs iuttris ftmiifftm 



fd) flr {^JMt^numtihss idt frtrvttMUs mstinfUrttstr fer dtntmJnMto^ 
^^ ♦'• nmfifurM. Sic nrtM ftntMgtui BCDSF ^ ^ X 4^ 5K y.J . 

PROPOSITIO XV. 

nr»<7- YN' dat^ circtdo Utxtigmitm 9rihi4htnt defirp^ 
I bere. 

Ducatur dtameter FAB. Goiibco B per ceotmm A de- 

firibe ciroilum , qui datum fecet in»C & D. Item cex^ 

. . tro F per A deTcribe circulum , qui iiecet darum in £ & G. 

Sex pun^ B, C, E, F, G, D icda& linds conn^z», da* 

bunt qnsefitum, 

£z centzo A emittantur redas AC, AE, AG, AD. Patet 

X^j^^ triangda U, I, M, L («) efie aequiktera. Deinde quia an« 

ihjii e^ ^^* ^^^' ^^^ (fi efficiuot unam tertiam k^o- 
e^r u.f, rura duorum , ac promde umul duas tertias, potet (g} EAC 
%i.lj. etiam efie unam tertiam duorum redorum. Anguliigitur 
U)^^ EAC, CAB asqoafes funt. Sunt aotem JBc htera EA, AC 
}t)9if ^^ia lAteribus BA , AC. £m> (h) faafis £C bafi CB^ 
ULi^ Ikk: eft ^ttt )an\ ofienlum,) rt^ AC asqiialis eft. Quarf 

^iaai N aB^uilattrum c&p gfiim ^odo oftmc^ ' 

a " 



liftmm cflb K# Qooobin. igttiur triragida oiiwm H»* I» IL» 

L, M, K anuilacen funt, patet latcra GaoBja^ CB»,BD,OG» 

GF » F£ , £C aequari nuUo OKCuli AC , £i AB » ac proiiide 

inter fk. Hexagooum igitur «quilatenim eft. £{l vero 8c 

aeqoiao^nm» cum iH^i ejus anguli E^C»B»D,G,FaMi- 

ftent duobus aBquikteri triaxmili angqlis. Ergo Hcxagonttm ^ 

quo^ circub inicrip&nus» eft ocdinatum. 

y OrMaruu 

i.r Atus hexagonl circulo kifcripti [fivi ehrdn grmimm ' } 

Xj 6o.] 7Ba\me eft radio. [£^o /iM^ 30. frddusim 4- 
qmMtmr rmdn (a; dhmJk.'] • (i) JPifmjL 

1. Angulus liexagoni ordiaatl cft qoattoor tertise unius '■#^»^1» 
ne^i confiat enim ex dttobus angulis triaflguli sB^lateri » ^^'^- 
^jttorum finguK conficittnt (J^y dUas tcrtias unius ttsGti. [Cm* (b)?|''iwv 
fflM^ f^/ifr 4«;^ifi!Nv» ff^wn» nv^ /«rl»i f«r/e rtSi » hoe^fir, i%.p, 9», 
90+ jo* — ^- t»o.] • 4 !• 

3.. Si ducatur inibpcr diaincter ?S , perpcndicolffis akeri fk* ^ * 
FB • & intervallo radii PA , ccntris P Sc S, &aiooes -fiant 
InO&C^ inR&t» pttnaaP»£,0»F»R,GvS,D»T,B» ' •' " 
Qj C redis lincis conncxa , dabont doodcamgulum ordina- 
tom wA dtcm aperturl circalo inftr^tum. Id quod magno 
cft ttiiii in Gnomooidt. [jbqM hme ttiMmdifnmus Mrt$m 
epMdnmnUm n in tru fttrttsdquaUs P£ » JEO, OF ( c^ 
frmndi, €mhmA{c) htfi&mt^m ftmtt MquiUs 6» 1^,14,48» MP^ 

&e.) fMrtiri.2 ' 30.^3.' 

4. £z demonftratis fi&dtm ctiam deicriptio fitciDIma trian- J^ ijL-v^ 
gulf' aequilateri in circulo. DxiBti diametro FB, ceotro B 
f«r A centnim deicribe arcum CAD. Punda C»F» D rec- 
tis jun& tot aEquilatcruin quxfitum. * 

f. ^uilateri trianguli latus (CXD) a diametro (BF) ad 
ipium perpeodicukri , quartam partem (BX) abicinditr Nam 
anguU ACX, BCX, xquaUbusarcubusGE), DB iniiftentes» . •« 

aeauales(iQfiuit: &]atera AC, CX xquantur lateribus BC» (d)Pjr 
Ca. £rgo AX, BX (#) aDquaks iimt. £rgo BX eft quarta a^^^j* 
pars diametri BF. (•) « 

[ Aliter. Trofttr ACX^ BCX, utfrius ^qusliSi 6* uupdos ^i}^^^ 
sdX(f) nBos 6* frmde dumuUs, <^ iutus CXcmmuM^nit (g) fi, 

(g) ax:=:bx.3 ai./. i. 

SchoUum. 

« 

, ProbUtttd. 

rjExagonum ordinatom fuper datl redl (BC) ita con- f«^. 17« 
Xl ftrues. Fac (^) triangulum CAB aBquilaterum fupi^ (b) ftt 
datam CB^ Centro A pcr B £c C ddcribc circultfm. Is ■• ^ *• 

capicc 



9T(i I!!i9autfmp(M iSmtiifiirlt 

xapieCbeXagoauifiperdtticeMCB^ IteiarfMpdCIS 

«€0VO|« !• 

ihntitftit» 

ft« it» /^Udiutum ex ktere triaa^li as^ iiflatai , trlpiifm eft atta^^ 

\^ drati ex iemidiametro ciFcodl cui infcriptum eft » aaecH 

guc ad quadratum diametri eft «t 3. ad 4« \iifi p. la* /. ij, 

^EtteUdis.] ^ 

Dttcatur femidiameter AD. <{ixadratam FD squator 

li)f0 ^uadnds (4) FA> DA, U, rsQnMEuio FAX Us. ^ v^^ 

iSJr pI--. ^- '^AX bi$ ^ par quadrato fimidjamctri FA. &h pA .• 

ivi^' (namquia AX , XB ABquales {b) &jit » reOaiigMlum FA^C 

ii)9tf Ua flD«Mir diwbiis reAiiigaUs iicmpe ittb F A ^ AX. ^ iub 

ft Cv FA, XR« boc eft rtOaSi&Mlo (t) FAB» boccft ^midnio 

FA.) .Eqgo qiMdnittm FD ir^pteia oft ftKlrati f^ dm^ 

diametxo» . 

Quia antem quadratam totius diaiDotri FB Hjuadroplma 

C4 JiTM {/) eft ^uadraii FA % pcM ^iwdwttim FD ofle ad quadra- 

J-/-4* tnmdiamecri» ut |.)Rd4« 

^ ^ CmI. Hioc ieauitur latqs sBqvdattri triai|gpi|i fSk ad dj|i- 

HMCRun, ot imx quadratMca tmarii cft «d a. radipeiQ 
wn^M qnadnticam ijuificnMWt «c pfoisdc cQc iiwas i^ 
coflamfinliBubileai 

PH.OPOSITIQ XVI* 
fV^ti: X^Ncircuto ^ii9$Jkcm^hm orMmwm dgfirikrsl 

f c}Pir Circu!& infiribe (#) htus p e n t a gont AC» 8c triangoli (/) 

81. A4. muilateri latus AD. Arcum CD faiieca in E« Du& rce» 
(f) F^ ftf . Ck eft latus quindecanguii. 

^f* !/• Nam fi tota periphaia ftatuatur efle if . erit arcus AC« 
* ^ 3. 5c arcus AD , /. ac proinde arcus CD » i. ideoque CK 
unum. 

CorolUtriii. 

!%• 19} SvTTAC metbodo innumeraB ligurK ordioatas otrcnlp in* 
Ilx foibentur. Nam (i duanim ordinatasum latcrt 
AC, AD circuk) fint ioicripta» arcuum difierentia CD 
oontinelMt tot bteit nprai figune ordinatCt quot unitatibuf 
4i£Eerunt denominatores pMmm. Deoominaior autem 00- 
vss fignne babetor»ii deiiomioaioi?is priomia Jntcr je lani* 
tipUccntur. 

9c4» ADiiUatitf yiidriti» fc AQ iffSigniL. Pepomioa^ 



toruni diftreiidft eft 6. Igitur arcus CD contmet 6, ktm 
figurx novx. Ea Tcrd eft 40. ktemro. Denoxnioatores caiin 
4. 6c 10. inter & multiplicati &ciunt 40. 

[Cor* X. Hiitc di^mm Mntun qtukhmtMhm m if. fMrnt 
^ufisUs Svidire^ ( <y fmm l i , €onimiU (a) hi^imu^ m 30» (a}?4r3«( 
4So, lao, <^f . ^«mj i } Si mmu mms C£ • fars J$cimm /• ]• 
fMM»ji mims 4m€9tn^mmU , tijtBitm mf§ntA Mlividmtsr i» 
fmrtis qfiMtmr ^iq^mks. Et muufrfitiiter , fi dtuar mfufamtifm 
jkmminliHMU eirmdoiKMfU iatm £X\ turtmn eiratli fMt- 
£r$mtakm % rtpetitA arcus BX blftBmt $ m ttt fstrtis atjttaki^ 
mtgtfmttUterafigwrA^ dividtre Ucebit \ ^ comimsa forre bi* 
fiHimet fecabitur arcus madraatalis in bis, eptater^oitiestt^c. 
tetfartes aqttales , quot juui tatera figura» 

'Car. j. Cum arctts circuli quttdrantaUt gradus 90« mmh 
tttat , (^ ttnufquifque gradus fcrufttla frima 60 i arcumj^re»* 
tia qtmdrans igittar fcrufula frima (poX^o» five) f^oo. 
ctminebit. Si itaqfte fer cor. fraced, t^tadram i» fartet lao 



dividatttr» earttmfinptlafcrttfulafrtma 






mtnfe tret quartas ttmut gradis continebum. Arcus autem 
ttdeo tninuttts , abfqtte errore fenfibili, in fartes qttotvis aqua^ 
los ac fi offet (b) htea roBa , drvidi foteft. J>'rv'tdatur ttit» (h}Ptrftli 
tnte m tres fartes aqitaUs, quantmfit^uU tffcrufula frMM, ^.lo*^ 4« 
fivo gradus quttdramem enhibebttnt % tmde ttiam gradtit fo^ 
tmffem (S ly + 15*) & gradum integrum (ZZ if + 45") 
cbtinebitntts. fraterea^ trifiSiione arcAs tf\ kabettttts arcttm 
S 9 & quinifeSiono httjtts» arcitm tmiusfcmfuU frimii unda 
ibfcurum effe nequit, quomodo (fi circttSts datus jatis amflta 
fuerit) div^o in firttfttla fecttnda tffici fotertt, atqtte ita forro, 
^uodfiarctu ^f^ cttrvior videatur qttkm ttt ficareiur ad Ip* 
bitttm ac fi Unea reSta offet ; contintta tamen btfebione , ai arctem 
Unea re^a fatis fro^nqttttmtattdem ferveniemut. Sic ai'| 
continem tres oSanteSf 11^^ tres fartes decimas foxtat unittt 
fradusi &ficforro. J^quet i^tttr , tgtmodo circttlus in g^a» . . 

dusfitosi ffraduumqftefomtffks^ quadtmtes , oAmtes t &c. vol» 
fiita Moatf in firitpttla frimaj fe ct t t t da , Urtia h tirt* tif' 
cbanico^faitemdividifot^, 

SchoKttm I. Orouiiautom forifhma dividi fottfi Qoomt* 
'frico in fartos 

4» S, i6,fiv.porf.6. U^.&f^9'i.t^ 
3, 6» i^r&t*ftrf. iJf. l.i^^^cutetioor. 4. <^ j.. 
f, 10, 20, e^.^^. II. ^«09 cor. »• «<► f^ .5^ » • 

10. /. 4. 

SchtUttmk 



flK Ek m em orm GkmetriM 

ScholiHm. 

NOndum r e p c tU ars eft» qui ibb cifcino Sc reguli infcn* 
baatur circulo figune ordimtx htsrum 7, 9. 11, 11.^ 
14, 17, Ikc. d^m tlJa iDiaipto figurarum dqxndcat a div!*' 
£oiie cJrcumfercQtie in partes datas» ^uae etiamnum derxie<- 
ratur. Licd)it tamen » circuli circttmfercatiA in 360. partci 
•divisii , meclianice figuras quaibmque onUnatas 'drcuki in* 
icribere hunc in modum. 

Problmd 1. 

_ » 

i|r»i^ ymRadus )((o. (hoceft» totam cfrCumferentiam ) divido 
\jr per denominatorem polygoni inicribeodi > (esem. gf. 
nonanguli.) Quot unitatibus cooftat quoticns (40.) tot gra^ 
duum fac in centro angubm AGK. Du^ teQOk AK crit Jtf* 
tus figune quaefitx ( nonangulae) circuk> inicribendx. 

Protlem4 !• 
f^ t^ A T (ufa dati rc^ quamvis ^ram ordinatam delcrib^ 



AT (ufa dati rc^ quamvis 6ga 
pra^idio tabellae iequentis : 



Angulus re^s eft ad angulum figursp, 

differ» 
tn Pentsgono ut 5*. ad 6... 1 
Hexagono ut 3. ad 4... i 
Hcptagono ut 7. ad 10... 3 
Odtpgono ut a. ad 3... i 
Enncagooo ut 9. ad 14... f 
Decafono ut ^*. ad 8... 3 
Hcndecagono ut ii. ad i8...7 
Dodecagono ut 3. ad f... a 

m^ 19, Oportcat igitnr iuper dadl re^ XB heptagonum otdina' 
tum defcribeK. Centro X, radio XB defcriM circulum» A 
^quo abicinde quadiantem BO» Vide in tabuU qux fit pro* 
portio rcdi ai^i ad anguium heptagooii repcries» ut 7. 
ad 10. 8c difeentia ett 3. Quadrantem igitur partire in 7. 
arcus sequales > quonim adhuc tot ipii i^de ez O in N » 
onot unttates habet di£krentia« Per tria pun^ B, X, N 

fa)Pfr f. Mcribe («) circulum : hic capict heptagonum fupcr datl 

/• ^ teOi XB. 

Tabella confeaa eft ope theorematis a» io fchoL poft 
ta, I. I. qoo r^it^r oiimcnis re%rum |tfiBilorum , quoa 

' ■ • - - - - tCciuat 



iker jQMrtm, ^ '^^f 

dKduttt dbgulicujufcuiKjae figune rediliiiede,qin titiiheHi& di-* 
Vifus per ^coominatx>refn figurz , exhibet deoomiiutorein prcM 
portioniis anguii figurx ad redtufn. * ** v 

Quoniam ver6 ae figuris ordinitis multa hadenus fimt pto^ 
pofita* finiat hunc librum Procii celebrc theorcma; 

TRes tantfim figurae ordinato^ Vidiblicet 6. iriabguta tetii^ 
latera , 4. quadrata^ 3; hexagona» ipatium repter^ 
pofiimt : Hoc en unam continuam fiiperficiem conilituerei 
Quod fic demonfhatur. Ut aliqua figura ordinata ^ius 
l-qxtita pofiit repiere ^tium , rcquiritur ut anguA pluri&m 
^us ipeciei figui*arum citca Uoum tnin^lunQi compofiti, pof> 
imt conficere quatuor re£^Os } toc eiiim cifca uoi^m pudb-" 
tum poiluht confHtui > ut patet ex cotbll. |. p. » j. t li 
ezempli gr. ut tk^iangula aftqUfiateili pofiint replere ijpatium 1 
requiritur $ ut aliquot anguli taltuth triangulorum. N , Nt> 'V* ^h 
L, K, I, H, circapun£mnl A compofiti , efiiciant qi^tu(^ 
foEtos. Atqui quatuor redos fcificiunt 6. anguli tiiangtui 
acquilaterii natn unus fecir duas teitias ("4) unitis re£ti, ac W^cf^* 
tooiode 6, fecjUnt li. tertias unius refti, hoc cft 4. rci^osO /'^/'^** 
item^» anguli quadrati, ut pateti item 3. ahguli hexagonii 
(unus enim £idt 4. tertias {h) unius re£H ac proiode i* (b)P»im 
laciunt ii. tdtias unius redi, hoc eit turihni 4. rbflosr} ^P» '/« 
firgo, &<;. A 4* 

Qudd auten^ id tiulla ilia figufa pomt , liqtiid^ coiiikhi! ^ 
li an^lum ejus repertUm , ut iupra , qudcunqUe«numerb 
hiultiptices : feitaper enim aot dedcient a 4. reetis^ aot cj(!& 
Ccdtnt» 



> 



H E L 5? 



ELEMENTORUM 

G E O M ET R I^ 

:■ LIBER Q^UINTUS. ' 



timtmm Hitr JttumfiranJis 

miitu Mfnlne tjl nictffitrim. 

cmi»H ^t^urmijpmt ufur^ 

mmJi viTo riuie t frofrtioi* 

. tfi fiMi futlilijfar,» ; fili- 

U rmtimanJi mtthtia , t»n- 

latica. Gcoraetria^ Arithme- 
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/^Uinti monienti in Geometrii fit lcientu p 
KJ atam elk Matbenuticas , qui igomet. 
Euclide toto quJDto & rnto tibro. Sed quamvii illi caeK- 
rif^ue dementorum conditoribuc pIuHm^ debeamut > ia 
iistamen, qDKdepropwtioiie tradidcrunc, ddidenrl ayquid 
ndetur. Difficultas tota in dcfiDitioDe f . ]. f. tctAut : ubi 
tndit Eudides , quid lit quatuor magnitudiaes dlc propor- 
tioinlea, llveduas ntionef^ ea£Jem , fimiiei , ctiualcs cfliL 
Ddiiiit igiiut duai tationei tum zijuaks dici feu fimiles , 
^MBuda Mtccedentia quocivque numero sequaliter multipli- 
titt>t (WcqucQtibui etikfn qoocuDquaiuiiiCTa xqualiter 
mulli* 



siuhipBcatis» ienjKr vd fimul aequala ittnt y vA fikntil ina- 
jon, vcIiimalininora(«). Atque ex ei definicioiie omnes (a)i^4rj^. 
deiade |*. & 6. iibri demonftrationes mediate vcl immediftte/^/>/V<^- 
deducit» H«c eft dodifarinae Euclidfae iumroa : qua: multf^ ^^^tmm^ 
"^piicem, nt dixi, difficultatcm habct. Naro inprtmis certum "Jlg?^, 
eft ei defimtione non naturatn atquaHum rationum , ied zffcc* 
tiooem ioiammodo aliquam cxpiicarL Deinde Hk muki* 
plicinm pmprietas adducitur > veJ trmqvaxniigpum in^i]iflc 
nnoQum scquaiium* ut ^uandocumqitfi ea demofifinta fucrtc 
de quibufvis rationibus» mfcvre ocrtdiiciat «quaks ea9 eiSrt 
▼el is rsnfus iilius eil » ut per magtMtodines candem rafto* 
nemhabcntes > nihil aliud inreliigi velit, qu^m earum.molf 
tipiices modo jam di6h» excedere / vel cxcedi« ; Si ,prtmuin i 
demonftrare debucrat , cam affi^ioQem omnibius Sd.ioits.ia^ 
tionibus asquaibus ioeflc , ut cx e^^rjiriooum. aequalitaa oertA 
poilet sofeiri. id verd mlniine vulgare theoeema e^t quod 
neque Eudides , nicxfjc aiius poil Eucli^era uUu$ demoofiior 
ric. Si iccundumi iccuri quidcm crimus de vcritatc thec» 
•rematom iq ieniu dciinitionis acccp|orui|i> minfmc. lamea 
ex vi dcmondrarionum nobis conflarc poterit de ahiblutl 
rationum aequalttate. Exemplum cfto prima iexti. Certi Fii.uki^ 
crimusex Euclidc4 denxwi^atione^ ratioaep triangulorum 
ABC, 8c l)EF*iqaalcm'cilcTationi baRum AC, & DF, 
pcr rationum aequalitatem ibliim intelligcndo dicbim iliam 
jpS^joprietatem maldpliciunn v aga.co^ligep(vu& tameaa^rutiBtiif 
aiii^ triaiigulor<4n\«> laiium rationibus ^ere U «bi^ute JJIau^ 
lei ei2e « ^m dfmonflra^tum 4ion.iit ^&^itjppm ilhmtau^ 
IJplicfum com abiolutj ^Sc.veri.rattpoum, an^uaiitatc neceila,* 
jrio eiie itoonexam^, Quamadocuiique ^icur iiia dcfiaitio ap" 
x;ipiatur i iibrorum 5*. ac 6. demapi^ationcs vaciliaoii^ quaa%* 
•ditt demonQraiuna tpo fucrit veram.^i^cipnum arq^^difateoi ^ 

.cum ei iDukiplici^m proprietate iemper^cile conncxao^ Dc» 
Aique ut iibi cQoflarent orrvnia»^ tameaille rouitiplicium labj- 
jruichus mihi , . aiiiique iemper diiplicuict & cyronib^Si{>]«tfj» 
Mw kn^jgef t^iQoC^mt oqgocijji quorum ita pierumqoe n^- 
•te« iiitiric^t x tf' 'C3utum vix rcperiantr,.'Quare ut dodrinf^^ 
.proportioQCWI^ quflt qoafi medulia., atque anin^ Ge^metp;p» 
ic uoiverix )&latbeieos dkf abesl.liiide. vjndicemus j ^kf^V^ 
paeflare «oe^kUmuir. 

Primd^ead^hm libri quinti tb^gremata» citt«a)> EuciMo 
, per multipiices dcoiQnfbantur , . ^ fae^ I9C0 habeqd^ eiley^jpio 
.oxiomata, «M:^pr^n^e dcclaratiooe- pjQCiw lubiodc aliqu4»<)uaih 
. deanooCbracigiie ^eg^e» Ita jpTDportioqum c(gnitio« ^^am iile 
circuitu^ multiplkittOi dimcilcm ha^^e^ijus H perobfcuf am ^- 
• &caar, plaoa lccuMdita rcddctur. . . 

ti% Secuod^ 






ttS TlemMmm, GeomtrU 

SecQfidd Jemorillrabimus , quandocainque 
qusdibet aeque multiplices > confequeotium qaibuiUbet 
mukiplicimis vd paric^ majores funt » Tel pariter minoics, 
vel pariter aeqmles , tum rationes efle Tere aequales» iiai fi-' 
miies. Quo fhbiiito, omnes EudideaB demonftrationes , to- 
taque illius de prpportionibus dodrina fubfiftet ; ut qui 
nofbris probationioas cootentus non fit » ad Euclideas quam<* 
▼is prolizas » jam tamen iecuras ac fblidas fe poffit coom» 
tere. Affignabimas item (ac demonftrabimus) proportio* 
num aEquauam aliud indiciom dariiiimum ac primum , et 
qao omnes Qointi libri propofitiones deducere poterit qui 
voloerit. 

Terti6» de proportionum deoominatoribas, almythmo; 
com^fitione » tsa^tum itibiuogam , penitioris Geometrias 
fludnifis plane nece&rium » ubi etiam (iemooftrabimus axio* 
laa illud » iea potius theorema faadeous indemooffaratum, 
ratioQem extremorum ex rationibus quotlibet intermediorum 
-compooi* 

Tyrooibus fitis erit definitiones & primam partem perr 

[Moniram ad Tyrones.' 

QUanti momenti in Geometrid fit fcientia proportionmxil 
\ nemo efl Matheinaticus» mt reBe rmtti Tacqi^ifmi, qui 
ipioret. Sfi 9mm iffk tpwitmmoio fciemUrum Mathnrutti* 
'€amm medulU^ ^ vitrii de MpormnmH&Hs raMeinsndi fmdit 
milifftmi Jimul funt 4ii* ewrtigbmi mepte aSftpte Ut fedem vd 
ifihm fromovere Iket, Verim htme doQrtMm nmtms hnftm^ 
'ws ttm eemmmu ratiane quitfi cwgemtttm extffitno i VMriofi^ 
dtfrofortipniilihtttrtttiocinandimedoti ytos imegro hoe liho^ 
fer mmSftges tptmtnfktritmis ^ tradit l&neUdest non tttm detaxm^ 
iratione frofrie diSim, tptani illuffaratione nottmtUd > e^ oxeti^ 
fBt imT^ere eenfeo. Ses tttsfem ipti kngo frofofkiomm ctrad^ 
t» doQrhutm hmte fttdUitrtam trttdendmn volttnt • rem per fo 
' aUsriJpttttms nttbe epsBdttm invohere, e^ knge diffSeiliorem iv*- 
' diro ottttuno ftsto^ Aei fitrmmm fatscit sferiam. Notttm ofi 
mttttttor qtttmtitMtes tttm prqportionales» fifttoMmdogMs tttm 
fimiles mtt wo^aHnet offe ^ citm ^mntittts frimM miot tominei 
* fkstndttm t qwttitt tertus continet tptitrttim : vel citm ftitHto 
fotiet committtr in fotmdd, qttotiet tertitt coniinetttr in jtptaf" 
td. Sie i6:8::4:a, tHque etittm jrp::^;!!. fmi fimiles 
rntiones: qstonitim in exemflo frioret confitptemitt Z t^ % bie 
,$n ttmoeedemihtt ftut 16^4 reffoiM emittmttr : ttdenpf 



LAif QmMA 1%^ 

tmk dupk tn mfifp» ^forMtmt. It m eximfk foflmwB 
rMtknes fimt etmm limiles, q$miam emfetpuntm ^ (^ ii ter 
emeetedemm fim reffe^hve eeminent s ndeoque rntie ilibcripla 
m mtrUque eefirvmmr. ( tJMue mlis ^ ^umuitMum eemme»' 
feernkmtim rmio tpm nm foffi fer nttmeros eertos s nequefano 
meomtnmfitrMhtm ttlUriptA non fo^ fer nttmerot $m veram 
rmionem m tnfinitttm affroxitnmttes etrtif^ ettfrimi^) . Rmio 
etmom dnnrttm qttmttitmttm , mtteeedemis nd cmfoquemem » 
ro3i fer ejftttwn ox mtteeodeme fer eonfimtemem drvijk or^ 
tttm exfrimitm^. Sic mtio i6 ml S mpttvnUt ^ vel t ^ 
fho % i en nemfe rmio dttfUt eft, JSt rmio l nd^ tft\ fiv$ 
^, nemfo fniftrifltt. St tmio S ad ^ efi }five x^ , hne e/l ^ 
ratio dufla bifartiens tertiss. Ejufinodi vero quotus > Ritio* 
sus EzpQnens affiUatur, Torrot ex aftte di^s Uquet fitmlet 
ratitttes tpsafcunque non tamkttt fer numtros droerfis , fed-O' 
tutt^fer eojaem reBiJpm^ exfoni, Sic fane ratio dufla , fivo 
% ai \ ratmnn tam i6 ad 8, auam J^ ad i flimjfinte de^ 
fipmt : tijttio futnrifla ^ five \ ai i non minus exfrimft rar 
tionem \ad m» tpsmn rationtm ^ ad ^, uti offidh eft ttmni^ 
fiftum. Si itatjfu quatfiOr ^tantitates Jmt frofortionales , ' jf : 
B" u-.fii quaritur in hoc^timo Ubro qtteo iimilibas ttfodis hs 
Gmiks rationes ttmtari , mqtto inter fe eomfoni fojfiet , itm 
ttt rationes emergentes Jmt etiamnum tttrkupto (imiles ? R^/- 
fonderi verh debet , modis omnino ommbus^ quos quifipMtiM^' 
imojginari quem. Chn emm tam ratio ^ ad B^ qnam m- 
tiom ad fi imer fe funiles fim , fer e^dem nttmeros exfrimi 
utraque foterum hoe modo^ A: B :: p : 3 :: ^ « : /S :: 9: 3. At* 
qtte froinde omnes ommno tationts utrinqtte aut Alternando. 
ma invertendo , aut C6mponendo , aut Dividendo , attt 
Convertendo, aut Miicendo emergemes^ fer eofdem flane tm^ 
meros exfrimemur ; <^ eandtm froinde rationem utrmquefer" 
vabum. Sic e, g. A + BiB:: u^ fi:fi$ qsua utramqua 
frofortimem exfrimit 9 + 3 • 3 > tpu eft rmioms compofitio. 
Secpie aliter de reliqttis eft cenfendum. Hoe itaque tamum oht' 
Jhvent Tfrones , ut rationes quas traSiam tebique fimiles, moda 
fiane iimili mutentur c^ orinmtur. Heque oxinde locut erit 
dubitationi , qttin ex hujufmodi ordnuuione am mmmione con- 
fimiH ,. rattones ttbupte coniimiles fim oriunda. Mirari au* 
tem fttbit eorum nemmem qui elemema Oeometrica httBemts 
eondsdehtm, faciUimtem hoc eiptalittm ratiomtm indicittm il^ 
Ittftrando htde ubro quinto, ^ frofortionum doBritu fmilius eX" 
fScanda etdhiBt^e, En verh modos frimarios de fimilibus rtt* 
tionibus argumemandi , quot adUbet Gtometria , m brevem 
TaMiam conjeeiot: 

H\ Sk 
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jtJtemaniio fivi^j 

permutMndo, S A ; • :s B : ^ :. 9 : 9 :: B • 3«^ 

Jftvirtendoi B : j$. ;: . ^ : • :: 5 : 9, 

ComponendUi A^Bx B ::*«t+id : /3 ;: 9<4*3(i^) : 5« 

phvidendo, •- ,4— B *, F ::. «»«^/8 - /8 :: 9^ 3 (6) : 3. 

Cpnfv$rtendar A.. i^-4-*B ;:- • « : ««f-^:: 9 : 9 ^ ; (>%•) 

W 'jrf s^*^a^ j: .»• ) ««#^ :: 9 : 5^ — ^3 (6) 

Idixtim, . ■ .^4-£)uf-*-B :c ««f^:»-^/». : 9-^:^3 (la.)* ^•"^(^O 
ZXdqttoJk ^ : i3.r.»:/8.(^B><C::/3)y. Mrit A:C :i^:Y' 

9. ; 3 '•' 9 • 9- d* 3 • > ;: 3 : !• £rf/ 9:1 *.: 9 : 1 .C/i&i i^/i/jtf 
;^ ad Q ifen 9 «4/ I ) compooi dicitur tx rtitionibui A 
ad Bi & B tCi C^ (vel e^ ^ ad i^ <^ 3. /{^ i.) 
J&V df40 ferturbme fa jf : B :: t^ : fi, 8. 3 .-: 16.^. 

£/ fi : C :: J^ : »• 3. 1 :: 24.. i^, 
£ri> ^ : C :: i" : /3, 8. 2 :: 24.. 6, 
t/^f a J&M/ f4ti« A adC (five S ad z) cemfonitur ex ra* 
tmihus A nd B i (^ B ad C {vel ex^ ad l^ fji» l ud ^\ 
direile pofitis \ fic ratio i^adfi (fiv$- x^ ad 6 ) cotHfgmtuP 
$x rationiifuf iad», (^ » ad fi (fiv$ ex i/^ ad li » & 16 
ad6) fed trampofifij, 
. Caterum de compofitime rasiomm vide phtrn in dtf^ f. U^ 

Jimiuo fi fuerit ^f : B :: C : D :; 9 • 8, 

Et a. : /3 :: y : J" :: 3 . 4« 

J^if ^ X« :B></3j:cXr.X>X'*i »7- 3»' 
A B C D 

• /3 y J^ 

^i^i \$a^^ hefce 4e profortionalibus ratiocinanM modos pro6i 
$allet , eof^e pro re na$d tn ufum proferre novit » fropofitunir 
^s iibrt auinti particularlbus {nififofte illis qua mere funt aiiuh 
mataffta iuce clarij^at) perraro tndigebit^ Unde fane % fi 
mihi ejjet imegrum, rationum do^irinam fin$ m$thod$ EuclideA 
a pritoordtis tradidijftm: fed cum Tttcquetum ncfirttmt ordinit 
Euclidei uSique oAjervant(/^mum,eumqfte tntegrttm h9&$ripr$^ 
pnare ceitutn fit f pluribm fuperfedeb$. 

H4C m$wUt Vir iUe Ciartfi. mihiqt^ atmcijfamts qtti editith 
nem primam Qantabriiien/em recenjuit, JUipti velim p$tius 
nt ipftm Tacqt($f$fm Im loco attdiant T^r$nts % a$ definitianh 
bus I primaque parti httjtts libri incttmktlint.: qttorttm n$ti^ 
titticum mofic$ tempoite ^fjf* nttUo fer$ tt$goti$ acquiri p$* 
tefl, baud temere omittt debet i maxime , atm ipfa pr^fitio^ 
. n$4 EncUdea pafpm in ntiit Hbrts mttthtmatim lafid$ntur\ 
C^^ ; . qnh$ 
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^M C^ %mnm mmuiJiU , htuU famh qu^ m hifit elimentu 
ftftis trmduiaur f fiuiHiis nuMgendis M firuiiles viJeamur » fi 
JM» meieffiNrU. NoUm tame» m eu quA ia hoc montto continen- 
tttTt negiigitnt Tyrmtes: fidfotites tU , anfeqsMm Uhrumfex' 
tetm uggndMtttr • pruifteos ex anslogid rMtiecinundi modos» 
f€rU^hoce$iHfepJl09 tmmorie, infigtsnt. ?orro, reliquas hujus 
L f.fsrtejdttas, x. ^ 3. monente etium Tacqueto , ^romttts 
^ttmttere &cehft^ Et qtfidem» eu qua contiaent, vertt Mtiut AC"' 
em^tUtt efi nmtiuft foUiceri m» tistfim-2 

PR I M A P A R S. 

Prtfatrtiomm elimenta fmUm methedo.freftmHniffr^ -, 
D E F I N I T I O N E S. 

" ■ 1 

x.T^Ars aUquota magnitudiius eft, quae aliqupties repetit» 
- JL ip«gnitu4iQem mctitur, ilvc aiiacquat. Pars aliquan- 
U , qux Qop mctitur. 

Ixingitudo unius pedis efl pars aliquota l^ogitudinis io: 
pedum , quia iilam decies repetita mctituf. Longitudo vero 
4i 2<dam,' eH pars aliquanta lincx iq. pedum, quia ;iliqu<>- 
ties repetita , nempe bis, illam non adxquat, repctitt vcrd 
tcr excedit* [£f hujufinodi quidem pttrs ,alij[UAnfU' efttoti 
fettmenfisrahilis : fi vero e eptadrati cujufvis ,duttnetro fumitu^ 
reila Uteri illiuf fttadrati aquaiis i ejujmodi reiin erit ftiars 
aliqttat^a qttidem diametri , fed toti incommenfurabilis, Vidi 
Sehol.t.^j.J. I.] 

1. Magqitudo magnitudinis multiplcx eft,c&m roinorme' 
titur majorem, ac proiode cjus pars aliqupta eit > five cuoi 
jnajof minorem aliquoties continct prxciie. 

3. Ratio &re proportio , ^fl duarum ejuiHcm ^cris m^^ 
nitudimtm mutua quxdam fecundum quantita^em ]]dbi* 
cudo, 

S^nt igtfpr in omni proportione duo termini , quorutn 
ille Antecedcns dicitur, qui p.rimo nominatur, fivc isqui no^ 
ininaodi ca£i c^rtur: alter Confguen^. 

Cum aateccdens dc coniequcns i^nt sequales , proportio z« 
qualitatis dicitury cum inaequalcs, dicitur efle proportio inx- 
qualitatis: .[ 0* quidem majoris inaqualitatist fi terminus ante* 
aedensft cqnfequente majon minoris^fi mmor,] 

4. Ratio icu proportio rationalis cft , qux exiftit inter 
flaagQJtudiqes conunenTur^ilcsy dc oumcris cxprimi potc^t 

ri 4 Propdrtid 



Proportio imtionalis eft , qax exifttt inter magiiitiidiiisi 
iQcommenfurabiles , 8c nallis nameris explicari poceft» ^Sic 
fnfsriio z dd i raimMBs eft: Sedy i ikl i eflit^pcrfk ari^ 
fpmalis ; Mm y % nulUs numeris $xflk»i p^^'j 
I Porro commenfurabiks quantitatc$ iuot » quas aliqua cobit 

munis meiiiura metituri iticoiBiiieQiiurabiks» ^uasDuiia pie? 
6tur raenfura communis. 
fki>-^^ f. DuxratioDes (Aad B, ecCad F) ftnt fimiles, sd- 

Juales 9 eacdem ; ci^m unius aotecedens ( A ) asque ica eo» 
en^ modo (}ibg ^ft pec magis » nec mini)is) continet fuum^ 

poniequens (B,) quo alterius antec^dcns (Cj caHtiQCt fuuni 

cooiequens (F.) 
Ikt ^ Vd quaodo unius antec^ens (A) epdem modo oontin&r 

tur In iuo coniequente (Bi) quo (Q aotecedens alierius in 

i\io (D.) l^^mitMtes autem umdet» hai^es rationmi^ 

frof&rtimalff v^amur»} 
fk» ||i 6. Duae*ratioaes funt diftimiles , iive una ratio eft mi<r 

jor alterd, ^ufQ^^o unius aptecodens (I) magis continefi 

iuum confequens (C) quaim alterius antecedens (O) cpnti- 
f^ ^ neat fuutn coniequens (Qi ) vel quando antecodens unius, nai* 

niis coqtinetur in fuo coxiiequente» quam antecedens al^criu» 

contineatur in con&duente (u6. 

frofojrtwium atptaHtas c^ huupui^as expUcatftri 

9Uid porro iit unum antecedens asque , vel magis coik* 
tinere iuum * coniequens , quam antecedens alterum 
Ineat itium , ii propcnrriones iiht rationales , definiri & 
fft. l^ explicari ulteriiis poteft per numeros: ut ii A fit triplum 
B, &CtripIqm f\ perfpicuum qrit, quid iit, A aeque leu 
^^« li ^cm modo continere B , quo C continet F : vel li I fit 
* ^ triptum L.OVcr&duplum Qj conftabit rurfiim , quid fit> 
I ina^ continere L , quam O contineat Q^ At' ii pro- 
Vk' h por^^ones iFuerint irraitionale^ » ea r<is explicari ukeriiks nec 
poteft, nec d^)Ct. Dentur niagnitudines incommenfurabi- 
)f^^ A ^ B : . Derfpicuuq[i eft A non foiiim majus eile B , ied 
ctiam Certo quodani modo eite majus | ( A quippe aiitcr 
fxmtinet B,^ auam alia quselibet major minorve quto A : ) 
neque tamen uite^ius quacri , aut ezpHcari debet ,' ^is fit 
fk\ It certus ille nsodiis , ouq A cointinet B | quia per nulios ou- 
ineros expHcabilis en. Itaque q^emadmodnm datis biaifi 
incommeniarabilibus quantitiitibuk , non debet ulteri^ quflo- 
ri , quid fit linam cefto ippdo contfncre alteram $ ita oe- 
que ciim ' dantu^ quatuor proportionales iacomTneniurabl-s 
ia\ igqx^ debet QHerio^ ^ quid fit.Ceidcm modo CQiith: 

ncrc 
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tkere D , <];ao A comitiet B. Sicuti enim modtts quo A 
continet B, ulteriiks eft inexplicabilis; ita plane etiam identi* 
tas modi quo A continet B » cum modo cpo C continet D, 
ulterius inexplicabiUs eft. [^ldentitm Mutem ilknm imdorumt 
tx definitioM E9$eHdid ratienim ^qmdiufttt de ^uA infrMt v^ 
fjc aiterc Uh , q»od fe^ititr,rmiemttn dquaJmm inditio Tfuqui' 
itiam, fMtis pro ra fmtmd , videtur exjiicMriJi 
- Qpdd Terd cuicumque proportioni irratioittli A ad B, da» f%*ti 
biles fint in6niif9e afiK oroportiooes irrationales aeqnales , ma- 
jores, minores» di?erus terminia conftantes , facilepoterimus 
imelUgere hunc in modum. Sumatur qusecunque quantitaa 
C Et auferatur B ex A incommeniurabili iecum quantita» 
te, quotks jpoteft, puta ter: & iuperfit £F. Sitdeinde O 
tertia pors ipfus C. Sit infiiper qnaepiam X ipfi C iQ«> 
eommenfurabilis , quse major fit quslm O, Quooiam igitur 
A coorinet B plus quJim ter s C ?erd continet X miniit 
qu^m ter , (nam C continet prasciiB ter O minorcm ^uam 
'X erit ratio ifrationalis C ad X minor rationc irrationali 
A ad B. Accipiatur }am Q , quarta pars C , 8c ousepiam elto 
7. , ipfi C incommcxifurabiHs , oux mioor iit quam Q. Quo- 
Yiiam igitor A cofftinet B minus quibn quater ; C ¥cr6 coOr 
ttoet Z plns quam miater, (cdm C praecii% qoater contineat 
<^, majcnvm quim Zs) erit nttio irratiooalis C ad Z major. 
Tatione irrationali A ad B; 

' Jam ver6, quia C ad aliquam X minorem ratiooem ha^ 
bet qoam A ad B$ 8c rurfom , quia C ad aliquam Z majo- 
rem rationem babet quam A ad B i manifeihim eft etiam C 
ad aiiquam D mediam inter X flc Z, eaodem bibere rationem 
qu^m A ad B. Quod quidem pefiiide clarum eft lumine naf 
tiirali ^ atque iftud : dabile eft majus quam P , ^ da-* 
i)>iie e& minus qoam P j qga dabile dk «quale a&quo^ 
ipli P. 

» 

Qffifl in frop€rtio»tim ^ualiuin defyuti^t^ 
Eftclidea dcfuierctm'. 




seque reultipficibus L, R , vel iimul majotes iiint >. vel iimul 
muiores , vel iimul aequales : hoc eft , dkm I iiiperante L» 
ctiam Q^toper fuperat R; 8c dim I fiiperatur ab L» etbm 
Q^iempc9 iiipcratur ab R^ 8c c^m I eft acqualis L» etiam 
Q^&mper eft-sequafis R. Ubi bene notaodum eft » Eucli- 
dein noQ afliinMic pq<uie mnlripHcium czodfiu defe^uiqup 



propoFtioaakt>, leu iiinUeSffic eniin inm^ ickm per ilem ez^ 

piicaflet» (cd exceilus ^ defedfais iiippiiciter.NiluloQiinus hic 

aHquid in runin>o Geometri delidcrari jam iiipra dcciaravi<> 

mus» Nam vel cupit hiibe verbis rationes sequales de6nirei 

8c iic rei definitae proprietatem pro definitioQe ai&rt> evideos 

qvippe eil » ix^nc .multipUdum aHcdtioaem ex ratioQum wr 

qualitate proflucrc: Vd adducit taqquam iadicium primum 

^* . & in&ilinle. ratJK>oum |iquaUuaii|& iic demooifarare debue- 

latji cam cum ratiooum aEquaJits^ ita iempcr cile cooiie» 

j^m, ut ex illii ccrto poffit inferdj quae q^idem connezio 

U perohicura it den^ilraCtt difficiiis eft; Vci deai(|ue pgf 

rationum atquaiitatem nihil aUu4 . iotcUigit , quam iupulta^ 

neum ilium exceflum defedhm^ve nMiitiiSicittm > £t iic toco 

f. ac. 6. libro > cjim «juatuof magnitudines proportionaiea 

die demonArac, niiiil iciemu$.aliud, quam di^um exceilum 

in defedhim ilHs compctere , incerti piaoe > ut|um naag^itii- 

dines de quibus agitur , iint vere proportiqnaies. 

[C«m in defmsi&nt rntmmm dqmlmm MttcUdts mhil alituft 
4fmtm qHQ finfu vaees ilUs acceftrit, fr§ mmre Moihimnuc^ 
rum cftendiTi vobcerit i nen videe cur enftefcer tmaefen 
^pmtdut fit : mnximi» cum definUie Eueiiiem emniSus cmr 
mne rntiemSue 4^uulibus ver^ cor>venim » five rntiem^esfiif 
rmt , five irratimmks > ttt in fnrte x. hujus lih* j*. Tncqu^ 
tus ipfe demenfirnt » qued ttimn cMbet iffmn defnitmeefe 
nccurmuts f er pen d emi , fmis mMuififium erit. Vide qu4t ud 
itf* 3^. L I. netnvimns : nd emidem enim lutidem utreh^ 
que efindit nefier^ Cum tmnen Tnccpseti methedum necejfe 
ifi^ut fiqmtmuTi videnmus tnndem, fuednnm' nHud rntienum 
^aUum ittdicmm univerfnU ne^ e»hiketJ\ 

^nffiri^ttum ^aptaUtm MittJ indkhtm friftmm (jr 

it^alUbik afJignatHr. ^ 

QUod fi ratioqum aequalium defidcretur indicium infaOi* 
bile> & fiurile', & primum> nos talc aiOgnabimus, de- 
^ , . . moaftxabimuiaiie theor. f. flc 6. ptrtis a. {^At iml dmmf 
^ ttsOiene eperefu nen vidtur. in^gert h$c mtienum d qunl iu m 

mdieiumi ttt de&iitieniSus enim quimd ^ fextm immtdimh 
fiuit i veltetius, ttnqumn defnitknum ^hrum Hhsfirnm 
quedMm exiphnari dehtJ] Eih|ue e|afaiodi, 
-, '^ Ratioaes [majoris insequabtatis] flsquales luat > C^ B a4 
r«.ao. ^p. GMad NQO quando & cooiequenttstplse» ficconfe» 
-queotium fimiiespaites aKquotaequflDomiqoe» ia antciOQdeatip 
pas «quali iemper aumao 



«•.iiitr*.:*' 






:XJt'fi um dedma ipftisrGF. oontiiicttur m ABr duiccBtlct, 
ttna quoque dccima NQ^contineatiir ducenties ia GM>.&: flt 
inia centefinaa CFrdoBitiaeanir «li^lies in AB» etiam una cen- 
tefima NQ.contineatur millies^in GM, ^ iic ddnceps in io^^ 
finitiwtij crit AB.aa'<3F,.titrGMad NQ.|:iif^ «iw»jiv jw (/«- •' tJ 
tmu^ itf. fumfma) fri#rw raiwms Mmmdtnt AS* di^MeJkM 
9vdtn^ tifodo {htc efk , pmc )wgis acc minus^ : oMmBStt/ttum. r«i*t 
fequens C F » qtto fofierioris untiCidens G M corumet fuum.cm** 

' Vel]fimi»om hfUipmUimu fMiantSp CE.ud AB$S^ udGIdt 
foimttm- MifuaUsJi.tum: mstotedtimts $pf£>y :^ .umecodemium fr"- 
vntes fAriis mUqtMftsi ^Atumfuot in. con/equenu^s fuis Mpiuli 
fimpef^ numoro eou^bunturt, . Hoc enim rnur^m fo^ulm def^ 
quinfUy ut fciL smtecedenx^Ct eodtm modo comineutur sn fim 
COi^quenet ABy ^ijup i^tiaedenr H^m ftfO.GM*]^ . 
' InmcpAics autem ratfODe(..fi]m> «yuaado aat coDiequentet 
iipa» > aue conieqiieiitiuna aliquaB. iimilcs aliqiuotsa io. Aimscam 
lifcencibis jna^uaU munero coatinentur; ' £t iila utio major 
eil , cujus vci confequens , vd coniequentis aliquota ,. i2cpiu& 
contnietcir in aatecoaeute^ .• • 

Ut Jl una cemimiUelixna^^CF. fiepius contiiieatur in Afi» f^, ^ 
^am una ccQtimiJIeiinia.NQi in GM > ept rado AB ad C R 
aajor ratioae GM.ad JI^Q» qwmltis innumere^aliaB confe* 
(|uei}ti(im C P , N Q^ Athiics aiiquotSB iii iamecedentibas A B, 
GM xquaU namcro coakinerckktur. [Sefutmt ox def. 6.] 
• Pmro sequali nuniero contiteri dicuntur» dUn aUatse qu»* 
tiesponunc, sequaJi ounaero itint ablatae. 
- Ex Jioc indicjo, rationura . inadooalium aeqaaiitas & in^ 
^uaiitas contioud ciucefbit, cum iic antecedentes confequenr 
dbus inconuficniurabiles, per abkta conicqaendbus commen* 
iurabilia & proportionalia e;(bauriantur. 

7. Similcs partes funt , qaae in iuis totis aeque, ieu codem 
modo contiacntur , ut qualis pors itH totius eft una , taiis pan 
iat totius fit altCRL ' Quod iane nifaii diud e(l , quam partct 
ad iua tota [tff/ eeiam mu nd purtes futu\ eandem haberc ra^ 
tionem , [frue fartes ifU totisfsds commei^uraMetfuerimf fett 
mcemmmfurubHts^\ ... 

Sinujes ver6 jpart«s aHqnotse iimt > qaas iua tota lequaHtcr 
medanturi al s uim^ dt iui totias uoa tertia, unadecif v-" '.^ 
tta, ftCi 

*• -S. ^liignitadlnci (Ab B, C^ D) continai piDportionales tjw,/. 
dicuntur , cum medii termiot (B , C) bis iiimuntur ^ hoc eil» "" ^ 

t^m iu«t cooic^oens rc^eAu praKodcntis » 0c aoteccdois 

Itipc^ ie^entiST . c - . j 

'- ' Gontinuai 
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imZM • MZtCVmMU W JMP w»nVHPi71M 

Goadnuas ratioiKs fic eflerimus: Acftad6,utBidCs8e 
BcftadC, utCadD, flcfic ddnc^. 

9. Magnitudioes diicretim proportionales iimt, dbn nul* 
lus terminus bis accipitur. 
ft* ^ Diicretas rationes iic e&rimus: A cft ad B » ut C ad F. 

C&m plures fuerint proportionales magnitudtnes qoim 
tres , fi proportionaks dicintur » kmfa intdliguntur diA 
<setmi« 
t^4^ 10. Ciim magnitudines (A, B> C, D) fberint continue 

preportionales » prima ( A) ad tertiam {€) ittbere dicitur 
ntionem duplioitam ejus radonis» quam eadem piima ( A) 
luibet ad iecundam (Bi) dc prima (A) ad quartam (D) ra- 
tionem habere didtur triplicatam ejus» quam eadem prima 
kabet ad iecundam (Br) & fic deincqis. 
> iJttm, fnms (A) sd fictmdsm (B) fMufUcntmn (fiv 
HmuiimMm) rmmtm kMhert Mdtm ijits rMHmh fmm Mit 
udm frimM {A) sd tmimn (C,) & ftiitrifikMtam fjut rM' 
dsnff ^MMm Mtt frimM (A) Md ^tmrtMm (D:) <^ )Sp 
dmuft. 

Si virh rMtii MlimfM trifUcMtM^ fit Mberi rMim dmfiicMtA 
MtjfiMUt $ erit rMtii JmfUx f^fiericr , rMmmf fitAfUcis frimt 
ftffufUcMtMfivMii^w^^ $mt Af B,C,I>-^i d*«>Ay 
-TT-l & fit A frimM Md D tpmrtMm in fricre MnMiegidt $tt m 
ftimM ikd y tertiMm infecmtdd Mmttiepmf dice amhd m ^ Md ^ 
t» rMtiene fefquiMiterd rMtiams AMdB. Sit emm F ktter B & 
C, five tptedferiade eft^ iuter Af^D tnedtM frefertioMMUt^Oi 
M^uMies rMtienes A Md D ti^nMdy 9 tii^ mediMs frefertienMiet 
titrin^ F&l^, Erit A: Fi: t, /8. Sed rMtie A Md F cem^ 
f^ttr ex rMtiene integrA A Md B f^ ex dimidiMtd fteijMe 
MjtMem rMtiene B Md F Mtque Mdee rMtie n Mtkfi rMtiem A 
m/f dfmUs, ceminet rMtienem Aad B imegrMm» tii^ etiMm 
TMtietumejufdem ditnidiMMm» nemfe rmienem B nd F, Rntie 
veri iml^rM fjr dimidiMtM dicitur rMtie feftpiifticmM five fe^ 
quialtera, Bft erge n Md fi in rMtiene fef^ufiicMtd five &C* 
quiaherl AMdB. Sic ftne in Aftrenemicits dbn euii difUa^ 
tsMrum fUmetmmm m ske cMm interfe rmienem im^eMnt fmm 
temfonmt feriedicerum ^uMdrMtM 1 itM ttt triplicata dsftMmtsmmm 
TMtte emdemfit cum rmtette tetnferttm feriedicerum dupHcatii 
(a) Ftr (^^ emmfum in (a) trifUcMtm, & tftmdrmtm fum (b) op lAn- 
!$•'• I '• fUcMtm rMttene Utterum fuentm > five rMdicum , rtfftBivei) did 
Cb) Ftr20» fiiet» temferM iffM fertediem effe wterfe in fMtmefefftifUcMtd 
fc^ )Sv#ieiquiaiterli^4lifMr»mii^tffo.] 

. XI. Homologae , ftu fimiies latiope magnitudines dicna* 
tor antecedcntes antcccdcntJbus t confiqucotBi conicquentie 

busu 



hoA. tJt fi A eft ad B , ut C ad F} homologK erust A» J%. i^ 
;C5 &B, F. 

Kefiquac definitiooei commodi&s cx ipiis propoGriooibai 
InteOi^tar. 

Qointus liber propofitioEies coinpleditur ij*. £x kis ick 
non alium uiiim lubent» qu^m ut reliqux earum ope per 
inultiplices dcmoDftrentur, IUis ^'tur prxtermiflis , ii*. re^ 
Bquas propmemus Iblasi EucKdis ordine non mutato. Porr» 
httjus Ubri tbeoremata non iblis lineis, ied omniboi omnio^ 
quantitatibus convcniunt. LiRes& i^tur » quibus bic uttsnur» 
bmne genus quantitatis repcxiehtant. 

... . j 

DAtis trSms cniantitatibus A, B , C, dabilis efi quarta K 
ad quam t cam prppqrtiKiem la^» jgiOm A babet 
adB. 

pROPOsiTio I, n, iir, iv,v,vi. 

IN mJlrA methodo fint fiferfiu. [Inter has v> 
(ignior & ufiis fmjuentidris iA prop. 4. cvifQi 
demonftrado habetuv kifra. , £ft enim Lem. x« 
par. 2. hujus libri 5.3 

pROPosiTio vn. 

S/ quatttkates A (^ Bl fierim eftaksy & ^ i^.j^ 
effktpum detttr Z: erip ji ad Z^ nt B efi ad 
Zn E$ ZerifadAf uteadem Zefi adB. 

" Hsec propofitio» uti Sc iequeotes quattior, fnnt meHffima 
axiomata , ac proiode nuUo modo dcmduftiaij dcbent. . » 
[Scbolium. EeJtm modo, dt^uihs tU sj^mUs imulim hih^ 
bmiraihMmi hoe ^t^p detur etmm i^ mnatHas X, iffi 
Z etfUiUs\ irit A sU X^ ut B efi adZs & vsce verfl Sk 
ttism frepefitiemmt ^, feftemitim fstM stdlme veeitas. , fi 
lece mma ftantiteeisZ » nHtfte temuMO' dtn d^ies, X 
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ji€ ElemManm domBtrlk 

P i O P O S I T I d VIII. 



J%.«. Q/ (juMitates (C & F) fiteriHt huuffiales; majaif 
m3 C 4d tmidfH Z majarem h^Aebit rationem , atMm 
minpr' T hhbm ad eandem' Z. [Item minor 1? 
mn6vm^\^sSm, mionsm ad ^i^qu^ babet voar 

• Ei^Z'ad 'mhfotem' C^minorem haiebit rationem\ 
^am eadem Z haheat ad P^y qua minor eji ' ijuam 
C. [Et Z ad minorem.f3i;0Wi<irem habcbit rationem, 
Qukn habet eadem Z ad C qus major eft.l 
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^fc > Q/, ^^ i5- ^ 4^ ,Z ^^«^ ^<^>«f Mionejm,^ 
O "qudlesfuktJiti^R.' ^' ^ ^ 1 V. ^. . ? ^ 

£r j? /?^i^^ ,-^ ad ^ & B- eatulom ratiaM^ 
'hdbeat t, r$0fm 'A& P aquates^^erm.^ ■ ,^ t 
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■ « 1 » . . •«*•.! 

SI C ad Z majorem rationem habeat^ epsam P 
ad Z\ irit^ ^kjor qt^ Pt^ -^i proinde, 
fi F minoEcm habeiat c^tionem .ad Z , ^qu^m hat^t p 
iS. r» .ad Z; F minpr Cinlt .cjtiiiA Ci,.;'; ^'1 /^ ' •' ^ *^' 
^ B J$ :^ 'at J\ m^kjofem 'rdttmm' halfeat ^^^qtiam 
eadem t WCrVi^ F mior^\qtiain C: {[Ee fi 
^ ad C minor^. raAPa^ hsf^^ , < qtum hab^f |ea- 
dem Z ad F ;..em.C n^^as qukn^F.] j.a .; £ 

PROPOSITIO 5CL ^ ^ 

^•^ \% jitmei^.\qua eidamrMkm.fifra.sqiiaks y j^ajm^ 
JLV fimilesy (fdem emma/i^nifoafiti) fimt'diftMhs\ 

eadcm , yJw/i^i interfi. i * > 

Ut n tam ratio A ad B » qasLtn mio C ad F , fint xquales 
^fcatiofl X ad Z 9 crunt quoque rationcs A ad B » dc C ad F 

acqua- 



BSer ^tOmms. Tm /. ti^ 

liqtfelcsifttcr fe. Sltcii Afit«dB, ut X ad 7-, & Cfit ad 
'F, lit X ad 5L r erir quoqtic A ad B , ut C ad F. 
* [ScMhm,'] Eodem modo rationcs, quac asqualibas funt 
'«qoaksjintcr fc fiint acqual»'. [Et rafhntt qu^ uni 4- 
'iqHaUitm rMtmum ttwjtrts vtl mmortsfmtty etiam /Utira t^ 
'tptalium majcrts vtl mhtorts trant: aut fi 4cjualmm ratmum 
nna tjuatfis, rattont ttrtia maforfutrit vtl mtnor , ttiam aUtrs 
aqnaUum tadtm t*rtU major vtlfmnor trit rtffiStivh 

Ex. gr. Si A fit ad Kt&C ad F5 cJ» fit rafio C ad W 
tnajor rationt Xad Ai Brit tptoqut ratio A ad B tmjor rs* 
fimt XadZ\ tptaiffk tfl^frof: ij.a Tacqutto omijfa. Eddtm 
modbfifntrit A ad B ut X ad Z; tii>futr'a tatioX ad Z mt- 
rtor ^tam tMioC ad Fs trit itiam ratioA ad B ttnnor ratioho 
CadF.} 



A 
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PROPOSTTIO xir. 



SI pn^U magntudim jftotcuncpU (A, B, C,) % w^^ 
eamem h^uerint jfroportionem aJ finmUs totir a 

idem {F, I y L:). qtttimproportitmem haMtt jfiigttU ' 
MJingtdasyJive una (A) ad ttnam (Fiy emdem , .:* 
baieiunt pmncs. (Jy 5, C) fitmlfimptay Adwnms 
(F, i; V) Jimul ptmptas. ^ ' ^ 

.Rcm pcr fc maiMfcftanv ,«xcnaplo tantikra aliquo^ationa- 
IfJfccIardi lit i\ iingulac A, B , Ci fingularum F,' i; Ufint •"' • • ^ 
Ntripla, (hoc cft, h fingulse ad fingidas eandetn WtioMC ib- 
tionem quam 3. ad i.) ctiam A, B,» C fimul fiiniptx , fimul •» 1 . • 
iumptarum F, I,. L triplas crunt, (hoc cfti^ ctijiip Aj.Bi^C 
fimul fiimptx ad F, I, L fintul fumptfe ritioncm" habcnt 
candcm, quam j.ad i.) Iil proportionc irrationali rcs sequb 
tbra cft. - 

[Froftfitionem 13. in SthoUoftfl fr. tj-fupra eolUcttpimuh 
Utmm^ationt tmm Ptk ^gttt ^tauens atittm frbfofithi'^ §tfi • • ' 
Wacqnitofi^ferfina.ttfutit^^/iMtmhaSe^i a^iteadtoiikm in /^ 
eumfttttm redttxi atm demonftratione fttd.] :• ^ - . . • « 

PR.qpp.jiT 10 .x^v. 

Sr prima (A) fif ad. fecundam. CB,) ut tmk J%.n.\ 
(C) ad qaatam ^) &fitprima CA) majw ' •'' " 
quini ttttia (C,)-ttit fecunda CB) majoi- quSm 
qoaita ^:) Si .verdkpriAia fit aequalistertne, erit 
fccuiKla quaitae «qualis : Et fi minor,'vininor. 

si 



i 



^ 



3^ dMM fmrh froporth dqualitMthf ubi mUieiJlmttU' €mifr* 
(t) fofi^^ queMiStis/ms d^pJiUafimt , frof$fitio por fi fstet. £f (a) ^mh 
S*t»f» in froforti^ msjms indqtuUitMtis , ttmm Mttocodont d^fito 
eodem tnodo cotttinMt fitum confiqitons quo tUteritu tmteeedins 
Ih) fer continet fuum cottfequens -, utque in froftrtioao tnemtuiittUis 
¥. L s* tninoris, antecedens unius eodem tnodo centinetuur injuo confe* 
^U!f^ quente qtu untuedens uiterius in fito contittetttr i etiam in fr^ 
(f)^Per t^f^ indquMlitntis tttajoris vel nunaru » frofofitio fintis fttte» 
fikoi,f^f* ^^ ttttendenti, Si quis tnmm ttmfUonm demmfirmimetn velitt 
II. X/. le^dt eu qud fiqutimttr. 

(e) V» i. Sit A tntijor quum C > erit^pti rtttio AadBQ>) 'major ra^ 

rnJP^' ^'^^^^* ^«i^ C/f (c) ^ «i/ i{ M/ C 4i F: er^P r«r;0 C /k/ 
jli^ j^ F t»stjor{d) tfi ratione C adM: (e) ttnde F tnimr efi qttkm £» 
(g) ftf C^ frnnde B major ytam F. 

11./. f. 1. Sit A dqitalis tffi C y erit roiio A ttd B (() dqtialis rati^^ 

WJ^ niC adB:5ediftAadBuiCadF: orH ^liiturCadB 
fi) P<r tttCadF/ac froinde B ^ F (b) dquales ertutt. 
\!i,S» 3/ ^*^ -^ ^^"^^ qjukm C» ^ hakebit AadB nunonmi^ 

A) >«r ratmim quam haha C ad B, JEft ttttttm A ad B m C 
p^p^fi ttd F: irgo C (k) nunorem habet raticnep ad F quam habH 
^i P^^* Wn» C ad By di^ froinde F (1) majorjft qttkm B, ftu B 
\Ils. minor^UMmF.} 

P RO P O S IT I O XV* 

K^, ic A ^^^^ fitttiles (Fj 1) eandem itrter Je r4H&^ 
Jl\^ tim hdbetu tpt^ tma Cj4j B.) 

1%. tu Et mnverfim ^ fartesjhiriles (C\ F) fittt ittter fi 
«r totti (Ai S) [five partes 111« totis fais fucrint 
commenrurabiles , fi ve noh fueiint.^ 

Vere infbr axiomatis baberipoteft» ii redi intdfigatut 
quid iiiu; partes fimika. Vide dettn. 7; 



f(C« xa. [SchoL fanesfitmles CB^ LI^ fi a tnitfitit AB,, Ft ^. . 

rantm, relinauum fartos fittukt AC» FLj ^dferfifatii 
Vtanifeftum c/f.] 

" PiRLOPOSITIO XVI. 

Bgauvit Q/ prmM (A) fit ad fie^nd^m (Sy) set tertU 
^ O (C) ad qnartam (F;) etiam perniutanclo erk 

jrima (A) ad tertim (C,) ttt fectiftda (B) ad 

^ttartam (K) 

Ponan-' 



LAer Qmmm. Pm L tip 

RMKUitur B 6c F cflie mioor^ quim AH Ci (nMm fi x- 
quaies (int , res patetOCTMif <»iffii» di^Mlis A & B sU a^ 
qmjUis C ^ F eandm rMmnm (a) habebunty tujip A:C\\B: (a) Ar 
jf.] Quoiuam A poaitur efle ad B> ut C ad F» erunt per fiim.ftfik 
dcfin. 7, B & F , totorum A & C partes fimiles, ac protn* f*7»f*s* 
de per praec. quam proportionem inter fe habent tota A» 
C, eam quoque habent partes fimiles B» F^ hoc eft, A eft 
ad C, ut B ad F. [Eodem modo fi am$cedMtsA (^ C mh 
pcres fiierint eenfeqtumibus B (^ F rtfpeiiive\ chm fit A: (b)P#r^ 
Bv.d Fj (b) erunt A ^ C fartes fimilis totarum B (^ Ft 7-^ t. 
& (c) proinde Ax C :: B: F.] (O fZ 

Schalium, 

m 

SI A eft ad B, ut C ad F^ etiam invirtendo crit ut B ad 
A , fic F ad C. Per k patet. 
Apud Eudidem hoc eft corollarium prop. 4. quas <Atn in 
nofird methodo tanquam fiiperfiua fit omifia > vifum cft 
coroUarium illud hoc Joco ponere. 
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PkOPOSITIO XVII. 

/ Mtctdem tm$m {AB) fit nd confiqttms (CBy) ^* tu 

> m antecedens aberttm (TPI) ad conficptens altC'^ 

THm (LI,) ttiam dividendo erit {AC) exceJfHs an* 
tocediHtis frimi Jkfra Jstnm conficpsem , ad idem gwst. 
fequens (CB,) m (FL) txceffus antecedentis fictmdi 
ftifra confiqttcns fictittdftm ^' ad ficundnm confi^ 

guens (LL) 

4* 

Aziomatis inftar af&mi poteft : fi tota AB, FI Qmdem 
ntionem habeant ad X & Z ; etiam fimilibus partibus mujc« 
tata, eandera ad IC £c Z pergcnt haberc radonem: hoc cft, 
svihuc AB fic muldata erit ad X, ut FI fie muldata ad Z. 
Id verd cfi ,quod afierit propofitiD. Nam quia poaitur A 6 
eile ad CB, ut FI ad LI, erunt (d) CB, U fimiks parces (d)Perdii 
totorum AB, FU & A€, VI, erunt to^ fimiiibus pardbus 7*^I« 
jnulAata. Cum crgo tou habucrint ad C B , LI eandcm ra* 
tioncm ; ctiaoi A C , F L , (hoc efl tota fimilibu^ partibus 
muldlata) pergent ad CB, Ll candcm xnter ie haberc ratii»- 
aem i hoc cfl» adhuc erit AC ad CB , ut FL ad LI. 

£Alitcr Cknfit AB: CBiiIIiUi (c) erro CB, LI fimt (e)/«r/jft 

I • finnUs 7. A j. 
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fimiks fiMrtis tofmm AB» TI, ^fmnd$fi m mUfitism^ 
(t) Pir rmuwr , (a) rAntpmnt fimiUs psrtes AC , IsL t^torum AB, FU 
J»U.f.ts. xjndi (b) -^^' FI::ACi¥Li & $S iMjem CMufiim AB: F/:: 
f». f- CB : IL Ergi (c) AC : FL:: CB: LL Et fernmtsmdo ; AC t 

\l' f1 CB \ : K ; LL J® • E, D. 

mulI propositio xviil 



l6J. f. 



^. n. 



1%. II- Qf atitecedens temm (j4C) Jtt ad cmfiqttens 

. "^ (CBy) Ht antecedens alterum (FL) ad confe^ 
quens altfrnm (Lly) etiam componendo erst (jiC 
cum BC) frimnm antecedem cttm Jtto eonfeijtsente ^ 
ad idem CM^efjttens (CBj) ut (FL cttm LI) Jfc- 
cttndum antecedens cttm feto confequente ^ ad confe^ 
fnens (LL) 

Rurfum enim mftar axiomatis aflumi poterit ; fi duae 

quantitates AC, FL, caadem ad X & Z habcant ratiooem j 

ctiam AC, FL fimilitcr, feu propoitionalitcr tsxGtXt pergcnt 

«d X 0c Z pandem habcre rationem-hoc eft, adhuc erit 

AC fic au£h ad X , . ut FL iic au6hi ad Z. Id ver6 efl quod 

• propofitio afierit. Nam ponitur ACeileadCB, ocFLad 

LL Quare ii iplis AC, FL addantur CB, LI; eruat AC^ 

FL proportionaliter , feu fimiliter mi&x. Cum iatur AC, 

FL eodem modo (e habeantad CB, LI; etiam cum fimi* 

liter fberint audhe, (hoc eft ipfse jam AB , FI^ pergent ad 

cafdem CB , LI oodem modo fe habcre j hoc cft » adhuc AB 

eritad CB, ut FFad LI. 

{i) Ter " [Aliter. Chnfit^AC: C'B::FL: LTi ergo (d) ftrmntandi^ 

J<5 ^ ^ trit AC: FL.iCB : LL Ergo (e) AC +CB:FL -f- LI:: [hot 

v! ^Z 'fi* ^^'- FIvCB: LI:)& iteritm (f) permtttnndo:, AB: CB :: 

jf^ P„ P/: LL ^ £. D.] 
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SI antecedens unum (AB) fiierit oiSl olniequcos (CB,) «t 
antecedens altcrum (F I) ad coniequens alterum (L I \) 
ctiam antecedens primum (AB) erit.ad (AC) cxcciQm fbum 
lupra confequens, ut antecedens alterum (Fl) eil ad(FL)ex- 
(g) ^*^ Tcilum fuum fupra confcquens aiterum (Lf.) 
«7;JJ>, * ' Ciim cnim AB fit ad CB, ut FI ad LI, crit dividcnAi 
p/i^i (i) AC ad CB , ut FL ad LI : & invcrtcndo (h) BC ad CA i 
(i) Per' ut ILad LF : ^ Componcndo (i) BA ad CA , ut IF ad LF. 
ilt/. /• Haco 



I 
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Haec arguroentatio rocatur tanverjio rationis. 
. [£/ frdftri^i pfimit urmm dnttcedms [AC) ad donfe^afit 
fuum {p^^ ut Mlterum wttcedens (F L) /it ad fuum conft* 

Sums (LIO trit etiam, ex alid coawtetidi JffetUg Mecfr 
ens frimum (-diC)^ ud frimum ^niecedens eum fuo confejquen^ 
te (AB) ut antocedens alterttm X^Q ^d tUterum antecedent 
€etmfu§ conficpteute (F/.) 

Ctim enimfit AC\ CBv.Fl: Lli erit (a) invertendof BCi W^«' A». 
CAwIL: LFh (J- (b) tomfonendo, BA: AC::IRJFLj ^ «<«r- '/bfp^* 
fttm invertendo , AC: ABw FL : PI.] is'^ j, 

CoroUarium 2« 

SI ACcflad AB, uf PLadFI$ critquoqoe ACadCB,ut ^. la; 
FL ad LI» 6c AB ad CB, ut FI ad LL 

Ovxi cnim £t ut AC ad AB , fic FL ad FI, erit ioymcQ*' 
do, B A ad C A, utlF ad LF: & divid. (0 BC ad CA, ut (^) p^ 
IL ad LP: £c mrfum iQFerteodo, AC ad CB, ut FL ad LI: 17. L u 
& compooL {d) AB ad CB . ut FI ad LI. ^^^^^ 

CAlitcr. Cum ftt CA\ AB:i LF: FTi erit tnvertendti^ Jy/' 
BA: AC :: IF: FL, ^ (e) convoirtondo, AB: BC :: FI: Id i^uod t/hiZ!!''^ 
orat wmm: ^ (f) dtvidindot AC: CB::FLi Llt quod orat (f) Per' 
akonim.'] ^7'i'f* 

PROPOSITIO XIX. 

S/ ta totftm (jiB) efi dd tctttm (FI^) ita Mblsr ^* tu 
tftm (CB) fit ad ahUttttm (Lly) etiam utMttm 
ifi ad totttm^ ita reliqttttm (AC) erit ad relkptHm 

Omimio clarum efl pcr fc. Potefi tamen ex praecodenti- 
bus fic oftendi. Quoniam AB eft ad FI, ut C B ad LI^ crit 
pcrmutando (f) A B ad CB > ut F! ad LI. Ergo per coo- (^) p^ 
miiooem latioois AB cft ad AC, uc (h) FI ad FL. £rgb i&/. r. 
pcrmutando, ut AB ad FI, ita AC ad FL. W^^ m; 

[Aliicr. CSunfit ABi FI :: CB: Ll.lfiuepertitutando^ (i) |:,^^,- 
AB: CBvFl: Lh) (k) erunt CB^LI fartos fimiles totorum W^ "* 
AB , Fly <^ froinde fi a totis ftus auferantur, (1) reiinquuOt (k)Pndf. 
fartesfimlles AC» FL. (m) Er^o AB: FI:: AC: FL.j yt-f- 

(nj) Ftr 
1 % P R O- «/.^ J. 
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PROPOSITIONES XX. & XXL 

1N fufirit methodo fimt fuferfiMa. [Habentur ta* 
men in coroll. prop. 22. & 25, qus fequun- 

PROPOSITIO XXII, 

I%*«J« rlfucrit j4 ad By mO, adQj^&BadC^m 

Q^^ R> & 1^^ deincepsi erit tx aequo $u A 

frima ad C ukimAm > ita Ofrima ad ultiTnam R. , 

* 

Pofnntur C, R efle minorcs quam B, Q: eackiB foret 

SPtfb» olleniio» H mftjom ponersntiiir. Quoniam (4) B cft ad C» 
Perl^. ut CLad R; erunt C ,R totorum B, Q,(^) p«rtes finMleK 
7.<i>!r" Cum igitur A 6c O ad B 2q Qeandem habeant rationems 
habebunt quoque ad C 8( R » quse funt ip(brum B & Q 
partes (imiles , oondem rasionem. Inftar enim azioroatts 
cd» £ duae quantitates ad alias duas eandem inter & habuerint 
rationemt etiam ad partes earum fimiles» eandem iatcr ip 
babtre ratiooem. 

Si j^ures fuerint utrhnoue quantitates quam tres , eodem 
9tiocmio procedatur ad refiquas. 

(c) Ftr [Aliter Ckmfit A: Bi. O'* jS> *^ M permutMaJOf A: 
xtUf. 0::Bi ^ ZtcumfitB: Cv.^.Ri erit fermutando , Bi^ 

(d) Per :rC;K. »X» (d) -4: 0;:C: Ki cJ» iterHm psrmtiP. A: Cr. 

Cor. i. Hinc fr&p. lo. a Taequeto emijfa deduei pouft. 

Sint enim tru auantitutis A% B, C» tribm O, ^, R prcp&r» 

tiondisy hinaiimsi hoc efi ^ fit A'.B::0: ^, ^ B : C::^: K| 

Sr A fuerit majar auam C» erk 9X Uquo O major quim Ri 

^ fi ayMtis» dquatts 3 e^ fi minoTj minor. Nam per hanc 

frop, ern A: C: :0: Rj (J» pemmtatido , A: 0::C; R. £rjff 

fof 14.: hujus IfMt Squet profofitum. 

it) Ter ^^* *• ^^fit ^: B::0:^\ erit (e) eomponendor A + 

18./. f. B : Bt.0 +^^. Bf autemi: C :: ^: R^ trio per hnac 

(f) fer fnp. eritA^: C::0+^:R. Et fari moder, fi (f) ^i- 

• »7» ^» /• fimom fro^ comfoptiono adhiboas , nit A-^Bi C:iO — ^: 

iC.J 

PRO- 
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PROPOSITIO XXIIL 

S/ fi$eri$ m A frtma ad B ficwuiam 9 itd O rig.i^ 
primd dd Q^ficHndam ; ^ ut B ficttnda ad C 
tertiam > ita tertia qnapiam R ad frimam O ; erit 
cx squo [perturbate] ttt ji frima ad C tsrtiamt 
ita R tertia ad QJicmdam. 

Uc B eft ad C, it( (a) poleft Q.eiSe sd adiquam quatn- (%)Tirmih: 

r' im S. Jam qaia ot B ad C, iic (^) R eft ad O, & ut ^ ^•'s* 
ad C , fic Q cft ad Si {c) crit R ad O, (d) ut Q^ad S. WJ"*-^* 
Igitur-pcrrautando (*) R cft ad Q, ut O ad S. Ddnde, t^^'''"*' 

ria O eft ad Q2 ut (/) A ad B, & Q. eft ad S, r^) ut (d) ftr 
ad C ; ex aeqao erit O ad S , ut (^) A cft ad C. Sed "•'• f* 
jam oftcndi R cflc ad Q , utO cft ad S. Ergo ctiam Y^ ^'^'^ 
(i) R cft ad Q^, ut A ad C. [^fnhm; 

Vocatur a Geomctris faxc ratio ferturSaia. (g) ptr 

[CoroU. Sim trei qMMntkati* A^ B, C, tri^usR^ O, ^cag^. 
froportUnales , ihuhinis^fid perttir^atei hoc efi, fit A:S::0: W ^^ 
^ (^ B: C\:K:0} fi A fturit tnAJer tp$km B, erit tx mpte {a/>^ 
& ntajor qttim ^i& fi 4qtMlisjdquaiisi(^ fi nmer,minor.NMm n, /. ^ 
per kme prop, trit A\ C:\ R: ^ & pemmtmdo , A: R ::C:^ 
Erge p$r 14. Jmjus Ubri U(ptet propojitum^ Hac vero tfi frop* 
xi.priits otnijji.'] 

PROPOSITIO XXIV. 

S/ fiurit $a A ad B y Ita C ad F; (^ ett I ad p^.tfi * 
£, ita L ad Fi erit tet A ctm I ad B > ita C 
cttm L ad F. 

Quoniam I per h7p. eft ad B , ut L ad F ; erit quo- (k)P^>Mi; 
le (il') tnvertendo B ad I, ut F ad L. Ci^m igitur A fit /.16.A5. 
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PROPOSITIO XXV. 

JFi.i<- (T^T quatmr mi^mtHdines (j4Bf CFy /, L) fue'^ 
l^ rim proponimales 'j maxima (AB) (fr .mimma 
(L) dsfobus reliquis (CFy I) majores erum. 

Sit AB ad CF, ut I ad L. Ex maxim^ AB flimatur AQ 

acqualis l\ 8c cx C F fumatur C R par minimas L. Erit igi*' 

tur AB tota ad totam CF , ut abbta AQ^ad abktam CR« Er^ 

(a) P«f 19* go retiqua QBeft ad rcliqu^m {a) RF, ut tota AB ad totam 

i- f' CF. Scd AB major (^) cft quam CF. Ergo 8c Q.B major 

{h)Ferkjp. ^^^^ j^p, jjmi vcr6quia AQ.ipfi I, & CR ipfi L sequalct 

Uint i ctiam AQ cum L , ipfi I cum CR xqualcs erunt. 

Quarc (i ad AQ cum L addatur majus QB , flc ad I cum CR 

addfttur minus R F y crit totum A Q B cum L majua toto I 

cum CRF. Quod crat demonfkandum. 

Ik» ^. [Corol. Si trer maffntudines , A ,B ,€9 fitermt fr§pmhfUH 

(c)Perdrf' liSfixtrimArumfimifiimmamedidptajorerit, Cwn m$m {c) 

Z.Uf. fit A adB ut B ad Ct erit (per ham fr.) ftmma extremarttm 

... P Ji (^ C majar qttmm B hisfitmfta, ^ (d) froinde femifiimma 

M^,^/.i« iutremarum majvr erit Pmam S fimel fumfta.^ 

Quse iequuntur non mnt propolitiones Euclidts,fed ex Pap-» 
po Alcxandrino, aliiique defumpitx , ob frequentcm earuax 
xSun^ l^clidcis lubjuBgi fblept.. 

PROPOSITIO XXVI. 

j^ ,7. Q/ prima {A) ad Jictmdam (B) majorem ra^ 
l^ tioftem habeat , quam tertia (C) ad quartam 
(f;) hahbit inveitendo (B) ficwtdadd (A) 
frimam y, mittqrem rationem 9 quam ( F) quarta ad 
(C) tertiam. ♦ 

Quoniain ponitur A haberc ad B majorem rationem«quani 
• C ad F: Igitur A ad (#) aiiquam BX (quae (/) major crtt 

J^ !lr1r# *P*™ ^ ) <»«ic'^ babdMt rationcm , quam C ad F. InTcr- 
X. US' ^<^o ^^^^ ^^^ ^ ^ ^ A, ttt F ad C^ [SedB ^ad Jlrn 
(f) Per tninari (g) ratiene quam SX adAi] ^ proinde (£) fi ad A 
'*\ p^* in minori ratione crit, ouam F.ad C. 
«: /^ [Scholium. Idem fimmer ditmm&rahitur d§ frofortioM nu- 

{}k)Perfd, ^^^'' hoc efi^ fiS ad A minonm iaSeat rationem quJkm F ad 
>.tf./.j. Ci bahbit invertendo, A tfdlB fnaiorem ratmom quam C 
odF] ' IPRO- 
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PROPOSITIO XXVIL 

S/ A habet dd B mMJarem rMumem qHom C Md^^rf. 
F ; etiam perroutando A ad C mdjorem rs^ 
tionem habebit > eptkm B dd F. 

QuoQiam nUio A ad B pooitnr xaajor ratione C ad F, erit I^L mts 
(a) ratio A ad aKam BX (qux necefnrid major eft quam (^) i./. j. 
h) aBqualis ratioai C ad F. Jam igitur ( r ) pcrmutaddo A W ^*^ 
crit ad C , ut BX ad F. Scd BX ad F eft in majori rationc, '^: 'i ^- 
(J) quam B ad F. Ei^go (#) ctiam A cft ad C in majori, IV. aT. 
^uam B ad F. (d)' /vf* 

SckioiiMm, Idcm fimiliter dcmondrabitur de proportionc'-^*/- 
mioori. J*) '*'*' . 

PR.OPOSITIO XXVIII. ''^* 

S/ AB dd BC majerem ratiwtem habet y qHom FI f^, ||, 
dd IL; etiam componendo AC ad BC ma^ 
jorem ratienem habet , tpdtm FL ad IL. 

Qaoniam ponttur AB ad BC eile in majori ratione» quim ^^^^^ 
FI ad IL: Ergo (/) alia OB (qu« nccelkrii eric minor (g) ^f"* 
ou^m AB) cfl ad BC, ut FI ad IL. Ergo (/») componcn- (gi^^Ma 
do OC cfl ad B C, ut F L ad 1 L. Ergo AC cfb ad BC in «« lo.^/, 
(0 majoriy qasim FLad IL. ^^^" 

SchiUum. Idcm fimiliter dcmodhabitar de pHQpQrtiaiie (f)f^{,4 
minori. s.&fikU. 

PROPOSITIO XXIX. 

Ql AC ad BC majarem rationem habet , qt$am fj^. ,|, 
^ FL ad ILi etiam dividendo AB adBC majo^ 
rem babet ratumem^ auam FladlL. 

Qoia ponitar AC ad BC majorem haberc ratioaem» quim ,. I j. * 
FL ad IL ; Ergo (k) alia OC (quse neceflarid minor eit (i) (I) Ar 
QOam AC) crit ad BC, ut FL ad IL. Jam igitur crit divi- J^^J* 
dcndo (w) OB ad BC, ut Fl ad IL. Ejgo AB eftad BC in ^">/f 
n) majori, quam FI ad IL. {n)P^B.L 

I4 Scbo^f.&fk.f. 

XI. Lg. 
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Sch^lium, Idezn ilmiliter demonllrabitur de proportioiit 
mioori. 

PROPOSITIO XXX. 

%. i8« 9 ^ / ^C 4d BC majorem ratioftem hJbet , ^fukm 
l^ FLy ad IL\ convertendo hahebit jiC ad AB 
mtmremy qfiom FL ad FL 

M Ter Quontam AC eft ad BC in majori , quam F L ad IL; crit 

ao. /. f. di?idendo («) AB ad BC in majori, quam FI ad IL. Ergo 

Ib) Per invertendo (^) CB ad BA, eft in minori, quam LI ad I F. 

a.6./.5'. Ergo componendo {c) C A eft ad B A in minori, quam LF' 

M« » /• [Scholium. iJim JtmiHter demmftrMtur di proporthne mi^ 

,mri: hoceft^ fi AC ad AB miwrem ratlonem hibeat quam 
TL adTI^ hiteblt canvertendo, AC odBC majorem rattmem 
qttam FL ad IL.] 

PROPOSITIO XXXI. 

I^. ^ O/ ^ ad C majerem ratkmm hahet^ eptim F 

^J ad I; & C ad LOjnajorem ratkmem haheat^ 

^tam I ad S y & Jh deinceps i etiam [ex sauo] 

frimia AB ad tdtimam LQ^majerem ratiomm hakclnt^ 

efuam frima F ad tdtimam S* 

Quoniam AB eft ad C in majori , quam F ad f i Ergo 

\L) ftf^* alia [d) quxpiam OB (quae neceflari6 minor {e) erit quam 

--^ ««« AB) eft ad C, ut F ad I. Et quia C cft ad LQ.in majori 

\JiPer ^^^ I ad. S $ Ergo C ad aliam quampiam LR (quas erit ne- 

io.Af.* ce(&rid major qulm LQ) eft ut I ad S. Igitur ex aequo (/) 

<f) Ter OB eft ad LR ut F ad S. Ergo OB eft ad LQ^in majort 

»i.^T. quara {g) F ad S. Ergo AB eft ad UXSh) in multo majo«' 

iFV'*^ ri,qu4raFadS. 

(h)P^* [Schoiium. Idem fimtUter d$menftrabittir dt fnfertiom 

90idp ' tmwiri. 

Coroh €x httJHs fr»p, dettmfiratiine luftetf mthd p Alt 
ad C majcrem ratmem habeat qttkm F ttd li o^ C ad LK 
eandem habeat ratmem qukm l tul S; etiam prima AB ad 
$dtimam L R majorfm ratmem habebit mtttm prima V ad ul* 
timam S. Idem^e fimiliter ventm fft ^# frofmiem tm-* 
mrhi. • 

PRO. 
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PROPOSITIO XXXIL 

/ AB sid C nuijcrem raiknem habetj ^pum I ad Vig,i9k 

I S; f^ CaJ LOmajorem quam F ad li etiam 

ex xquo [ perturbate ] ^johelrit majcrem ratumem AB 
odLQj fiamFadS. 

Demonftratio eadcm qaaB pnecedentis i ^ied pro 21. ci* 
tetur 13. 

[ ScHofiam. Idm /tmiister dmmifirMtur di frefmwn m* 
mri. Et ab hae frofofitione, coroUari» iUi quod a frof. frdco* 
demo dedmitttr, finile eeroUarinm dodncitMr,'} 

PROPOSITIO XXXIII. 

Sltata {AB) adtctam (FI) majarm ratianem ha» ^. i^ 
hnerity qukm ablata (CB) adatlatam (Lly)t0* 
ta ad totam mimrem rationem habeht^ fmam relupid 
(AC) ad reliqteam (FL.) 

Quia AB eft ad FI in majori, quam C6 ad LI ^ erit (a) (t) Ar, 
permutando etiam AB ad CB in majori , quam FI ad LJ. 27.I u 
Ergo coayertendo (^) AB eft ad AC in minori, quim FI ad 0>) ^^ 
FL. Ermetiam permutando (r) AB eft ad FI> in minori» ?°)pjL 
quim A<J ad FL. *«»7«AiW 

[SchoHum. Zodm nrndo^ fitota ad totam inimrm ratie^ 
wm Itabuerit quam ttblata adablatami totaadtotam tnajo^ 
tm rationm hahobit quam reUqsM ad nU^m.'] 

PROPOSITIO XXXIV. . 

Slratmes (AadCy & EadO) fient aqnaUtm ^-a^ 
rationtm (A adB & E ad F) duflkata ant 

iripUcata e^ Jk deincefsi oqHaUsfimt etiamipfit. 

Qula ratio A ad C dupHcata eft rationis A ad B ; errt 
Ci) ut A ad B, fic B ad C. Ob eandem caufam erit ut E {A)rtri^ 
ad F , fic F ad O. Oiim ergo fit ut A ad B, fic pcr hyp. E '«•^«« 
ad Fi kut BadC, ficFad O, (namutB ad C, uc A 
adB, hoceftEadF, hoceftFadO») igitur (#}'ez «quo fe) P0 
friti ut A ad C» fic £ ad O. ia.A/, 

- . ix ^^^. 
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PROPOSITIO XXXV. 

'i^»»» TJ Atums ^tjuales ji ad C & E ad O^ Jim 

X\. dupticata^ aut triplicata j (^ Jic deincefSj ra» 
tioman ji ad B ^ & E ad F : etiam. ha aqt$aks 
erunt. 

Si negas, fit ut A ad B , (ic E ad aliatn Z inaequalem 

ipfi F , & fiat ut E ad Z , fic Z ad X. Quoniam igirur 

ft)P#f rationum aeaualium A ad B , 8c E ad Z duplicatx {») funt 

Sef,ioXs* rationes A ad C , & E ad X; etiam ratio £ ad X xquali» 

^b) Per crit {b) rattoni A ad C , hoc eft per hyp. rationi E ad O; 

tf^^ Ergo (rj acquantur O & X. Ergo patct etiam medias F 8c 

sIl 1* 2 aequaJes eOe. Ergo A eft ad B, ut E ad F ieu Z. Quod 

crat demondrandum. 

£x coQtradidorio aflertionis, ^eOtt illata eft aflertiix 

PARS SECUNDA. 

EtscUdea fer msdtiplices defimtio aqtsalsum ratimmm 
dimwftratfsr : exhibetHrque ac demonjhatssr alitsd 
nsagis immedidtumy & facilisss issdieiism aqssalita^ 
tis ratiomsm. 

PRoportioiMini dementis , metliodo (nifi &]lor) conmo- 
dtoriezplicatis, reltquum eft,ut quod iecundo loco fuprt 
promiieram , pr a eft u re aggrediar. Hod igitur loco (quod t 
N noUo ha6h^itts fadura eft ) demonfh-abirous • nihil amimen- 
dcu niii (juod per ie lumine naturali Gi manifeftum » duat 
ratioDes mter fe aequales efle , quando antecedendum quadi- 
bet asque multipliccs , coniequenthim ae^ue multiplicihas » 
fanper iiint vel pariter majores » vel pariter minores , vd 
pariter aoQuales. Cujus quidem negotii ciim fiitis ardua » 
atqueprobza fitdemonfiratio, ut jam reipfl co^;nolcemus» 
&:ile appardHt prsqpoftere cgiile Euclideni , qui atqualitatit 
ratiooum primum , & fundamentale indicium Tumi voluit 
ez hoc mukiplicium indemonfirata ha^enus propietate » 
cujos tam remota & obicura fit cum rationum aDqualiueci 
cofinezio. 
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Srr A ad B , ut C ad F s & fint antecedentium A » C 9 t^%u 
quxlibet seque multiplices I, Q^ nimirum vel duplse,yel * 
trtplv & Gc deinceps. Sint item conicqttentium B , F quaelt» 
bet aeque multiplices Lr. R. 

Erit quoque ut I ad L, (ic Q.-ad R. [ Jl^ fr§p. 4.. h^us 
Uhit qHA m fnrti frimd omtttitur,'] 

(^oniam enim AeftadB, utCadF; ctiam I dnph 
ipfius A erit ad B> ut Q^dupla ipfius C eft ad F : 8c I tripla 
A erit ad B, ut Qtripla C; ad F, Sc fic in infinituro. Qjiod 
quidem aeque eft pcr ie clarum ac quodUbet azioma. Quoniam 
igifur I ed ad B , ut Q ad F s erit quoque I ad L dupiam 
fpiius B , ut Q ad R duplam ipfius F 5 & ut I ad L tri-> 
piam ipfius B , iu Qad R triplam F : Et iic in infinitum% 
quod rurius tam clarum cft, quam axioma quodctmqac. Li* 
quet ergp propofitum. 

[ Aliter, exfrop. i5. tf^di» ii,L f, 

Catm fit A\ B :: C : Fi fertmtmtdo erit AiC :: B : F. Sod 
ftr if.^ft AiC :-. I: ^i fji^ B:F::L:R. Erga fir tu^ 
J:^::L:Ri f^fermt^tatu/ot I:L::^:R*2 

LerfWfa %• 

SI quantitates A , B habeant communem' mcniuramC$ erit F^; as« 
A toties iumpta , quotics eil C m B » aqqualis quantitati 
B toties iumptx, quoties C^efl in A. v 

Fonatur C contineri in B quater, & in A lezica» ac pro* 
indc B cile 4. C, & A e/Te 6. C. Igitur 6. C. (hoc eft A) 
du^ in 4, (boc cil, toties iiimpta quoties C eft in BOcffi- 
eiwnt 24. C. Similiter 4. C ( hoc eft B) dudhi in 6 , ( boc 
eft, toties fumpta quoties C e(^ in A ) cmciunt etiam 14. C 
Ergo A toties uimptar quotics C in B sequatur B totics iimi* 
ftx quotics C in A. 

« 

jhfttffw^ 1« 

S/ rMtia AB ad FI major /u ratio$e L\ii R; ^k^^P 
tdes fiimi foffwa ^mtecedemimm (AB (^ L) ^e- 
ft$e mtiUipUces , t^es ttem aque mtdtiplices ctmfequef^ 
ti«m {Fl(Sr R9) u^ multi^la antccedentis (AB) ra- 

timi 
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tkms majms ^excedcHte multipUm canfiqueMtis (FI;) 
multiplex antecedentis (L) rationis minaris, Wfn exce* 
dai mtdtipUch» fid canfiqitentis (R.) 

■ 

Sit raHo AB ad FI major ratione L ad R » &; (int A& 

8c L, majores rationum termini, Quontam igitur AB ad 

FI majorem iiabet rationera quam L ad R > alia quaedam 

(i) P«r quantitas Z {m) habebit ad Fi eandem rationem » quam L* 

M*.4irt# ad R. Quia jam igitor ratio Z ad FI xqualis eft rationi L 

'* *^* ad R, poniturque ratio AB.ad FI major ratione L ad R, erit 

quoque ratio AB ad FI major ratione Z ad FI , ac proinde 

aB major ell quam Z : quas omnia per fir iunt manifefhi, 

2itur ex AB iumi poterit AC per Z $ eritque etiam AC 
FI, ut L ad R. Auferatur refiduum BCex ACiqootiet 
poteft, putater» tum ieca AC in tot aMuales partes» exem. 
gr. in 6. donec earum una poffit auferri fxpius ex FI , 
quam BC ex AC, puta quater, 8c reliduum efto OI, quod 
crit minus unA particulS. Hoc quoque fieri pofle po- ft 
tSt manifieilam, &patet ex p. 1. 1. lo. quac a proportiofli* 
bis DOQ dqjendet. Particuianim ver6 illarum quantitaa 
cfto Qj^ 
^ Quoniam igitur Q eft menfura communis quantitatum 
AC, FO, crgo AC totiei fumpta , quoties Q^cft in FO, 
ocmpe quater , aequattur FO toties liimptae, quoties Q^eft in 
AC, nempc iexies. Deinde quia rcfiduum OI cft minss uni 
particula, lioc t& quam Q, erit OI totics acccpta , quotiel 
O eft in AC> nempe iexies, adhuc minor qu^m AC. Ultc* 
msy quia BC minus fiepc auferri potcft ex AC» quam Q ex 
FI, (pofitum quippe fiut BC ex AC auicrri tantiim pofleter, 
Qjrero quatcr ex FI;) manife(him dk BC toties fiimptum, 
quotics Q^in FI , Qcmpc quater , ma^us fbre quam AC , ac 
proindc multo majus cfie qdlm OI fumptum iexies , qucd 
ofleodi iupra cife minus qulm AC. Atqui oftcn&m cfl AC 
Itimptum ouater , & FO fiimptum iextcs cile aequalia. Qua* 
re.fi AC iumpto ouater addatur BC quatcr , & ad FO foric^ 
fiimptum addator OI iexies, crunt 4. AC & 4. BC, hoc cfl 
4. Afi majora, qu^m 6.FO dt 6. OI, Imc cfl quam 6. FI. 
Quia verd 4. AC aequalia crant 6, FO, crunt 4. AC minort 

2dU9 6. fl* Sc^ ut AC ad FI, ita pQpebatur uipra L cflead 
L. Ergo pcT lem. i. etiam 4. L minora itmt quam 6.R. Ac>- 
^ ceptK ftint igitur antecBdentium AB & L aeque mukiplices» 
ocmpc quadruplae, itcm xque mukii^ices conicattcatium FI 
2c R 9 ncmpe fcxtupiae, Sc tamen ofleniiim cit multiplam 
«ntccedentis AB (nempc 4. ABJ fupcnire mulnpiicem ce«« 

leqocttu 
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fiqacnti$ FI (npnpe 6. FI: ) xnultipliccoi verd anteoedends 
L ( nempe 4. L») non excedere miutiplicem con&que&tis R 
(nempe 6. R.) Qgod erat demon(banaum. 

S/ Sntctdmtttm (uiy C) qtMUhet ^ttjue vmbipU^ i%,tf. 
cts^ quibuJUhtt c<mfiqfiemiHm (ByF)aqutmul' 
tqflicitttSf fint velfimul majareSf vel fanul mimres « 
vel fimul itqteales y rMtic (AadB) ratitmi (€ aJF) 
aqtsalis erit. 

Si negas « iit ratio A ad B major ratione C ad F. Ergo 
jper theor, prtBCcd. potcrunt antccedentium A , C fiimi taks 
aEque multiplices» itbm tales confequentium B» F aeque mul- 
tiplices, ut multipla antecedentis A excedenre mulriplam coa* 
iequcntis B,*multif]a anteccdcatis Cnon cxcedat mokiplam 
confequentis F» quod eH abfurdumj quia evertit hypotbdinu 
£rgo &c. 

Tii hac demonilratione , uti 8c 10 fiquentibus cae (blum pro^ 
pofitiones ez qumto libro adhibcntor» qua: pcr fi aBqye £atf 
znanifefiae» atque ipfi axiomata. 



Theerema 



3 



SI fittni fofilnt anticedentittm (0, R) tales atpti Fti.%^ 
multipUces , itetteqtie tales atpte multipUces cmfi^ 
iptemium (Qj^ S^ ) ut muUipla antecedtntis unius (O) 
fitperante tntdiiptam cmfiquemis (Q%) mtdtipU amer 
€edentfs alterttit (R) ttm esetedat muUiptam Jfm confi^ 
qnemis (S;) erit ratio (O ad Oj) cujus antecedett^ 
tis muUiplex fitperttt tnsdtipUcem confi^ttemis > ttsajor 
ratsmsetdtera (RadS.) 

lUtfoiies iHas iaaDqualcs eile 6c ofteado. St efleiit aequa« 
les i qusBcunque antecedeotium asque multiplices (ut pmc 
t fortiori ex ieinmatc primo) quibufcunque aeque muki- 
plicibus confiqoentium > vcl iimul majorcs eflent y ve( fimul 
rainores, vd limol sequalcs i quod cft abiiirdumf quia everttc 
kvpotbcfim. 

• QuM 



y 
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Qa6d autem ntio O ad Q^inbjar fit, cujus antecedentis * 
multipkx fuperata iic oflendo. Sl negas, (it ratio R ad S 
xnajor ratione O ad Q. Ergo per thcor. i. tales accipi poA 
iiint antecedeatium R & O acque muitiplices» talefque item 
aeque muitiplices confequeatium S ad Q, ut multipla anteoe- 
deqtis R rationis majoris exoedentc multiplam confequentis 
. S. mul^la antecedentls O- non excedat smitiplam coofe- 
quentis Q: non autem tales (quod facile ex i. lem. ofteodi- 
tur » ) ut multip)i O excedente multipiam Q^, multipla R 
ooo excedat mnltipiam S. Quod eft at>furdum » dXm e?er- 
' tat hypothefini- 

Tbecrema 4, 

>*• »r- ^^XyM fropiyriio irratloHaUs eft , n$dU mHbiflex 
Vi^ ^ecedentis ulU confiqHentis mukiplici dquatis 
tffe foteji. Qnare » cum fer mttk^bces tmptiritHr 
jrefortionHm^ irratiomJiHm aqHolitas » fibtmmodo 
pmlt^isim JtmHltanetu exceffks > defcHHjqHe /pec^ 
tari debent. 

Sit proportio irrationalis A ad B. Si A aliquoties fiimptt 

poflet iieri aequalis B aJiquoties fumptx» ac proinde eandem 

ambx efficere quantitatem Z : fingulae A & B eflent «idem 

2 CQmmenfural>iies» ac proinde jk commenfiurahiles inter fe» 

* oooira hypot&eiim. 

Qyix tamen iccuadi^m thcoreiQar tam ad rationales pro- 
pordones pertinct , quam ad irrationales i fimultaneo ex- 
cefliii 8c defcdbii araualitatem fimtdtancaai addidimus cum 
Euclide. 

Demoofbatis hunc in modttmi quae ab Euclidc def. f. Bc 
6. poBuntur, jam omnes ejus ouinti & f^ti libri demonflra- 
tiones fiibfiflunt : potetque multipltciumillum excefliim de» 
• iedamque limukaneum , in&Uiliife indicium eile sequaiitatii 
rationum , non quidem psr £c immediate» fed demonftmtio* 
ae» quam mod6 dedimus, prii^ rite iatdle^. 

Vcriko qula indicium per mukiplices, qosntumris jam 
ftcurum , nihjlominus remotum dk 2c imploxum» hic a^ 
Hud clarifTimum & proximimi> quod prttmiii fiiffa.» dt- 
mpiifirabQk 



Jkorims 
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Thcwrema 5» 

S/ amfifantes (CF, JSTQj) (^ cm/kptcfttam r^. U. 
^tudibet algquQt^ JimUs , {pma ^ Jecima » (^ 
centefimay & miUefima^ dr ita tkinceps fim termim) 
in amecedentibus ( AB » GM) aqmili Jenfer mmserm 
CMimantMri ratiancs (jiB ad CF^t^ GM ad NQJ^ 
aqusles eruat^ 

Nota , «quali Dumero oonttaeri dicuntar > cilni , Ul mkt^ 
guicur quoties po0unt , aequaiis c& utrimquc nuoiqpitt ab» 
]aurum« 

Dcmonit.. Si ncgas, erit ratio altcmtra, puta AB ad CF» 
major rationc GM ad NQ. Quoniam igicur AB pooitur 
ad CF majorcm habcrc rationem qoam G M ad NQ^, ma- ^ 
nife(h]m dl aliquam (puta AD) minorcmqQam AB, ^cafcof 
lcm habcre rationcm ad CF, quim GMad NQ^ MaoifeP 
tum iimilitcr clb , aliquam ipnns CF aliquotam ( cz, gr« 
unam trigciimam ) cilc minorcm di&renti4 DB. Sit C& 
uaa trigdima ipiias CF , & aofia^tur ex AB quoties potcft 
exCmp. gr. miUics » totumquc ablatum fit AO. Quoniata 
igitur AQ eft looo. C£, &; CF cft 30. C£ . crit AO ad CE 
ut lOQO. ad |o. 

SumatuT jam ex NQ^ aliquota NP , fimilis alteri CB.^ 
oempc ctiam una tr^eOma, Quooiam cx Jiyp. C£ » NP 
aequali numcro in AB, CM contincntur , & C£ abkta ez 
AB quotics pbtuit, abkta fuit millies, ctiam NP cx GM au- 
icrri potcrit millics. (Juia ergo totum ablatdm'GK cSt 
1000. NP, & NQ^cft Jo. NP, crit GK ad NQ^ut 1000. 
md 30. hoc eft, ut AO ad CF. Quia verd CE ablata ex AB 
quoties potuit , icliquit OB , erit OB minus quam CEL 
Sed CE, ncmpe una trigeiima CF, cft minor pofita qoskn. 
DB. Er^o OB eft mult6 minor quam DB. Ergo AO cft 
major quam AD. Ergo / AO ad CF , majorom rationcin 
habct quim AD ad CF. Scd poncbatur cilc AD ad CF • 
ut GM ad NQ. Ergo AO ad CF majorem rationem ha- 
bet, qusim GM ad NQr hoc cft, mult6 majorcm quarn 
GfC ad NQ. Quod eft abfurdum , quia oftendi'iupra AO cHe 
ad CF ut GK ad NQ^ Non poiTunt igttur rationes dafae AB 
ad CF 5c GM ad NQ^cfle inaequaks. iEquaies igitur funt. 
jQuod ecatdcmonlfarandum* 



J. a€Or€Wm O* 

ni'^* O/ Mt CMfequemes (CFy NQ^y) Mtn amfim 
l^ q$tentiMm aliqtta Jmiles ^iH^ta (ex. gr. deci* 
m4y) imuptaU fmmero in maecedeHtibm (AB^GAi) 
comineafftmr ; rationes ( AB ad CFy & GM ad 
NQ) irutqualis erma^ f^ eris illa nsajor > cmjns con^ 
Jeqnentis aliqstota fafim continetnr» 

CoDrioeatur CE dedasa oiia ipfhis CF» in AB niUies i 
& 1k AO , looo. CE> tam yero relidainn OB eric miouf 
^am una CE. Deinde NP una decima NQ , contioeatur 
In GM » tantiim nongenties noM^es 6pties , oc fit 0^,997. 
KP$ patet reiiduum KM fbre mmus und NP , ac proinde 
1000. NP fbre majores quim GM. Sit crgo GR , looo. 
KP. Quoniam igitur AO eft xooo. CE , dc GR , looo. 
NPj CF vcrA, 10. CE, & NQ., 10. NP, crit AO ad CF, 
utGRadNQ. Ergo AB dt ad CFin majoriratione» qu^m 
GR ad NQ; ac proinde in multo majori , quam GM ad 
KQ. Quod erat demonftnuodum. 

Habemusjam igitur indubitatum^faciOimumqaeiadicium» 
cx quo ntiones seqtoles inaeqinlelque cert6 liceat difcernere. 
£t poflcmus ex illo, omnes , quae quidem aziomatsi non iin^ 
1. f. propoiitiones , quas per muItiplicesEuclides demonftrat» 
multo expeditit^s demonftrare, nifi magts ex ufu difcentium 
putaremus , iJJas ei mcthodo » qui in prim^ parte ufi jam 
wmusy proponere. 
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TERTIA PARS. 

J)€ froportiotmm denominatotibus^ algorythfHo% 

comfofiionc. 

I. 

Troportionis Divijio. 

PRiflU divifio eft lo rationalcm 8c irrationalem • ut di^m 
def. 4. Ratibaalis dividitur in ratioQcm xqualitatis & in- 
aequalitatis. Ratio inxqualitads dividitur in rationem inajo- 
' ris ins^ualitaus , ous hab^ antccedens majus coniequente 9 
& in radonem romoris inasquaUtatis , quae habet antecedens 
iqinus confequente. 

Rationalis propoftio inxqualitatis majoris dividttur in 
quinque fpecies, qux funt» muItTpkx » fuperparticularis , fu- 
perpatieiis, mulciplex ruperparticularis, i^ultiplex fuperpar- 
tfcns. 

RatfO multiplex e(l , quando major niinorem aliquoties 
continet» ut bis, ter, quater « ^c. diciturque ralio dupla , 
tripla, quadrupla. 

Rado fiiperparticularis efl , quando major minoreai cond- 
oet fimulj & unam ejus partcm aii^uotam : ut ratio ^. ad 2. 
Tel 6. ad 4.. qux dicitur fcf^uialtcra j quia major minorem 
contlnct femel & ejus dimidium: ratio 4. ad ^'. five 16. ad 
> 11. quae dicitur fefquitertia, quia major minorem cootinet fe« 
mel) St tertiam ejus partem, Sc fic deinceps. 

Ratio fuperpartienseft, cim major minorem continet fe- 
tdA & plures ejus tIiquotas,fidn conficientes unam aliquotam. 
Talis eft ratio 8. ad f. veh 14. ad 10. quia 8. continec f, fe- 
imI f 8c mfiiper 3. hoc efl: trcs quintas ejufciem numeri f, 
qux tamen fimul iiimptne non conficiunt unam alfquotam 
ipfiui f, SimilitcT 14. cominet 10 femel, Sc bis 1. hoc tA, 
duas quintas numeri 10. quae tamen fimul fumntae (nempe 
4.) non conficiunt unam aiiquotam ipfius 10. Additur porro, 
non conficientes unam aiiquotam « ^uia alias eflct ratio fuper- 
porticularis. 

Ratio mukiplci^fuperparticularis cft,ci!im majorminorem 
aliquocies coatinct , & infupcr unam ejus aliquotam , ut t^i^o 
f, ad t'. 10. ad 4. &c. 

K Rada 
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Ratio multiplex (iuparpartiens eft> ci^m mftjor minorcfa 
diquottes contiaet > £c adhuc plures ejus aliquotas noa 
coaficicntes unam aliqjuotam» ut ratio 8r ad 3. 16. ad 6, 
^c. 

I I. 

De Demmhtatm Pnfortimis ratianaUs. 

DEoorainator proportionis rationalis eft , qut diftin^e 8c 
clare exprimit faabitudinem unius numcri ad altcrum^ 
. iive qui ita ie habet ad unitatem , ut major ad minorcmj 
, ac proinde oftendit, quotics major minorem contineat > & 
quoties mioor contineatur a majore. Rationis 17. ad p.deno- 
' minator eft 3. quia ;. ita eft ad unitatem » ut 27. ai 9. ac 
proiilde oftendit quoties coniequcns in anteccdentc continetur, 
nempe ter. 

Cujufcunque ratio&is deoominator iorenitur, fi major ter- 
minusi^ividatur per minorem , nam quoticns divifionis erit 
deuominator. Ratio efl,quia quotiens ita eft ad unitatcm» uc 
dividendus ad diviibrem , hoc eft ut major ad minoreffl. 

BxfmpL Detuf*ratio 60. ad 6. Divide 60. per 6, quotichs 
10. eft denominator. Detur rurlnm satio ^o. ad 16. divifi# 
6o.per liLGt quotiens 3|. hic cft denomiaatorr 

III. 

De DemmnMer^m Profortiatmn 



c 



lUM rationes irrationales fuerint Fedudlx ad ratioQescOBi- 
mune confequens hahentesv communis conlequentis an« 
tccedentia erunt rationum dcoominatoresy & commune cqik 
iequens munus ac looum cxplet unitatis. 

Pro|ft>rtiQni$ nullius ircationa]iS|. firolaiit, cxhixri po* 
tdl ddiominator. At (i duas &eriat, vel pluses pn^Kvrtta- 
nes irrationales , alio quodam Heniti eari^m denominatoret 
poterunt exhiberi , qui nimirum oftendant , quomodo um 
ratio ad alteram fe habeat. Id quod egrcgie ohfervavit P. 
Grcgorius a S. Vinceotio, operis firi Geometrici lib. 8. def. 
• a. Qui vir cum praeclariffimis , <Bc prope innuroeris inveo- 
tis Geomotriam auxit; tum imprimis iibro 8. ciuidem operit 
de proportionalitatibus ica fcripiitr ut novam de propoftio" 
!%• %yk ntlitatibut icientiam ^coodidiila ccaicri mcrit6 debeat. Thxx 

fiat 
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£Qt ratiooes irrationalcs Aiad B> 8c C ad D, qu^rtrocentur 
ad rationes FH, GH, habente^communc conieQuens H, fic 
nt ratio F ad H fit par rationi A ad B , & ratio' C ad D par 
rationi G ad H j commune confcquens H munus explebit uni- 
tatis , & antecedentia F , G erunt denominatorcs rationum F 
ad H ^ G ad H (hoc eft rationum A ad B, 8c Q ad D, } 
^uia oilendunt quomodo una ratio fefe.habeat ad alteram. Sk 
cut enim F en: ad G , ita ratio FH elt ad rationem GH , hoc 
4ft ratio AB ad rationem CD. 



i V. 

» . ♦ • • . . 

AX. I. Ratiohes'(Fad H, &: G ad H) comnune ha- Fi^.sJI; 
bentes confequcns (H,) cam inter fe propprtiaoem 
habent , quam antccedentia ( F> G.) £fi prop. a. P. Grcgo- 
rii a S. Vinc. 1. 8. quadr. . , 

Hoc eft» ratio G ad H, tanto £najor eft ratione F ad H» 
quanto G major eft quam l^. 

Ajt. a. Rationes (ladL, &IadM) communb habentcs /7^, 2^;' 
antecedens, reciprocam inter fc habent confequentium pi^o^ 
portkmem. Eft propof. 7. P. Gregotii a S. Vinc. lib. 8. 
quadr.' 

Hoc eft, ratio I ad L ^(1 ad rationem I ad M, ut reci- 
piToce eft M cohiequcns > ad coniequCns L :' iive ratio I 4d 
L tanto' raajor eft rattone ejuiclem 1 ad M , quanto L fu« 
erit minor quam M > ac proinde quanto M fuerit major 
quim L« ' 

Ax* %> Ratiehes rationales eam inter (e rationem habeat» 
qaam deniominatores. Patetex axiom. i. 

DcBtur ratio ii. ad 3. dc ratio if. ad 6. qbarum dencH 
minatores iiint 4. & fi. Ex dcfin. {d) denom. ratio ia. ad (3)21;««; 
^. cfl eadcm cum ratione 4. ad 1. 8c ratio i j-. ad 6. eft ea-*^ 
dboi cum ratione al. ad i. Scd ratio 4. ad i. eft ad ra-« 
tionem i^. ad i . ut \b) 4. eft ad ai. Ergo etiam ratio i a. (|,« p^' 

ad 3. eft ad rationcm i/«iul 6. <it denominator 4/eft ad «'^au 
denominatorcm li. *>^. 
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V. 

Fjukmim miimalhm MJhi9 dr SuttraStto. 

ADditio perficitur , fi rationum dcQomioatores addantur. 
Ratio enim quam habct deDominatorum fumma ad uni- 
tatcm , cft rationum datarum fumma quxlita. 

Dentur ratio ix. ad 3. 8c if. ad 6. carum dcnoftiinatores 
4. & t\ additi fibi mutuo, fkciunt 61. Ratio 61. ad i. eft 
par rationi ir. ad 3. Sc larioni i j-. ad 6. Fatct ex Ax. 
1 & 3. 

Subtradio fit ablatiooe mioorls dcnominatoris a majo* 
re i oam ratio reiidui ad unitatem , cd ratio quae remanet 
poft minorem nitioncdi a loajori detradam. Fatct ex 
axiom. i.-6c 3. 

Deatur rattones 11. ad 3. 8c if. ad 6. Harum dcuo- 
imnatorcs (unt 4. & i\, Aufer mtnorem ai. a majori 4. 
rcmanp ?. Ratio | ad i. eft ea qu« reraanct p ubi ratio- 
nem ij-. ad 6. feu 2I, ad 1. decraxcrts cx rationc n. ad 
3. feu 4. ad vi. 

V I. 
RatUnmm irratlonaliHm AdMtio t^ SuitraBio. 

flg, jo. n Atiooes datse (AadB, ScCadD) reducantur a4 ratio- 
JX. nes (F ad H & G ad H) h^^entcs commune confe- 
quens (H.) Actecedenlia F & (5 iibi addiia funt FG. Ratio 
FG ad H eft fumma rationum F ad H , & G ad H, koc eft 
ratioQum A ad B & C ad D. Patct cx axia i. 

Subtradtio pcrficitur , ii ratiooes datx ad CDmmuoe cooiie- 
qucQS reducantur , ac tum minus anteccdcns G auferatur a 
laajori F : ratio enun refidui ad H , eft ea quas remanet pofb- 
quam rationem G ad H, feu C ad D fubtruuriB tr ratione F 
gd H* icu A ad B. Fatet cx i.axiovi* 






V I I. 

Rationmn raticM&mnAfkbiplkatio & Divlfib. 

DEnominatores rationum per inrricem mukiplicati, dabunt 
dcQominatorem rationis qux cx datarum rationum mul- ' 
ciplicatioiie producitur.. 
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Hoe eft , ratio ^uam ad uoitatem habet fiamerai tx de- 
notninatorum multiplicatione produ6bus , eft ea quac iit cx 
rationum multiplicatione. Patct tx Ax. i. ^8c. ). Nam 
multipiicatio rationum eft unius ad alteram additio^ikpius 
repctita. Hanc autem perfici repetiti fiepius antecedentium 
additione, (hoc eft multiplicatione ,) patet ez jam citatia 
axio. I.& 3. 

Sint datx rationes 9. ad 3. 8c 20. ad 4. denominatores j.2c 
S' multiplicati &ciunt 15*. Ratio if.ad 1. eft ca » quae ex 
multiplicatione rationum 9. ad 3. ( ieu ^ ad 1. ) Sc 20. ad 4. 
(fcu^. ad I.) producitur. 

Drvilio rationum perficitur, ii denominator majoris divi- 
datur per denominiktorem minoris. Nam ratio quotientis 
ad ynitatem, eft ea quae habetur ex divifiane rationis dat« 
majoris per rationem minorem. Patet ex i. & 3. axiomates 
cC^m rationis per rationem diviiio» Ht fubtradtio unius ab al-; 
tai £epius repetit^. 

• V I I I. 

JHubiplieafio rdficmm irraihmali^ml 

DKxx fint rationes AadB, ScCadD, per invieem mul- ^* )t* 
tiplicandae. Fiat ut A ad B , ita D ad £. Ratio C ad 
£ eft ea , quae producitur ex muItipUcatione rationum A ad 
B, &Ca«!D. 

Ha;c operatio eft Gregorii a S. Vincentio, lib. 8. prop. 75% 
Sed eam nec ip/e , nec alius quiiquam demonlh-at, 

Hunc %itur in modum demonilrabitur. Racio C ad E 
producitur ex multipticatiooe rationum C ad D, & D ad E» 
ut patcbit ex demonftratione numeri 1 1. ab his iodependen- 
te. Sed rationes C ad D , Sc D ad £ per conft. iiint rationes 
C ad D , & A ad B. £rgo ratio C ad £ eft ea quae fit ex 
siultiplicatione ratioaum A ad B, & C ad D, Quod crit de^ 
monikandum. 

I X, 

Divi/to rationnm irrationalium* 

DAta fit tatio C ad £ dividenda per rationem A ad ^^. ti; 
B. Fiat ut A ad B, fic C ad D. Ratio D ad £ eft 
quotioDs. 
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Natn ratio C ad D ( hoc cft pcr conft. ratio A adB) tnul- 
tiplicata per rationein D ail E producit rationcm C;id E^ ut 
patebiccx dcnionllrationenuin. 12. ab his independente. £r- 
go ratto D ad £ eft: quotiens , curo roultipticata indiriibrem^ 
qui cft ratio A ad B / rcftituat ratipncm C ad £ » quae propo; 
pcb^tur dividcnda. 

X. 

De ^i^fofltiime ratiointm : Ejus Defimtutm 

RAtio ex rationibus componc dicitur • cum rationun} 
quantitatcs ( hoc cA denorolDatorcs ) inter fe multir 
plicatae aliquam efifeccrint rationcm. Eft definitip ^. 1. 6. 
Buclidis. 

Dentur rationes quotcunque quarum dcnominatores iint 
ft. ). i^. Multiplica denominatorem 2. pcr 3. denom. iit 
j5. dcnominator rationis compofitx ex rationibus » quarum 
clenominatores funt multiplicatii Hoc eil ratio 6. ad i. 
dl compolita ex rationsbus 6. ad 3. 8c 12. ad 4. Quod 
fi denomifiatorem 6. multipliccs per denominatorcm tcrtiuoi 
i^. fit 7^. denominator rationis compofitz ex tribus datisra- 

tionibus» quarum dcnominatorcs funt 2. 3. ii« 

X I. 

^ompojsth rationum mn Mliud efi qttam ratitmfp^ 

mtiltiplicatio : dr ratio omnis ex iifdem, rationir 

bus componitMr ex qtiorttm mttltiplicatipne frodu'* 
citftr. 

NAM ttt patct ex axiomatisn. 4. 2c ex n.7. ratio, qu« 
ex plurium rationum multipiicatione producitur , ea efl, 
quam quantitas ex denominatorum multiplicatione produdi 
iiabct ad uoftatcm , ieu coniequens communc. Atqui ctiam 
per defin. Euclid. ratio, ^use cx pluribus rationibus compo- 
hitur , ca efl; , quan) quantitas cx dcnominatorum multiplica- 
tione produ^a liabet ad unitatcm ieu coniequens communf. 
krgo ratio ex iiidcm CQmponitur, ex quarum multiplicatiQ- 
|ie producitur. 
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ScMium. 

« 

TJT numeri iequeatis demonAratio clarius percipiatur, ol> 
firvandum cil» multiplicari ac dividi magnitudincs pcr 
inricem , cum analogi^ quadam ad numeros. Qiiemadmo» 
dum igiturnumerus per numerum muitiplicarrdicitur, ci!km, 
ut e(t unitas ad ilterutrum , ita rcliquus fit ad alium quem- 
ptam, qui produ^m dicitur} ita plane magnitudo per mag* 
nitudtoemdicitur mukiplicsirii ciwi, ut quaepiam re^ pro 
unitate ailumpta ie habet ad alterutram dacarum , ita reliqua 
iiet ad aliquara quartam, qu» produd^um vocabitur. Pari 
niodo quemadroodum numerus per numerum dividi dicitur , 
quando ut unus eft ad jdterum, ita unitas fit ad alium , qoi 
quotiens nominatur : ita quoque magnitudo per roagnitudi- 
nem dicetur dividij quando aiiiimptl quantitate aliqud pro 
unitate, ut una £t habet ad altaam» ita unitas ad aliam » qux 
poiode dicetur quotiens. 

X I L 

£f ftterint qiutcuntpu c^ quotcsm^ue quantitates j fiu 
magmtudmes^ fiu mimeriy ratiefrma ud uhimam 
can^atritur ex ratiamhus mediarttm. 

IN numeris demonflratum eil a Theone , Eutocio, & Vi- 
tellione. Qui in ma^itudinibus demonibaret, nemo hac- 
tenus inventus eit. Unde Gregorius a S. Vincentio, magnuf 
Geometra, libro 8^ ad principtum iccuixlum, ceniet inter 
principia numerandum eile, donec alicui demonilratio occur* 
rerit , qua inter theoreroata reierri poiTit. 

Univerialem igitnr hujus rei demonihmtionem dare cooabi« 
woxff huncrio modum. 

Demmfiratttr in magmtudimhusm 

DAtx fint magnitudines quaccunque 8c qootcunqoe A, B, F|Ma« 
C, D. Oilendendum efk racionem A ad D componi 
cx rationibus A ad B> B ad C j C ad D. 

Fiat ut B ad C, ita X ad B. Eruntoue ratiooes A ad 
B, Bad C redu^ ad rationes A ad B, X ad B, habeii- 
te$ cofl^mune cooiequens B, ac proinde ntiooum denorai- 
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natores funt A> X: & conlequcns commuae B, {d) muno$ 
explet unitatis, qux eft coromune confequens refpe^u om- 
nium dcnominatorum Dumcricorum. 

Itaque li velimus magnitudines A , X. per invii^m mul- 
tiplicare , oj^ortebit {b) facere ut B unifes eft ad X , ita 
Sth^frsced. A ad ^artam Z > quz crit produd^um multiplicationis A 
per X , feu X per A , plane ac fi cupias inviccm multi- 
pltcare numeros R , S , m ut utiitas ad unum numcrum S. 
ita alter R ad quartum V , qui eft produ^m multiplica* 
tiODis. 

Quoniatn igitur quantitas Z e% prbdu^m ex mdltipH- 
cationcdenominatorum A, X, erit ratio {c) faujus produdit 
Z ad B unitatcm , &u commuoe confcquens , ea , qux prO- 
ducitur ex multiplicatione rationum A ad B j X ad B ; pror- 
V. fus ut in ratfonum numericarum mukiplrcatione , numero 7. 

oilendimus evenire , in qud fi denominatores inter ie multi- 
pUcentur , ratio produdi ad unitatem- ea eft quse fit ex ratio- 
num tnultipUcatiooe. 

Atqui per conflr. ratio X ad B eft ratio B ad C. Ergo 
ctiam ratio Z ad B producitur ex multipUcatione ratio* 
num A ad B $ B ad C. Quia ver6 per conftr. ut B ell ad 
X, ita A eft ad Z, etiam invcriim Z ad A, ut X ad B,hoc 
cft, per conftr. ut B ad C. Igitur permutando ut Z eft ad 
B , ita A eft ad C. Sed jam oftenfum rationem Z ad B 
pToduci cx oiultipUcattone rationum A ad B j B ad C. Ergo 
ctiam ratio A ad C producitur ex multiplicatione rationum 
A ad B, & B ad C. At^ui num. XI. ofienfum eft fationeg 
c^mponi e^ ii/dem rationibus • ex quarum multipHcatiooe 
producuntur. Ergo ratio A ad C componitur ex rationibus 
A ad B , & B ad C. 

Eodem modo demonftrabitur ratio A ad D componi ex ra- 
tbnibus A ad C , & C ad D. Ergo ratio A ad D componitur ex 
ratlonibus A ad B, & B ad C, & C ad D. Et- fic deinceps 
p infinitum. Quod erat demonffa-andum. 
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Demopijlratur in numeris, 

' 3 t > T~j« Andem prorfus demonftrationem valerc 
^ I I XJ/ in numcris jam ofhrndam , unde etiam 

2 ' 1 vcritas illius , ac fbliditas magis flabilietur. 

Dati fint tres nuiperi 4]uicumque exem. 

gr. 8, 4, 3. Fiat ut 4. ad 8. ita i. ad 1. 

tc ut 4. ad 3. iic I. ad^. Erunt igitur rationcs 8 ad 4 2c 

a ad I. item rationes 4 ad 3. Sc 1 ad.|. inter ie xqua- 

les ; eritque ex aequo (4) etiam racio 8 ad 3 se^ualis ratiooi % (') ^'^ 

adj. "-^^- 

Yiax deinde ut | ad 1« ita' i ad ^. eruntque rationes 1 

ad I. & I ad ^ (hoc eft».rationes 8 ad 4 Sc 4 ad 3 ,) rc- 

du£be ad duas rationes 1 ad i & | ad 1 . habentes commu- 

nc con&quens unitatem 5 ac proinde 2 8c J erunt {b) ra- (b)P4/#f«^ 

tionum 8 ad 4. Sc 4 ad 3. deaominatores. Multiplicentur mnt. x. 

jam per ioviccm denominatores x & ^. hoced, fiat, ut i<ad 

|. ita 1 ad ^. Erunt i^ produ^um ex i 6c ^ denominato» 

ribus rationum 8 ad 4. & 4 ad 3. inter ft multiplicatis. 

Ergo ratio hujus produdli ^. ad 1. eft ea, (r) quse produci- 

tur cx multiplicatione rationum 8. ad 4. & 4. ad 3. Jam tl j^ f^ 

vcr6 quia pcr conft. ut 1. cft ad | ita 2. eft ad «. erit * . 

etiam inverlim |. ad 2. ut | ad i. Sed rurfbm per conft. 

^. funt ad I. ut i. ad i. Ergo |. funt ad 2. ut i. ad 

J. Ergo permutando J. iunt ad i. ut a ad 1 Scd jam 

oflendi ratioaem ^. ad i. eilc eam qux producitur ex mul- 

tiplicatione rationum 8. ad 4. & 4. ad 3. Ergo etiani ratio 

2. ad |. eft ea, qux producitur ex muhipli^atione rationuni 
8. ad 4. & 4. ad ^. Sed oftenfum eft fupra rationem x. 
ad l, parem elle rationi 8. ad 3. Ergo etiam ratio 8. ad 

3. producitur ex multiplicatione rationum 8. ad 4. 8c 4. ad 
3» Igitur per num. XI. ratio 8 ad 3. cz rationibus 8. ad 4. 8c 

4. ad ^.compofita eft. Quod erat dcmonftrand^pi. 

8 Eodem modo demonftrabitur ii plures dcntur nume- 

4 ri quam tres, rationem 8 ad 2f componi ex rationibus 

3 8 ad tria , (hoc jam eft , ex rationibus 8 ad 4. & 4. ad 
xf 3) 6c ex ratione 3 ad if : &: rationem 8 ad 73 compo- 
73 ni ex rationibus 8 ad 2f (hoc jam cft ex rationibus 8 

ad 4i 4 ad 3 > 3 ad aj ) & rationc 2j- ad 73 > tc lic in 
infinitum. 
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XIII. 

Si detam qmtcuncjtie ratimes j jiadB^ CadDyE 
odF: Exhibebitur ratio ex ommbm compojita» 

Xfc. }>• Cl &Lt ut A ad B, ita quxpiam G ad H; 8c ut C ad D, itt 
O H ad I; & ut E ad F, ita I ad IC : ratio cnim G ad K 
Oit componta ex rationibus G ad H , H ad I , I ad K , ut 
Dum. prxced. demonflraWmus, hoc eft per coniftr. ejc ratio* 
aibos datit A ad B , Cad D, Ead F. 

XIV. 

I 

Rath twn ejt aqkalit ratiombus ex qHibus iotnfomtterm 

H^ yNter duas quantitates G, K, alise quantitates intcrpoDan-i 

* X tur, iive illae fint continue proportionales five non} ratio. 
primx G ad ultimam K ncAi eft aEqualis rationibus interme- 
diis G ad H»* H ad I, I ad K* licet ex iis fit compotita* 
Nam ex iis componi idem eft, quod produci ex earum mul- 
tiplicatione mutud, ut oftenfuraed num XI . Cum igitur 
latio G ad K iit produdb ex rationibus G ad H, H ad I» I 
IKi K inter ie multiplic^is , ut ex dQmondratione nura. la, 
patet, non poiluot rationcs G ad H, H ad I , I ad K fimul 
iiimptaB sBquales efle rationi G ad K » ni/l cum per accidens 
rationum additio 6c multiplicatio candem eflecerint rationem. 
Ut igitur rationibus dii^is lubeatur una aequalis , erunt illac fi« 
bi mutudaddendae, ut traditur num. f 8c 6. cx qui additione 
proveniet ratio iilis omnibus arqualisj quae fere iempcr, ut 
dixi , erit di?eria ab illa , quse ex earundem rationum cora« 
poiitioiie» lioc eil, multipucatiQne exiurget. 
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PRoportionum do^ina. )tbro quinto unircrfim er« 
pc^ta » in (exto figuris planis applicatur. £t (iint 
(jaae hoc libro traduntur adeo fcitu neceffirria , ut 
bne iUis arcana Gcpmetrix penetrare , fru^ique 
ibaves Mathefeos percipere ncmo poiTit. A4 propolitiones 

Srope (ingulas oporteret eQCQxnium tpxerc: (anta omniun) 
, tilitas cS. 

INcipit oMtpn Liher hic Scxtus egregiapf ilf^un de fraf$rtm€ 
GewnetticA JoHrinam nuferrime expcfitam ^ ttfiius variis, 
flMneqtie frdftnntij/tmis apfUcart : dr^ m trittngnlis ^ figttrnnim 
jimf!icijjimis exerjns , eorum Utera (^ ttreas, pront tidfe inrtn* 
cem fropdrtione quadam refpondent , invefiigat. Deinde Une4i 
frofortionales (^ figurarum augmenta aut Jucremima frofortio' 
pslia defimt \ f^ am eafdem modo in ratione datd augeamts$ 
atsi mimsamust efiondit, Reguiam ettam Aureamfive frofor» 
tionsstem , totius arithmttica palmariam aforit^f^ in reBamgs^ 
to triangisio non tantum quadratum fed fentagonssm » hexago* 
ptsmt c^ umverfim foifgonmm quodcitnque a6 hyfotemsfd def* 
triptttm » aspeari quadratis , pentagonis , hexagonis vel qttiSuf* 
ttsmpse pohfgonis pmitibus a duohus lateriimr dofcriftis , dommf" 
trat. Tefiresho faciliisna eertijfimaque tmm linosts tum ftsforficiet 
ttsm corpora menfurandi princtpia , sn omtnbus MathematUart^ 
famiiantm fartibus utHiffima frofonit, 

DEFINITIONES- 

i.QlmUes figuras iunt, qux & (ingulos angulos fingolii ae* 

Cl quales habent, 8c latera, quae xqualibus anguhs oppo- 

mitur, vel qux inter aequales angulos exiftunt , tcI quse 

luot circa sB^oaks angulos (Eodem omnia racidaflt) propor* 

V( 
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^. 1A6. ^^ triangula X, Z dicentar (itnilia, ii angulus A fit at« 
qoalis angulo^F, ^ angulus B angulo I, &: angulus^!^ an- 
gulo L, itque xnfuper ti AB iit ad Fz , uc BC ad Ul; & BC 
ad Ll , ut CA ad LFj & CA ad LF , ut AB ad FI,- [vtlfi, 

(a) T9ri€^ W prmutando, AB Jit ad BC, ut Fl ad ILi ^ BC tU CA, 

If, taiLad LFi df^CA ad AB^ut LF ad FliJ Comparando 

iibmper latera xqualibus angulis oppofica [ytL qu£ iruir dqua- 
l$s an^ulcs, vtl qud circa aquales anguhs ixij.utti,'] Eodcm 
modo aliarum ngurarum re<5liliQearum omnium limilitudo 
cxplicabitur. 

jrx 9^ ^- Reciprocae figurae funt, cilm in uttilque antecedeiftes& 
coniequentes rationum tcrmioi \r€cifro€e'\ tueriot. 

9 

Ut in parallelogrammis X, Z, 
V fiACiitadCB, 

utFC adCL. 

Antecedentia^ fimt AC Sc FC, quorum in utr^ue figurd 
nnum eft 5 \hoc eft , AC in X, FC in Z;] & confequcntia lunt 
CB &: CL, quorum iimiliter in quaque figura unum titifei 
mv^fi mrdinth nemfe CB in Zt CLia xT\ parallelogramma 
proinde X, Z, recipfoca dicunteu*. Idem de aliis figuris in- 

tellige. ^' 

[Porroy quatnor quantitates% A, B^ C, I),funt recifirocl 
popvrtumaUs ,fi fuerit frima ad tertiam ut quarta efi adfecun' 
dam^ vel fi frimafutrit ad quartam ut tertta efi adfecundami 
nempe,fiAC\\D:B»velfiAiD:,C\B, erunt A^ B^ C, D» 
ftcifroce froponionaUsJ] 
-^ 3. Altitudo figurx cfl pcrpcndiCularis- AQ^, a vcrtice ad ha- 

'*•■• iimdcduiaa. Eft Euclidi 4. 

Ut trianguli AB C al;itudo efl pcrpendicularis AQ^, t rcr- 
tice cadens in bafim BC, vcI intra triangulum, vcl extra iq 
bafim protra<5bm. Bafis*autcm ta vcrccx aflumuQtur ad 
libitum. 

4. Similes arcus circulorum dicuntur , qui eandcm habent 
ad totas fiias circumfcrentias rationem. 

Ut ii ambo iiot fuae circumfercntiae pars tertia vel quarta , 

lEt fegmn^ drcuhrum fimilia funt ,' tau arcmfimilet foM^ 
htnt, Idtm itittlligt defeSioriSus fimilibus, 

f, Ratio ex rationibus comfani dicitur , cum harum oxfwrt' 
tes in ft invicem multiplicati , illius expcnentem producunt. {Ra- 
tionis autem exfonew invtmtur devidtndo atuecedtntem ftr ^«i- 
fiqutnteitf.) ^ 
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Sk ix rntkmius AndB, f^ R MdS tmfmtmrmioAy^ Bi 
A K AyC^K 

Md^XS. N4W— X-=- VelfifiMy uiR adS 

B S B^^S^ 
ifd B ad C^ €x rmUnihus A ad Bt R aJ S eomp$ttititr ratis 

A K A B A%B ,. , 

A Md C. TiWir «w/» — X — =(a) — X"- = — ^ — i// 

B S B C B^f^C^ 

• C . ••^* 

, ^ dMplnm trifU ifl fixtHfUm : fic itiam ratto 4. ad^.am* 
finttur ex rationibus 4 ad numerum ^4imvis,{v.ir» 7 .} O* iftku 
mmiri (7) ad ^. ^am $ X I = 1* 

Eodim modo liquit, ratimim quamvis ix flurims raHoni' 
his comfom pojfi. Sic ratio A ad E comfoni fotift ix rsnmt" 
ius AadB, BadC, C ad D, & DadE.] 

PROPOSITIO PRIMA. 

TRiangula {ABC^ DEF) & foralUkgrammd ^* ^ 
{AOPC^ DORF) ^tue tandem habcm al^ 
titHdimm^ Jive inter tafdem exifimtt farallelas^ eam 
ittter fi fwfortionem hnbim y quam bajes (AC^ 
DF.) 

Ab hoc theoremate depcndct totOs lcxtus liber , imo quii- 
quid uipiam de figuris live plauis , five iblidis per prcipor* 
doncm demonfh-atam cft. Dcmonflrat illam Euclides per 
niultipliccs , qax in primo flatim aditu hujus libri tTrones 
pcrturbant. Aiiam igitur dcmonflratioiKm dabimus facilli- -- 
mam cx thcor f. ptrtis fecundx lib. f. [vel ex altero ilh pr^ 
fortvmum aqualium indicio frimo ^ infAiUMi , quod defini^ 
ihnibus \sb, f imerfofmt Tafquettis , anti dif, 7.] faunc In 
modum. 

Sumatur bafeos DF qtnevis pars aKquota, cx. gr. DGuna 
tertia, 6c ducatur rc6b G£, erit ctiam triangunim D£G 
tcrtia pars trianguli D^EF, ut coiligitur ex 38. 1. i. Quarc 
re& OG ftc trian^um DGE lunt conicquentium {c) limi- ^ - p^ 
ks aliquorx. Auferatur ddndc DG ex bafi AC quodcs po^ ^f^J.Lfm 
tcft, ntfai fcxies, [A^ relinquitur AS iffa DG mhtor,] du-* 
cantfifl)le rc<a»'Hb , *1B, KB, LB, MB, NB. Quoniam 
CH,HI, &c. arqoales funt (inguteipfi DG, ctiam fex tri- 
«igub CBH, HBI, &c. triangub DEG aequaba {d) crunt (^J ^^ 
iingula. Ergo quotiet DG ODncinctur in aotccedcnte AC, 38^/0. .. 
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toties trkiigiiluin DEG contineotur in antecodeDte AtfcV 
Eodem diicurfu oftendam qoafcunque coniequentium (baieotf 
D F & triangoli D E F) fimiles aliquotu in antecedeotibus* 
(bafi AC & triangulo ABC,) aoquali numero contineri. ErgqT 
per theor f . partis ^cuiidae lih. f . ^ho^ «/, p» aUemm iilmd 
fr^fortionum 4upiaUum inJicium ,] ut bafis A C ad balim D F,- 
ita triangulum AfiC ad trkngulum DEF. Quod erat demoof^ 
trandum; ^ 
(i)P«f4i, Quoniam yer6 paraUelogramma AP, DR funt dupla (m) 
ki* triangulorum ABC , D&F , ctiam illa erunt tnttr & ut 

bales. 

CcToUarhi. 

p^. I» f. **1h*Riangula'(ABC, FIL) & parallelogramofia, aequale^ 
X bafes (AC» FL) vd eandem habentia, cam inter &' 

ntionem habent quam aldtudines BO, IQ^ 

Fiant eoim QS , OR 9eqaale$;|pqualibu6baiibas F L > A C. 

Erunt i^tur etiam QS, OR inter ie aeouales. DuC SI , RB. 
* • Si in triangulis OBR , Q1S accipiantur BO , IQ^tanquam ba- 

iies» erunt O R , QS eorum akitudines: qua6 djm fint aeqi&« 
m P* ^» erunt OBR, QIS inter ie, ut (^) baiesBO, IQ;: ^ 
\.L6. 9iia ex confb'. OR par eft AC, &Q^S par FL, trian^Is 
(c)f Ter OBR,QIS aK)uantur {c) triangulis ABC, FIL. Ergo etiam' 
|«»^ 1. triangttla ABC , FIL funt inter fc ut BO ad QI. 
^ , [a. jHanffiU (ABC, X>£F,) <^ parMliohgramma [A?i 

^^ 2>R,) qudfwu $u bafis (AC, DF,) iondem hahehtta alti$M* 

dmim , fiyt inter eafdm forallilas ftatui fojftmt. Eft cmver" 

/a frofojitumis frima, 

$i enim inter eafjem faralUlas non conftuttenittr tritmiulM 

JlSC^ DEFi BE nm ertt i^ AF faralliia- Pir fttnBum f^i- 

t»r Ejucaiur SE tffi AF faralioia^ tfua fecet CB i» S, ^ 

juugatur AS. TJriangula itaque ASC , DEF, epu fitnt imer 
U) Per oafiiem faraileias, inter fo (d) orunt ut bafes^ AC^ DF, Sod 
Imtfnf:. fer hyfotLtrianguia ABCy DEFfunt eeiam m AC, DF: ergo 

(e) trianguium AiiC aquatur trianfftio ABC, fars totii qttod 
iP/r "• oft aSfurdum, Son igttur fer funOum E , ad roBam AFfa* 
^^ '• raiieia, a read BF diverfd duci foteft , tu froindo trianguim 

ABCt DEF, cfu fum ut bafot , mter oafdem faraiieiag 

totfiiiumtttr. 

Mt citm faralieiogramma AP , DR, qua trianguiorumrABCp 
(f) Pif DEF (() dufiafunti fufta eafdem cum tridugulis bafes , ^ m^ 
4^ A 1« ter eafdem faralielas con/iittioniur i Uqttot faraUeUgramtita ^td 
iV.-i T» ^ ^'^ ^ ^^^' • '^^ ^Hi^ farMileiM ox^ero. 



5* 'Mmgfd» {ABCt FIL,) & ^Mogrmma'$ fu kter », ^ ^ 
jkfutuui iUthudmj (SO , 7^,) tMfrj (AC, FL)Mm 4fMh. 
itj. lAcenfVffmolL i. 

CwiflruBis mim trisngulij OBR, ^IS, ut im mo^Uthfri* 
mo, ikmm^rahituf mfitprMy tri.ABCtZ tri, OfiH, e>> mV 
FJL:S:tri.^S. Sed fer hjfoth. ifi ABC: FIL::BO: J^ 
trgo OBR:^JS ::B0: I^. Si ttaque itccifitmtur BO ,1^ 
fro triangulorum OBR, ^J S hi^tkus , en$nt QfL, ^ eorum 
sltitMdiniJi & cum iftujmt ut bitfts, ultitudines OR. ^ (a) («) ^t^om, 
orum dquulis. Sedfer confir. 0R2Z AC , c^ ^ZZBL.Ergo ^h^ 
ACt FL erunt dquales.^ 

PROPOSITIO IL 

S/ ati umtm trimtjgHb latus (BC) dtitSa fiterif fk*i* 
(FL) faraUela^ Tfac fecahit froportiwtaliter lafe^ 
ra , (hoc efl , jiF erit ad FB ^tu jiLad CL) 

EtfireQa (FL) ficuerit latera (BAj Cji) fro^ 
fortiotmUter , erit ad reUqutm lattos (BC) faraUela. 

Pars I. Ducattetir BLf CF. Qncmitm FLponitorpif 
rallek BC, eruiit triangula FBL» LCF, e»Hkm bafim FL 
Ikibentia , inter (b) fe aequalia. Ergo triangulum X, ad.u-» di^Per 
trumque eandem (c) habet rationem * hoc eft , triangulum X l7./.>« 
€k ad triao^. F B L , ut triangul. idem X eft ad triaag. LCF. )c) Ptry. 
Sed triaogulum X cft adtriang. FBL, uC (d) AFad FB: & /j^p^ 
triangulum X eftad triang. LCF, ut (e) AL ad LC.Ergo frgc • 
(f) ctiam AF efl ad FB ut AL ad LC. Quod erat demoof^ (e) '^ 
trandum. *f** 

Pars 1. Ut AF eft ad FB, ita triaogulum X (/) eft ad y/j/^ 
triao^Ium FRL^ fc uC ALeft a^ LC, iu triai^ium X eft (g/p^ 
ad triang. LCF. Sed jam pooitur AF ad FB , ut A Left ad frat. 
\X1. &^o tfiaog. X eft {h) ad triang. FBL, ut idem X ad W Ar • 
LCF. Ergo (0 triangula FBL, LCF , candem babenda i>a- !Vb'* 
fim, aequaotur. £rgo FL, BC (kf £\XEa. paralklx. Quod crat 9. /T 
<lemoaftrandum.r (kj^<r 

OnroUaria. 3^« i i. ' 

r.Ql ad unmn trianguU latus (B C) du^K fueriot plurcs pa- ., , » 

(^ rallelac (10, FL,) erunt omnialatcrum fcgmcnta, pro- '«•'•^ - 
portionalia. 

Docatur FQ parallcla AC. KeGbt FS , SO «quantur (l) (U ^f^ 
LO, OC. Sed BI eft ad TF, ut(i»JQS ad SF. Ergo ctiara l^ '• 
BI cft adlF , ut CO ad OL. ^ X^Y^;^ 



xio Elemefft&nm GemetrU 

n^ [Gir. 1. Si duo circttU fw mus tfmiM j ^ m tM&u$ ptmSA 

JucMtHr AB majcris arcuti duimiter /ecam drcuUfm miucrem 
(a) Pirc$r, in C , f^ AD qudvis dia reBu , ficam mmarem in £y (a) trit 
/^. ix./«3. AC dismeter mhtms: Et erum diametri fuStenJtt frofortionu'- 
ib)Per %u itsy & fic erit etism digkrentiu diumetrarum ud digwenttmn 
* J* fuStenfitrumi hoceft, AB: AD::AC: AE::BC:DMi velper- 

£ A I. nfuttmdc , AC: CB :: AE: ED , <J» AB: BC :: AD: D ^ o* ^-^: 
/5) her AC : : DA : AE}. DuOis iuim reBis BD , CE profttr tmgules 

♦l8./.f. ADB, AEC (b) reBos, fi^ froinde dquuUsyBDiCE furaUeU 

(e) Ttr tm, q^^ g^f^ ^^g^ ^^ f^^c p^^p^ jiq. Qg .. ^£. £^ ^ ^iip^ ^^^ ^ 

1./. I». ./. ffumi(^ comfonendo/d) AB: BC :: ^D: DE^quod ernt alterumifji* 
convtrrendo, (e) B-rf: ^C :: DA: AE , ^«a</ erat tertium.^ 

PROPOSITIO III. 

1^,7. C»/ r^S4 (SF) angulttm triangttU bifariam fic49tsl 
i3 tf^MW y^rrr hafim (^Q) habehtttt bafis figmtth- 
,ta (j4Fy FC) tmdem frcfortionem quam reUqua U" 
tera (AlBy CB.) 

Et fi bafios partes {AF^ FC) eanJem ratiomm 
halmeriut cjuam relitjua latera (AB^ CB;) re3a 
iBF) bafim ficatss ^ angutum offofitum (ABC) 
bificahit. 

Pars i^ Produc CB , donec BL ilt par BA> & junge ALJ 
Ouoniam in triangulo Z, latera LB, AB aequantur; anguli 

(f) Ter (f) quoque L & O acquales erunt. Quia igicur ezternus 
«-,4t, ABC duobus (g) internis h^,0 acqualis eils angulus I» qui 
(€) Pe^ per hyp. ipfius ABC dimidius ell , sequabitur angulo L. 
I^; ^* Ergo AL, FB funt {hi) paralleis. firgo in triaagulo ACL, 
i9./n ^^«^ ^ PC ' W "^ ^^ C^^oc eil A B) ad B C. Quod crat 
(i) Pfr o* demon(kandum* 

U€. Pars a. Produc iterum CB donec LB ilt par AB.Quontam 

ponitur iit AFeftad FC, ita AB (hoc eft LB) eflead BCi 
(k) Ttr crunt A L, F B (k) paraljlelae. Ergo externus I , eft par (/) 
t. A & interno L , & alcernus Q aequalis altemo O. Sed quia L B » 
(1) ?«r j^3 sequalcs lunt,anguli (m) L & O funt aequales. Ergo 
\m)Per ^^^ ^ & Q.3equalcs funt. Bileaus ergQ eft ABC. (Juod 
/./.!• crat dcmonftrandum. 

[CoroU. Si reciu quA angulum trianguli hifariam fecat , ^ife* 
cet etiam bafem , trtangulum per hanc frof, erit IfofeeleSy (^ bi» 
{n)Perm,ufi^^^ ''^^^ ^ («) ferfendicularis btt^i. 

•^^»- fRO. 
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P R 6 P O S I T I 6 IV. 

hoc V/? , (a) etiam latcra acpialibns ongHlis op- i*\, ^* i 
pojitaj hjfott frofortionalia. 

1N triangulis X > Z , angulu» A fit par asgulo F , dc aqgu*. ^x- '• 
lus C angiiio L • dc angulus B angulo 1 1 Dico AB eilc ad 
FI , ut AC ad FLi 8c AC efle ad FL, ut CB ad LI ; & CB 
dTc ad LI, ut BA ad FL iUim 4B: AC\\ FI: FLi ^ AC ; 
C^ :: FL: Llj eJ» CB: BA ; U: F/il 



exterQus AIL pcr li/potn. par pi intemo B , enint {t) ii», "t^x p^ 
BC parailelx. Ergo (4 Bl eft ad lA, ut CL ad LA. Ergp. 19. /.t. 
(#} componendoBAeaad IFut CA^LF. (^ fi an- (d) ^«r 
gulus L imponatur angulo C, eodem modo oilendam. AC ?'/*p^ 
eile ad FL , u^ BC ad IL: & H angulus I » imponatur angu* \^^ /^^^ . 
lo B, oltendetur pari modo, BC eile ad I L, ut A B ad FI. 
[e^ cum anticedentis BA , ACt CB nd confiquintfs IF, FL^ 
tleamkm ratlM$m iiabennti erit (f) permmtaiui^, BA:AC\\ /f\ f„ 
IF: FL ; (Ji AC\ CB :: FL\ Lli ^ CB\ BA ;\ U : iFj Liquct 16. /. /• 
ergo propofitum. 

CoroHma» 

i.Ql in ttiaiigQio duoatur uni lateri fBC) parallela (LI,)efit %• 9* 

^ trtai»tlum LFI Giaak toti CFB; ac promde C F eft ad 
LF, utBCadLI; [MtfermmmdoFCeftadCB, nt WL ad 
LL Itom ¥B sdrc, MtFIad FL.] 

Nam ^uia Ll • BC paraBelic ibat , crunt (g) externi F I L, (g) P«f 
FLI Jpares iniermi B & Cs.F ver& utrioue triangulo eft com- »7* ^* <• 
munia. £rgo (imt araN]ian|ub. Ergo latera CF, LF oppo» 
fita aoqnalibus angulis R & FLL , iunt {/») proportsonalia Ute- (^) ^^ 
ribus. BC, LI , ^uae opponontnr comntuni ai^lo F. [ttem, ' 
Istera eirca emmMtm» (i) m^idHm frofortmaiia enmn koc (i) p#r . 
^, FAFCwFLFL.] dcf.iM^ 

, a. Si in triangulo paralielas AC, LO fecet rcaaBF rabaor ^tf- »o« 
guio oppoiito B duj^ , . kcabit eas proportiooaliter. 

Nam per corol). 1. AF eftiri LI, ut FB ad IB; d: FC 

?aoqu4eft adlO; ut Ffiad IB. £rgo AF dV ad LI ut (J^) ij^) p^ 
C ad 10. Igitur pcrmutaado AF eft ad FC (/).ut L I ad \,' /. f^. 
lO. . (i) /»#r 

L 3 Si '^^^ 



i|r- ix* ). S ofarfMrMUilas AB, CDju^ rea^ E¥,GHfi mukem 
Jteupm m /i esrum figmems £1, JF; GI» IH erwu freftr» 

it) fm 1 J« tmaiia. 'Drii^nguU^ enim ZIG » FlHiprepter d^uales MUiuios{z) 
* !• 0ffe/it9s ud li mtpn (b) ubtrms ud E, FiC^d GtUtertmf 

W / , 4quumguU» & trmde /Mlia. Er^e Eh IF::GI: IH. 
n. 12I 4- ^ Corollurie frimo Turrls aut funHi eujufvts elevuti «fri» 

fudmem fer folam baculi umSram definire dtfcimm, Baculsme 
FLfolo perfendkulariter difige'ed loce uM radius foiis XBAttm* 
hram Turris BZ de/kuerfs 9 etiam tranfeae fer L, Ertt in trian^ 
guio AZB linea FL altifudini turris ZB faraUelse, Unde tu At 
dtftamia haeuU ab umbra fmserene^ ad FL SacuU longitudinemi 
ifa AZ diJUmia turris ab umbra mtscrone^ ad ZB tUttttediuem 
Turris. Et quia tria frima nsmfisraado faeile habeammr^ loa-' 
Mitur-^ mtartum, Altitttdo quafita, ^.£. /. 
y|(. 13« f' iEimc JitStUarum qua Smusy Tangemes^ atque Secantes 
eemimnti originem refetimus, Sit eoim ^g. Circuli fetnidiu» 
meter AC fartium looooo: c^ AngulusB A D graduum 30. 
i )Fertor^ ^MMiNfP Chordu five fuSfenfa gradmtm 60 (c) aematis «/i 
il.ifA.^ AO fimidiam$tro'9 BD fimts gra&um 30 /emiffifemtdiametri 
(li Per fivo I AC (d) aqtsaUs erif : e^ froinde fartes f 0000 rwtff- 
^' '*'* neSie. In reifanguhe verh triMnguU ADB^ epsadratum AB 
fe) ^er (^) ^^^^^ 'ft qttadratis AD <^ BD. ^uadretur itaque fenA* 
47.^ f« distmeter AB (100000 in 1 00000 ducendo) fi^ ah ifio qua» 
drato quadratum BD fubtrahei Bjeiiqusun erit ^uadratum 
(() Per ^ffi^* '^^ * '^^ cofinus eidem (f) dqualis BF: e quo extraBi 
1%. /• !• tttdUf dabitur linea BFyfeu AD, qiu a radio AC i^zZ 100000} 
fubdtiBa , nlimpiit fimms verftmo D C. Deinde fer analogiam 
e \9 femtemem (g) AD: BD::AC: CE^ habebi/ur Tangens CE. 
\H,^t^\ Stquomameft (h) AD: AB::AC: AEy habebitur etiam fe- 
^PhiiU ^am AS. Eddem metbodo ou BF/mu reSto angitli BAG 
gradsmm 60 » habehititr efsfdem mtgulifimss vorfust tm^ 
gem & fecaus. ^orro, ^uia (tSg.j^, L 4.) quad^attsm ta^eso^ 

in PerfA. ^ i^fi^f'^, f . (') ^tf^ quadrati radn , fi radms fif 

L/rfnift.6. looooo, ortt latus quadrait ctrtuU mfcrtftt (hoe efi^ ehordM 

^j.HB. 4* grstduitm 90) aqtsaus radiei quadrdtica tmmeri 1 00000 ^ 

ik) PertKT. ^^^^^ X ^* ^"^^ innotefcit dhnidium laitss^ feu (k)fiimf 

I, frtf, 3.' re&us gr. 4f » tse fresndofitms vorftss » tm^em ^fecans. Ei 

Iff, }• smiverfttliter » datA chorda mctb tmjufiuis ad radium frofortio* 

fic» invtniemm ttrcis dimidiifimss reBustfhms verfus,tangems^ 

fmmss i U9m cefimst » cotangem tSf* cofecam. ^ui fksra voUt , 

adeat Clariffl IVMfii Tra3mum de lc^oiubus Aogularibus, 

Oferttm Vd, t.fag. s ) }— ^o i • 

f%wi4«& ^* Hmc efiam 9 fi ttb angtdo epsoms A frim^uli Aac dreuk 

^ infcriftit domittmur ad baftm ferfondicularis A E , -^ dmom 

fm ttrculi diameter ADh trififia ferfendicuiaris AE ad ejtsf* 

im 



iJher SextMl t?| 

Jkm anpt^ ktus unm ACp ut latmsjihtrum A^ $fi ssd eir^ /,% ^^ 
€uli diamitrum AD. Hum du&d BD ; ttimpdu AEC, ABD «i /. ,. 
fimS damunguUsiMUguli C fj^ D OijualiSs (a) quia tidtm Mrcui (b) P«r. 
BOA m/tfimUi aufiJi (b) ABDr(c) AEC rtai, '& frohsi^ 3>- '• 3« 
a^ual€Si Erp itsam BAD.EAC d^ts (d) ifuut. ES(go fri^ ]^' ^^ 
aniulaferSatttfrof.fimiliaJuntf &AE: AC :: AB: AD, (d)Ptf 

7. Cif^ diametrum AB (fi oftu froduBam) porfendieU' g* <• >• 
l«ri/tfr >MI imfiaita rtSta EF ia C ^ & iu EF fumfto ftovis ^* '^ 
ffoi^ JB osstra tirudiumt jaugatur AZ ci rc ti lum frtdm in D: 
orit fisSttnfa AD ad araiU diamotrum AB , ut AC adA£. 
Nam duBd rtBd DB, triauguia ADB 9 ACE fum aqmau* 
gula : angstisss mim A ^ utriquo commtsni* , O» augmi ad' 
(e) C, D , (t)fimt roBii uudo tortius (g) tortio dfuJis oft. (e) Pif 
Irgo for hauc ftof. triaajtula fism fim^ » & AD: AM:i hf* 
AC: AE. ^Y l^ 

Sifu^Sa B, C ooiuciduttt.f orit drcuB diamottr modiaftfo^ [^j j,^ 
fortionaUs inttr AD & AE. Erit onim AD:AB ::ACZiAJk mr. 9./. 

AE.} 1%«'. !• 

• 

PROPOSITIO V. 

S/ Jtto tridttgftU hatuerint amuia Idtera^lfi mu- l%.ii. 
ttto frtfoniauaUa > etiam Jsbi tnuttto aquiaugftl^ 
nwtt. 

' Hoceft, fi AB &ad RP, Qt ACad RQ; Scot AC ad 
RQ^, fic CBadQF» & utCB ad Qj^i fic AB ad RP: dico 
«ogulos antecedendbas oppoficos xquari aneulii ^ui oppo- 
ountiir conftqttcntibui j nioiirum C ipfi A B ipfi F » A 
ipfiQ. 

Anff. Antec. Cbnieq* Aog. 

C AB RP I 

B AC RQ F 

A CB QF O 

AniiiiKs A & C fiic «ouales X & Z : flc ktera coeant in N. 
Etiam ieitur {h) B & N xquales erunt. Quia ergo triangu- {h) Pet 
la P, T iuAt aequtanguia> erit(i)ABad RN« ut ACadRQ. ««r.^u/. 
Sed cz hyp. etiam eft AB ad RF, ficut AC ad RQ. Ergo 3*- J;*- 
ABeftadRF,uteademABad RN. Ergo RN , RF (*) ^]^*^ 
aK)uantttr. Pari modo ofiendam zquari QJ^ £c QF. Trian- {k) Por 

fula igitur T, S, fibi mntud fimt aequilatcra. Igitur anguli 9* ^* s^ 
• F, O xquantur (/) aogulis Z, N, X,lioc eftper cooAr. ^ l*^ 
aogulis Q, By A: Quod crat demonfirandum. ^^ '* 

L a. PRQ- 



^^^4 ^UmMcrfm Ctmetrfa 

PROPOSITIO VL 

^ (^) ^Holem uni (Oy) & latera (AB , jtC; 
RF^ RQ) qua ^uak$ Mmdos contimm , fropwtiO' 
ndli^y trianguU erunt Jimjli4. 

AiigoHs A» C fiant asquales X» Z, 8c btm oocant in N« 

(a) Ffff MT. Jgitur anguli quoque («) B & N aequales erunt. Oftendam, 

fM*«^'- utinpraccedcnti, «quales efle R F , RN. Eft rer^ RQ^u- 

mfijue triaiigulii S, T comniuais. Anguli quoque O dc X 

aequales iunt,quia asquantur amlx) eidem A > A per conft. O 

fb) ^er per hy^, £rgo etiaCi 1 & F (^) aequantur iptis Z & N» 

Vc{plr Trifngulum igitur S sequiangulum eft trian^lo T$ hoc eil» 

^kb. P^ conft. trianguio P. Ergo S> P (c) limilia funt» Quod 

crat demooftrandQQi. 



f%.t 



IPRoposiTio m. 

» 

SI duo triangula (ABC, FIL) unum aogu- 
lum (B) uni (!) squaletn habeant; & cira 
alios angulos ( A , F ) latera habeant propcx*- 
tionalia, (ut fit BA: AC ::IF: FL;) & rcli- 
quos angulos (C, L) vd fimul reftos » vcl fi- 
xnul acutos^ vel fimul obtulbs : triangula erunt 
fimilia«. 

5.p»)2 t,U 

(g) Fgf Si tmguU C, Ljuiritit r$Bti oh MngnUs B, I dqnalet^truno^ 

4.A6. pttg^ ff^nf (^) ^uianguUt i^fr^ndt {e)fimilU, 

X^Ptf * fi^nlncuii, vol Jmnd ohtufi») & nnguli A, F dfuUosfit»^ 
A»/. tf, rinty oS nnguhs B, Z di^udes , trinng$dn ndhue erum {f) 4« 
(h) Pffrtw. quian^tda ^ (g) fimilia, Tonantur autem A, F in^epiidetf 
(S)p!i!^i.*' O»/» -rf W4/*r, ^ /ii^ rea^ B-rf ad funStum A^ anguk 
f^fquaUs fiat BAO , C« /»'«'P«r /i»^j B cJ» ^ aqualet, 

tgnla 
Sed 

ii^.nAir "^^? » *»ff»/f ii4/ hafem C <J» -^25 C (m) funt acuti, trfi 
(n) fn ^OB (n) okufus, ^ froindo L eft oStufuf. SedLo/lan' 
15. i 1* ^ ♦' »~ * gedo 



Likr Sextus. itfj 

jiib C hm^iimiu (a )> 6* pf^Mv^^^e Me$i$m: mi$dfim tm fo- (t]i^ri^. 
tefii uam imndem Mn^lum L obtnfum effe, ofteafum efi friks. 
Jii&n igiiHr wtgultis B ACt nnguh F tnMqunUs eft, Mrgo eft ei 
nqunUii fji^ trinnguln ABC , FIL funt dquianguiM » o* t^^" ^ 

eUJinaUn. ^.£. D. 

JSsnc propofttiMem (n T/tcqueto mnle omijfnm) frofter nftu 
muhifUces ommno reftitnenJam cmfui. 

Corol. I. lifdem fofais , erit smg. AZZung. F» ^ stng. C. 
Z= ung. Lw 

Q»kA, X. Sfi dmo trinnguUt S% T» tmmn nngttlmn F tmi % iC 
N 4Ufunlem bn^esmt i fjy^ eircn nUos ntiguios O , JC, Utern 
reffe^i dqtuiUni ir relitfuios nngulos /, Z tjel fimul rechs^ 
veifitnul nctttosj vel Jmttl ohttfosg trianguln erunt dqttnlia. 
Sunt emmfimilia fer Mnc , <^ fchoL ^. 7« A f . £rgo angubts 
X angido O (b) a^taUs ^> o* froMe iffn otiam trianguU (b)P«fi^ 
(c) dquantur.] ,.4 6. 

(c) Per 

PRO POSITI O VIIL - ♦•^*- ^ 

IN triattgteU re£fattgulo (ABFj) perpettdicttlaris (BC) Fig^ 17. 
at 40gttk r^ ite itafittf ebt£ta , fxat fria/^ttbem 
ittpartes toti^ (^ ittter fijtmiks. - 

. Id trianguKs AB F €c L, anguliis F ccramams tlk» anguS 
vero A B F , 8c X per h jpothclim funt red^i , adcoque aEqut-. 
kf. Ergo rcliqui A & O ctiam (d) sequales crunt. Ergo /j)P^^. 
( ff) triangula A B P & L iimilia funt. Eodcm mo(jo (imilta 9 *.ti./. u 
cdtadAm cfle tFlaoguIa ABF dc R , angulumqlic 1 parcm an^ (c) Pn 
gulo F. £x quo jam patet etiam R & L fimilia cfHk, cum 4« ^ ^ 
«quales fint anguii I 5c P> A & O^ V & X. Quod erat de- 
sao&ftraiidum. 

CmlUria. 

nRimd, BC eft Qsedia proportionalis inter AC, CP. |e||. i^, 

Jr Cum enim iint in triangulis R & L » 

acqu. ang. F. i sequ. ang. A. O. 
lat: opp. AC. CB | Jat. opp. CB. CFj 
?atet (/) AC eflfe ad CB, ut CB dt ad CF. /« ^^ 

1. BF eft mcdia pniportionalis intcr AF & CF. Item AB Ji.'C 
A media intcr FA 8c CA. 

Nam in triangulis ABF & L, (iint 

aeqa. aog. ABF. X. 1 aoqu. ang. A. O. 

lac opp« AF. BF. i lat. opp. BFi CFi 

L 3 £rg« 



x66' EkmefOemm Ge^metrsd 

(•) P#r Ergo AFcft (i>>^BF, utBFadCF. 

^ /. ^, Similiter, quia in triaogulis ABF & R^ funt 

aequ. ang. ABF. V« | aequ. ang. F. L 
lat. opp. AF. AB. I iat*opp. AB.AC 
, Erit rurfum AF ad AB , ut AB ad AC. 

9k. f-r. Cj* ^" ^*^'" ^'' trianguUs ABF» Kfi^ L, rtSi^ dq$uili^ 

(b)Pir4* Sms. tmguUs •ffo/u^ fMfariiomUi (b) irmt, Uad^^fifrfms 
L C, rMiianis termmi t ertMnguU ABF^ iUi fecundM. rdtionii.e triMm». 

. gulo R , iiqM frtU rMtionu ex L fttmmttsfr. ; . trii A9: 
BF::AC;CB::BC:CF, £t rmfum^ BA: AF::CA: AB:^ 
CB:Bf. Dmique AF:FB::AB:BC::BF: Fa Num boo 
modo ratiocifumdo 9 termim homologi dqusUus tmpdli mSiquo 
ofpomntur.} 



V 



P R O P O S I T I O IX. 



> 

(%• i9« TX-^^ reSdm K^B) dividere fecnn&m eUtam 
1 J fropmumem (FI sd IL.) 

Ducatur infinita AZ; ex qntl finie AQ, QR aBquaka F^ 
IL. £x R duc RB« Huk ez Q duc QC paralidam. Dico 
fe^aum. 

Fatct «x p. 1. 1. ^> -- ' 

[Cor'.'i. Hine dMtam rtBam AB ttaficaBis » ut totafa ai 

portem dSfciJfam BC in datA rationo ttmjoris indquaUtatist nem" 

po ut FVad LJ^ fi rn re^A mfiniid AZ% ca^atur AR ZZ FL» 

& inre^M KA cabiMttirR^—Lls &jun£aturKSpiique 

^ farallela dueatur ^C. 

Cor. 1. Hine etiam, datam reSam ACfic froducen licehii 
dd Bf ut tota froduHa JiBfit ad fartim ddje^am BC , in rii- 
tiom datd majoris inaqualitatis , nemfe mt FLad LI$ fumendo 
in read infinitd AZ, ARZZFL, & in nad KAy K^— Lh 
00 jungendo ^ C , eique faralleiam ducendo KB , qua m read 
ACfrodaRdy fun^Um B diterminabii, . • ^ • 

^ Cor. 3. Hinc demque, datam naam ACfte proiueen ItcO" 
iit , ut iffa ACfit ad totam frodtiaam in ratione datd tmnoris 
inaqualftatis inetnfe ut FI ad FLifumendo in read infinitdAZt 
naas A^, AKt reait Fl, FL reffeBiv^ aquales,&jungott' 
i^ «^C, eique dutendo faraUelam KB 9 qua, in recid AC fro^ 
duanpunitum B determinabit,} 
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LAer Axtm, i€f 

PROPOSITIO X. 

t * 

jtion rt&sm (AB) Jmiliter fecar€ m nlterd n^^ |^ 
datd {jit) fiurit Jeila {inF^ C.) . 

. • < 
Cxtremitates {cdbe 8c is&dx juOjS^ re6h I B. Huic ex 
imodis F, C duc paraUclas, leGtx &and« AB occurreatcs 
u L Sc Q. Dico £i^m,. 

Patet ex corolL i. p. 1. 1. 6. ^ 

{jptt etiam ^fi Unes /W74 lAfit major feeandA B^^fm tres %. 20^ 
eircHli f$ muttfh tM^entes Jiametris iF, JC» lAdMjcrifiiy ^ 
aptetur Jkhtenfn B ^s funSlo l nd circ/wiferentiMm circuii »«- ' 
ximi: arculi duormnores ae ftmitis L ^ P bneMm B3/eeaS$mt 
in (a) ratione fe^uMum diametr/ lA, Si linea lAJeBafit in fa) I^er ter» 
fartes juatucr, circuli quatuor adhtbendi ftmti fi in.fUinfie» ^/•a.Ai, 
ciraiS^etMm quin^uei 4y^ itain $nfimtum»1 ' ^' 

$cbeUit9i^ 

EX hic propofitioiie dn^mus redam datam ^ qtx>r?i& fk. t§^ 
aequaks pai^tes ^fcare. Cum rtCti £xandi AB £iciat 
quemvis angulum re£U quxpiam infinita i cx oui drcino 
cape tot xquales p^tcs AC . tiP , 1^1 , in quot ficare pla-. 
coerit AB. Duc re^m IB , dque paraUclat FL, CQ.' 
Dico fa<aum. 

Aiiter idem & iacilii^s efSciemus cum Maurolyco huflc ta %• aK 
modum. Sit AB triiecaod^. Duc ad AB parallelam I X io* 
finitam , fupra ?el infra. £x IX , fi eft inlra AB » cape cir- 
dno tres sequales partes IQ^, QR, RS, quae fimul majores^. 
fiot quikm AB , mtoores verd l^'I X; eft fupra. Per I £c A». 
item per S ^ B duc re^s j qusB (l^ ) coocnrrent tn C. Ex ,l. • ^ 
C ad Q & R duaae reax datam AB trirecabunt. Demonr. /.33.41. 
tratto patet ex conril. a. prop. 4. 

Ruriiim cum Maurolyco aliter kj fpfum ita obtioebimus. j:^, ^ 
Stt quatriiecanda AB. Duc infinitam AX, eique parallelam ^ 
VL ctiam infinitam. j£x his cape circino partcs zqualcs AL, 
tO, OQ, & BV, VS, SR, in Iingulis4Kmpe uni teucio* 
ress quam dendcrentur in AB: tum redas ducantur Lk,OS, 
QV. Hxquatrifecabunt datam AB. 

Nam quu per conft. LO, RS parallelas 8c a^quabs, jon^ 
gunt LR 8c OS, etiam hae erunt (c) parallelac. Pari modo (c) fer 
OS , QV funt parallelac. Ergo ciim AQ iit ic^a to tres ? v '• i« 
sequales partes» etiam ait AI SOz (d) in tra aequaks. Si- yII^/Z* 

1-4 miUtcr'-^*'^^' 



mtlftcr erit BC feda in tres xquales. . Tota igitur AB feAi 
cd in quatuor lequales. / ' 

Hx dux praxes fuot £iciliores Euclidcd , quia paudores du- 

ceodaviua^ parallebe. , .- • 

FiftiM Coroll. Hinc Trapexium ABCD , cujsu Uttrm AD ^ BC 

pna paraUeUt m fartej quoteuiiqui aquales, pariiri Sfiimrns; 

Frcducatur tnim BC ad E: utfiat CE dquaUf AD, Ob a»' 

gttlosalternvsDAft ¥EC , ^ ADF, ECF(z)dqualesj& Ba^ 

l*) f'' f^t AD, CE per confiruBiimn aquakst triangnla ADF (ff^ 

(b) Pn ^^^ ^^^ aquaUaftmty f^ proinde prianguhsm AB E Trapenh' 

%6.i.t, ABCD d^uale, DrvifA (c) itaqitebafi Be in aquaUs quotctta" 

(cjferlm que parteuputa tres BG, GR, R£, duaifque AG, AR^ erit trian^ 

M» g^tUm ABG , vel AGR, vei ARE , trapezJi fars tertia. ^ E. J. 
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PROPOSITIO XI. 



W* 14, 'jryiy^iydtiohts ireSis (•4?.y^ ^CO Wii^ frpfprtio^ 
1 J nalem itrvettire. 

Duc re£lam AC. Ez BA Koiu€tl accipe AF parem 
BC. .Cer,.F^ad AC duc paraiidafn FX inBoitam , cui io» 
L occmrat produOa BC Oico A B efTc ad BC ut BC ad« 

eA\ P^ ^^^ A9 eft ad AF, 00 lit BC ad C L. ' Scd AF c(l .(0 

i!/.6: pr fi.C. . Ergo AB eftAd 5C5 iiVBC ad CLi adcoquc^CL 
{9) Per cft terria proportionalis quz pdtebatur. 



^ifer. 

STatuantur AB, BC ad angalum rcdum. Juoge AC £z 
C doc iafiQitani C X perpiizdinilarcm ad AC, cui tn L 
ocoirrat AB frodtiaa. Dtco AB ellc ad BC , ut BC a4 BL, 
Patetcxcoroil. i. prop. 8.. 

ScMmmm 

Pptcrit verd proportio data non Iblum pcr trcs tcrm?- 
, nos, ied etiam per infinitos contiauari , ' 8c tota infi* 
nitorum proportiotulium tcrmtnorum fiimma cxhiberi. Pul- 
cherrimc hanc rcm , totumque adco Gcomctricae progrcflio- 
fii$ negotium Gregprius a S. Vinccntio proiccotus cft totoli* 
bro 1. fui operis. Nos in gratiam (ludiofbnim , fuccin^am 
rci propontx confbrudlionem ac demonflratiQnem Uc exhi- 

bcbimus. 

• • • /'* ' ■' " temmtt 



LemwM X. 

cl ntio' narinoris imeqttaliratt» LO ad LR icmper contt- 17^.2^« 
^ nuetar » venictur ad (ijuaotitatem quavis datl hiajo- //(tm^ . ^ 
«fcni. * _ 

Sit LOad LR,ut LR ad LQ, &c. Igitur {a) invcrten- {t)Tfrfa. 
do, iit QL ad RL , bc RL ad OL. Eigo divid. (*) QR ^: * «^^- • 
ad RL, ut RO ad OL: & pcrmut. {c) OR .ad RO , ut \li,j, 
RL ad OL. Scd RL cft major quam OL. Ergo eriam (cj Ptf 
QR major qtiam RO, Pari' modo oftcndam IQdfc ma- i^.^5- \ 
jorcm qu^m QR , & fic ddn^ps. Quoniam igirur con- 
fftauando rationcm LO ad LR , ad primam LO icmpcr ac-* 
Cttlunt partcs OR , RQ^ QI , ^c. pcrpetu6 crciccntds , pa- 
M vcmri ad quantitatcm quavis datS majorcm. Qi)od aac ^ 

demonfhwiura. „ ' ^. l 

Lemma 2. ,' 

. • • . • . • • ♦ 

^l ratib qu;ecunque majoris inaKjualitatis A'B ad CB fcm-, f^. i^ 
^ pcr cootinuctur , ad quantitatcm vcnjctur quayis da^» mrdiqm. 
pjiiiorcm. . ' . . ' 

' .Data fit LO quantum vis parva. Fiat (</) ut BC ad BA\ (d) Pir 
. fi<*- LO ad LR. Potcrit (e) raiioLOad LR totics conti-. J^M-^^ 
nuarf, ut aliquis terminus habcatur , puta LI major(][uam U)^,^ 
AS*. (^uotics vcro continuata jam cft ratio LO ad LR V pcrVflw, 1. 
fotidcm tcrminos CB, £B, Yf^ 'contfnuetor ratio AB adCB. 
Eric FB minor quam OL, 

' Nam cjf coni!. patct.lt», QL, RL, OL, cflc propor- 
fibdalcs ipfis AB , CB ,. EB, FB. Igirur cx *quo ut (/) (Q f^ 
IL ad OL , (ic AB ad FB , & permutando (jj ) ut IL ad "•'•''• 
AB , fic OL ad FB. Scd IL cll major {h) auam AB. ^/Jj''!^ 
Ergo ctiam data OL ^ft major quam FB. Quod ciat dc- (h)'iw "•* 
monfirandun). . , tmfir. 
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Ita iit ratio majoris iraqu&lkatis AB ad BC. Oporteat j^. ^y^ 
haoc per infioitos tcrminos continuare , & omnium 

^mmam exiiibcre, 

Erigantur perpcndicularcs AL» BO,.xqualcs datis AB,BQ 
& per LO ducatur re£la concurrcns (i; cum ABC produA^» ({) p^ 
io Zi. Dico I. Si cx C. crigas .perpcodicularcnp CQ^ eric CC^/c*.f,||, 
tertJa propordoaalis. QC crans&r in C£ , & cx E erigcAi. 

L j ERj 
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fiR; erit hsec quarta. £R transfer in EF , & erige F$;eriC 
hxc <}uinta : atque ita ratio AH ad BC« hoc e(l AL ad BO, 
per terminos AL» BO, CCt, ER, FS, Bcc. iive AB, BC 
CE» EF, FI» &c» in iofiflitum continuabitiar , ^iaqiiilibet 
terminus ( ut FS ) potertt auferri cx refiduo FZ^ ^ cum ^im 
(•)]r^<» LA (boceft AB) iit minor qaam AX» etiam FS erit (ii) 

^Td #i-^' ^***^ quam FZ. • . ♦ • 

«"t^ A r ^i<^ ^* AZ iXi aquaiis toti fummc infinitaram proportio* 

Qalium. 
(b) rer >• Pars. AZ eft ad BZ , ut (b) AL ad BO; hoc eft, ut AB^ 

uUmann» ad BC : Igitur permutando £c inrertendo »'{c) AB «ft ad 
i^^f^- A2 , ut BC ad BZ. Ergp AZcft ad BZ, (d)ut BZ ad 
Im^ CZ. Scd ut AZ cft ad BZ , (t ) fic L A cft ad OB j dc ut 
Ij) P^ ar. BZ ad CZ, . ita OB ad QC. Ergo etiara LA eft ad OB, ut 
a. /. i8. * OB ad QC. Eodcm modo oftcndam OB eife ad QC> uC 
/. f. QC ad RE , Sc iic dcinccps in infinituro.. 

(e) Per€§r, ^^ p^^^ «pqj.^ fummi infinitorum tcrminorum , neque 

i^^ minor eft quam AZ , ncque majors Ergo xqualis. Noq 
cft major , quia, cum jam oftcnderim {upra,QC cflc mino- 
rem qui^a CZ, £c RE quam £Z, & SF quam FZ, tc Tic 
detnccps line termino; poterunt omnes termini QC , RE» 
SF &<*; flne fiAe conftitui juxta ihviccm in re^ A*l\ fic ut 
Dumquam pon<£him Z [quoUbet fimto ttrminorum numarol 
, ' . attinfi^tur ; [^{im ttrmmorum ferit tn tafinitum (ontinmati^ 
eJteedi' fojfo reHsm AZ , txtndt faftt , qmd tota iUa ftrits irt^ 
finitMy in AZ fottrit tramftrri; dc froindt ftrits itta ntn trit 

• mtijor qitam AZ.} Non Crit ctiam minor quam^AZ» qui:^ 
jamoftcddifapraAZ, Bt., CZ eflc continuc prpportiona- 
lea , & codem modo, ofteoditur de rdiquis EZ, F^, IZ» 
&c. Cikn igitui* , transfcrendo proportionales QC , ^ER » FS^ 

\ «cc. in CE, EF, FI, &c. refidua EZ, FZ, IZt &c.fcm- 

pcr fint continue proportionalia , ut jiam oftendimusi venictur 

(0 ^tr tandem ad refiduum (/) dato minus$ ac proinde fumma pro-^ 

^*» portionalium fiipcfabit quantitatcm omncm qux minor fit 

• quam AZ : unde ipia noo poteft efte minor quam AZ. Quo-* 
niam igitur nec major cft, ncc minor quam AZ» ddcm ae- 
qualif crit. Quod crat dcmonftran(]um. 
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PRimofum termlnorum dif&rcntia, prlmus tcrmfnni , St 
tota infinttanim proportionaltum fumma, funt contitiu& 
. - proiwrtionales. 
rtiCXT^ In fiiperiori figuri duatur OX paxaliela AZ. Igiftir L^ 
*' aitdimeatiapriatitermiiii ALicu AB, dc fecuiid^BO,' 

fiu 
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fciBC. QooniamXOeAparaifekaa A7.i critLXadXO* 

ut («) LA ad AZ. Sfld XO eft AB, 8c LA cthtn dl AB. (^)fif€wi 

ErgoLXdiftrenda» cft ad AB primum terminnm, ut AB V^^ 

primus terminus ad.AZ toiam rummam. Quod erat de- ' 

monilrandum. 

Idem uttiTeriaKter .& brefiffimd dem<Miftrabitur in omni r^s8« 
genere quandtatis honc in modom. Sint contioui prcpor- 
tienaies quaBCunqne» ( etiam numoif ) AZ , EZ « CZ » ^c.quai 
transferantur omncs^in primam AZ. ]^nt igitur, AB> BC» 
CS , EF , 8cc. proportionaiium difiermtix, quae uni tum poA 
tcemi quantitate IZ> «quantur primae AZ. Qoia rerd » il 
proportiooales in infinitum continuentur , poftrema quamt* 
taaper lem. 2. evaneicit , patet infinitannn proportionaUum 
dimrentias aKquari primae AZ. Deinde ,' quia l^ft AZ ad 
BZ, ut BZ ad CZ , & fic deinceps $ eric dividendo AB 
ad BZ, ut BC ad CZ» & {h) conwtendo , ut Ad prima (^yr^m^ 
diilercntia ad AZ primam quantitatcm,. ka 3C iccunda i. p. il. 
difierentia ad BZ quantitatem iecundam, & iic deinceps j ^ /• 
Er^ ut AB prima difierentid' ad AZ pfimam qnaotiMnn , 
(r) ita omnes di&rtariae. ( boc eil , ut jam odendt , pdmar /^. j»^ 
quantitas AZ , ) ad Omnes quantitaros, iioc cft » ad» totaoi. |j;. /,j, 
tommam infinitarum quantitatum. Qual: crat ^emonflra»* 
dttm. I r« • ' 
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pROT»osiTio xn. 

« 

ui^is tribus reSis (AByBCy AF^) eputrtam ^^%^ 
fnfmimuikm iwcmrt. 



Di^xmantnr datx.rcdae» ut figura mooibat., & duc re6&n» 
BF , cui parallela fiat CZ infinita : I^ CZ occurrac AF pjro-) 
dttdca is L. . -s * - 

. DicQ AB eile ad BC; ut AF ad FL, utpatet cx p. a. &u^ 
jua» Ergo FL cfi qpasta proportiooalis quasiita* \, 

« 
SchqUum^ 

PUlchrd Bettino»no(ler m fuo iErario ^fetbematicae FhK ffg, ^t^ 
kiibpbiaB^ ex ^f. 1. 3. 2c 14. liujus, qufie ab iiac noo de- 
pendet, daiis tribus qoactam , £c datis duabos tcrtiam pio^ 
portionakm exhibet, hunc in modum. 
- Si tres deotur re^$. &un(k CB & tertia Bp pooantur 
iadiroi^faim» quasprimnBAingat iuB ii^^07«i aiigu^ 
"* ■ Fcr 
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fa) '-r Pcr puii6b C , A . D deicrtbe («) circulom , cm AB prtfi»: 

J^'* J^ occurm \n Z. BZ cft quarta proportkmalis. 

»• A f* ^^^ ^itn rcdaugula ABZ, CBD (^) flEquaia finC* oit 

AB ad BC , ut BDnd BZ pcr if. hbjus> qus ab Ittc, uc 

dixi , non depcndet. 
^«r^i* Si dentur duserofhe AB, EC; ieasodae.BC a ppo oa tor ia 

diredum BD aequalis BC. Deki ipiirm CD in B tangat primr 

AB fub quovifi angu!o. Tum reMqua uc iupra. Eric BZ tcrtia 

proportionalis qu;elita. ■ 

Demonftratio limilis eft : Am enim redanguk ABZ» 

CBD fm aeqoalia, erit AB ad BC, ut BD, hoc eii , ut BC 

fd BZ. 

PROPOSITIO XIII. 

^' ^ T\^'^ ^^w reSis (^CyCBy) rntMam frefor^ 
\J ttBftalem ifrvcmre. 

' Toti compofita AB:bifcoetur in O • £c ccntro^ O delcribt-. 
^ ^ ,. tur'drcuiu« per A 8c B : ex C erige perpcodicalarcm CF , oc«* 
•; *. . ' aarrenteni peripberide in F. 

Dkc^ AC^adCF, ut CF ad CB. 
lc) Vgr Ducantuf cnim AF , BF. Triangulum (e) AFB TC&AOgi- 

f j*4'' lum eft , & a re^ angulo dudb cft pcrpcndicularis FC in 
(d^Pjr ^. y^^ Ergo- AC cft aA CF , «t <-0 CF ad CB, 

« 

, . CerclUria. 

i.fTTnc patet , fi cx quoris pcripbcri» pun^ (F) duAi. 

£1 fit ad diametrum pei^>cndicularis ( FC,) cam cfte 
^ediam propoftbdai^m 'iQter diametri iegmentt (AC, 
CB.) - • 

QCor. 1. Hine queque medU ffepmhnAlis C£ JhniJmmt»* 
tTiiharum fummam AO fuperMr* nequit 1 ^ Ji extrtmA fiu* 
rim imtqtMlei , mediu CF erit iiisrum^ dim$M§ wwm. ^^mi^ 
itmm ex pr. tr.fufra dedu^um erst. 

Scholium ad <Jor. 1. Problema. DstJi , e tribut pref>erti9* 
nMus , extremMrumfummA AB, & medis DE , im/emrei^ 
fus extremas. Operttt tmem medum fropertiensUem DE affig* 
' \ nuri, dimidiA ABnon msjorem» fer cer. a. 

Super didmetro AB drcuims defort^ur f tpeem si B. 
( uirumikhet dmmetri extremum ) tsngMO^ GS dMu DM ««, 
f««/tf , &perG dtteutur GF iffi AB parstHeis » fiM » ^piiio 
D£ Jkfe OB rsdto ^ircuii nem efi msjer , eircuio octur^ 
ree m F. A pmt^ F sd dismetrum AB demffs p e rp em^ ' 
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MaMs WCt iffim JM dkUitm ^xtrtims fMj&iii ^ , C^ 
Uam FC ( ^ c§r. i. hMJus) tfi midU froparfmslis instr e»» 
tnmas AC9 C9: fft^ ^uiem ( fer frop. 34. /. 1.) fC n GB » 
hoc f^» fncm^r.tSZ P£< faSum eft igitHr qmd ftseks^tstr. 
Arishmetice Mitem invenientur A^ > CB epe iijdem datis , fi s 
dsUU OF, ex ejsss effsnirt^o ZZ ^ ABqZZ^sdr. \ AB,fiiS* 
dteciUttr FCq ZZ DEf^ <^ ntittqMi^ OCq , cujus ruslix spssk' 
drsstksi OC udditu dimidi^ AB, <^ uS iddem dsmidid fitkdtst^ 
td^ duiit AC 9 C6 sfSAntitsste» (pidfitas. • 

Cor, }• Bi/jc etiam tres, vel feftem^ sjumdeam <^. meSs 
frefeftimales 9 facilt nigotie invetusiatstr , talisfiiL quivis mt» 

8« 




Sint quantitates datd A (^ Ei inter quas tnediafit My far 
hanc fr. imtnta : dtinde iater A^ M fac mediam L , sstspm 
imer M fi» E mediam N: ertmt L* M, S, tres media inter 
Ao*E. Etfi ferre medi* fropertumles conftituantur inter A 
&L9 Ld^M, M>&H, N & E habebis feptem me^asm- 
ter A &E. Hedia viro mter ^arumfingsslat, 'tmss cum iffis 
feftem intertuediis pricriSus» ctnftittsent mesUas (psindtcm iutw 
At^ S» At§ut itst firrt.^ 
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SchoUttttt. 

IC locus omnino^igit, ut de duabus mediis proportio* 
oalibus inter duas dacas invcQicadis enam hrevkcr dica- 
i altquid. In iiujus probtemacis fblutionem » Pktoms hor- 
, omnes Graeciae ueometrie fummo ftudio iocubuerunt. 



mus 
tstu 

Ab Eutocio io comment, in (a) Arckim. varii recenientur fi)(W« 1 
fiibtiliirimi modi, Platonis, ArchitaB Tarentini, Menacchmi, "^^, 
EnLtofthems^ PhUonis Ryzaatii, Heronis, Apoilonii Pergaci, i^jpi,^ 
Nicomedis, Dioclis, Spori, Pappi: qutbiis alios deinde addi* ri^fyii 
ieront Veroerus, P Gregoritis a S. VMnceritio, Renatus Car- dro» 
tc^s. £x omnibus vifiim e£t tres adfcrre rekquis &ciliores« 

Modttt Platonis. 

OPorteat inter datas AB» BC, duas medias in^enirc., . n^. 39. 
Ponantur AB, BC ad re6^um angulum , & producan- 
tur infinite veriiis Z 8c X. Accipiantur deinde duac normse 
(ita Qaudius Richardus nofter $ Plato eilim uoicd norml 
uritur , ied {b) cujus lateri D£ inicrta iit regula mdnlis per (b) ride 
D£, liffiferftndicfilaris;})^ uolus normas angulus D ap- ^i* 34« 

plxcetur 



174 EUmentenm Oemf$etrU 

plfcetttr re&x, BX » di lcge uc.8c latus unam tnsibt per Ai 
£c ad pundbiin E» ia quo latus alteruin iecabit re&ro BZ» 
tpplicata norml fecundi, tranfeit per •€. Dico BD, B£ duas 
die medftis inter datas AB, BCv hoc eff/ ut AB dl ad BD» 
fic eiTe BD ad BE, 8c BE ad BC. 

Demoaftratio patet ex coroQ. i. p. 8J. 6. Nara ADE 
Mftaogdlam triangulum efty £c ab aogub re^ in bafim per« 
pendicttJaris cadit DB. Ergo per di^m coioll. ut AB adBD, 
^BDad BE: £t ob eandem ^cauiam , ut BD adBE.ficBE 
ad BC. later datas igitur AB , ' BC repertse funt dude mediae 
BD, B£. Quod erat faciendam. Hic modus inter omnes ia- 
. tellcdiu &ciirimus cft 

MoJhs Philms dyumtu. 

#%.5iw T^^^ ^^ AB » BC jungantur ad re^m angulum : tum 

X^ perftctatur redangcdum ABCD, & producantur DA» 

DC iniinitd , ducaoturque [ nSMnpib ABCD ] diaroetri 

BD, AC, fe fecafites in E. Ccntro E pcr B ducatur cir* 

(a)?4«ff cuHis, qui, qu6d ABCD re&mguluro fit » tranfibit («) per 

m%i.L %• A, DdcC*[ Cum enim drculut n&dnguU (b) circmmferm fe* 

i\>)fert». ttriti punS^M A, B, C, D irmu 01 cirei^ ehrcmnfcrffti ck^ 

^ilfFer emMfrrmsd: & frofter MnpJos rcHos ABC. BCD, re34 AC^ 

ai • i, %• ^^ ^*^^ ( ^ ) ^^/'^ ciremU diMmotri , qummt imerfiBio E» 

circuii cemrum erit, Circulus igitUTt eodem centro £ <$^ rA- 

Jie BE defcrsffus9 tranfiMt fer A^ D f^ C.] Tum regula fic 

applicetur ad punfhim B , ioterceptae BG » OF finc asqu^ 

les, Dico AF, GC efle duas medias inter datas AB, BC iioc 

cStp ut AB eaad AF, fic AF efiead GC, & GC ad CB« . 

(d) Tif Demonfl. Quia GB,OF (d) aoquantur, etiam OG, BF w 

em4h» quales erunt« Ergo asqualia funt redanguk 0GB , BFO, hoe 

(c)P<rMn cfl reaanguli («) DGC, DFA. Ergo eft at GD ad DF , 

t.p.l6. (yp) fic reciproci AF ad GC. . Sod [i» triM^mh JEGD» fmf- 

ffi^ffcr ^^ ^^ pMraUeUm 6ufi GD .'i GDeflad DF, (/) utBAad 

i4.oMif» AF. Ergo (l,) uc B A eft ad AF , fic AF eft ad GC. Rurfuai 

hMmm quia jaro oftendi AF efle ad GC, ut BA efl ad AF $ efl 

f^' verd BA ad AF, ut GD ad DF, hocefl Iprefter CB furulr 

ipTlL ^^ ^^fi ^^» ^ triangulo GDF, ] ut GC ad CB 1 erit (i) 

IhjPfr quoque AF ad GC , ut GC efl ad CB. Omnes igitur qua- 

ai.'4f. tuor BA, AF, GC, CB, funtcontinue proportiGQalcs ; ac 

^Ll" proiode inter datas AB , BC inventae funt duae mediae. Quod 

crat facicndum. 

Hi duo modi quamvis fint ingeoiofi Sc faciles} tamen,quia 
dcbita normx & rcgulx applicatio non iiifi tcntaodo fit jGco- 
jnctrici noo f unt. 

MoJm 



A^ubts Carteja. 

X 

PAietuT ioftrufneatuiD hujafhaodh Du« regube aperiri !%• 3& 
poiTuit & cbudt ctrca Y. Hii in&rtaB iiot piures noritue 
iQter fk oocmexse inB,C9D,E,FtG»eii lege ut dum regube 
YX» YZ aperiuntur , norma BC impelkt nornnam CD in re* 
guU YZ> & norma CD impellat normam DE in r^ull YX» 
%L DE impellat EF » & £F impellat FG , 6c fic deincem. 
Dum ?er6 regulas YX & YZ ckuduntur , omnfa pan6k B » 
C , D , E , F , G , incidant in unum idemque pun^m A. Hoc 
inftrumento inter duas datas non ibJum dua: , ied etiam ^ua* 
tuor & icx , imo qnoCvis mediae reperiuotur. Quod nequepcr 
ic^ones conicas , neque per modos ullos ab audoribos fiipra- 
di^f iovdntos obtiiien poteft. 

, Pro duabus mediis opuseft normis tribusy pro siediis 4.J 
normis f . Sc fic dcinceps. 

Minor datarum transferatur in remilaih YX , & iit YB,ma« - ' 

jas io regulam altcram YZ , 8c iit YE. Applicetur norma pri* 
ma ad pundum B , ibidemque firmetur , & apenantur regu- 
ke, donec normx tertiae htus tranieat per £. Dico YC, YD 
cfie duas medias inter datas YB , Y£ } boc cft , YBdft al 
YC ut YC efl ad YD, & YD ad YE. 

Demonftratio maxiifefta eft ex cor. x. p. 8. 1. 6. Nam tx 
naturi inflrumenti, in trigono YCD angulus ad C re6hiscft, 
ab eoque cadit CB perpendicularis in bafim YD. Ergo per 
diaum coroll. ut YB eft ad YC, fic YC ad YD. Rurdim, 

3uia in trigono YDE angulus ad Dre^us eft, ab eoque ca- 
it perpcndicularis DC in bafim YE, erit ut YC ad YD, fic 
YD ad YE. Sunt igttur YB, YC. YD, YE quatuor conti- 
nu^ proportionales. Infer datas igitur YB , YE inventaB iunt 
duse medis YC , YD. Quod erat facieodum. 
* Si inter datas YB , YG , petantur 4. medige, aperf regulas ' 
doncc normse quintse latus KG tranfcat per G, Erunt YC, 
YD, YE, YF quatuor mcdi* intcr YB, YG. Dcmonftratio 
patet ex eod. coroll. 

Hic modus, quamvis Organum fit Platonico illo opcrofius»' 
piani eximius eft, tum quia nihil perficit tentando, tum quia 
ad 4. & 6. imo quotcunque medias fe extendit. 

Per duas medias perficitur problema Dcltacum , cubi niml» 
rum dupHcatio , & corpor^ quzcunque in datft proportiooe 
(«) augentur vel minnuntur, quemadmodum id ipfiim in fi- i^^^ 
guris pianis cfficitur (^) pcr unam mediam. Hanc riam pri- f ,2: 
mus aperuit Hippocrates , quam ut finguiarcm 8c unicam , {b)fi4e 
omnis Geometrarum poHeritas ampleza dl. ««r.^.*. 

[CoroLao*'-^ 



ty^ ElemenimM 6MftrU 

^•37* [Coto]. Hinc haSefur mthodas.tatwnem ^ptawvis mm§rU 

vuu^litatis quoupiHt U^mt cittthmMndh Detur rutio miuo^ 

ris indqsuilitMis AO ad ACy quam per fUtres termbm centi" 

nmare efartet, Super diametro AC iefcribe femicirCulum > cui 4 

Mf^ j, funHo 4» tnfcribe ABZZAO* & indejbute froducamur AB^ 

IS^i^VT. ^^ '^^^^ P &^' 7«»X* PC, & eriie perfendiculares CD, 

^jpiTcgrl DE, £F, Kj, &c. Propter anguks reUos (a) ABC , ACQ, 

ft.f.8. ADE, AEFy AFG > &c.erunt (b) AB t AC ^ AD ,AE ^ AV^ 

^'^ AGt &c, conimue pTQportionaUs, 

'V* 38« j^^ etiam oitinebitur, quamvis angulus ABC nm Ji$ rec' 

tms. Occurrantfi^ invicem in eptovis angulo BAC» reBa AB^ 
ACi & producaraur ut fupra, verslts P» j£> fungatttrque BC, 
Tum angulo ABC fiant aquales nnguli ACD , ADE » AEF , : 
&c. Et triangula ABC^ ACQ, ADE, &c. propier iUos an-. 
(^Percer. g^-^^ O» an^tslum Acommtmem , eruttt aqutangttis (c) ^^ 
|'T* ^** Jw»'^ W- ^i<f ^^ ' ^G :: AC : AD :; AD \AE\\AE : ^F, 

^^ PROPOSITIO XIV. 

^.39^0. T^A^dUclogrMmma sj$utlia (Xy Z) tpia tetutm^.aifr, 
X gfflf^XC) ttm (O) hahem atjtialemj eiiam» 
iatera circa itptales anptlos habetu recifroca : ( hoc efii 
ACtfi adCBy ttt FOadOL.) 

Et Ji latera Jk hahetit reciproca > foralUkgramttm 

[ Ponantur latera AC ^OB itain direBtan , tu aquales angtt^ 
f e)P«f C C , O , jaceant ad partes contrarios reSa AB: & propttr 
il^PeriA, ^i^' ^» & ^^B duohus reBis (e) aquales^ erttnt LCB & 
\'u O duoBus reais dquaUs, & prmnde BO» CL ( f) fum in ds* 

(f) ^*^ '• reihmJ} 

^jtv ^' ^^' ^^ ^ ^^ produ^ coiicarrant in Q. ParaUdo^ 

1!L gwmmura X cftad parall. R, ut AC (^) ad CB : & Z 

^Fer cft sA (h) R, ut FO ad OL. Sed quia pcr hyp. X & Z 
7.1. f. «qualiafunt, X eil (i) ad R, ut Z eft ad R. £rgo etkni 
<lt)/<r AC cft ad CB , ut (It) FO ad OL. Quod erat deoiyiillraa- 
"•^f» dum. 

i}l6!^ Dcm. 1. parfi. Ut AC ad CB . fic (i) X eft ad R: & ut 

fm) Pat . FO ad OL, Gc {m) Z ad R. Sed jam per h/p. AC cft a4 

Md. CB, utFOadOL. Ergo X cft ad R . (») ut Z cft ad R, 

iilu ^ X 8c Z xqualia {o) funt. 

(o) Ptr L^orollariuni. Hinc pendet regula profortiottum inverfA^ 

^/.j. Jivo rociproca dewo^sjiratio , qtu ex datis triatu terumis$ quar^ 

tum 
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Uber SextuK I7/ 

f/tm Mvenit maHipUcimdo mft hrvicm duos fntft \ f^ ftnr 
tum diyidmdo per tertiwn , ut indf haSeatur ttrminus qiuur 
tus, Sicttt mm in npild dinHd fpeBatur dqualitas rationum » 

A C 
mtfifuerit A:B:i C: Dserit-^ :^ -^ ( «3/ quotUt terfimt 

, J B D 

ftimi per feeutkium divifi, qtsoto tortii per quartum divifi d^usH 
tur,) itM in Peguld inversd fpeBatitr aquatitas reSangtdorumi 
fruo foBman , tta ut rectafiguium fub frimo ^ fecundo , 4« . 
quttU fit re^angulo fti6 tertio c9* qtiarto» Ex, gr, fi fuo' 
rint A, B\ C, D reciproce proportionales , {hoc (a) efk , fi Ai %^T^ 
C:.D:B,)erit(perh$ncprop.)Ay,BZZC'yi^D',t^prom- '^'^'*^ 
So fi faSta ifiu aefualisper ttrttnnum tortmm C dividanttir » 

AX» 

txoriotur quotut _ D per tertmmtm qtmrtum. 

C 

Sint tptatttitmos AB, BCi LI, IF recipmto proportionaler: ^* 44^ 
AB^^BC 
Mrit IF^ — — . . Ex. gr.fit AB lineu perticarum 40. 

LI 
BC pertic. 4. Erit 4By(^BC, fivo reShtng. X pertic, i66,fivt 
jugerum Auglicum, Froponatttr jam jugerum aliud Zf perticas 
j6, loagum • ut LI, <^ qudtatttr ejus Uuitudo IF. Ob aqualits* 
t$m re&sngulorum X (^ Z, cum reBang, X majorem habeot 
langitudmem qukm fihi aquale Z % minorem latstudimm haMiti 
me proindo minor longitudo Ll jugeri Z maiorem latitudwftwr. 
JF, pro rogula tnverfa ttaturd , po/tiiiat, Et tqualibus riBau* . 
gtMs » ABy^BC , Liy(, IF, per Ll dtvifis, oritur quotm 
ABY^BC / i6o\ 

( Z= 40 X 4=— )= i^ = »«>• ^i^ JH^. 

LI \ 16/ 

16 

fum Z latum efi 10 perticas. 3, E. 7.) 

PROPOSITIO XV. 

/r^ Qualia trfattgttU (^CLy FCB) qiu tttfttm ^At^A^ 
,Z±_j 4ttgubttit (C) toni (O) atjttalem hahcm , itiattt 
latera circa atptaUs attgttlos habettt reciprttca: (hettfij 
AC efi adCB, ttt FO ad OL. 

Et fi laterafic hahent recifrocay triatigttla fttnt a* 
qtMlia* 

[ Fonmttur AC, OB in direBum, prout in prop. fraeod. Eowie^ -' 
otiam LC, OF in Jireihtmi o»"] ducaiur refta LB : rcliqua 
deffloaflxacio cadem cft <ju« prxccdentis. 

M CofoU 
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'AM paralUogramrox, qnaai trkmgak » qux rcctftfiocaai 

baies & altitudines» funt aequalia'. Et e converib. 

..Patec ex duabua prxcBdcQtibus \_ri&m^uU pMr^UkfrMm* 

MM (^Fig. 39. ) vei trUniHlt^ re^mguU (Fig, 4*1.. ) qtu reci' 

fr^AfU iafn AC^ CB, (^ althudines OL, OFi dqMdli^ ejfi, 

Ef atm paralielegramm^ vel triangHUohliqm»gHUi^Mumme» 

(a) ^ln^^f» (a) At^alia reff^ivifMt faraUelegrMmmis vei triAnguiis re^a»' 

?^'^3l??V i^^fi^f^ eadem ^Hveiai^tdii fjr ejufdem altitudinisiye^HM* 

9«'/.6^ ^MWi*r etiam faraueiegratnma vel trianguLe efieaeun^ epetk 

recifrocant bafes O* aititudines. 

Et e cenverfo , ^me re^angeeia farattelegramem aaHa^»tj^ 
(b) Per reBanguia triang^ dqHaiia.{Fig. 39.42.) recifrecent (p) haftsfj^ 
f^^ ^ nkiitUmui £^ omh faraiidogramma a^ triangeeid efHoam^, 
(c) Ptttft ^ttmaiia {c) fint faraUeiogrammis c^ trianguUs reitangHUs juftr 
3^»)7>3«*' ^^^i"^ ^ «<^ dMuUit o* ^ttfdem Mititudinisi Liquft aquaiiM 
t,i,&dif, Midctmipie faraUelogramma t (ji* dquaiia qudCHpque trtamgHiUf 
$.1 6» 2^iu hMiere aitinedinibtes fuie reffe^l ndfrmas, 

^X* 43* Seholium* Sku du9 triaingHU ABC^ DS£ epemem migHU M 

Bfimuifutnfti d^talesftnt dueSus reBis i fim^ kseera eket^ 

m^etim ABCt DBE redfrocMi Eruni triangteiM iJU oqHMtia: 

5i vero trismjgttiM fkerint a^ttaUai isHera circu angnios ABC » 

(d)Per 2>BM erunt recifreica. Cemfimtntr emm faralUiograemna BF» 

\t\Pee ^^* ^ frofter anguios aJ B duahts reiits dquaies, reHa CB » 

ly\ /.1. BEim dsreOHm^ (d) jaeuWy (t frofUlr fafaMas CBE , DF, 

iO Pf^hff» tmguii (e) aUerni ABC» BDFfitnt Mpeaies : Et q[tsoniam ( F) 
g)Psr eft ABadBD, ut EB ad BCi eft mttem EB iffi DF (g) «• 
^plrdef ^'^* ^'^ etiamAB:BDi:DP:BCi fmc ift, Ueerucirca s^ 
\Jl6, qttales angulos ABCt MDV (h) funi mifroea: ergo faralieia^ 
(1) 'Vr gramma (\) BG» EFfunt dqHaUu » (ji*frmde (k) iorum di* 
14. L 6. midiaABCy DBE aquaUa eruns. 

W '**' EoJem modo^fi trianguU ABC^ DBS dqualUfint , <J» Im* 

^P^* ^^^ ^"^gBios ABC , DBE dsabus r$ms aqHaies^ erit AB: 
gand, BD :: EB : BC. Camfleamur enim faralieiogrammstBF^ BG,qtU. 

(m) Per erunt trUngtttortim (i) dqttaUum dufU » (^ froinde dquaiU ; 
I*: p** &'frofrer faraUeUs (m) CBE, DF, etiam(n) dquianguU : 
»7 /.r ^^^^ Utera circa dqmUes anguios (o) fum reciiroca i mc ^, 
(o) P^ M\9D :: DFfi^e BE\BC. j^. E. D,] 

PRO. 
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iiikr Sexi)fts^ ^y^ 

PROPosiTio xvr. 

I^fmr YeH£ iAB^ Ff; /L, SC) fiterifit fro- K^.^^» 
^ fmiondesi Cboc efljji ABJit adFI^ut IL ad 
\Ci) hHnngHlmm ( X) Jub extremU (AB^ £C) 
eeefiiak eft reOopiguh (Z) fub fhedihy (Fly IL.) 

Et fi reBang. f$tb extremis dquetttr reUangHlo JiA 
mtdsisy erunt flUjjuatfunr reSta frtfartMuales. 

f. iPars. In redangulis X dc Z, drca redlos angulot, ac . . 
proinde aequales fi » I» per hvp. cft AB ad Fl , ut reciproce 
IL ad BC. Ergo (a) X 6c Z SBqualia funt. Quod erat de^ (a) Pit 
jnonibandum. ^ i4-^6* 

1. ^s. Quoniam X & Z jahi panintur «pialk i Ergo 
prca SBquales angulos B & I > eft AB ad FI , (^) ut reciproce (d) Ptr 
IL ad BC. (^ttod erat demonftraadum* «<ittf* 

[Coroll. I. Hinc0ddMim rt^tam imeam AB ftuji» tfiJ^ 
tum rtBmguhtm Z affUeMrt: iaamdo (c) nMnm AJf :Ft:: (c) Per 
IL:^C, & rtiiimgMum XfiA AB^ BC (d) cmftrUind». Efi i%.l,6. 
mim X dmp Z (e) upuUi rtBMngulum ad da$am ^tSmk AB ^^^/^-^ 
Mffiicmtim. jJtm aiufr tfficits ftr cor. ^ fchoL f, 44 /. 1« . '/e)^^'* 

Cor. 1. Hlne 'fihdet rtguU fr^forti^m dirt^s dtmonf- Imcff^ 
tratiOf ^4 tx dofii trilnu ttrminit > qumfum frofonionakm 
hn/emft muUifticandofocundumf^ tertium in ft invictmf ^' 
faclum Mvidtmh Ptr ttrminum frimu)», Nam ftr iaaac frof^f 
fiABilei:: lL:MC,etU AB%BCzZLIiy,ILt^dhndtnd9 

^uaUa fiiBa fer AB^ mt jBCS ■ $ic fifrofidnatnr 

AB 
fmmtrh f, 3, 10. ipiartumfrofortionaitm invmiro, juhi r«< 
gula frof^'tmum\dirtiia^ numtros ^ ac 10. in [t invicom duct-» 
ro» ac frodffihtm 30 dividert fcr f^ fU indo oriatnr mmurf^ 
ff^tus 6. 

Corol}. 3. Hine ttiam» dtmonfiratmr rtgfiia fraBiea , fK^ 1^.4/, ^ 
ftnefirJirii , alH^t tiufinodi artifictf fpubm ofus tft drtas rtc ^6. 
tanguias ffunorts dtmttiri » rtdm^uU artam tx uhius iine^ 
rtlijL dimtn/font » nif^ fdld oftratmt Aritinnuicd eoi^tro 
foiem, Si quaratnr v,gr. (utot fedos quadratoi cmtinoat roe* 
tangulum ABCDf ah angulo B , tattri BC afpitcttur mtnfftrn 
fedif unim BB» ^nh anj^ulo A • alttro tnttrif AB ttrmino , * 
ftr fnenfnrd ftdalif extremum funSlnm E tendatur fiiumt quad 
occurrat Imeri DC (froduHo /i ofus) in t. ^uot fodes iongi* 
tndiae^ v$l fartes ftdii ^uafvif cmtmeat reHa DV » tot ftdtt 

M i ^uadrat9t9 
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futJratat ] vtt fe£s qsuulr/itis fimUs fmrtis emmhk nSm^ 
gtsbsm ABCp. Msn fr9^ Mgkys 9^ D tiBos , (^ «»- 
Itslos BABf DFA aisemos mser fxrsdUUs AB, DF^ item^iu 
stnessUs BEA, DAF sskerrm inter fsursslUUs BEt AD^ tri/UH 
^^llr* ^^ EBAf ADF (a) erssnt Jimilsa , & froinde EB : BA:: AD : 
^***^ jDf. ^uare tftr hsnc fraf. erit ri£ltmg, Ba >^ AD ~ reSskng. 
£BX ^^* ^'^ ^^X ^^ ^f rsfilan^ltsm mjus mu^urss fr^ 
fenebntssr mvffliganda, Cssi dtfsaU reBangsslssm EBy^DFwfm 
sUtitudine kssbenj reBam EB menfura fedab stc^ssalemt tot feJes 
quadratesj vel fedis qsuidrasi fartes quafvis continebit, quet 
(b) Se^' f*^' UngittssUni f vel fedis fartes fimaes cominet (b) bufis DF, 
tmrese i, ^uBi ipttsr fedes cmtineat re^a DF Unritudine , tot fedes quit' 
^ ^* drsttos eonttnebit reSsmgubsm ASCD. «^. £. D, 

Si BE futrit nsenfufa bipedaiis* f^el trifedalis, f^t. aress rec» 

fanguli nr-fedibus qtsadratts hubebtttr, mttUifticando DF fer 4.. 

vel 9. ^c, reffe{lhje,hoc efiy fer ^uadratum iflisis numeri fi^ 

ittm ex qtso tntnfurss con^Ut, 

jy. Cor. 4. Si tfusttuor reBa ABf FI, IL9 X fuerhtt frofor^ 

«!• ¥r fifffusUs: Erit tristngulttm ABCfub frimAp^o baji ^ftsb quar^ 

^ tA fro ultitudini , aqsuiU triangulo FIL ftsb fecunda fro oafl^ 

ftsb tertid fro abitudine. Sunt emm reSsmgtJorum X, Z^ fer 

^^l7 ' t^^t^ P^^^^P^^^tskm, (c) d/midia, 

^k 41,4^ ^« f' 9idttofritcn]ptU ACL, FOB , anguUs C (^ O d' 
tpsdUt habeant ; (^ fif reaangulum AC X ^^ fi^^ ImefibuS 
smgtsU C , aqtssikfi&anguU FO X OB ftsb lateri&us anfuti Oi 
triMHgutst ACL, FOB erttnf aquaUa: <^ e couverfo, fttriaU' 
gula ACL , FOB » tpu anguUs ad C ^ O aqtsaUs ha- 
boatu fisorinf aqualia,nSanguia ACyC^ CL, F0y(,OB irttnt 
aqttttlia, Idem etiam afuiangulis faraUeUgrammb accidit^ 
^am froffir a^uUia reBang. Acyi^ CL ,. FOy(^QBi erif 
fir hanc frof. AC*.FO::OB:CLi &frehidi, tum in trismgtf 
iis ACL , FOB aquiangtslis sulC (^O , Utira circa i,quales 
(4) fer '^ttUtfintticifrocai trianguU ACL^ VOB erunf {d)aqualia: 
IS.U6» quod erstt friinttm* 

Deinde habeant trtMnguis atpudist ACL , FOB stnguUr C A^ 

/M Ftt ^ -«^««'w> (e) ^w igitur Uttera circum aquaUs iUos angtM 

\^^ " recifroci frofortionalia- hoc efi , AC\FO::OB:CL\ ^ froinda 

ftrhanefrof. erit ri&. Acy(^CL^reB.FOy(^OB\qH0d ira$ 

ulfertem. 

I%«3M^ 'Z^nn^ iodem fodem modo di faratteUgrammis depshmguli 

fitttiBterfe habemibus demonfirabttntur , ft Ucofrof. ij. citetur 

Cor. o. Si A ftutit ad B in majori ratme quam C ifi ad 
V\ erif reHanguhsm fub exfremis mnjus reiian^ulo fub medHs. 
'£tfi in minorii minttt. 



tJker Skxtns. i%x 

I. ^Mui nim A pmjorem ha^et ratimem ad jB qmkm C 
0i D\ trif mUm ijUddam qumUitMs £ ( qud mmor efi qukm 
A) MdBt ut C MdD i ac froindeper hanc frop. E X D.^ , 

syC^C. SedE mimr tfi qukm Ax trgo A^T> majm ^ 
eff$am ByC^C, 

\, Si verl A fuerit ad B m mioiri rfUione auam C eft a4 
2> i erit uUu quddam F • ( qua ifsd A major efi) ad B, m 
CadD. B^oE^p^D^glBy^Ci acfroindeAy^Dminm 

•fiHpukmB^c/ 

• ■ 
Cor. 7. Bincy fi re^angnlorum rnxquMUum latera ita Jijpo* 
nautur , ut reSanguli majoris latera m fartibus extremis , <^ 
tmnoris Uftra in medfis confiituantMn h^f^eht frimuf termineu 
ud feeundkm uSfaforem rationem quam terttus ad quartum. S$ 
vero reSaufuU minoris latera ftatuantur in fartitus extrtnus 9 
C$> ma^oris Utera in medHs} erit frimus tertmnus tninor refff^ 
fecundif qftkm fertittt ^ reffe&u quarti. 

Scholtum. dbf celek^e flhtd Ftolemai theorenyt* fdScetL^Jn ^•17«^ ^ 

omni <|uadrilstero circulo inicripro , Re^angulum ct dia- 

eoniis ' AC in BD , »quak efle daobus re6bngulis ex lateri« 

hus oppoiitis» AB in CD, Sc AD mBC^ tsm exhac^tum 

ox frofoftionihus fuffim ame dememftratis defendeat , illud jam 

detnouftrsmdiun frofonamus, Fiat enim angulns BAE equali^ 

aaguioCAD^ Ob anguios BAEf CAD aquahs fer eonfirue* 

teonemf (^ nnptUs ABE, ACD eidem arcui AD tn^ftentesl^) M^triU 

aquales j (b) Erum triangula ABE , AODftmilia, ^ AB: f^h^ 

BE :: AC iQDi f^ froindi (c) re&dngulum extremorum AB X 9. p. ^^C 

CD aquabigur reBanguio medierum ^CX BE. Pariter^ob 479- i,&f,^ 

g^ium BAE angttk CAD aqttaiem fer ^i^rtsHionem, aidito '• <• 

(ommmu CAE^ 0rit anguius BAC dngtfh EAD dqualis, t^ y^^ 

«4 angnias ADE^ ACB, eidem arceti AB tnfiflentes ,{i) aMsa- (^f^* 

lesi (e) erunt trinngtda ADE , ACBfimiiia, ^ AD : DE :: 21.A3. 

AC.CB » f^ffoittde ( f ) roHangubtm esnremorum AD^ CB^ (e) Per e»r. 

aqttaie erit rectmtgulo mediorum AC X D£. Sed reSiangula 9*'^ 3^*^ 

ACyS^BE.tb^ACy, DE (g) atmanttir reSfangtdo AC X BD, J'^'''** 

Ergo teSbmgttium AC X BDfu» diagoniis aquatur reitanguUs m pgr 

AB^CD & AD^j^^BC fu6 laterihus offofttis. ^,E.D. himcf,^ 

(c) ^^ 
• i«4a* 
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PROPQSITIO XVIL 

f^. 48. Q^Iirp re^ X-^x ft.x BC^) ^mt fr^fpQrttm^ 
l^ /fi, re£ia»gftlum fltb extremis (j4B; SC) d^ 
quale er/t cf^drato medU (FL. ) 

Etjif zc^Lwgulum fub extremis 4^ffefi^. fM^4£# 
ptedia y erunt tres ilU re6la profartionalfu 

\y P^s« M^dix FL acd^iar^r par Q. QuQpiatn igUur 

g!t hyp. *AB cft ad FL, ut th ad Btj cftouc O par TLii 
pitqaoqoc ABad FL,'ut O ad BC. Ergo (^) rc^flang. fub 
f^^' cttTcrais AB, BC «quatur rcdhngulo fujb mcdiis FL.& O, 
&OC eft quadrato FL. 

*'i. Pars Dcmonftratur fim|^litcr ^ fccnndA pw:t? yrsf cc? 
dbntu^'' * " 

CoroUariam 

V 

*• '*• ^T?^ hac & cx I j. jatct , fi iq^ cvf^ fit FC jcrpea* 
' Xlr di<;ularis diamctrQ.1^ i^^agalmn AC& vepa^ «flq 
^uadrato FC/ . • - , , • . 

f^^J^ [Cor. i. ii^ aiif!fmr^am,4B^ doia weSU Ith t^ 

(c) Ve^fih. terti^m. fro^mifiMk^ BC , & rtSbm^, AUO tc> evdfirum^a* 

p.^6 I0U Mfi tnm dato qu04^Ato,jeo (4) a^f*ik re&i^fibim 4BC ad 

(3)?«" r.e^n^,jfB,4fpUcatfim,^ 

h^fr» Cor.j. ii/c crww Hquet fn^Mwi fuvmvnquamvis jiB 

ad TL cqtnjmandi , ftye iatiim dm^ AB, \Mh tmaiam t/rap&r" 
iipn4l^mi(ive:^e.n4i'yjif^mp§if c^eqamU Ih jfitadrmiem mdj 
tffifec^difltem AB ^pk^etur , kAbehitHr tertioL fr^pauiona&s BC» 

\x 1 7. /. ^r fortmalii^ , , mttltiplicaa^o eonftquemctn pex ftitfam , <^ fPtldtte^ 
eumcgr, 2^ , tt^ di^vid^in^o per anUc^d^cm z qH^tits tnim (e) nit Ptrtitu 
p.%6^1.^, prQbortionaJis MiAjittts. ^ 

^iff ^T^ ' Goc. 4. Htac lineam inaccejfam^ cujtts tgemhtttsjtlief o/k 

kcccjjfiais^, metlri difiimus^, Sit Itnea tnacc^OiCE^ ^ frodu^ 

.^cdtut FC indejinit^ V€ru0 ^. JSxigtUuT a fwtBo^ C Uaea pea* 

> femiicuhrts CB : ^ ad quodvis tjiius perpehdicftlaris faniittm 

. , ,i B appiicetur Norma^ aut angulus quivis reSus ABF ^ ita ttt 

fer intus BF refpiciendo, punBitm F , fer larus BA ftmBttm 

A in reBa ACF obfervmtur. Menfuretttr linea AC accejfibilit ^ 

Ki) Teraf. ^ fx onaUgid Jcquentt innotefcet ( f) inaccejjk CF. ACiCB :: 

(t)Pnm ^^'^^* ^uadratum itaque limaCB dividatur fer UneamAC» 

l.him, * &',^;tptfem (g) datfit limmf^quafaam CF. ^. JB. 7. 

Cor, 



Lihtr Smm. i8{ 

Cor. f. Wm fi lnm fSk^npiim fuih AC^ CB /ipmntis {7^, ^ 

PtBs dMA AB f MiptdefciL tp$MirM9 daiA nBA CF , dvmdi^ 
ifjms AB.m» wusjms ^ in proeUvi «rif invtmrt ttHamguU Im* 
tiTM ACj CB;fivt, dtuam niiam AB ita dividen iiethit im 
G, utnBtmptiMmfubiffmtfrgmentisACt CB sepsftur ^sn^ 
df^uto rtBa dsta CF , qud dimidium ipfius AB uonfuperat» 
Cum enim datn CFfit pir b/mc prcp. medin preportienaiis inter 
AC tir CB fegmentu re£ia dutd AB , idem erit hoe prebletm^. 
cttm iOe , cujur fiitttic ht ScM. ud car^ 2. /r. 13. mtjsts UM 
Jumfupru tradittw.^ 

Schokttm t. Si («} triaiupli cujuicunque ABC anguk» Ffy. 49. 
▼erticalis BAC bi&cetur TcSti DA', quae bdem BC dividat {^V^tfeA- 
in duo fegmenta BD, DCj Erit dificrentia rcdbnguloruni rhhntt.u^ 
a ktcribus AB, AC, «c a ftgmcntis bafis BD, DC, aqua- '^^^"{^^' 
lis quadrato re^ AD btfecantis aogulum BAC. [ Hoe eft , p^ ' 
rod.BAC-^rea.BDC~ADq.j TrianguUenimABCeircnm' (b)<P«ra»w 
ferihatm eircuim , f^ producatur AD donecitentm oanrrat i.^4.^6. 
eirculo in B, 4^ connexa EC , in triangtdo ABC per punBum i^X^^* 
7> dtteatm hafi £C paralkla DF$ eruntqm triangula ADF, ^,//^ !!' 
AEC (b)fimilia: fettd» propter angulos BAD , EAC (c) a^ (ej pJctr^ 
qttalesf o^ angitlos ABDt AEC in eodem fegmento ABEC9& 9'f'3^ • 
proinde (dyaquales, triangula ABD , AECfimiUa (c) erunt: '''/jf*^' 
triangula igitur ABD, ADF fimilia funt -, & AB:AD::AD: ({lp„^^ 
AF^ ttndk per ham prop. re&mgnlumBAF mptMm ADtL Sed t, g; 
AD : AF:: ( f ) DE : FC. Efgo AB : AD :: DE.FCi & reSf. (g) Per 
BAyC^ FC (g)rr ren. ADEZZ (b) reB. BDC. Et utrnmmtO t6J.6. 
reBung. SAF, ib' BAyC^FC, hbt e0 , (t)BACaquaMm ^^^ ^'^ 
^Dff X rtB. BDC , f^ utrimfeoaufirendo reBmg. BDC, (^{*f Ji* 
orioBACroB^^RDCreB.:^: ADq,^E. D. i, a», 

Cor. ad Schol. i . Si trianguU ABC circulo infcripii angttim F^m^ 
vertieuUt A Mfieetur reBA AE eidem drculo infiriptd, qnafe- 
m bafim m1>\erk BA\AD:fBAvAt,^iangitlarmimBAOi 
MACfitmBarfumt ttti e fchoUo pr£tttbnfeconfiat* 

ScboliQm a. Sequentit eriam probltmatu , entod ufiti orio Bg^fo* 
in Sphdncie , ex ante demonfiratu , jam tram potefi invt* 
niendiratia^ Rtr duo pun£fai B» C in circulo dato FI>M , 
Mcumlaneiiritm circufi ducerc , quc dati circvK circumfe* ' 
rentiam diWdlit bifiuriam. Fer eontrum A & tmttm e ptmBis 
dmu B, dmatm roBa BAMB tKfinka % ad iftam t oentr» eri-' 
gatur pfrpondicttluru AD , (^ dmatm BD i . & in trianguh 
ABD, proptfrmtgulkm BAJ>reBum,erk(k)AK>aemtm.Ad (k)Ptrror. 




BtCfJ^. Dic^fiiBnm, I>mMtmimmclre9$lijamdofiriptfmiEf.sJ.i^ 

M 4 fhorda^ 
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chard^, ftr cireuU Jftti centrto» A^ t^ «HterutrMin ferifhtrl" 
arum interfeBimcm G , nimirum QA^, DMcatHr etiatn drcuB 
dati FDM, diamutr GA£ ^ per eandem feripheriarwn inter* 
fe&ionem-G, . . 

J^uotiiam ab angulo reSh triangttH BDB^ dimittiUtr DA* 
{t^Vercw, ferfenJicnlaris baji BBj (a) eruntAB, AD^AE—^^ frP* 

fd'p^^' '"^^ P^ ^^^ f^^P* ^^^^S' ^-^^ — -^^f i '^ ^fi* ^* eirculi 
S-L^^^ ^' ^^^ ^»^/eJ radios AD, AG, AFy ern re£t. BAU ZZ. ' 
{ci Per ^^' GAF, Cum viroM circulo BRB, reHa BE, G<Pfe mw 
I /. 6. tuhfecent in A, (b) erit reci. BAE—reB, GA(p, Unde GAF 
{d)Perdef. reB,^GA^ reB, Ergo(c) AFZZ: A<P : d^funeiaFf <f coin* 
»<>•'• «• «^f„f . at<iHe arcui FDG — (d) arcui FMG. ^. JB. ./. 
Fig^S^* Schol. ^* Jn eircuio qiibvis cMfus diameter ejt ABs ^ ar* 

cuum AC , AD finus reBi funt C£ , DFi Jinus verli AE , AF^ 
{t)Perter. fubttnfa AC , AD: Erit AE : AF \\ ACc^^ADqhkocefi^Jinms 

?.p.S./.6. mrji erunt Ht auadrata fubtenfarum, DuBisenim BCy BD^ 
..0 ''«• (fi) ermnt BA, AP, AE -ff->( f ) itemcfue BA.AO.AF—-. 
(^Per fe) ^no ^^ yi^AEZZACci. (j^ BAy, AF ZZL ADq. Sed 
iitt^r^. AEiAFi: (h) BA ^AE,BA^AF. Ergo AEiAFi t 
{h) P^ ' ACq,ADq^2 
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PROPOSITIO XVIIL 



fg.^. . ^Vpir tiata reSa (RS) dtuopijjgom (BQJ fimii 
' i^ Jimlliterqtte fojittm defcribere. 

Poiygomim datum fiQ.refblre in trianguk. Super data re£lA 
0)*^^ RS tac CO^ulos R, O aBquai^anguh'5 B, A. CoibnQt (irj 
^y^'a' latera in X. Super XS fac angulos V,I sequaies aagulis TtC. 
i? ^ u^! Coibunt latera in 2. Dico adtum. 

^,'^fctj'pl ' Nam quia «nguli R, O aequantur angub'$ B, A, ctiam £, 
si.Ai. tw.(/) 9ef)4«lcs eruQ^: 6c quia ctiam (m) V apqaatur T, tor 
(l)Pere9r. tus EV toti KT aequalis crit. SimiUtcr quia fmguli O, 
^m\^er^* I «quajntur fingulis A 6? C, toti OI, AC aequalcs «runt. Ec 
^y^, QiMa V & I aequantur T & C , etiam Z & Q ^ales (■J 

la)Pernr. Uifi^. Pplygona igitur RZ, BQfibi mutuo.flequiaaguiafunt. 



fli/" ^FQj.&c. 

(q) Per . > Coroilarium. H/w hlaffas five Chartas G^piafkicas^ Cho- 

%i^,S* rografhicasi veiGiodd,'/cas,i aut agrorum, ad^ciorHtp^ ^tp^ 

s ' ^iiumque delineati^nes lctfnographicas conjirutndt metbodm deri^ 

. vatur, J^ihd e/iimaltud^bivoiunt imjaJmoM delmeatens^qHJum 

' fii^^f^^^ ingentium, ad fmtles Jigttras exigHas rtdtfSionem^ 

^na/n pr.cfc;7J profofiiip exiAt/at^ FR^ 
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PROPOSITIO XIX. 

TRiangHlorHm (Xy Z) JimUitm frefertio efi dt^ ^k^n^s^ 
flicata prcfortioms laterum {AC^ FI) ae^HOr 
fitns angfdisjHhtenforum» 

Hoc efl ii (ii) fiat ut AC ad Fl, iic FI ^ tertiam AQ; fa) Ttfiti 
triaog. X eil ad triaag. Z. ut A C prima ad tcrtiam pro- /• 6. 
portionalem AQ. VjJe dcfin 10. !• s* 

Quoniam triangula X , Z funt iimilia, erit BA ad LI , {b) (b) T^r 
ut AC ad IF, Scd pcr conftr. ut AC ad IF, lic IF ad'4*^^- 
/kQ^ Ergo ctiam BA eft ad LI , (r^ ut IF ad AQ. Ergo /^j p^ 
Ijun^d JB^»2 iii trianguiis QBA & Z* latera circa angu- ii././« 
ios A> I> cjui per detia. triangulorum iimilium xquaks exiP 
tuot , funt reciproca. i£quantur igitur (^) QAB Sc 7>- W '«f 
Atqui triangulum X ad QB A eft ut (e) bafis AC ad bafim if*'*^ 
AQ. Ergo ciiam X cft ad Z , ut A C sfd A Q. Quod aat i*},^*^ 
dcmoaflrandum. ' ' - 

PROPOSITIO XX. 

Sfmilia pljgona (^SCDE^ FGHIK) ebviMinr Fk* fS* 
tnr (i.) in fimilia triangnla (PfSi^ Qy ^9 
'& Rj /^j) mtmero a^Holia; (i.y (^ totis froper" 
tionalia : (^) & polygonorum frefortio duplscata tfi 
frofortlonis laterfim (J^i?, FG) intcr aqtioks angs^ 
ios (5, G& B^Ey GFK) exifientiHm. . 

I. Pars. Quoniath poljgona funt iimilia, erunt (/) fibi (0^«'^. 
•mucu6 an^uiangula, eruntque bini binis sequales anguli B A E, «• '• ^» 
.<^FiC. &B,.G.&BCD, GHI, & CDE, HIK, & E,K. 
Quia igitur AB cft ad BC, (g ) ut FG ad GH, angulique B , 
ic G aequalcs funt , fimilia(i^)i*unt triangula P, S. Similitcr 2i/ 
demonilrabitur imilia cile R Sc V. Deiade quia anguU toti (h) F^ 
BCD. GHI, & abiati BCA, GHF aiqualcs funt, ctiam reli- 6.f 6. - 
qui ACD , F H I aequalcs erunt. Eodem modo oAcodam «• 
qoari togulos ADC, FIH, Ergo(i)tertius CAD tertio HFI n) ^ ^ 
jBqualis cft. Qoare ( * ) ctiam Q^& T trianguJa iimilia funt. 5.^3«. 4 il 
Liquet ergo I. pars. WPtr 

' ' 1. Pars. QiuHiiam iimilia ittot P & S, ratio P ad Sdupli- 4- A 6, 
$ata eft (/) cattoiis C A ad H F. Scd ob eandcm cadum (]) ^^ 

M X ctiam /r». 
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etiam ratio Q.a(].T d(?plicata eft ratioais C A ad HF. Ergo 
(t) Ptr P eft ad S ut (a) Q,ad T. Eodem raodo oilendam ut Q^cft 
j4,/ f. ad T, ita R cflc ad V. Ergo ut (^) unum antcccdens P cft 
^l^ ad unam coni^^ns S «^ ita onfinia antccedentia P, Q, R« (imd 
11. A ;• ^mpta, ad Qmnia coniequeD^ia S, T» V iimul fumpta, hoc;cftf 

ita polygonum ad polygonum. Quod erat alterum. 

3. Pars. Ratio P ad S cft (e) dupltcata rationis AB ad 
•fi, ^ F G. S<d ratio poljrgonj ad pojygonum cft ttdem cum ra- 
< tionc P ad 6 , ut jam oftendi Ergo etiam ratio polygoni ad 

pdygonum eft duplicata rationis A B ad O F. Quod erat 
. . tcrtiuni. 

CorolUria* 

I. ^^Mncs figursB ordinats fcu regularcs, ut acqutlatera trir 
V^ angula ,'quadrata, pentagona , &c. fiint inter ie in 
ratione duplicatd iaterum. Omnes enim ordinatx funt iimi» 
les inter ie» ut patet ox dcf. 1. 1. 6. 

[1. *^ tr$f re£htfiitrin$ fr9pmimahs; erit frixM ad ter* 
tiam , utjigura qu^vis plam (five fit trian^lwn » five oM- 
Jrilaterum, fe» polygontim quodcunque) fitper frimd, adjigu- 
tam fimiUm , fin^^erque dkfctiptam fi^fef fimv^A , vel eris 
reBarum frofortionalium frima ad tertiam , utfigura quavit 
plam fi^ferfiemd^, adfigurm fitnilem /fimiUfen^e defirif^ 
tamfufer tersid. ^am fer def. 10./. f. trium frofoftionalittm 
ffima ^ ad tertiam m dufUcatA ratione frima adfecundam » 
vdftctlmdsmd tertiata, Umdeferfrof, 19. veltime 10. Ih 
qt^t frof^um,} 

F^* Sf* 3- ^i figurarun^ quarumvis ixmifiurn latera AB , FG inter 

sequates anguios poHta > iint nota , etiam proportio figurarum 

innoteicet. 8if , ex. gr. AB a. ped. 6g FG 6. pcdum» Ftat 

ut a. ad 6. ita 6. ad alium numerum , nempe 18. Figura 

'fA\ p xninoTcft aid (^! ina)oreoi , ut a. a4 16. 6u ut i. ad 9. In- 

» aSL'^* veoittmaiifiam tertios proportionalis numerus, fi (y^fecimdtts 

(e) ^ar. jdatarosn mnlliidieetur per isipiixm> & produ^s per primina 

S»ti*vM*ddr]d»OT... 

4. £x e^ent prt^fitione elicitur methodus praeckira, ^ 
ganm qaamiris rcdbiincam aagondi vel miftucadi i& ratiowe 

f)^^^ ' wS» Ut Q ftdls pentagoni , cujos latus cft AB , aliwi facerc 
quinniidua» [quod fit &§fimiU:} inter termivos radonis dt^ 

t^ m ■ tae AB , B C, iavscni (/> mediam proportionalm BX. S^- 

•iq. i^» ^ Goaftrnc (g) pcmagonaoknniiie daso. Hoc «it q^M- 

(g) fV tuplum dati. 

18.' Jw 6. Nam per <3or. 1. hu}«s« pcatagonnm itipcr A E eft ad iHii 
fiflule fupflr BX ^ ut. AB priRsa aid BC tcrdtm, 

Pono« 



Likcr Axm. iS^^ 

Porro, ^um etkm cir^loruvi propoctio fit dtpp)icata pro- 
porcionis diamctrorum , ut oftetidetur p. 1. 1. 1 1. Hxc pra- 
xis a4 circulos c|uoque perti^ebit. 

[Cor. f, SifigHTfirum titMrumvis jimUium fropsnb fit no^ i%«J/* i 
hmotoftH stism frofmuk iMmm, inter dqtud»^Migulps exijkiin 
^m^f uffqfC mi€jubdt^iie4Ufkfit frvfwiimis^fi^iifmm^ Sif», 
ex. gr.figuTU r^R adfigurMm STV» ut ^ M 9a Int^r 4 dj» $( 
mvitMJmr midim frofortidtMUs 6, (nemfe (a) extraBione rddi' [j^xfstetem 
€k tpuklrotkd nutneri 36—4X9») & chnfirtt 4, 6, 9— 17./.6. 
fimq^figtttrd P^A > sry^ adft mvifm ut^fU^y erwu itt^ 
rttm htterit hmolega ue (b) ±sd 6 »Jtve ut 2 adi 3. (b) ^fr m* 

Cor. 6^Km corrigendus ejt eorum errotiyquifigurarum.fimi- »•*•»•* 
Htfm ettndem atque Uterutn rationem ejfe ofinantur. Si enim 
Jteorum, non tMntim triangulorum fimilmm > fed d» quudrttto» 
retm, fotttagonerum » hexagoncrum > (i*c, fyust etiam cireulo- 
rmm ) Uetora (jooo di^mttri^Jmt inter fe ut ± ad 1 j Iffe figu^ 
rs Jtve area erunt 4 ad i : fi laterafint interje ut j ad I9 
orttntfigmra iffofive ared ut ^ ad 1 ; in duflicat^ fcitktt Ute» 
rtem Qvil diafnetrorum) rationt. Sunt onim 4,,x, i-H-y '^^ 

» Scho}. Chneimadraettrum^E^-Kfrofortto dtt^imnfirfrifef* Tk^m. 
tioms Uterum^ OR^ SVi inde ratio dufiicata^laterum' O R , \? V^ . ' 
per ratmem ORq adS Vq fafijfime defignitrifikt ;'.n/; gr, fffio' 
for iuttrihus O R , SVfiant alf* qudvis fiptrd fin^iles f^fimilt^ 
ter fofitd 5 citmfint ed in ratiene dtiflicatd laterum OR , SV» 
erurtt ad^fr invkiem ut qujtdrattim £ ad qAiiJ^futH R, Jn/o tti 
ORqadSVq.] 

P R O P OJf T I Q J?Xr. 

X^Igttr< remi'nu<t ^^,.J?> qm fidf» (C), J!if>i£>4 %,y, 
J^,Jitt0t., etMmfihiWutu^JimiiesJwa* 

RatiC €X dofin. i. K 6. axbm. 1. 1 f. £c propoC i|k 

k f . • 

[J^fttf etvi^tatttfigurttAtfuiht B , /1^4 iS^tftilis tfiy 
orit iiiarum utraque iffiC dqui^ngulay t^ ciresr acfittle^ tM" 
ptios iateifa iffius C ^ieribus l?abe^t frvfertfonuliM. ' Br^o, A * _ < 
tffi M t^qmaujgtUthOrit» ^ latera ctrca iffartim ^(i^B^dqiiaio^ 
mtgtikeotmntfrofortmalitti b* fromde figgard 4 {^ kjim'4u 
trtmt.l ' . T. 
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PROPOSITIO XXII. 

***/7' Q/ ipuumr am pl^res reSfa (Flj LQj dr OR^ 
\J SF) freipmiimales fuerim ; figfer^ rcEliUma fi^ 
miks y fimilitertjite ab iis dejcrift^ (jiy Bj dr £» 
K) PropartioMks ersptt^ 

EX e canverjq 9 [Si proportioqales fiieriat £gurs 
rc&ilines (A > B , & E , K,) (imiles , & fimilit^ 
defcript» fupcr reftisr (FI, LQ^ & OR, SV,) 
erunt etiam ipfs line^ redx proportionales.] 

Demooftratio priinac partis patet cx 34.. f, QfiODiam «0101 
Kattones A ad B» ^ E ad K funt (a) duplicatx rationum F I. 

C*) ^ «^ ad LQ9 & OR ad S V , cx hypothc(i aequ^lipm 9 ctiam ipis 

LC ;jBqualc« cruttt. . . •: 

Pars 2. patct cx 35-. I. f . [^uia enim rasiones 4quM(ei A sd 

th) Per ^f &^ V,^> 0>) dutlicasd ftms rasiormm Fl ad L^.i^ 04. 

Lij^ Md SVi eiiam hd squaiej erunt, 

Cqt. I. Hhtc deducitur ratio mmUiflicandi (^ dividendi n^ 

dkes quudtaSiicMS. Si enms etNiisifitceMSuf inter fe quansitat^ 

fiinis radkfilikus ajfo^ , (^ ftfiduSto prAfigatur ejufitem rsr 

* di^ffiififtt^i (fohihitur radietsm dat/^rum prodfs&unh Ex.gr, 

fitVf multifUcanda io y 3 : ditp firovenire V i%> Nam ex 

sifSUtifiiiatims defimtme dehes ejfe u^isas ad nmkiplifanStoi^ 

[five V i) us tmdtifUcandus (feu V s) ^fi ^ frodssBum. Erga 

fer hastc frof, erit quadratum $mitatis ad quadrMfsm multtf^" 

cauSist ut qsMdrat$tm tnidtiflicattdi ad quadrattsm froduBiihoc 

efi, fifro nttmero frodtt^o fonasur F» erit i,^::^ Pq. Sed i 

^::f. if. ErgeFq^if, ^» PZZV i>. 

, Rurjuntifjt proponattsr y \f dividenda fer \^ fi qttotiem 

. frfr V 3* Himirum dividendo if, per f. o» quoio 3 , fignum 

rttdicale frdfigendn, Cittn enim * ex d^nimue divi/oms t fk 

nsimertts di^dens std diyidendtsm , m unitas ad qtsottsm\ erg§ 

fer hapcfref. fri^ ^mdr/ttum dtvidentis ad quadratssm divi' 

dmdif ut quadratum tttuSasis ad quttdrasum qtsoti y hoc .efi^- 

fifro aiMtoftfnaSur ®. eris f.^fv.g, ^-Sedf, ifv.i.i* 

§fg. S*« * ^^* ^- "^^ ^^ ^^ ^^ fi^fif ttScwtquf m Ci re^att^r 
fitlum /ui fartikts AC^ CB comimssm, tfi ntodium freper^. 
tionaU imer eartem qttodrstsa. Item re^angulum cMtemum 
fsb tata AB cJ» 'tsnH farte AC velCB , efi medium frofortior^ 
nale mter quadratum totius AB^ & quadrasum dtSa fartii 
AC V€l CB. Nam fisfer dtametro AB defiripsofemicircuk 
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J^ 9 & iTiBJi mJ Mammum ffftndkulm CFj p^mfb^ 
im trtMngHkm nSmguiHmAFB, tiquet efi[z)AC:CT\\CT: (t) firti^i 
CB, Erga pit hanc frop. erit ACq : CTq :: CFq: CBq $ bic ^^ !{?'•• ^ 
(b) ACq: ACB riHang :: ACB riaanp CBq. J Jj nSu 

Forro (c) BA:AF\\AF:AC. F,fgo BAq: AFqwAFqtACq. {e)Pmtm^ 
Boc ^, (d) BAq:BAC rtBMW BAC nSMgt ACq* ,£$di$u i«f«8«X& 
modo ABq: ABC :: ABC: BCqA ^^K^J^ 

PROPOSITIO XXIII. 

2C Q!f'^ff'l* parAUelcgramuia (Xy Z) inttr Ji ftg. ^, 
./ 1 j rAtiettem hdAait comfoJaMn tx ratiimfitu i** {J^^JJJ^J' 
terttm (AC ndCB, &LCad CA «T* 

Hoc eft, fi fiat CB ad O, at LC ad CF; X ift ad Z, (^ (^Fmd^i 
«t AC ad O. Vide quae dcmoaflraviinus 1. f • pane ^.aum. M^ 
13. [ re/ riffkifis ad mPMitiMs , ^tfi^ definitiovim quimmm 
bijtu Uhri (quMm ex Euiiidi nfttttumus) jtimfisfru iUmlkur 
vimus. 

Fmumtw AC,CB itu in diri^um , ui miguU d^uUei ACC, 
BCFpmudfMies amrmus n&aABi {i)irum^ ijC^CFiu (f) f^r tf 
direaum.] f^^''^^ 

CoQcurrant IL, SB» in Q. ParaUelognfntnum X eft (f) YluZ 
ad paraUdc^ammttm R, uc AC ad CB : 8c R eft ad Z « (iCr) (k) Pgr 
titLCadCF» (hoceft, QcCBadO.) Ergo (i) ex «quaX W/, 
cft ad Z, ut AC ad O. Quod crat demoaftraiiduin« ('■) '^ ^. 

CoroUaria. 



H 



Inc 8c ex ^4. 1. 1. patet primd, Trianguh qux tmum an^ ^* it« 

^ . gulum (ad C) aequalem habent , rationcm habere com>* 
politam ex rationibus re£brum AC ad CB» dc LC ad CP 
cqualem angulttm contiDentiara: ^ ., 

Patet 2, Refenguk . ac ptoinde (*) 8c paraiielogramnMi ^^' y[ ^ 
quxcunque» faticxiem ioter iehabere compofitam ex ratio-' dtf.^.LC. 
Dibus baiis ad baiim^ & alcitudinis ad ahitndinem. Neque (l| Ptrdf. 
alitcr de trianguiis [reBitniuUs , <^ uuk (1) di trimtgmU$ i.l'6.& 



^^i</^«»^«e] ratiocinaberis. ^* J^jjt. 

Palct 3. Quo m^do triangaloruth ac paralldogrammorttm ptgl ^ 
proportio exhiberi poffit. Sunto paraMommma , X & Z^ 
& oorum bafes AC, CB , altitwiines CL,CF.Fiat(i»;ut CL (m) M 
altitudo ad aJtitudinem CP, ita baiium altera CB ad O. Pa* ix*U6m 
xaUelogrammum X cft ad pandlelopam. Z 9 ut AC eft 
adO. 

PRO-» 



PROPosiTio xxnr. 

9k-S9^ ^ jsr •amffi paralUkgrammo (SF^) ^ eirca (ji/iS) 

Mi ^ inter fe Jimilia JuM , [& fimlliter pofitt j 
hoc eft > kitera •honiologa vel tn eadem redi ja- 
cent , vel fiinc Hbi invicem parallela.] 

Per ly. I, xqualcs funt anguli BCE, BSA,8c BLE,BFA. 

PW cihddth CEL eft |>ar CIF,, hoc cft pa candcm ipfi SAFi 

B vcrd 8c toti SF , 8c parti CL comniunts eft. ^itttr totum 

S F 8c pirs C L aequiangala fimt. Rdiquum e(f, ut ctiam 

Ik^ cauaKfeuH angulis oppbAA hl^dttit propdrtfonolfa* 

Qiiancim in trianguKs B CE , feSA, tft C E paArallela ad 

^)firnr. SA , «dt <«) BC ad CE, ut BS ad SA $ 8c CE eft ad Eft; 

i,i. 4.^6 iit {h) SA ad A6. Quk vefd 4ii' triangdHa ouoque ELB^ 

g' '*• AFB , EL eft parallda ad AF, erit EB ad EL, uc {c) AB 

T^^* ad AF. Ekgo ex ciquo(^Ce«Jfb ad SL > ut BA ad AF. Igihir 

Mk9i* (^ CL & totiKn &F fimffia ftmk Sedein ^odd^ftendant 

(d) ^ 01 efle iimile toti SF. Ergo (/) CL 8c OI funt etiam ft^ 

^^'2i ^^ (^^ ^* r^>>*"^ "^^ ^^^ hdf99okgs -vet m tMm 

£f. W 6. reaAJMctms fttBC&BSy Bl^ BPi vitfimtjibi mvkHtB 

^'pjr ' pimmM, HtCEt^SAi BZfii^ A Fi i^M foriUUkgnmfma 

ttt4,%* CL^ SftjftfimiiHer pe/ka : <^ iaJim medo cmifiMt parMih' 

' l/ogramma OI ^SF» (mc froinde CL (^ Ol) egefimiliter fofi* 

t^] Qux crant dcmooftnuida. 

[SdioKum. Umffr^fbfiHemfrMmMiMAto^eptMintordch 
e^ fitiet futtim % Iketa adjmgere* Frims tU dkffimfyeSat^ 
pfilarhu kd hyperbolam. 
jBj^ ^* I. Bitth trikus reBis ^, B» C, tputmm ferttM C mimtfii 

^eAm friihM At ^ eonftihtto foBmigtdo DEFK/kS fnmA A 
wrM>£, &feeimda B vel JEFi adfitaoidam aUied reSfmigff'' 
hm sfpliam, ImitHdinem hshems terHa C aquakmt f^ defi* 
eiems re^aw*lo fimiii fj^ fimiHter fefite , ei ^uod ffii frimd t^ 
fecunda coaftituitur, 

Dmad rtHat^li EK dimmtro DF, t kftere DE fflftta. A 
dquuH^ obfMatur EG teHia C dqunUs i & fer G dfUatitf 
CH kmfri EFfaraUela , diametro occurrem mH\ fi^ferH 
dtieatur Hl lateri DE faraUeU t iffi EF occmrrens in I. Dki 
fuBt^ : HSia^gulUm enim GEIH eft id quod feteifatttr. Fm* 
dff^s enim GH, IH, ferficiantur reSiangnU IL^ GMs, Bt 



^ nBmguU EK» IL arcM umdim iMnmitTum Pmt ^{i)nfmi (a« p«, 
pm\lM & Jimikttr ftfiii^, Ctnfirli^ kaftt ye^^aHgsdlo EKfnS *»Jmfnt 
dM^THm frimd A ^frcuudaB^ fiveJuB D£& £F, adfr' 
amddtm EF tdktd rtSm^fdmu^ nmft G/, ufplkmmr» Utitti* 
dhiem htktm G£ ttrti* C iJi^taltm , (^ deficttns reBmgnlo IL 
fimili & Jtniiliter fofito iffi £iC quQdfitb pimi & fictmdA con^ ^ 
ftituitnr. ^E.F. 

X. DMtij tribtts re^is A ^ B , C, (^ confiftnto rtSmpdo ^» ^ 
l>EFKfub frimi A v^ DE , ^ftctmdd B vel EF; adfwM- ^ 
dnm Muud rtBangulkm ntflknrt^ Utitndmtm habtns ttrtU C 
squnltmy & txcedent reaangnloftmiU f^fimiliter fofito ti qittfi 
fteb frimd (ji^fecnndd confittMtttr, 

DuBA rtStnngtdi Elt dinmttro DFi ftodtKMfttr Dt sd Q^t 
Jk ndjtaa EG tertU dMtd C dquuBs , & ftr Q duentttr G K 
Intert EF fnraUtU , & occnfftm dittmetro t)FfroduSd ii$ 
H'y comfleaturtiut rtBmtgnium EGML Dicofaaum. fri* 
duHis tnm Hty DK, KF, ftfficintttnr reStanguUGM» LL 
Mtchm rtBanpiU JEK, Llcnxd tandtm diamttrumfintt ^- 
fknt {h) fimiUa & finutittr ftfitn. ConfirnStt itdqut rtS^' \, . 
gulo EKfub datammfrimd & ftcuttdd, t>E, EF, nd ft- yj^/^^ 
gtmdarh EF dliud rtBmtuUtm Ql nfflhdtur^ UtitudUtm hn^ 
$ens EG ttrtU C d^udUm , & txtemns rtBnngulo L l fimS$ 
^firMttr fofnoiffi EK ^uod fi$b frimd (jr^ftcnndd coiiftiitd^ 
tur. ^. £. F.] 

PROPOSITIO XXV- 

F)ljg(mum datttm Ji iit ahttd dato BJimik trd^f* f^ ^ 
mHtare* 
. Sive folygmtum cmtfiktttrt atfttak dain A^ fft fi* 
nHk d/nri dato B, 

Soper CF ktere pol7|offl B, cui fimilc pef itur , 6c rcc* 
ttflgulum Q^ (f) «quale B. ' Dcindc fupcr FS fec (d) rcdbn- * % p 
gulam R aequale A. Mad}fe(him (t) cft CF & Fl effe in di- J/. A iw ' 
rc^uffl. tnter CF, FI Invcni (/) raediam proportionalcm (d) Pot 
FL. Super hac fec (g) poljgohum limilc dato B; cfit hoc '^ . 
ctiam asjtialc dato A. (*^ J'*^ 

Kam chm pcr conftr. 6nt fres proportjonalcs CF, FL, (^p^* 
Fl,* poi/gonum B eft ad fimiJc fibi polygonum (uper FL ij./.^,' 
fildura, (*) ut CF ad FIj hoc eft (i) ut QjkI R. Igitur (g)Per if. 
permutando, ut poiygonum B eft ad Q^, ita polygonum fu- ''^* 
per FL ad R. Sed per conftr. polygonum B xquatur Q^ Er- i.l V^ 'JJ, 

foedam pdygonum fupcr F L, fimile ipfi B, acquatur R, (i) W 
dc cft , per conftradi. dat« A. Fa«Stum eft igitur quod pe- ut.6. 
ttfbatur. 

FRO- 
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PROPOSITIO XXVI. 

W^i€t. Xy^^illd^dmma JhmlU f^ fimilittr fofitA (BDi 
" ' ' X FNj) habemia an^lum commuwm (uiy) circx 

eandem diametrtim exijhmt. 

Duc re£bs AE , CE. Si negas A £ C , eile diatnetrum 

communem parallelogrammorum BD 8c FN; ipiius BD dia- 

meter cflo re^ alia AGC fecans F£ in G , & duc redlse AF. 

parallelam GH. Parallelogramma igitur FH , BD cxifteot; 

(t) Ptr cxta, coonnunem diametrum AGC , ac proinde (4) eruot li- 

a4./.tf. milia [(j^jimilitir pofita.J £rgo ut BAad AD, (6) iic FA 

ih)P€r4bf. ad AH. Sed etiam ut B A ad aD , fic AF ad AN, cim BD, 

i.t.6, FN limilia fint per hyp. ErgoFAcftadAH , utFAad 

AN. Quod e(l abiurdum. 
^* f9» [Cor. I. Hinc monmm comfofiionem AJliman difcimus,^ 
Impdlatwr eodem temforis mmowto » corpHs tU A fofamm^ 
'vi AF fecundhn direBionem reBa AF > e^ vi AS fecun- 
dmm dire^ionem reBe. AS » {ita nemfe > »/ corfns foli o/f 
AJF re^am AF , & fil^ vi As reOMm 4S m dsio tem* 
fore defcriberet i) ^ cemfleatur farMieUgrnmmtim ASBFs 
€X conjmiiione vtrium » corpus A di^^onalem AB eodem dato 
temfere defcribet. Idem emm erit motus ^orfcris A % ac fi^ 
dum illud feratur in motu umformi ab A adS in re^d AS^ 
iffa reHa AS motu itidem unifinrmi , &fitufibi iffifemfer 
farallelo , fmiio fu9 A re^am AF eodem temfore defcrih^ 
reti nam eo faBo cenfervsilnmtur /Uraque motuum dtreSHonee 
nierfiis flagas S B atqsse FB reffoBivh Umlefiet , ut dum cef" 
ftit A aiiqnd quavis temforis datifartOi {v, gr. tertid) *«r- 
venimt ad O , eandem {tertiam) fartem reHa AS defirilat f 
iffa AS in fitum IC transferetur , e^ iffiusfuuBum A eaU' 
dem. itidem {tertiam) partem reifa AF eddem {tertid) dati 
f c) 9»r temforis parte defcribet ; ita utfitSAad AF^c) ut OA ad AD 
t^, i, f, ac promde duifa OL ipfi AFparalltla , quafecet reHam IC 
Id^Perdef* jn £, farallelogramma SF, OI erunt{d)fimtliay(ji» fimiliter fe- 
^^^ fita , <J» corpMs A ex utroqtte motu^ infine ejufdem {tertia) 
dati temforis fartis , tnvemetur in punBo E. Fjt citm paralie" 
logramma ifta habeam etiam angultsm cemmunem A t fer 
hanc frop.^ circa eandem diametrttm AB exiftunt , ^ corpets • 
ad E erit in iffd diametro feu dtagonali AB. Ft eodem 
tmdo , corpus tn quovis alio dati temporis momento reperiotur 
alieuhi in re£id AB , (^ in fine temporis dati^ in ptiuiio B. 
Brgo deferthet ipfam diagonaiem A B vtribus cenjunBis , eodem 
tempore quo vi*AS reHam ASt vel vi AF reSam AF fefa^ 
ratim dejcrtberet, Cor. »• 



, Vher Snaml 19) 

OdTI 1; DtfirUat i^ifur gorfus qtt^dvis in dnn qwvis tm* 
fm Pi0Mm DA vi injitA ttt DA: Idfm C9rfm dqMU $empor$ 
rtSam AO re^d^DAdquMlim^ & fecuadMn eandem direBio» 
ntm defcri^erett fi nuUd %i aUd imfdiretur. Si itmpse cmr* 
ft$s nd Af n enotu fecundhn AO defleBensy in eodem tem^ 
fert reBum AB defcrUfath tum duBd 0£, compleatur paral^ 
iologrMmmmm O/, ^ mnmfefium (a) efi , corpus fecunditm fs) Per teti 
rediam AEferri » vi comfoftd ex vi priori infitd DA^ vel AO^ *• *9*'» 
^ ex ntrvdvi Al nd fttn^um A oorfori imfrefsd fecundnm M" 
roihonem roBd AI, 

Cor* 3. Hmc e conn;erfoy fi corfus vi AB dtferibnt reSiam 
AB* idem erit tnotus, atfi reBnm enndem AB eodem temforo - 
defcriberet vi comfo^itd ox viribust qun iateribtu AF, A$ 
fotaUtlogrammo cujufcunque SFt cujus diamettrfit roBa AJ^t 
froportiitaies fuerintf f^ qua otiam fecttndum latera ifta AXi 
AS dirigantttr, 

Cor. 4. Hine tnfufer tttm lUnfriff, Sowtono coUigimsis a^ ^* C^ 
foas quas eorfora quaetmquo in gjros aSia ctrea immobile cen^ 
trttm virittm defcriittnti <^ in flanis immobibbus conjfteri , ^ 
ofi temforibus frofortionales, Dividatur temfus in fartes a* 
^uaUs 9 t^- frimd tomforis forto dofcrtbat corpus vi infitd 
roQam Uneam AB. Jdem corftts foetmdd temforis fortOsfi 
mkH imfodiretj reBa ad a fergereti- defcribens l/neam £»4- 
mttdom ipfiAB» itaut radOs ad cemrum dttihs confeSa forent 
(b) tq^los area ASBt BS%. Vernm ubi corfus venit ad Bi (b) P,r 
agtttvis contrifeta imfulfu tenicofed magno » • fadatque corfus 3'* ^ i« 
n reM B» defe^oro , <^ in reHd BC pergere : Itoc eftt fi vit 
tentripota in eo locofit ad vim infitam» ut B^ ad B*, & ptr*- 
ficiatur parallelogrammitm Bydi Corpus lineam (c) diagona-' (t) Ver ceN 
lem BC defcribot , (^ completd ftcmuid temporis parte rept' 1.%.^^» 
tioittr 01 C '9 in oodem fiaao citm trianguio primo SAB, 
yungo SC» Aroa radtt ad temrttm dttSio dofcripta » hoc eft^ 
triangulum SBC (4) aqttaU erit triangulo SB»i tttque adeo (i^ pg^ 
<(c) trianguit primo SAB. SimiU argumonto tertid tempor )?. /. r« 
ris parto torpus a C ad ^ vi inptd pertmgerot , ita nt («). ^^ 
Unta CtaquaUs effot Unta CB,- fod fivis centriptta^ five ma- ^'^' '*^'« 
jor frioro Jrvo nmor , itornm agat ad fmtBum C » in fino 
tortii tomforisreporietMr corpus alkubi in Uned D^ , Unea SC 
faraiield : ideoque tet pritts » diagonaiom CD defcribot : & f4- 
dio DS ad cemrttm dttBo » orit triangttUtm SDC in eodom 
fUno cum quadriUtero SABCi <^ triangnio (») s/C, attpto (f) Vh 
stdeo roUq^ SCBj SAB imerfe oqttaUbus, erit aquaie* Fari V*i'J* 
modofi vis centrifota fucceffive agat in D ^ Et F» facions u$ 
itrftes finguUs temforis fartibus diagonaios i>£, EF, (^. *dff^ 
cribati Erum ita m oodom fUno , <^ tmngtda triangttUs fft' 

N ortbtH 
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4f»uks mriA m fum» immot^ d$firib$mt$ir : MMt kdi^jirett* 
rumfummA qtuvu SA DS , SAFSfuniinier /i ut defcrifiuf^ 
num temfora. AugeuturJMn numerus , ^ mimuUur lutku^ 
de tritatguhrum iu infinitum > <^ rorum ukimu perimetir 
ABCDEF» &c, erit tmeu curva, c^ are^ bocmcmfm> in fUmi 
immobili defcriftd, erunt etiamaum temferihns frefertiMMku 

^•H« Cor. 5*. Hiuc etiam^ ctm CL, Newtone, eeUigimus ceeferu 

omnia qua in curva aliqua moveatur , ^ areas circa eentrumt 
aliquod S temforihus froporttonales defcrilmnt , a fvi eentnfeta 
ad centrttm iliud tendehte ferfettto urgerl Cum enim cerftu 
vi infitd dquales reSias ASt B% dqttaiibits temforihus defcrwe^ 
8 /'^ rer, duBis SJ, SB, S» {la:^ dquaimmur trianguia BSAySB»u. 

^ ' * '* Cum vsro corfus ex hffotkt^l aquaies areas SAB, SCB aqttftii' 
ius tempcribus defcribat , aquabuntur etiam tritmgttia SBA^ 
SBC* Siuare & trianguiaBMtt , SBC aquaiia erunl, Bt que» 

(b) Per ^^ fi^f^'^ eadem bafi S B confifltmt , ftmBte C&it (h) entsti 
39. /. !• in linea C a bt^ faralield: atqtte adeo dttSiA Cy reBa » B ftt* 

ralldd > erum- Bu , fiy faaalleiogxauum ny latera , c^ BC ai^ 
gonalis, Corfus itaque a reBd ABu defieOeus ttd funBtem fi| 
<^ diagenaiam BC deferibens eodem temfore,qtta iattu Bu abf^ 

(c) PfT c«r. V^ ^*^^ '^^ ^^ ^ imfrefsd dafcriberet » (c) ttrgetter etiaite ite 
%.iny,fro^^ fun£h B , vi By tendeme ad S cenirum virmu^ Mt^itu iu 

funiHsemnibusC, D, E, F, djitc* ^. E. D. 

Oor. 6. Cum itaque in Piattetarum frimmaenm» Syftemutei 

Area radiis ad Solem duBu jmt femfer teuepersStts frefortiante' 

les, ttti Afirenomis eft notiffimttm^Urgenttu^ FiuneaaviferfettoA 

ud Seiem tendeme, N«fM# ttUter de fetettuiarHs cirta frituuriae 

fitet efi ratiocinandum, 

#%• /9« ^' 7'^^ faraiieiogrmmm BCEL diameter BMy^ frodttSie 

C£, LE,fiat faraiieiegratmuum AOEJ fathoUeiegrammo BLMC 

fimiie , jimiiiterque fojuum , diaumrum Imbens A3: dico qu^ 

puraOeiogramtnortuu CL,Ol diametri BE, AEin direBumjtt^ 

eem, Nam freduiHs BC , AOy e^ BL, AI. ferfieiatur farall^ 

id) Fer S^ttrumumSF^tlsf* frofter CE:EI::{d)LE:EO, eritCh tEr.(ei 

U \LO:OE'y & (0 aitematuu, CI:LO::IE:OE,itoc {u)efi^SAe 



(e) Ptr AF::OA:AL Paraiieiegrammaeghur SF, 01i\i)fwtika/m 
//' p^* ^^*'* ^^'^*> & commuuem angutum ad A Itabmtia, per kame 
16 Lr, ^^* ^'^^^ eattdem diametrum ex^itmt. A$f$e eodem mada 
tg\ pg^ tiemoiifirabitur faraUeiogratuma SF, CL circa eandem tiidmur 
14.*/.- 1« trttm exifiere^ Liquet igitttr diametros AE , EB farttt efi 
(b) Per iff. diametri AB , e^ froinde in dire£htm jacere. 
U i*^ Cbr . 8. Sidue triauguia AOB » ECB , qua iatera du^ AO^ 

OS duibUe £C» CB frofortiouuiia kabmu, (utfit AOjOEii 
' EC: 



^ . LAer Sextuu ip^ 

IC t CBi) ffamdkm mmn ang$tlum OEC ita eompcnAntur , «r# 
AirM hmoloii^ fim faralliU , ntmfo AO ipfi EC , f^OE iffi 
CB i erunf niiqua lateru AE , EB m dirt£ium. TroduBis 
tmm 6C, CE, duBifaut ud fUasfarallelis AI, BL^ferfician' 
tur faratklogramma O/ , CLi qua frtfttr taralleiaj OA, 
CT, BL, (^ Al,OL,CB,trunt (a) aquiangula, (J!* fimiiittr (a) Ptf 
fofita-y & frofttr AO: OE ::EC:CB, trunt ttiam fimdia(}>) a?'* »• 
ac froindt fer eor, fractdens , torum diagonales AE» EB in ^J*^/^7 
dirtaum jaeent. 3.E,D. i.«.«. 

Hoe okttm eoroUarium frofofitionem 31. fsujus /. 6, nohis 
txhi6eti quam quoniam omiferat Tacquetus, tx iaoc» frof. 26. 
mediavtt coroilario feftimo deducendam etnfuimus, 

p RO p o s iTio xxrii. 

OMnium parallelogranimorum (AD^ AF) ie^j^.^j.i^ 
cundiun eandem redam (AB) applicato* 
rum, & deficientium parallcjogrammis (C£,IH) 
fimilibus & iimiliter pofitis > ei parallelogrammo 
(AD) quod fuper dimidii AB defcribitur; ma- 
zimum eft illud (AD) quod ad dimidiam appli- 
catumeft) fimile exiftens defedui (CE.) 

Jiffikemur ad rodam AB hiftEiam in C , faralieiogrammum 
ACDL 9 ^ quodvis aiistd AIVG , dtficiemia faraiiiiogrammis 
CBED , ^ IBHF, fjmiiiht^ ^fimiiiter fojitis ipfi AD faral-^ 
lelogrammo quod a dimidid rtcla AB defcriiitur : Dico paraUt^ 
Ugrammtim AD farsditiogrammo AF majus tjft. 

Hujus auttmjfrofefitionis eafusftmt duo : vtl tnim faraiiiio' 
gramnn AF hahs AI tft iffA AC major , vti minor, 

1 . Sit fritm mojor, ttt in Fig. 6f, Et quoniam faraiieiO' Fljg^ ^f^ 
gramma CE, IH eommuntm angtibimCBE vtl IBH ifabtmta, /c) ivr 
fimiiia ^ fimiisttr fofitafunt (c); eirea diametrum tandem ^. 
DFB (d) ertmt .^ & froduaa IF ad K, trit CF iffiFE (e) ("<) ^^ 
atfioli, Communo apfonatur IH , tritquo CH ~ /£. Std ^X^pgf 
fropttr AB hifeHam in C , (f) trit GCZZ CH : Ergo d» 4«. /. i. 
GC— lE. Qmmunt adjieiatur CF, <^ trit AF:^ CF^IE, (0 Psr 
Std CE , (hoc efi, (g) AD , frtfter aquaits kafts AC, CB) ma^ ^- ^ i* 
fss tft qsam CF +/JS; AD igitur tfi iffo AF majus. . '^^/^ 

1, Deindt fit AI minor quam AC\ ut in Fig, 66,Et quo^ Fii,66^ 
ttiam fooaUelogramma CE, IH communtm an^uiumCBEvei 
IBU /?aSfmia,fimiiiaKfttn$ &fimiliter pofita {h)j drem tandem (h) Pet 

N z dia- *SP. 
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|t) fif Jiam€^Mm(t) BDF enmt, DitcMtHr dUmetir^ & Jefcriht* 
r*** turfyurn. Et frofter ^qu^iUj AC , CB » (b) dquabinuur LD» 

{b) Ptf D£. ^^ ^ fmruUelogrammft GD , DH dqualU (c) trunt^ 
le) Pfr ^araUilogrummum tgitur DH efi faraUelogrammo GK-mujuf, 
36. /. I. Sed DH{d) ZZ Dl : ergo DI majus eft {jukm G K. Communo 
(dj Psr^ apfotuuur AK » 6* faruUelogrummum AD fMruUelegrMmm^ 
4i* ^- '• AF mujus- erit^ 

Omnium itoque fMTMUelogrammorum feeunJum euudem rec^ 

tam affticMorum , (^ dejicieatium faraUeiogrammis fimilikus 

f^ Jimditer fo\tis ti quod a dimidia defcrihitur > maxmum U^ 

lud eft quoj mJ dimtUtam afflicatur. ^. £. D. 

Tk* ^7* ^^- '- ^' adeandem reciam AB affUcemur faraUelogrMm^ 

X mJH AF, A<f deftcientia favMltdogra f mis IH» in fmilibus ^ 

fmiliter fOytis ipjt AD (vel CE) faraUelogrammo quoda reHa 

AB dimidtd dcfcribUur > ita tamen ut fit fummu reBarum 

lB+tB—AB^(i?oc eft, Ai—IB,& CIZZ C«}) ParaUtdogranh- 

ma AFy A^ erunt dquaBa, Nam frofter dquales AC, CS>eJ^ 

(t) Ter «C, C/, (c) aquantur eiiam GN , NH, ^OK^ SP: & i» 

tA.1. 1. trimtgulo FO^ , frofter reBas ND, D» lateribus ^O, OF ff 

V) ^^ ffecltve faraUeUf , erit (t) etiam FO ~ rx^ , cJ» O» rz »^. 

^\'pt ^'^' ^^^^ ^^f^^ aquaUs , (g) erit NLZZSE, & NaZ:Z 

al. /. I. ^- ^i^ <^^ (= ^^ = W ^^)= 0) OC, cJ. xOLftvo 

(b) P«r Oy ZZ 2,OC ftve OL Communo affonatur AO , eritque A^ 

45./. I. — AF. ^ jE. D. 

C') ''^ Cor.i. St ad reBam AB afflicemur fartdleUgrMmmM aqua- 

i^' ^ I* Ua AF^ A^, deficientiM faraUelojrammis IH, mfimiUhtt & 
pmiUter fofitis faraUelogrammo AD (vel C£) quoifufer dtfni" 
j:j :4.r:^, jin Jmn-m.ki*^» *.^»xt:, 1 mL, , :^ ^mfsi aB JMcentihus\ 

m frodsUld rec^ 
communi AO^ 

, _ J = FH 

(n) Per frojode (n) At ZZ IB^» 

PROFOsiTio xxnii. 

ffc. 6». A ^ ^tTm rcaam (AB,) dato redilmeo (Cj 
.x\. «quale parallelogrammum (AI) applicare, 
deficieRS j^allelc^mmo (ON) quod umile (ic 
alteri dato CD.) Oportet autcm darum redili* 

fo) fer ^^^ (^) ^^ «quale applicandUm eft , non (9) 
majus efTe parallelogrammo (AG) quod ad dimn 
diaai date ( A B ) applicatur >* nmilibus eziftenri^ 

^ bu$> 
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bus, & eo (AG) quod ad dimidiam applicatur, 
& (EF) defeftu ejus , illi parallelogrammo (D) 
cui (imile (ON) deficeit debet. 

Bifectntr jfB inEy & fufer re^i AZ , {:l) JefcriBatur ^ pa- (a) ^fr 
rallelogrMnfM Jato D, Jimiie parallelogrammum AGyd^ ccmf i8. ^4. 
fUatur paraiieiogrammum AF, Erit quoque EF ipfi AG , ac 
freinde JattDjtmile. Erit etiam EFipji AG Jimditer pOytnm, 
f^ afiale. Et cum fer Jeterminationem, AG nonfit minus rec^ 
ttiineo C, erit vei etdquale, vei eo majtts. Si J,t AG 'ZZCt 
faSium eft quod fetebatur: Ad datam enim reBam AB dato rec 
tiiineo C aqualefarailele^rammnm AG apflicaturfdeficienJfa" 
raileiogrammo EF, dato Dfimiii. 

Si vero paraHelegrammum AG fit reBiUnee C majtu ; (b) /»- (b) Ftr m» 
vematur excejfus ipfius AG vel EF^ fufra reSiiiineum Q (jr iUi f^i^f./. i. 
excejfui dqualoy ipfivero EF/imiie (^Jimiiiter pojttum /iat (c} 
faralleiogrammum KL , cum ipfo E F communem angulum ha- (^) ^'T 
SensG.TaraiieiogrammMigiturBFXLfCirca eandem diametrum ^k ^^ 
GIB (d) exijiunt. Frodueatur KI ad M, N; (^ LI ad Oj x^.i,6. 
<^ erunt fxraUeiogrammaONt EF, circa eandem diametrum 
GS, (jr (c) froiade Jimilia, Ergo (f) etiam ONjimiie eji da' (e) Per 
to D. Et (luomam KL eft excejjus faraiieiogrammi EFfufra »4*'«^» 
datum reSHliheumCyfi tta^ue e faraiielogrammo EF auferatur ^^ ^Z 
XLf qtiod reliquum e/i aquaie erit ipfi C; adeoque erit reSlili* ' ' 
neum C aquaie faralUiogrammis £N, IF fitnul jumftis,hoc eft, 
(propter EN(g)^AK, ©• (h) IFZl El) aquaie faraileiogram' (g) ?tf 
tna AI, Ergo ad datam reBam A B , dato reBilineo C ^quale 96. L i . 
faraiieiogrammum AI appitcatur,defciensparaiieiogrammo ON, ^**) '**' 
^d Jkniie eft dato D. ^F.F. 4W- i. 

SchoKum. Ex eafu 2. ^ cor. i. prep. praced. emergit aSa ^i- ^» 
metljodus isoc froblema conftruendis Jt nemfe, fuper datd AM 
€onftitutis ut frihs AGy EF data D fimiiibus , frodaeantur if- 
fius EF Utm EG ^ diameter BG , (^ circa /jancJn an^ulo ipji 
EGF ad verticem opfojtto , Jiat (i) faraiielogrammum SGT^ ^'^ f^ 
anuaie exceffui ipjius AG vei EF fupra reiiilineum C, ifjique *^' * * 
EGFBJimiie $ JjmHiterque fofttum. Unde 5T eritjimile , Jtmi- 
Hter fofitum df^ (k) acfuaie ipji KL m conftrttBione priori. Pro- ^^] ^*^ 
duaisAH, BFy^ym^yCompleamurparaileb^r^mmaA^, (J?p^'j5; 
fR : Erit (I) FRJimiie tpfi EF^ ac froinde dato D. Et propter /. ^. ^ 
CT» XLJimiiiil , Jtmiiiter fofita c^ aqualia , erit SG^ GL^ (m]Per 34. 
^ e/i . (m) PE — EO. Uiide (n) AP — OB , (^ (o) A^ — i'*'p 
uf;— C. Ad datam igitur reitam AB , dato reSHiineoC aqua- iJJ/^T): r 
le faraiielogrammum A^afpUcatur, d^ficiem faraileiogram' (o)Per cerl 
tmPR, quodjimiie eft dato D. i. ftmc. 

N 3 Cor. !• 
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H^^ _ Cor. T. si faraUtltigrammum datam Z> i^drttmn fit§ 

* frobltma fic ffferetur : Ad datam re£bm AB, dato rc^ilinco 

C scquale refifangulum applicare » defictens quadratd. Et data 

recid afplieahitur re£langidum Al deficim quadrato ON, n/el 

reBangulum A^ dejicltns qtMdrato VR. XJnde , citm fer hujus 

.frof. (velfcholii) conftruSHonem , re&anfulum Al tmk cum 

quadrato KL, (vtl reSangulum A^ una cum quadra:o ST) 

aqualejit quadrato AG velEFi fatttfrof. f. Ii6, 2. ex hac 

. frof. 28» /. 6. immediate deduci. Sic enim exfrimitur frop. il* 

la f. l. 2. Si rcda AB fedla fiierit in partes xquaies , AE. 

LB , & in partc$ inxqualcs A O, O B ^vel A P , PB jj Erit 

redangulum Al (ycl AQ) fub partibus inxqualibus , uni 

cum KL (vel ST) quadrato partis intcrmcdiae EO (vcl EP,) 

arquale quadrato dimidiz A E v^I £ B. ^ua nihil aliud eft » 

quam prof. hujus 28. cafut iUe farticularU , qtti iahoc coroU^ 

rio defcribitur. 

ffe. 70. ^*"' *• -t>ii/^ rtSii AB & reBiUnto C, ftr hanc fr. 28. ejgtf" 

qut fcholittm 9 habebumr OB vtl PB, latut quadrati qtto deficit 

rtciangulum A 1 vtl A^ rtBilinto C aqualt, f^ ad datam 

rtStam AB afflicatum, fro qttaatitatt incognitJi OBfonatur T% 

undt Anzz ABy^X y & Ot>iZZrqs irgo AI (ZZ ^N — ON) 

— -^i? X ^ — ^^ — ^* -^^*^ '^^ omnmo colligttkrfi fonatur 

IfZZPB: trittntmA^^AR^PR:pABy(^r-^rqZZC. 

(t) VUe Atqut hdc efi frima (a) aquationum afecfarttm quadraticarttm 

Ome^di fpecietj^vefrrma » quam tx hac frof.xS.folvtrutU Gtomttra 

tbe^itstUs' '«'^^*''*'» invenitndo quantitattm incognham OB vtl PB,fir af^ 

e^, 16, ' flicattomm rtBangtii dato C ^tqualist ad datam rt^am AB9 

p. > & dejicitntis auadrato, Manijeflum ausem eji^ frimam hanc 

formam , duflicem foiutionem admittere : r emm vel fir OBvel 

fer PB exflicari foteji i quarum iUa {OB) ftrfrofojitionis^h^ 

(FB) ferfchoUi conftru^ntm ttnftnietur. Fatet ttiam ex i9r, 

%. fr. ly. duas illas quantitates fimul fumftas{OP + PB)dat^ 

recla AB ao^ales effa undt ut utraqut invtniatur, duplici cm-' 

firuUiQnt^oftts non t/l: invtntA tnim und quavis 0B$aitiraAO 

vtl PB fimul innottfcit. > 

H^. 70, Cor. 3 . Iffa ttiam regula cpta ad hujutfofma aquationes fol" 

vendum tauntur reantiores , ax hujus frof* 28. cottfirttciitma 

deducitur. Cum tnim Xfu vel (PB:^) ^O , velOB, fit^ 

AOZZ\A^ + EO y &OBZZ\M^ BO: Etcumjh 

fb) Per tor.Ro ZZ KI i & ftr con/lr. fr. 28. KlqZZ EB^ — C ZI (b) 

|./.4-^.i.^ ^B^-C, erit KI vel EOZZV ^ ABq — C. Br^o r ertt 



vel 



jfOZZ^AB^ y ^ABq-^C t 
Vil OBzZ^AB-^y '^ABq-C. 
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j ^.fro^ufm Atm AB X r-r^ =0. r#/»b ^ J AB^ 

y i ^l}^ — C^T. Ttdt Oughtredum loco fufra citAto, 

Cor. 4. Binc in dquatitne AB X ^" r^~C, ///ifi reSii H^. 7U 
^B ^ reStlineo C 9 expedittus ifrvenietur T , fi reclilineo C 
dquale (a) quadrtttttm con/iruatur 9 cujus latus ex dla conjlruc- Ca) T^r 
ttom inventumfit K, cui ex E medto putt^ d^td reSia AB , "^* ''•*• 
per mdiculum £quaU BX erigatur: tum centro JT, radid XO 
ZZ [ AB arcum circuh defcrtbe ^fecantem AB in O: re£la AO» 

QB erum vitkrt^ ipjim T\ ifam l=(h)l AB^V^ABf^. W^^r 

Stdper cott/lr. eft XOq rr { ABq, (J» XEq n C. Ergo BOq imiMt. 
fiye (c) XOq-^XEqrZ ^ ABq — C. Irgo £0 n ^ {^f Ptr ^ 

ViABq-C9 f^AOZZ \AB-^ £OC:j-rfB+v|^^C^ *^' **' 
/r»/ &OB:r:l AB-^EO^TZ \ AB^y J ABq — C. 

p RO p o s irro xxix. \ 

AD datam re^bm (AB) dato re&Uineo (C> ^*;^ ^ 
«quale p.iraIlelogrammum (AI) applicare > 
excedens parallelogrammo (IVIL^ quod (imile fic 
alteri dato (D.) 

'Bifacem^ AB mE^ & fuptr reOa EB (d) defirihstur fa- (d)Pef 
ruUeUgrammo dato D fitmie paralUlogrttmmum BEFG^ aiqtto i8*^^ 
i/fis C, SG fimtU fitmptis aqtutit, ipji vtro FBBG Jitttile, > [^^^ f^^ 
ttriiittrqm fifitttm fiat (e) paraUeiegrammttm FKIH emmth- tf^ f„ 
mm cttm ilU Mettt ttagttittm ttd F. Erttm (f) igitut psraile- a,6.A6^ t 
i^gratitma EG , HK cirtu tandam diatttttrttm FBL Frohum^ 
tm AB9 QBtodLtMi Et dttnfimilefit EG ipfi D per cof^ruc 
tkmttuutqtttig)ipfiMLquw cirta tandem diametrum /unt EG, / % ii 
MLi indt toliigitm(h) ML ipfi D JimiU tffe, Broduad Af K, 1^/.^ 
mtttfUatmpaiedlitUgi^ammttrn AU i eritqttt AJL ZZ, (i) XB 1Z (b) ^«r 
(k) SH. ^me fi aqttaiibus AX,BH cortmum udjiciatur KLi f.\'''/* 
trit Al puralUUgramtmmt aquaU pttralUUgratttmis XL, Bh '^s.[u 
Jmttifimtptis. Pmaileiograttfmum auttm KH{i)oc ^jEG+KL f^) p^ 
+ BH) dquuU efi ipfis £G +' C per conJirttBionm : ttdeoqm 43. A u 
fit^imo tmttttmu £G, erit C::ZKL+ BH = AL Ad dmam 
i^tm rtSmtt AB , datt rtBslateo C ttquaie paralidegrammum 
AlappBcmttr, tttttdms faraUtUgtammo ML , quod datt IX 
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l^ Cor. I. Si parMiiligrMmmum D fi$ fttsdnamm, frtSUms 

fj'^'^^ ^ Ad datam rcdhm AB , da(o redilineo C aecjaaie 

redbngulum applicetur , exccdens quadrato. & eiem fer em^ 

firuciiontm , ri&anguhmr AI uni cum quadrMti EG ^mali 

fit quaarM KHipateffrof^ 6. It6, i. ex hac tr. 19. /. 6,imme- 

diate deducifojle: nemfe, S\ redla AB bifeC^a fuerit in £,ei- 

<)ue re£b quxaam BL adjtciaturj Erit (AI)re£bngulum fub 

toti compo&td AL & adjeda BL livc LI , una cum (£G) 

^ quadratodimidiz, aequale quadrato (KH) redae KI vei £L' 

compofitx ex dimidid & adjedi, Sihilemmaiiud 9ft hse 

Pref. <S. /. 2. quam frcfofitionis 19./. 6. cafiu Hle fMrtlcularit , 

^ut in hoc caroltario defaibitHr, 

fk*J\» Cor. a. DMtd reaa AB ^ reSHUnio C, ftr hanc frof, in* 

venrruut vetens Geometra Utora AL , Ll re^aufuii Al ne» 

tdiffeo C atj^alis^ cpnodad datam AB ita affUcart deht » ttf 

ixeedat (juadratS: qua latera afud recentiores Anafyfisst(z)fir ' 

^'htudi ^^tionum ^uadrati^rum s^kSlarum fecsmda ae t$rtia fftciii 

Ctav Mf« rifolutionom iuvinUtntur. 'Eanimfifro latire Llfcnatur E^irti 

16.».^. ML — Eq.(^AMZZEy(,^:ergoAjftvi —Eq + £^AB: 

' aua efi tertm dftationttm quadratiearumfficiis » m epsd for 

fyanc prof, invenitur Efivi BL vil l,Iy fer affUcatimnm nc* 

tanguU dato C dqual's , ad datam re^am AB , (^ ixcedintt$ 

^uadrato, Invento autem latere tlfive £,fimttl hahetur latus 

alterum AL l^ AB -4* £1 t{u$d iwvtniunt roeintioresf fir nfhf 

lutionem aquAtionis quadratica , feeundd fficiei, 

Cor. ^. Hmc itiam fecstnda aquatwmm affeBartsm quttdror 
^^ tiearetm fficies , inventu fer coroUarittm prstaditts n^at^uli 
AI {re^tiUneoC atfualis, ad datam reSam ABaffUtatit ^ 
iucidemis quadrato) latirihus ALt LI t fie ti^rui fottfi. 
rM rtv D^i^ur (b) re^a AL fsve tf efuadratism If^ji , eujm 
\J. /. u f^^ (^ nBaniulum AL Et qttoniam AL ^ IR 9 & BL 
c) Per ^Ll ^ irit (c) I.II d AB. Jam fi fro AL fonatut^ . 
mo^*t-i' A , erh PR :SZ Aq • & AR^Z AyCAB\ undo Alfivo 
C rr (PR^AR:Z) ^q *--^ K -^fis ^»^ ^fi aqumtionum 
qttJiaraticaritm fictmda ffociis^ fir koe cotrtilarittm eonfimonda^ - 
., ^. Cor. 4. Recentiorum (d) etiam rtgttU^ {fi- V \ -^B^ •+• d • 

5^*"* »ww ^t^ ^ ** 4^4/w«f Aay-AyC^ABZZC . i»vai#- 
tttr A y &. ix i^iem Eq + £X-rf5— C, iitvinitur M^., 
£x hujus frof. coifiruciiom didttei foffum. qitm ifumjit JB B • 
XZ f ^jB, (rit EG — (c) J ABq: Et ptr eotifir.hufut ^ KH. 

yf,^,ri. — £C^j-C=i^B^+C, ^jusitaqueUtUfXlfiviEL^, 
1/ i ABq + C, cuifiASvd \ AB adficiatttr, orit ALfrvi 
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^ Cer. r . fi fayslUligrsmfrmm J) fi$ qusUtrMum » froBUmm 

f^^'^^ ^ Ad daum rc£bm AB , dato re^lineo C xqualc 

redtangulum applicetur > cjccedens quadr^to. £r cum fer cm^ 

firuBimem , fiSMniuUimr AI unk cum quAjrau EG tqmMh 

fit quaarM KHipatttfrof. 6, Isb, i. ex hac tr, 29. /. 6,imm€- 

diate deducifoJJe: mmfe, Si rcdla AR bifeCla fucrit in £,ei- 

^ue rc^a quacdam BL adjiciatur j Erit (Al)rc^ngulum fub 

totl compofiti AL & adjcda BL fivc LI , una cum (EG) 

^ quadratodimidiz, aK]ualc quadraco (ICH) tt€tx KI vel £L' 

compolitae ex dimidii & adjedft, SiMtMmaiiud ffi hac 

frof, 6. L 1. quam propofitimis 29. /. 6. cMfi$s UU farttcuUrit » 

qut in hoc ccroUario difcrihitur, 

Pz*y\» Cor. %. Datd re^a AB (^ reHitmeo C, fer hsnc frof. itt^ 

venrruut vettns Geometra Utera jlL » Ll reihmguii Al r«P- 

ttlineo C aqualis » qnod ad datam AB Ha apflican debtt » u$ 

oxeedat quadratS'. qua latera afud recentiores Andlyfias^ (^)ffr ' 

^htudi ^^*'*''^»*'*' quadratifarum ^^kciarum futmda ac tortia ffeciei 

Ciav. cMf. refoiutionom inveniumur. "Etenm Jt fro latero Llfenatur £, eri$ 

16. ». 9. MLzZEq'& AM ZZ £ y(,AB:ergo Alfhe ST E^ + t^CABt 

* qua efi tirtia atftationtim quadraticarumfptcies » i» epsa fer 

hanc prof. invenitur Efive BL vel J^I^ fer apflicatieuem. rec^ 

tAnguU dato C £qual''s , ad datam re^am AB , & excejentt^ 

quadrato, Invento autem latere Llfive £,fimui habetur iatue 

aiterum AL ~ AB + E, qued iwveniune reeemiortsy fer rtfe^ 

lutionem aquationss quadratica, ficunda fpeciei. 

' Cor,$,HMcetiamfeetsnda'aquatienumafft3arfmquadne' 

'tf- TJf ticarum ffecies , inoentis fer ceroliarimm pracedens redangstU 

AI {reiiiiineoC aquaiis, ad daeam reBam AB affUeati, f^ 

excedentis quatirato) lastri^s AL, LI , fic tenfirtii fettfi. 

..V ^^ Deferibatur (b) reBa ALfive if qmdratum If^fi , CHJtea 

Li. /. u f^* (^^ reRan^ulum AL Et qitoniam AL ^ IB, t <^ BL, 

c) fer ZZLl, erit (c) LBZIZ AB, famfifmALfenatut^. 

aaiiK^J.i' A ^ trit FR^ Aq . & AR^ ^X ^B^ unde Alfive 

C — (PR— uiKr^) Aq ^A ^ABi aua efi aqnatiomam 

qtcaaraiicaritm ficunda ffeeies , fer hoe cordiarittm cenfinaw^ . 

Cor. 4. Keeentiorum (d) etiam regteU^ (Jt, y J ABq + <3 ' 

vl/f^ -^'jA^Z^A, e^Vi-^/^^+C-ri^i? — .£,) qua^* 

rum ofe x ex aquatione Aq-^ A'^ ABZZC » itweni* 

tftr A , &.ex aefuattont Eq + £>< -^^ =:C, iievenitur JT,,. 

Ex hujus^ fref. co^firuSiione dtdiui fojfunt. qiim tftimfit JB B . 

XZ ^AB, frit ZG — (c) i ABq: Et fer eonfir. hujus , Kh. 

1!//^^^! = £C + C=J^B^+C, cujusitaqueUtufXlfivtEL:s:\ 
y \ ABq + C, cuifi AE vtl \ AB adficiatttrt erit ALfiva 
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y jf! ^^ + C Auftftuur EB, fivi J AB ,relm^MetHrBLfiveE 

— |/ ^ABq+C -^ lAB. 

Cor. f. £x ^/i 4«f r;» r^^»/f/ » m uiralibet dquatjme » j^w F)||tt 74*' 

^3 > &'re&iUneo C , $xfedknu unmutmur A& Ey fi reBt- 
liheo C £^u/iU quudratum (a) tonftruatur » ^M/tfi ^^«j i^i (•) ^te 
inventumjit N, fiii ^x metiio funito reSiA iatA AB, aqua- <f«^^ 
le ferftndkulum EO ertgeuur , &jungutur OB , eui tujualis ^ 
f» EJ? froduBa, cafiarur £L, <nVij«e -<<L ~ -<*, &BLZZE, ^^JlZ^ 
Qhn enimfa £0^~(b)C, ertt EBq + EOt^Z:: ^ ABq + C (c)plr' 

ZZ (c) OB9— ELq, Ergo EL (d ) V j"^55i^"+c7, 6» ^^ JJjpJ; 

S= (e) i AB+ V J ^B^ + C r^^i 4irjifr BL = (f) -»«^^jr. 

Y i ^fifl + c — i ^B r: B.] -^». Z 

^ * • * ' (0/»«?; 



PROPOSITIO XXX. 



4Ult0.^t 



DAtam reElam {j4B) itaf€€are^uttl9t4(j4B)Jtt^*y^ 
ad unHfn Jegmenttim (AC) Jktet idem Jegmen* 
tum eji ad relitpmm (CB.) 

* 
ffoc «d , ( ut loqtymtur Gcometrx , ) lineam cxtremfl ac 

medid ratiooe iccarc. 

[SuferdatA rtBA JiBfiat quadratum AtSB , & ad reHam l%«ii«/ju' 
TA , quadrato FB aquale (g) afplicetur reBangulthn FOLI, ($) ^^ 
exeedens figurA AL ipji FB Jimili, AL itaa^e quadratum efi. *^v' pj^ 
Zt quoniam FL aquale efi ipfi FB ; ab&to communi FC , jj/.^ 
drtt AL z:: OB Et profter angulos reBoi , ac proinde aqtiahst (i) pgr 
qCB^, ACL, (h) erit OC: CL:: AC : CB. SedOC ZZ (i) 34-/. i. 
JiF:^AB> &CLz:z AC\ Ergo AB.AC \\ AC : CB, FaC" 
tttm efi igitur quod ftte^atttr, 

Aiiter!] Per 11. 1. ita ftca AB in C, ut re^ngulam (ub fi»7f^^^ 
AB, CB ,.St aequaic quaidratd /iC Dfco fG!^ufQ. : 

Erit e&im per 17. ut AB ad AC, f^c AC ad CB. 

Hums fic^oois vis admirabilis eft in corporum /cgubduo|. 
IMbptptiODC Sc comp^ratiopc. ^ -. 



-^ - : ff f PR 



ffe.T^ 



xot Ekmmmm Oemetrid 

PROPOSITIO XXXI. 

< 

S/ 4 Uteritus trianguU re£ia»guti (ACB) fgurd 
Jimiks tjudcmkjue defiribamur , erit (F) ea ipta 
offofsitur niio angulo » diuJms fimtd relupus (R y L) 
aqualis. 

9 

Propofitio igitur 47. 1. i. Uc redditor uniTcrfalis. 

Ab aogulb rtOto C dimittatur perpendicuiaris CO. Quo* 



IC| rerctr '■i'* uiuucin lj 9 ut ^a; d/v prinia aa nv^ [crnaiu. v^uis 

a.9. e./.6* igitUT eft F ad R, ut AB ad BO, & F ad L» ut AB ad Ab, 
(d) Fcfffr. crit quoque F ad R. & L iimui fumptas, ut(i) AB ad BO, 
feTp^^* AO iimul famptas. Sed AB duahus BO • Ap xqualis eft. 
t^s.7* ^^ cdm F duabus R £c L «qualb erit. Quod erat de« 
moofirandum. 



E 



CoroUarium. 

*X bac propbfitiooe fkcile dabitur quotcunque figuris fi- 

i milibus re^ineis quibufcunque una omnibus sraualis 

& limilis • eidem porfus metbodo, qui probl. i. icbolii 
poft 47« 1. I. exbioetur datis quotlibet quadratis unum a&* 
quale. In demonftratfooe tantilkm pro 47. I. i. citetur 31« 
]. 6. [£f pari ratkm»^ per frob. i,/ci)oiti ejufdm » dabisur 
Jtgurarum fimtlium difirentin fimilis: Itoc efi * mn tatitiim 
mddi poffum , vtrkm ettam feibtrahi fi^ur^ tysefvit pmiUst mi- 
nor a majere » eJUom metbod» quA qtUdrasa addtmsm v4 
Jnhralntntm infcboUo atatc.'} 

PROPOSITIO XXXII. 

VIX haiet ujum , uec ^djuam haiet mta^ 
tik. [ £ft autem cor. 8. p. i6. priusi ne 
quis eam defideret.] 

F*0- 
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PROPOSITIO XXXIII. 

I^ 4tqM4ldms circuUs vel codem , MguU Jhe ad l>fr* 77« 
cmra (ut ABCj FOD) five ad pertpherum ( «r. 
^RCy FSD) eam inter fe rationem hahent , fpiam , 
arct$s {jlKCy FGD) tjHihns inpfimt. Idem inteUiff^ , 
defeQ^ibfu. 

Quod attinet ad angulos ceatri 8c ftdlores » demonftTabi- 
tur eodetn prorfus modo , quo prop#iitione i . hujus libri 
demonftratum eft triangula aeque alta efle ut baies. Tan- 
tdm ubl idic citatur prop. 38. 1. 1. hic citetur 29. Hb. 3, 
[Ittm fro B ijihic, vertice trianguU DEF, hic fcnifur O 
'vertex nnguU O* feBoris DOF i pro triangulii vero ifthic , 
fuhfiitue hic angulos ad centrti B, O, item^ue fe^ores i 0* pr# 
h»fi6us arcus, 

^uoties enim fnrs qfuvis aJiquota ix. gr. fars tertia DG, 
arcus DFs contmetur in arcu AC^ toties eadem fars aliquo* 
ta DOG y anguli DOF, cominebitur in anguk JhC, Et ma- 
nifefttim eft quamlihet aliam partem aliquotam arcns DF (^ 
anguli DOJ , in areu AC ^ angttlo ABC » aquaU femper 
numero re/pekive contineri, Ergo, fer rationem aspialium /»• 
iicium iliud Tacquetianum t fag, i2z. 123. erit angulusABC 
ad angulum DOF , ut arcus AC ad arcum DF: Et eodem ^ 
frorfus modo frobabitur feBorem ABC ejfe fe^orem DOf , 
ut arcHs AC eft ad arcum £)F.] 

Quoniam ver6 ad peripheriam anguli R & S dimidii {d) (t) Ar . 
fiint angulorum ad ccntrum ABC, FoD, quod dc bis oflcn'- ^••'•J» 
iiim eft, liqucbit etiam de illis. 

Corollaria. 

1. A Nguhu centri (BAC) eft ad qoafettttr «e Aos » ut arcuf ^•iU 

jf\ bC cui iniiftit , «d totam circumferontiam. 

Nam [cwn qtuatm fe£los » hoe eft^ (b) amnn as^idos dreM (b) P<rcm 
eontrum A conflitue» , metiatmr tota etreetH itren mfer mi ii a* stt^ ^'^ ^Sj^ 
wmm igitetr angulum reiba» BAF metietm teitm drctemferemU \'^ti 
aHadrans9F,Sed]\xt[angulus'] BAC eftadttOojni BAF»it» pot ^' '* 
tmac 33. arcns BC efl:^ quadrantem BF. £rgo (o) angidbs (9)Per 
BAC eft ad 4. re6bos , ut arcus BC eiiad 4. qi|adraiitct> hoo 2^ tL f. 
cft ad totam periphcriam. 

1. InaEqualium circuk>rum arcus IL, BC, qui sequales 
fiibtendunt angulos» iive ad ccntra ut lAL» & BAC» five 
od fcnghamn, funt iimiies. [ Et cmverfim.^i 

Nam 
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ELEMENTOJIUM 

GEOM ETRI^ 

LIBER UNDECIMUS. 



NOBIS SEPTIMUS. 

SKX lifaris primifi iul^ungit Eudides eiemeDtaiMimen>^ 
rum tribus ftf^ttcntibus fepcimo, oQavo dc aooo com- 
pfehai£i » quibus ottam decimum de quantitatibusiii* 
commcniunibilibtts adjuogit. Nos a planis imme- 
diate traniimas ad iblida j de iittmeris korfim trada* 
turi. Id opinor , diiccntibus coomiodias erit , fi elementa 
Geometrise auJU aii^ tradatione intemiptil » fimul omnia ka- 
beantur. Nihilominus ciim dtabimas propofitiones^hujas & 
lequentit libri) eos non &ptimum & o6biTum, ied undeci» 
Itium Scduodecimum appellabimus, oe » fi ab ordine Eudi- 
deo ttbiqae rccepto dikedamus» pn^fitionum citatio impi^ 
catior reddatur. 

Hic liber duas qaodamoMido partes comple^tur. Inprimt 
jaduntur fimdamenta , quibua iblidorum , noc eft, corporum 
dodhina unircHa nititor. Aketi paraUdcpipedorum anedio- 
aes proponuatur. 

TyUfBMfilUmtm Principin Undcdonis hlcei Ekmenttnm Ia^ 

J. hr tr9pmt. Ne^fime Cwrf&rmm frefrietMtis fim «» «y- 

nM qHitmt : f^ fi Mtuhmmum farus fUrafipu mmsfim 

fiidcrtm /cienHA aggredimmtr , fhtftrsi erktms, DeBrum emm 

Tbeedolii Sfhericm , Tfigmmetris etiam Sfhmctt , ft»s tmgmt 

^eetttetridtPrMiUc^, StMticd^ titqme UeegrmfhiM eidm imiitttitm 

fmr\ O* fM eccurrent fMtsle d^ficsiierM m Gnememcm , SeBim^ 

hm Cenicu, Afironmid » PerffeBiva » ntsfHe Ofticd tauvetfA 9 

intelUais rit} Soltdorum frineifiit 9 faciliern reddmttur, Juien 

mt fiif Geetnetria Elememn , emifftsfere (^ ftfihnbiiis hec f^ 

femUmi iiSre, trndidenmt » esdem mtmca udmedum , tttftn 

fume imfttfeOu trndidijfe fint eenfendi. 
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Scholinm. ToSuUt fn€ kcms , mt fijem Uhro ifMrto frMttm ^^ .^ 
JMnlihtremi JUmenti i). fropefitmim io« JeminflrMMOyqud 
fi4 Jk kMSif : Qoadnitum kteris AB peotasont ordinati 
ABCDE circub inlcripti > asquatur ouadratis e latere hexago- 
ni 8c e iatere decagoni eidem circulo inicriptorum » iimul 
£)inptis. I>M£ia enim dmmetro AG^ & rath is i a centf$ 
JF Uters AB ferfendimUris demittMtnr FH » tfjM frodtUiit 
drcmU occwrrAt m K: llU arcum AKB, (hoc efi (a) ftintam (a) Pef 
fartem tvtim chrCHwfermttiA) i^tfttriam dividet (b) in K. yttnge ^J^''*J* 
BK, KAi & cum ftt urcus AK fars decimn tetims wrcun^e^ ^lliZ 
rehtid , erit AK nBu , (c) Utus decagMi orJinnti btuc circulo ^c) T^r 
mfcrjfti, AcentroF, ijfiAKferfen£culurisdfmittMturFNtVj*Uy 
qud froduBtt eirculo occurrat in M\ hac urcttm AMK bifttrium 
dividet m M, (^ latus femagoni BA feca^ in L. j^tmgo 
KL. OSfemifirifiterias ABQ , AZG aquaies , o* tuvtu ABC, 
AED acptaUsi erit arcusCG if/iusCGD , vel AKB'dimidiusi 
unde arc, CG ~ arc. AK S 2 ar$. KM, Item 9 arc. CB ZI 
arc. AB r^ 1 arc. BK, Mrgo arc, CG + arc. CBZZZ % 
arc. MK + 2 arc. KB, hoc efi, arc. BCG ZZ % turc. BKMy(ji» 
ang. BFGzZid) % ang. BFM. Sed in trianguU ABF, aug. ex-' (d) Taf 
temus BFH-^it^ABF-^BAFt hoc efl. (06 aspuolos AF, BF) 13- ^- ^« 
(f) S: a ang. ABF::Ziang. BAFZZi friitt) z ang. BFM vei W ^^ 
LFB. In triangulis igitur LFB , FAB , oh anguks BFL , BAF (f)Pgr * 
oifualos, (^ angtdum ad B commtmem, (g) etiam ang. BLB j./.!* 
rr tmg. BFA, & (b) AB.BFw FBiBL. irnde(l)rea. ABL (li)^ermrs 
ZZBFq. Porro, in trian^ulis ALil, KLN , oh tmguks ad H fJ^f^*' 
rtOco. & iatera AHt J^K(k) aquaiia, f^ LU commum, (1) i.i^. 
erit ALZZLK, ^ ang. LAKZZang.AKL. Sed df^ ang.KBA (i) pW 
:i:(m)/f«|r. KAB voi LAKfive AKL: ergo in trianguiisBAK, 17. i.6, 
KAL , frofter an^ulstm ad A communem , ^ anguios ABK « (^) ^'^ 
AKL dquaieSf efit ang. AKBZZ(n)ang. ALK, (^ trianguia h pj^* 
BAK* KAL eruntfunHia: unde BAiAKv. KA:AL,(ji* re£k \, u u 
BALZZ. AKq. Sed reB. ABL -4*r#^. BAL ZZ (o) ABq. Ergo (m) Ptr 
ABq:ZZ BFq+'AKq. Sed BF efi circHli radius , 6* froinde (p) ^9« ^ 3- 
ioius hexagoai ordinati ckculi infcnftii c^ AKefi iatus docago* '"> ^*[T* 
ui ordinuti eidem circulo infcriftu Ergo quadratum ex latere (6}Per ' 
femagotti ordinati aquatur quadratis e Ut:re hexagpni ordinatL i» t.u 
^ iatere decagm ordinati, eidem drcuU ivfcriftorumt fitmtl (?) ^rrem^ 
fumftis. ^ B. D.} . \ ^ '^- 
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io4 Elimefitorfim GecmetrU 

Natn [frim^, fwefaur aKguU dokales Ad centra-y^^ arcaf 
(■) Terctir, IL cft ad luam pcripheriam , ut (ii) angulus lAL ,boc cft ut 
\h\P BAC, ad 4. rc&os; 8c arcus BC eft ad iuam peripberiam (b) 
\ummr. ^ i^em angulus BAC ad 4. redlos. Ergo IL (r) cft ad iuam 
(c)P«r' peripheriam, ut BC ad fuam. Ergo {d) funt fimilcs aanis IL 
11 /5. & BC 

{A)Petdf. j-^y ^^> yiaynZr ^quMes O , K fuerint tU circumferenti/Ui 
(e)/*#ria, -fi^ff^f^ iifdem atcuists tinguli ad centra TAL, BAC, (c) e- 
i. ^.& rwitqite hi etum dquttles: unde fer primam fMrtem urcus JL^ 
^KMw6.4i. BCjimiles erunt. 

£r e converfo , inttp^liHm circularum fimtles arcus BCt IL 
fubtendunt angulos aquales , five mnguli ifti fmt ad centrtnn 
feu nd circumferentiAm , uti $x ifsa figura (^ frof, xo, L 
i* fatis fatet,J. 

3. Dux femidiamctri (AB, AC) a concentricis peripberiis 
arcus auferunt iimilcs IL,'BC. Patet ex coroll. a. 

4. IDuaisreiiis BC, J£ ,] Scgmeifta (BKC, lOL) que 
angulos caplunt aequales (K, O,) iQmilia funt. lEt cen- 
Virfim.'] 

Nam per coroll %. arcus BC, IL, ac proinde ctiam arcnc 

SPer BKC, lOL rimiks funt. l£rg^({) (^ fegmenta BKC » lOL 
^L6, fimilit^fum. 

Itim fegmimM offofita fimiliafunt, frofter arcus BC , IL 
fimiits, 

Et i cmrvifjo, fggmintd fimUia BKC , lOL cafiunt smgulos 
(fi)^^dtf. ^ualis JC, O. Hiam (g) profter fimiles arcus BKC, lOL, 
4.t.6. i^rcus offofiti BC» IL fimiles erunt, ^ anguU K, 0,fuper if- 

*T^ Uim , anguli infegmimis BC, ILfunt atpsalium anguhrum 

fi) ?€r X, O (i) comflitmnta ad duos nilos , att^ui inde aciualei 
ai.l« j* irsmt. 

f. Similia figminta fufir iddim nSd , vel dquaU , fwtt 4- 
fuaUM. Paiit ix cor. fraced. f^ fchol. f, ti. l. }. 0* axio, 
7. /. I. CentinH maem hoc eoroUarium frofo^itionis 13. c^ 
»4. /.3.4 Tacaueto omiffas, frof, mdm x^, ita ifatur .* 
Super eidem rc£» linel , duo circulorum fegmenta umilia & 
iiWBqnalta, ex ddem parce non conftitueutur. Eifrof. 94. Hmu 
Super aequaUbus re6tis lineis , iimilia circulorum ic gQ ic au 
fimt inttr ic socpialii. 
^ 6, Ex hac ittam frof, ijMffti carolUtriit dedticitm angubrtim. 
. eonfieiindorstm tjr i0inJttrandorum fraxis fadUwut , frout im 
fibolio fifi frof, xy lil, i. latikt ixfliemur^ 
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Scholittm. TtfiuUt ln€ locm , ut fid^ ^^^ quartc fr^fiham gf^ .^ 
jsm liS^em $ wmmi 1 3 . frpptfitimwn i o. dmtnfirando , qus 
tt4 fa babft : Qaadrttum lateris AB pentaffoni ordioati 
ABCDE circub inlcripti , xquatur auadratis e mere iiexago- 
ni 8c e latere decagoni eidem circujo infcnptorum , iimul 
ftiHptls, J>mM enim Jiamitro jiG, (^ roiio ^B ; a centH 
JF Uteri AB ferfendicuUris demittiUHr FH » qtu frodtUlS 
circuU occttrrat m K: lUa arcum jiKB, {hoc eft (a) tptintttm (t) ?«/ 
fartem tottsu circumferootid) f^uriam drvidet (b) m K. Jtmge f^:^'Jr 
BK, KAi & catm ftt urcus AK fart decmut totius Cfrcumfe- ^q// V^ 
rehtijt , erit AK re^a , (c) latus docagoni ordinati huic circulo fcj pJr 
mfcrtfti. AcentroFt iffiAKferfendicularisdemittaturFiJf%j*Ly 
qua frodttBa circulo occurrat in M> ^ac arcttm AMK bifariam 
dvidet i» Mt (^ latus ferttagoni BA fecahit in L. yungt 
KL. OSfetitiforifheriat ABQ , AEG aquaks,(!^ arau ABCt 
AED dqualisi orit arcusCG if/SitsCGD , vel AKB^ditnidiusi 
uade arc, CG ~ arc. AK SZ 2 ar£. KM. Item, arc. CB ZZ 
4trc» AB z; 2 arc. BK» Ergo arc. CG + arc. CJ} ~ s 
arcMK 4* 1 ttrc. KB, hoc efi, arc. BCG n a arc. BKM,& 
MUg. £FG rz(d) 1 ang. BFM. Sed m trianguh ABF^ ung. ex" (d) P0 
temus BFG—ic^ABF^i^BAFf hoc eft, {oh aquslos AF» BF) }3' t. 6i 
{()^xmig. ABFZZ ^ang. BAF:^( frius) a ang. BFM vei W Fer 
LFB. tn triangulis igitur LFB, FAB , oS angulot BFL, BAF (f)Pg,* 
aqualosf (^ angulum ad B commttnem^ (g) etiam ang. BLB /*/. r. 

— ang. BPA, & (h) AB: BF ; : FB : BL. Unde(i)rea. ABL (g) ^frm. 

— BFq. Porro, in trian^ulis ALlf, JCLN', oi angulos ad H ^:?'?*^'' 
reOoo, & latera Ati* NJC(k) dqualia, & LN communo, (!) yl^f 
trit AllZ.LK, & ang. LAKZZang.AKL. Sed & ang.KBA (i) p'ef 
~(m)«^. KAB vol LAKfive AKL: orgo in trianguUsBAKr ^7. i.6, 
KAL , frofter angulstm ad A communem , eJ» angulos ABK % ^^)^ ^^ 
AKL aquales, erit ang. AKB^(n)ang. ALK, (^ triangula h pj^* 



tAK'* KAL eruntfimHia: unde BAiAKv. KA: AL, (^ roSk 4. u r. 




ni ordinati eidem circttlo infcriftu £rgo quadratttm ex latere ^o) Per 
pontagoni ordinati aquatttr quadratis e lat^re hexagoni ors^nati %. t.u 
^ latere deiagom ordinati, eidem circulo iHfcriftorum, fimul lp)Peretf» 
/umftis. ^ E. D.1 . '^-^'^- 



ELE- • 



xpS Ekm^orifm GemetrU 

H^^ ^ Cor. f . $\ fardU^^Mnmum dAtum D tpMJr%t$tm fiti 

' frohltma fic tfferetur : Ad datam re£hm AB, dato rcdlilineo 
C aequale reSanguium applicare » deficrens quadratd* £/ datM 
recid applicM^uur nSian^dum Al dtfidens quaJraio ON, vtl 
reHanguUm A^ deficitns ciuadrato PR, Undt, cum ftr hujut 
.frop' (velfcholti) conflru^Hontm , reBanjpglum Al unk cum 
quadrato KL, (vtl rt6iangulum A^ una cum quadrato ST) 
dtiuaUfit quadrato AG vtlEFj patttfrof, j. liS, i. ex bac 
. frof. %S, L 6, immediatt dtduci, Sic enim txfrimitur frof.^iU 
U y. l.i. Si re£la AB fcda flierit io partcs sequalcs , AE. 
tB , & in partes inxqualcs A O , O B {vcl A P , PB j) Erit 
re£bin2ulum Al (vel AQ) fub partibus inaequalibus , un4 
cum KL (vel ST) quadrato partis intermediae EO (vcl EP,) 
xquale quadrato dimidfx A £ v^l £ B. ^ua nihil aliud efi» 
quam prop. hujus 28. cafiu iUt fartkularis, qui in hoc coroihh- 
rio defirihitur, 
f^ yo. , Cor. 1. Datd rtBA AB & rtStitinto C, per hanc fr. ^S.ejuf- 
ijut fiholiism , habebuur OB vel PB, latus quadrati quo deficit 
reSiangulum A l vel aSj re^Unto C aquaUy f^ ad datatm 
rtSlam ABapplicatum. fro qtMntitatt iacognitd OBponuturV^ 
undeANZZABy^r, & ON:ZlXqi trgo AI (—AN^ON) 
— -^^ X ^ — ^ — C. Atque idem omnmo colligaurfi fonatur 
IZZPB: trit enimA^ZIZAR^PRZZABy^^Y—rqZZC. 
(a) VUe Atqut hac tft prima (a) aqitationum affectartun quadraticartm 
^^M y^^'";*'*''^'^* » quam tx hac prof.zS.folverunt Geometr^ 
th^Jua', "^^^'^^^* invtnitndo quantitattm incognham OB vtl FB»ftr af^ 
tap^ tL ' flicationem rtBangt^U dato C aqualist ad datam rt^am AB^ 
Ut^ 0* deficientis qusUrato, Marufeflum ausem efi , frimam hane 

ftrm^im • dupticem folMtionem admittere : r emm vtl fer OB vel 
fir PB exflicari fotejl i quarum illa (OB) ftr frofojitioais ,hac 
(P B) ftrfchoiii conftruMontm invenietur. Patet ttiam tx eor. 
2. fr. xj. duas illas qmnt/tatts ftmul fumftas(OP + PB^dmt^ 
reSia AB aqttaUs effa undt ta utraque invtniatur,di^Uci cm^ 
firuHiont opus non efi: itivtnta tnim unA qwevis OB^sUttraAO 
vtl PB flmul innottfiit. < 
H^. fo* ' Cor . 3 . Jpfa ttiam regula qud ad hujm forma aquatitnts fid- 
vendum tttuntur rtetmitres , ax hujus frof» 28. cottfirucHon^ 
deducitur. Cam tnim rfit vel (PB^)AOj vtl OB , JUftt^ 
AOrZ^A^ + EO y f^OB — lAB-^ BO: Et cumfit 
ff»)Pere^*KO—KI'y (^ ftrcoitlh.fr. l2. Klq ZZ EB^ -^ C ::z, (b) 
5./«4- ^ ^.^ ABq-^-C, erit KI vel £0 ZZ V^ ABg — C, Ergo rerit 
vel jfOZZ'^AB + y l^ABq-^C t * 

vtl OBzZ^AB-^y '^ASq-C. 

dbqtti* 
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•^^ J ^({^ — C~r. P7</* Oughtredum locofufra eitato, 

Cor. 4. Hinc in d^Mtione AB X ^"^ r^~C, datJi re^4 ^X» 7V 
^5 ^ reSttineo C > expedituu invenietur T , fi reBilmeo C 
dquale (a) quadratum conftrujUur , cujus Utus ex Uld conjlruc- U) ?gr 
tioni inventumfit Vs ctd ex E medio pun&o data reBd AB , >4* ^*^ 
per endiculum aquaU KX erigatur: tum centro Xt radio XO 
S * AB arcum circuU defcrtbe jfecantem AB in O: re£ia AO, 

QB ertmt vakre/ ipjiuj T: N^tm I^ZZih^^AB+VkAB^f^. W^*' 

Sfdpir eonfir. tft XOq rr ^ ABq, cS» ^^ — ^- ^^iP ^^f *^*'* 
fiye (c) XOq-^XEqrZ l ABq — C. trgo £0 n W ''#r 

Vj^Sf-C, &AO=':iAB'^ EO:il\AB^y^HB^^C^ *^''*'* 

/r«/ 6» OB rr i -rfB— £orr: i -^b— v' i ^ — c. 
PROPOSITIO XXIX. 

AD datam tt6tm (AB) dato re&Uineo (C> ^vy^ 
«quale pjrallelogrammum ( AI) af^licare » 
excedens parallelogrammo (IML) quod fimile fic 
alceri daco (D.) 

« 

THfkiim AB mB^ ^ fnper roM EB (d) deftribmtir pM- (d)Per 
rtiUtUgrammo dat§ D fiimli parailelogrtimmtim BEFGi atqui iS*^^ 
ipfis C, SG finuU fimptis acpmk, ipji viro FEl^ JimiU, Ji- [y f^ 
tmlitirepti fifrtsim fiat (e) paralkl^rammum FKIH eimmu- ^{j f„ 
Wim cum ilh Mnns Mgttimm md F. Erstnt (f) igitur psralli^ ^6.1,6» 
UgrammA ZG, HK cireit iandim dtanutrum FBL ProdMemt» 
tter ABy GB^adLtM^ Et eumjimilrfit EG ipji D per eof^rue^ 
lifiMiM» atqm (g) ipfiML qmtt ctna iondem diametrum fstnt EGt / « » 
KLi mdi eiU^turih) ML Ipfi D jtmiU iffi. Broduiid MK, f^/X 
^mpUatterpardUUgrammMm AM i iritqui AK ZZ (i) KB ZZ (b) Per 
(k)J9H. ^ari fi iquniilms AK.BHeommuue Adjidatur KLi f.\'^]f' 
irit At pnralUUfgrammum aquaU paraUeUgrammis KL^ BH ^5 /7 
Jhtmifumptis. Paralktogrammum autem KH{hoe eflfEG^^KL (y^) p^ 
+ BH) dquuU ifi ipfis £G'-+*: C per conjhte^onim : udeoqui 43.A i. 
fithUm immum EG, eru Crr^KlH* BH :r: AL Ad dmtam 
igitttr n&am AB $ dato reBdma C aquale pnraUdegrammum 
Atupptkmttr^ itsiiims parklliUgptmtni ML » qttod dati 2X 
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fy .. Cor. I . ^i pMrsUil^grmmmm J} fit tpiMirmum » froBkms 

W^*^ «^ Ad daMfn rcdhm AB , dato rcailincp C «quaic 

rcdlangulum applicetur , cxcedcns quadrato. £r ^Aim ^fr rwi- 

fifuciimem , re&Mngulumr AI uni cum quajrato EG dqual$ 

fit quaurato KHipatetprcf- 6. /r2^. i. ex hac tr. 29. /. 6.imme- 

diate deducipoje: ntmfe, Si rc£b AR bife^a fucnt in £,ei- 

^ue refla quxidam BL ad)iciatur j Erit (AI)re£bngu]um fub 

tota compofitl AL & adjed^a BL five LI , una cum (EG) 

^ quadratodimidiz, acquale quadraco (KH) redlx KI ve! EL' 

compofitx ez dimidiil & adjedft, Kr^V <»fi» Miieed •ft hac 

prop. ^. L 1. quam propofiticnis ap. /. tf. cMfm iUt farficuiarit » 

f »/ in hoc carouario dejcribitur. 

fk*J\* . Cor. a. Dii/J «^i AB ^ reSfiUneo C, ffr hanc prop. in* 

vennum vetms Geomara Jattra AL , Ll re^amptU Al r«p- 

tdir\en C f^alist qmd ad datam AB (ts Mpplkande^et , uf 

excedat quadrMt6: qua latera apud recentiores Anal)fias,{z)pei^ ' 

Om^h^di ^^^t'^*^^*^ epudrMti^rum s^eclarum fecunda ue terttM fpeciei 

Ctav. cMfm trefolutionem tnvenlumur. 'Etemim fi pro latere Ll ponatur £, erii 

16.». 9. ML:^£q.(^AMZZEy(,^:frgoAlfive — E^ + £X-^*« 

« MHd efi tertiM acfUMtionum ftiklraticarum/pecies » /» epca fer 

iane prep. invenitur Efive BL vel f,!, per Mppiicatiouem recm 

tsmguli dato C aqual''s , ad dMtam re&sm AB , <^ excedenttt 

quadrato. Inrvento autem latere Llfive E,fimul habetur iatus 

Miterum ALZ^AB^E, qued inveniune reeenttores^ pir refe^ 

lutionem dquaiionis quMdratica , feeunda fpeciei. 

QOT. ^. Hmc etiam fecstndM' a^atiemm offeBMrum ^uMdrM' 
^3* ticMreim fpecies , inventtt per ceroHarium praeedems reiianguii - 
AI {reitiiiueoC aquaiis, ad daeam reBam AB appiieati^ ^ 
esecedentti quadrate) laterihus AL, Ll , fie ei^rui patefi^ 
^ ^^ Defcrihatur (b) re^a AL five /f qeeadratum /F^A , ^Jim 
J. /. !• P'"^^ (^ reRtmgulum AL Bt tpteniam AL '^IB. ^ tb* 'BL 
c) ier :^ Ll , erit (c) £.R CT AB. Jam fi pro AL penatim • 
i«Sj''-'- A , erit fRzn^q » & AR rz Ay(,AB\ unde Alfive 
C rr (PR^^AR^Z) ^q ^-^ "^ABs auaefi aejUMtieutm 
qsMraiicarum fectmda fpeciesr per hee ceroliarium eonfn tead^ - 

(i\ flde ^^' ^* ^^^"^^'^^**^ ('^) ^^'^^ reguUt {fc. Y J ABq^ ^ 6 • 

Cm.brrr' ^ ^ AfiZ^ZA , & V k "^ H.+ ^-rj ^^ ZZB,) quM-^ 

^S*'* ''^ V * •* aquatione Aq-^-AX^BZZC , inve»». 

tftr A , &. ex aquattone r^ + fX^^ZlC, ivvemtMr Jl,., 

£x hujus pref. cOifiruciione deduci pojfum. (fitm efeitfrfit M B . 

XZ^ARy frit £G ;=; (e) J ^Bf . tt per eenfir.httitiS ^ Kff. 
|!/:^/.T. = fC + C=i^B^ + C, cuju,itaqueUtusXlfiveBL:si\ 

y i ABq + C, cuifi AS vel \ AB MdjiciMtury erit ALfive 
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V i A Bq+Caufe ratfirEB, fiv$ J AB.rtlmqueturBLfiveE 

Cor. y, Ex his Mutfjn reguUst m uirMet AqtMtJoni, fivi V^^ 74; ^! 
Jiq — AX^B^C, fiu E^+EXy^sr: C , 4Mtd naA 
'di > &'re^ineQ C , ixfedkius iuvgmintur A(^ B, fi reSH- 
Imeo C kquule quudratum (a) eonJtruMur , eujus latus indi (t) Pif 
inventttmjit N, fi^i ix midio puniio ri^d datd AB, dqua- «♦•^»» 
li ftrfindiculum EO iri^atur , (^jungutur OB , cui tufualis ^ 
I» EB froduaa, capiatur EL, iritqui AL — A, f^BL^^ZE. ^},!!^ 
Chn emmfit £0^~(b)C, tra EBq + EOi^ZZ i ABq + C (c)ivlr' ^ 
= (c) OB^— ELq.ErgoELi^) V i^SS^^+TTf 6» -^^ ^j/pj; 
S= (e) ^ AB+ V J ^B^ + C 2S^i atjuiSL ZZ (f) -*^.rf. 



PROPOSITIO XXX. 



<0. Per. 



D>*4W r<r£FiWW (^S) itafecareyUt t6td(j4B)Jtr^^*y^ 
ad Hnum JegmemHm (j4C) JicHf idem fe^n^ 
tum eft ad uUqHHm (CB,) 

ffoc «ft, (ut loqiymtur Gcomctrx,) lincam cxtrcraS ac 
mcdifi rationc fccarc. 

[Suferdata nad JiBfiat quadratum AtSB , i» ad riBam FigAt.iAi 
TA , quadrato FB aquale (g) afpUcetur reaangulAm FOLI» (g) P*r 
excedens figurJt AL ipfi FB pmilt. AL itaque quadratut» efi. ^^;'-^' 
Et quoniam FL aquale eft ipfi FB ; aS&to eommuni FC , J^, ^ 
irtt AL ~ OB Et propter angulos reaoi , W proinde aquahs, (i) Pgr * 
peJB', ACL, (h) mV OC: CL::AC: CB. StdOC±Z(i} 3^/.!. 
AfrZAB, (^ dzr: AC: Ergo Ah\AC\\AC\ CB. JF/ir- 
fttm efl igitter quod petebatttr. 

AUter^ Pcr 11. 1. ita fcca AB in C, ut rcaangulom (ub Efg.yrJjS, 
AB , CB , . fit «quale qijBidrato' ifC Dicb flglnft. 1 

Erit cnim pcr 17. ut AB ad AC, fic AC ad CB." 

Huius fidiionis vis admirabilis eft ia corporum ^regubdDa. 
llHbiiptionc 8c compvatiopc. ' ' ^ . 
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Sutnatur in planorurn alterutro FG quodvis putt^m C, 
cx quo ducatur CE parallda ad AB , occurrens plano LC^ 

Ji^ P*r in E. Erit CE ctiam («) rc^a plano utriquc f G , LQ. • 
'•'•^"' Quare fi jnngantur rcftx AC, BE, crunt aoguli A, B (*) 
/ n. '^'* Ergo AC, BEfunt(f)parallcl«, Ergo ACE3 paral- 
e) Pff' ' Iclogrammum cll ', ac proindc CE , quam jam oftendi u- 
ft9 ^r. tfique plano cfle pcrpcndicularcm , aoquatur {d) AB« Eo« 
(d) ftf dcm modo oftcodam omncs utrique piano peq^endicularea 
V\i>]rief. ^^ acqualcs. Ergo plana (#) funt paraUeia. Quod erat de- 
J^l ,7. monftrandum. 

PROPOSI TIO XV- 

/%. w. C^ I reEt^ dus fi mmuo tOftgentet (Bv^, Cj4) 

l^ ad duas Mias /i mmuo tsmgsuies iED^ FD^ 

Jtnt paraUsU ,* etiam pUua per i^as duRa erune pa^ 

' roM^. 

(f) Ftf Ex A ducatur AG reaa' ad planum EF , ponanturquc 

o /.11. GH, GI , jparalklae jad DE, DF. Enint h« (/) paraliclac 
(g)P«r^. ^^j^ ^^ ^^^ ^Q Q^^ jgi^r anguir IGA, HGA , fint 

IhiJ^ (f ) rcfti, crunc ctiam (h) CAG , BAG rcai, Ergo GA, 

»7. /. f. quxad pbnura EF cftrcda , ctiam tcBsl (i) eft plano BC. 

(i) P0r Ergo^ana (JO BC, £F font paraliela. Quod erat dtmooP- 

frfrl*' trandum. 



(k)P«r 

frse, 



pROPQSiTio xvr. 



r^. is« TyLauum (EHFG) ficaus paralleU pUna (^3 
X CDj) in iii facit feaioues {EH^ GF) pa^ 
ralleUs. 

(l) ?tr r«r. Si non , cftm Qot in eodem plano fecante, convenicnt (0 

j.pojf^u alicubi in I. Quarc ctana totae HEI, FGl iint (m) ia plania 

Ym) P*»" ^^' ^^ produAis, «tiam haec coovcnicnt in I. Quod cft 

I. /. I r. abfurdum , contra definitionetn 8. hujus. 

i7/r. 17. [ Scho}. Si dH^rumflanemm ^F, BF r»i9f fUnu tmio AB 

(n) ^«r insfrfeBknes jiD» BE fint parmlleU $ erit uiam mutua if^ 

^^^' rum AF, BF interfeilio CF, iffts AD , BE pMr§lkU. Soeou*^ 

io! l.*^u ^"^ ^""^ ^^^ *^'^ f^'^ t^^* paralUUs ABC , X>£F}, erum^ 

(p) PfT * f«' (n) AB, BC, CA'iip/is DE,BF, FD refpe^ive paraUeU» 

Hi. I. u Zrgo (o) nng: ABC li D£F, <$• ang. BAC ~ iir<f. i5i>f. 

iq) Ptr Sed O" ( propter parMUelogrammum AE ) erunt (p) AB^ 

•^^ '• X)£ 44M4/*f, &f« (q) ^ BC^SF, &CArZ FD^ f^^ral^ 
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Srgo (a) CF iffts AD , BE fm^^ikU tji.^ /«) ^^ 3 1« 

•PROPOSITIO XVII. 

jir^UeU pLma reSas Imeai (BD & CH) frcfoT'- Fii.%^ 
tuMaU$€r Jicant^ 

Ducantur in planis PQ, TV rcft^ BH, GD: \duc$tuz^ 
item BG occurrens plano RS in F , juJkganturqae FC , Fl. 
PlanoRi tntvgiilt BGD i^caaa parftlleia plaoa, tacit ieAionci .... 
CF . DG [b) paralleks. Ergo cft BQ ad CD, Mt W M M uVtZ^' 
FG. RarjfUm, criangulum BHG ie«&ns parallela plana, facit ^,/.4. 
feaioncs (d) KIU FI pvallclas. Ergo eft HJ ad IG , ut (r) (d) ^«r 
BF ad ?6 i hoc cft, (quod jara" oitadi,) ut BC*ad. CD. f''^* 
Quod crat dcmonftrandum, • \}f^ 

pROPOsiTib xvin. 

-, 

S/wflU /r«;4 CF£) /ir ^r^ plapHm (AB\ reSa^p !%.>/• 
0mma'^^M fer ipjhm dmtmtm' flatta» fimt eiT 
dempUno {AB) reEid. 

Duftpm iu pcr FK plapum aliquod GC faciens cum AB (0'«f W 
feaionem CD. In hoc ducantur HK normrics ad QD fcaio- f*j7"*'* 
nem coramunem. Cum igitur ctiam (/) F£ reda Ht ad CDi /.^ p^ . 
erunt KH f^J.parallelaead FE. Sed F£ ponitur re6la plano 19,/. u 
, AB. Ergo^HK re&e (h) funt piuao AB« Ergo GC filanum (b) P«r8« 
(i) plano AB rcaum cft. '-.'^'^^ 

Pl^OPOSITIO XIX. 4- /.11. 

SIJmplaHa (A€Fy GD) fejkamiay Jmt ambo Fi^. ti. 
re£h etdem pUno (AB;) erit efiam commmtis 
iUormnfeaio (KL) rellaplaw (AB.) 

Quoniam plaoum MF ponitur rcdani plano AB $ cx dcf. 
4. patct eoL pun£lo L poile in |^o MF duci rc^m per- 
peodicularcra pbno AB , cam ' JKmpe qux cx L eilet in 
plano MF perpendicularis ad communem licaionem £F. 
Similitcr , quia planum GD pooitur perpendicularc ad ABf 
JK3L dcf» 4* patct in plano GD poHe duci ex pundo L per- 

O 4 ptn* 
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M ^^ pendicalnrem plano. Scd ex paodo L tantihn f^ xm pooA 

i|7. ii* ^^^j perpendicukris plano Aft. £rgo necefle eft uc rtdt^ ^i» 

ex L perpendicularts eft pkno AB , exifbt in utroque planQ 

MF 8c GD. , ac prmude fit ipia plaporum M|F 6c ^D com^ 

munis &dio LK. Quod erat demonftranduni. 

PROPOSITIOXX. 

I 

j^. 27. O / ofigulus foUdnf' (A) tribas flAms mgalis (B^C^ 
O CADf Dj4B) ccfuisteufr i horum 4f^o tptiliht 
reli^Ho fnm majores. 

Ss trjps plani funt an^Ics; pateC aflcrtip: Sl inaequaJes, nai' 
jimus cfto BAD. Hic nihilominus minor cft duobus relir 

2uis. £x maximo enim BAD abfcinde BAE parcm BAC» 
antque aequales AC, AE. Per E ducatur re^ia occurrens fp- 
^y*' fis AB, AD inB'& 0; junganturqiicBCOd C&oniam anr 
<rfpif guli(^)BAE,BAC arquales funt,& iitera BA, AE acqualia la- 
4^t %: teribus BA, AC, etiambafes B£,BC acqiiale5(r))Bruai.Quo- 
(d) ^ir niam %^6 BC, CD (d) majores funt quam BP., al>]atis ac* 
*®: '• ■• gualibUs BE, BC, remanct CD ma^or ou^m ED. Scd latera 
^L*^ EA, AD aequantur lateribus » CA, AD. Ergo angulus (/) 
Hrrir ^AD raajor eft (Jaam EAD Cum igitur BAC par lit ofteo- 
V»^l' fus BAE. Erunt duo fimul BAC, CAD majoits toto BAD, 
Quod erat denionflraQdum, 

BRQPOSITIO XXT.. 

^ ^^ T\/>«j ^<^'f > felidHm angulum tjHemcHnqne comfo^ 
jL mntesy ftataar reSis pM mnorts^ • 

Cfto fblldus angulus A. Planis angulis iUom compon^li* 

bus fiibrendantur rc^ BC , CD , DE , EF, FB in lii^ 

!]w I ?u. P^^^ cxiflcntes. Quo fefto conftituitur (g ) pyramis , cujus 

f^' " • bafis cft polygonum BCDEF,- vertex A , totque cin^a trf- 

angqlis G, H, I, KL, L, quot plani anguli componunt ibli- 

0») ^*' dum A.. Jam vcr6 qula doo anguii ABF, ABC (h) majores 

r** funt uno FBC, & duo MB, ACD majorcs uno BCD, & fic 

Scinccpsi crunt triangulqnim G, H, I, K, L drca bafiih 

ai^guli limul fumpti, omnibus fimul angulis bafcos B , Cf O» 

theJ,ufi,b* ^ » ^ majorcs. " Sed anguli btfeos una cum quatuor rc^is , 

ir/r3a.'Ai* ^ciunt bis't<^ rcdh>s (i; ouoc itinc Jatera , fite quoc cria6- 

' ^^ ? gula. 
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guk. Ergo omMs triat^loruin circa U^m aaguli , unil 

cum quatuor redis » coaliciunt amptius quam bis tot re^xis ] 

qaot luDt trianguia. Sed iidem anguit cirea halim , uni cum 

angulis qui componunt lolidum , conficiunt bis (4) tot x^idu^ (t)P^aetmf 

qaot fma trianguia. Liquet ergo angulos' ioHdum ainukim 3^< ^* ^* 

A componentes, quatupr ^e^s eOc minorm. Qood cnc 

ik^aaoafbaiidum* 

Cbrollarifgffff 

« 

EX hao & praBcedenti iatis colltgttur , ex trijbus.anguHs pW 
nis , redis quamor miooribus > quorum duo quilibct rp- 
pqfto iin|; majiom» ibUfim aogohim conditMi po^. 

EX hac eldcm propofitfone demonAraDir celebre thforemty 
I tres.tantum nguras planas ordinatas, & aequaies, corpok 
prdinatum continere poiie , niminin) ssquilatera triatip^lii 
yel 4. vel 8. ycl ao. Quadrata 6. Pentagona 11. Ac proinde 
quinque CR^ilfm' iunl Drdinaca^ leu regu&ria coi^pdra^ : Pyra- 
mis , quae 4. Odhedrum quod 8. lco(acdrum quod 10. ae- 
quilateris triangqlis continetur ^ Cubus, (mi 6. quadrati», Dp» 
.dcpaedrum quod li. aequalibuspentagonis ordinatis compfe- •^* * 
henditur. Porro corpus ordinatum dicitur , quod pliihis or- 
'difiaris46c aequalibu^ continelor. 

Demonftr.. l^x duobu^ «qujlateris trtaiigulia non-pGte(l 
cpnftitui angulus iolidus-: ad hoc enim iaitcm (6) requiruntur /^)p^^ 

A tribus triangulis aequilateris in unum pun^m coeuntr» 
hus, potefl conmtui angulus fblidus pyramidis ', ex qua- 
'tubr , angulus iblidus o&edri j e'x quim^oe, aoguhis ibHdus 
•Ic^iaedrii cum aequilatcri trianguli angulrtum 3 tum 4.tum 
r. iint 4 re^s minores , ut coUigitur ex coroll. 11. p, 32« 
I. I. ' . 

' Quoniam ver6 tres anguH petttagonict(^}iunt 4. tc&ls mi> fc) CeO^ 
Wotcs , potcrunt tria pentagona in undm pun^hjon coeuntia tm^ex 4r. 
conftituere ibiidum angulum , nempe Dodccaedri; i./.ii.A4, 

A tribus quadratis in uoum pun&um ooeuntibus e£d ibli- « 
dum angulum cubi , per ie patet. Atqoe ita quin^ue exiur* 
eunt regularia corpora. 

Pvseter bxc nuik efle alia iic oftenditnr. > 

Sex asguli triaog^li seqiiiiateri conficiuat 4« redos. Unas 

O / qiioi 
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enim &citilias («) tertits redi, «c praifide iex triei effiejent 
11^*?»!^! ii.tcrtias refti > hoc cft redos 4. Ergo, a icx »^iatcri« 
^ f • 3 * • triangoUs oon potcrit cfiici loiidiis angulus , mukd minib a 

ptoribus. 
A qoataor quadratis , noo pofle conftitui iblidum ai^ulamB 

ac muk6 miniis a piurifaus, perie patet. 

AnguH pentagonici 4. funt 4. redas majores: Singuli eami 
(KS Tertn. ^fficiunt 6. quintas {b) re^. Ergo a quattior pentagoois ne- 
i./r. II. ' 9"^^ ^^i angttlus folidus» multd mious a pluribus. 
j^*4. Nec iane ex aiiis liguris quibuOibct ordinatis conftitus 

potcrit fbiidus angulus. Trcs anguli hexagonici funt 4. rcc- 
fc) Ter ^.^ «quaies. Unus cnim (c) facit 4» tertias redi , ac proiode 
^f^i^j,^ tres raciunt 1 1. tertlaa rcdt , hoc eft 4. rc^s. Ergo ex cr^ 

bus hcxagonis nequit cooftitvi /blidus an^us, muicd mh|ia 

a pluribus. 
Ci^ Ter6 tres anguli hexaetmici (int 4. re£^is zqualcs} 

tres anguli figurarum quarumlibet hexagono majorum , ut 

heptaeoni , o^ogoni > Scc. 4. redts tnajores erunt. Quare 

^mantfeftum eft rdiquaa 6guras ordinaca« omnes , cSk ineptis 

uc iblidum angulum conftituant » adeoque praetcr jam didi 

j. onUa ordinata oorpoca dari pof&. 
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[PROPOSJTIO XXlI. 

St fuctint trc$ Jjnguli (A , T? , C quorum duo 
quilibet reliquo Hnt majores; comprehendaQt 
autem ipfbs reAas lineas asquaies (AD = A£ = 
BF = BG = C H r: CI fieri poteft ut ex 
reftis DEj FG, HI) «quales illas jungcntibus; 
trianyilnm cooftituatar. . 

• Si r«& jmimn fiui^nt tfnaiestfMi ix iis tri^figiAm 

MKftkui poffi, Sim smtsm kutpuiUs , <^ tn^ximM fii DJU 

fi tmnm DB fmtwr fitnit dsmbus ttliifus JPG + Hli tmsh 

(^) ir<f ^ilsnn ex Ulis canftrui (d ) poteft. Sft autem minor. Nsn^ 




y^Y ^«' &jmsgm9r JCtf , KI. Et propttr re^as KC, C^ reO^ 
tf)P^ FB, BG r^iOrtM dquMiis^ 6* ^- KCH r: ^. B, mr(e) 
cw^. KH n: Hj. Mi atm smg. B -^ mig. HCI, isH eftt {() su^. 
(i) ^^l9f''KCl nmjer (g) fitsmgub A^ immrM smtm KC^ CJ Utifihus 
(h) Fm' jyji^ ^£ MMumur refpeiHvei tfgo bstfis Kl hMfi Z> £ major 

0) pAo. f^) 'A ^'^>»««« Utermn KH ^ Hl {hoe eft^ FG -^ Ht) 

1 1. nMifsr eA (i) sftkm KI% ^ frmdo mslA mujor if^m PE, 

JE^i*> O^* Scholium. 



] 



UAer Vmkcinms. ifp 

ScholittiD. SintfnatrimiHlaifrfcelia ADfS, BFG, CHI » ^*^% 
qmrum trura AD^ jfE^ BF^ BG, CHy Clfmt mter f$ *- ^^** 
^tuklia » <^ anguli vmkmUs AfB^ Cfimulfumfu pnt (pMtHor 
reBis miri^fes, it» tttmen nr duo ^uiliiet reUqueftnt mMJeres: s 
hMjHus autem I>£ > FG, HI €mifiitusttur(i)triMUgulum LMNtM) VW 
its ut fit LM :rz DE , MS:ZZFGf NL:z:Wi fiiper quihms^^l^' 
mteifiMniur triMngtthntm ijbfcelium iuterst Siut^ quaivie cmtiput ^^ '* 
iu ttnum reBstm coalefiere. nempe CI c^ AD en BLt AE ^ 
BF in PM, BG &CHm FSy & nh (mguiis plstms A,B,C, 
firmaSitur t^nguU^s foliJtu P $ c^ dqua^ntur reSi^ PL , PM % 
FS. Hts fTMmiffs , fi trianguio LMS (b) drcumfcrihatur dr- W Fer 
€ttlut { ferfendictd$ris PO ah angut/ofM$ std flattum ckcuB ^' ^*» 
dtmiffa^ in centrum cadet. 

DstSlis enim OL, OAf , 0S\ in trianguHt reclan^uUs OPL^ 
OPM, OPS, erit {c) PLq:::ZP0q + 6Lq, PMqin POq+ W '••' 
OMq, FSq ^POq+OSq, Si igitur a quadratorum (d) 4- fi]p^^ 
quaUum fmgulss FLq^ FMq^ PSq, auferatur POq^ rtfiabttm ij./;t. 
aquaiia Ol^ , OMq , OSq ; atque inde aquales eruntOL, OM, 
OS. Mrgo circutus tranfitns fer Lt M. S, centrttm{t) Isabet (*) ^ 
iuO. , ^'•l* 

Porro tmanifefia efl fropofitioms veritas,five triangtdumLMH 
feterit actttangultim , feu re£tetnguUim y feu denique ohufangU" 
ium. Vide fchoL f, f, i, 4.. <J» conferfig, f» ^. 7. ejufdem Uhri 
dumfig. 30. hujus. 

Corol. ad Schol. praeced. Pofitis htijufmodiiriangulis ifOfceUit 
AOBt BFG, CHIy fi ex eerumiafihut coHftitttatur triaa^ 
htm LMSi erit crurum aquaitum quodvir-AD {vtiAt% vel ({) |v 
SFf &c.) majus radio circuH circa triangulum LMN oonfirifti. ouifir. 
Sam ADZZO) PL; (^ in iriangulo fe£t^gttlo OFL^iatusFL (^) Fer 
anguio reBo ofpojitum, majtis (g) efi qftam OL fuod offonitur ?m pJ'^ 

p ROPo srr/o xxm 

EX tribus angulis pknis ( A, B» C, ) quarumduo ^w^ja. 
quilibet reliquo funt (#) majores, ahgulum fo- ^^lflu 
lidum (P) conftitucre, Oportet autem (Jk) trcs il- ^>^^ 
los angulos quatuor re&is nuDores c(£:. . ' * 

• (I) Per 
Fac omnia angulorum latera (nemfe AD^, A^t BF, B(3, %\^t»n^ 

CHy CI) aqualia inter fe. Junciis DE, FG, HJ, confiitue 9aMu 

(0 trianguium LM^ (cujus latera LM, MS, NL, iffis DE, (••)'«• 

FG, HI aquentur refptihve,) ^circa quod ckcuium (m) defcri- (nJ^PfrtuL 

hoy cujus radiusfit OL, Et cwn anguionim A, B , C latera siffb^u 

fiugttU radio o£ \v) fint majerdi erit ttiam ADq tttafus frased» 

quam 



»o Ekn9mt$rkm' Gemetri^ 

^^^riT^* ^M^ OLq. IwvmtUHr (j^) OP Imm ^uadmr t^ ADq «x* 

.l!/* ^'^" ^^* ^ * ^*"'''* ^ «■'/«'•'' (t>) ^^^* ^irtf«/i ^/#atf re5#,. 

(h)Ptr' JtMgsttiurqne PLt PM, PN. DUo JMBHm. Cum enim 41»- 

1»./. «r, ^«/«j O in trimtguk OPL rtBus fit > <ri/ PZ^ ;::; (c) PO^ 4- 

(c> i^^r 0Z.9 ~ (d; ^f . e^ jPL z= AD. Eodm mcao demmfhM' 

^^'^^ tur re&nm PM ipfi AE dipMiem tjft • Et camjtt LM ~ D«, 

^L ^ trif (c) ang, LPMZZt^ng. A. EtjimUstir oftendetur ejje ung. 

(ej P«r AfPA:::4»^.i}> C>> /ixi;. NPZ.::: #j!^. C. MaSum efi igitur 

S. /• I* ^od feto^utur,} 

PROPOSITIO XXIV. 
fk*t^' TyLana pdraUekpiJftm continemM (i.) jum pdr^Me^ 
JL logrammay (2.) ^tta ex adverfo Junt Jimilia y (^' 

(5.) atfHolia» . 

I. Pars« Planum AF iecins plaoaBD» FH cx defin. 13, 
(f) PfT paralleia, fack (/} (e^ioQCs BA > F£ parallelas. Rurfuin pla- 
16. zu. num AF iecans piana AH» BG perdefin. 13. parallela» iacit 
(^)^ {g ) feaiones A£, BF parallelas. £rgo BAEF paralleiogram- 
'^i '■ inum efl. Simili argumento reliqua parallelepipedi plaoafiiQfc. 

parallclogramma. 
2. Pars. Quooiacn ex primk partcpatet AB« BC paralldas 
(h) Per ^ EF , FG , cruwt (b) aoguii ABC , EFG pares. [ jEtw fth 
J.^ p"* TMllilogramma SD, FHfitm (i) dquiangula.] (Juare cUm &, 
€5-34. /. I. l»twa *lt««" &nt W paria. [/w ^, ^B=r £F, BCzZl^G, 
(k) P<r CDzzGii, c^ i>.4r:H£i] fimilia (0 ^UQt: paraUelograin-. 
3^4^-.. na^ adr€T& BD , Fti. £odem modo probatur dc casterif, 
W^y^-oppofitis.. 

"£?|V U. 3' ^^ V^^ ^ primfi parte, & 4. vel 8. i . 
(m) P«t L 7^g9 ^> ^Gi & cum in tnanguUs ABC»SVG,latera 
'j4«/' !• AB , BC laterihus £F, FG re/poBive (m) aquaUafint^ <^ nif- 
f n) Pcr- - ^^jjpjj ^gc ygp jnjji^ ElfQ (n) tf^M4/fj 5 (o; erit bajis AC 

(^) pjr ^f^ ^^ 4^/r/, O*. trianguium ABC triangulo EFG aquale. 
4. /• I. Cum vero fdrallologramma obpofita BD , FH (p) Jint triangu^ 
(p) Paf Imwf» Ulofum a^ualium dupla, erunt otiam ifia aqualia, Si 
34*/. I. fodom modo froMitur duo tp$avis alia offojita faralidoffram* 

ma aqualia ofieJ] 
f%*)^ Cor.' [1. ParaUelepiftdum {AB,) aut quodvis'] prifmi ^* 

^ tum piano (CD^ advcrfis phnis (KS, RB) parallelo, Jeaio- 

ncm habet fimilem 6c «quakm planis adverlis. [ Donua^t^ 
(^) Vam ^lf^ eoiem modo «pMparsficunda ac tertia hujus frop.^ 
hdm^mi\ Cor. 2. Eadem fiaione t^rallelcgranwia lateralia ( AE ,SP» 
(T)PeriM &e') dividfntur infartes (q) farauelogrammas ( AN & CF^ 
a.&4efi Sti&DE, &€.) (r) //miles fartihus (SD, DB) in quasrt^^ 
7*^* T: ta qaevit lateraUs (^J?) eadetpfifliffne £viditur. 



Cor. i-ltfrstereM , GfoUJum f^no tutvtrjts flmus pMrMlU^ 
bfeShtm^ pmit ftiTnUeUftfedumi partes faraUelifgrammd (jU 
invicem opfOjita , m ^as dmdHntur Adverja piam UuerMM » 
esrum {^)pfmUs (J» dquaUs.] (i) iV<w> 

PROPOSITIO XXV. /i^- I 

SI farAtteUfipednm {AB^^ion (juodvisfrifmajfla* ^**}»- 
m (CD) ficetftr adverjisplanis faraUelo ^ erit 
uthafis (ED) adhaftm (DF,) itafHidum (j^D) \ 

odfiUdHm (CB.) 

Demonfirabitur eodem modo quo i. 6. 
[ Dfvidattsr reBa DB hs dqtiaies qttoteusique partts, v. grl 
quMtuor» DG, GH» HJ, IM> & 'mbafi DF, per divifionum 
puudia G» H, I, dstcamurre^a GK, HL, lM,bafeosD¥la- ^ 
tertbus oppofitis DN, BT paraUeU » 0» ^fis m quatstor (b)fimi^ ^7^%' 
Ua (^ (c) aqualia paraUelegrattma ^tvidetttr, tsetiepe DK,GL, p, 7, ^f^ * 
HM, lli per qttorttm Utera GK, HL, IM, tranfeant platmtmmOf^u . 
GO,HP, I^ , JeUdi CB advtrjss plattis CD ^ RB partUleia , t- ^. 
& dsvidetvr iUsed iss quatuer foUda DO, GP, H^, IR , ^^^ 
fingtdm (d)fittMsu f^ aquaUhtu mtmero 0» imtgttitttdine plsittis L j ^^^c; 
eomprehtnfa, ^preinde(c) aquttiia* ^uare fiatttsm DK t^ f,t%,€mm 
foUdum DOfttm confequentium DF ^ CB fimUes ( f) partes cmUmrus^ . 
stliquota, Auferaturjam reH» DGexDS quoties poterit, puta (^) ^^^ 
4is > & reUaquetur ST, ipfd DG tttenor; c^ a divifiomttm pune^ \k al^ 
iis V, Tducantur reBa, bafeos ED lateribus oppo/ttis £S, ND. yHTs. 
paralieid , e^ per Uias dtseamur piana , adverfss foUdi AO 
pianis AS, CDfaraUela. ^uoniam ftnguU DV, VTipfi DG 
aquaiesfttm, erum (g) etism paraUeiografmna finguU HV, VK {^)v:dem^ 
paxaileiogrammo DKfimUia ^ aquaUa, d^fiaguU jaiida QV, ^as{h,c\^^ 
VTfoiido DO (mpote qua (h) fimili6us fji* aquaii6tss muUitH-f^f^ 
ditse ejy^ magnittsditie pUnis etem iib eommentur) etiam (i) 4- ^^ 
qisaiis. Sed propter roBam STipJd DG mmerem , erit hsfis BT^^i^g^ 
lafi^ DK minor (k) , f^ feUdum ATfoiido DO mtmss; (fi emm (i) ferd^i ' 
fttraqueiUfirum foUdt/rum fuper aqtsaiiSus pianis AS p- CD , !J:^"« 
intra invicem ceUecari fuppomsmur , propter ST mitserem qtskm | v ^5f ■' 
DG , folsdm» AT parti foksmmodo joUiU DO exaqssabitur.) * 
J^uoties igirurpUmtm DK comtnetttr in amecedeme DE, totiu 
etiam foltdssm DO in antecedtnte DA comineintur^ Et eodemi . . ^ 
tnodo oPmdteteft, quafcunque confeqtsemissm {bafeas DF, ^ [1)^^^ 
foUdi CB) fimiUs partcs aUquotas , in amecedemiStss {baliED, amaHmHn^ 
O" felido AD ) aquaU numtro contineri. (]) Erge bafis BD Jktmmspmi 
erit ad hsfem DF, ttt foiidttm AD eji ad foUdtsm CB.dfffJ:f» 
^ £• D. • ^ B.0* 



flfll- 



j>22r Ela 

pROPOsiTio xm. 

AD datam re£tam lineam (ABO & ad datunt 
in ipfo punftum ( A , ) conftituere angulum 
fblidum C AHIL ,) sequalem folido angulo dato 
(CDEF.) 

N0/41, Htmirmn qitd dtfynmt tMguUm foUdumjfrim/im efi 

sd punShim in quo tfi angulut, Sic tmgulMfiUdus AHIL tft ad 

funBum At & CDEJ^adpun^m C. 
(i) P<f II. A punBo quovis F in rtHa CF» demitfe (a) FC plano DCB 
I. iz« rtSlam^ ducanturqut rt£la DI 9 KE, EGy GD, GC.Fsc^H 

^CDs ^ ung> UAIZIZ ang* DCS g (^AI:^C£$ utque in 

piuno HAI, fM smg, HAKZZung. DCQ^&AK^rzCG. Tkm 
(b) ^ff ^^ ^y K^ rtBam pUn$ HAl, ^fitKLZZ: GF^ ducaturqtt^ 
s<»/^ II* AL. hrit Migtdtt* fohdus AHIL fur dutP CDEF. Nam junOis 

HK, IKf HL, IL, prtpHr HAy AKipfit DC ,CG rt/ptOiv^ 
(4 Ht aquaitsg ^ at^. HAKZZang.DCG, tfit{c)HKZZ IXj. Ei 
4. /.t. todim nttdeyCMfinndo trimsgula lAK, BCG, cfiwdtturl^)Kt 
ifiPtfSih ~ G£ 5 &in triang. HKL , DQf, (e) HLCZ DFi & in Priang. 
5- *f* IKL , £GF, JLrz EF', & in triang. AKL , OQF, AL =:CR 
%i^^i4^ '^^^nangula igitur AHL^ CDFfuntfihi mtttuo aqttilMttra , <$» 
\\i. II. & prmndt (f) atpiiangula. Vndt ang. HAL ZZ ttng. DCF. Et o^ 
?;f k^'* f^fifdem €aufam « triangiAs fibi mutu\ aquiiattrts AIL , CjBF» 

tfi ang. LAlz^ang. FCB. Std f^ ang. HAI rs mtg. DCE ptr 

anfir. FoBttm tfi igitttr quod ftttkatur» 

pROPOsirio xxni. 

. ■ 

^* ^ A Data re6lS linea (ABO dato folido parallde- 
Xjl pipedo ( CD ) fimile & fimiliter pofitum 
pardletepipeduro (AK) defcribere. 

'Bx angttiis^planis BAH^ HAIs BAI, qui aquaksfint ipfh 
fg) Fer K:£, £0G, TCG, fac (g) angulum fididum A angulofottda 
frM' C partm. Ittm, fit (h)FC:CE::BA : AH^t^ CEiCG:: AH% 

Ih) ^tr jii^ (f^ irit 9X aquo(i)FC:OQ:: BA:AI',)& ftificiaturfo' 
(0 F^ ^^^Hdtim AK. Erit hocfitrnU dato. 
%%. L $• ^mn ftr confir. parailtiogramma BH, FE\ ^ffl^EGnS^ 
(Jl) Ttr , BI9 FOfimiiiafunt i <^ ktorum idto ofpofita (k) iUorttm oppo^ 
ffr p 'J> fi^' Srgoftx fianafolidi AKfimHia funtjtx fimdsfolidi CDi 
9.1 u ^r^^O) ^X» CD fitnt ftlidafimiUa.} 
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PROPOSITIO XXVIIL 

PLamm fir Adverfinm fbmontm Mametr^s (AC^ %«!<« 
EG) troMfiew^ farilklefifedtm ficai in dM ^ - 
^pitiUa frifimttM. 

Quoniam {a) BG , BE fimt pftrallelogrftnima; OG, AE (if ?W 
cquuiinant [ hoc eft pmrttikU f$m ] eidem EF. Ergo 8c (h) ^^"* 
kucr fe iiiot paralleue, ac proinde in uno iunt plaao. Ergo ^ 'if^ 
w^tx AC , £G {e) in uno iunt plano, Jam vcrd pkaam per ^) p^ 
illas dudum iecare paralklepipeoum ia duo priimau acqualia j*L iB*f 
& oflmdo. 

Intelli^tur priima AEGCDH iiipn pbnttm iiumi.EACO 
in conftitui j ut ai^uU D, H vergant ad angulos B, F. Afo- 
oifefhim eft tum adhuc fcre inter paralJela plana BADC« 
FEHG. Tum verd nccefle eft ut D cadat in B, H ift F. . 
Cadat enim D extra B B fieri poteft , in N. Angulus BAC 
«^tur (d) angulo DCA. Sed DCA «quatiir NAC; ( eft <d) ## 
cnim .anus idemqoe angcdm.) Rrm BAC 9c NAC aM^ua>" »7"^^ ■ 
ks funt : qood eft abfiBdum. firgo D iocidtr io B{ & pan de 
causd H in F. Ergo pfiimt AEGCDH ooi^ttit priiinaii 
ACGEFB » ac proindc (e) SDqoalia ikfit. («) fWr 

[ TMctptiti detmanflrtttio faralliUfifi^ tpAditti ri6h$ emnfi* ^* ?• 
nit 9 ^Mhim /cil. pUtM UtinaiiMfimt kMfikat nBA i <^ f&rt^ 
itiam ttd wnius ma mluHus fieeiei «M^Mii Mcammedsei fcei/L 
Citm viro it^ fnpf. ftqq. Ifttjus ^ fnttimi iiSri yf mf fet m mr h^ 
dimon/irstie faridlilefifidts 4 ^m i d e r mt M pti ek&tptM .mettn^ 
dere : Md tMurMtms Xtteiidis iffim rmmimttm %ic ttmeft» 
rio rtcmrindmn iff , quo oftenditstr etmnst omnino ftirM^btfifidtt 
^JM ftetmtur fUtni AG , fer ssdvirfenm flMnenm diMmo^ 
tresfmtUlilm ACj EQ enmfiumi, in dtte e^iU {Mdd^, ^ 
fimiuM) frifmMtMfiCMri, (0 '^ 

£ft imm tfiangulum ABC eriamgule ADC (f) MsptMk^ <^ 34« ^ t. 
(oh Mnguios MfMks .B (g) ei» I> . BAC (h) ^ DCA, BCA ^^ 
e^ DAC) etttmt {t)fimilei e^ ob iMndem cMufMm trumguU ({)« p^ 
EFG, EHGfmtt MquMliM ^fwsHiM. MqutsbM itiMm (^fimiiiM 27. /.c« 
fimt ( k ) fMTMlliiogrMmmM fibi ^mvkem effofitM AF er CH, <«) Per 
itimqui BG d* AHi mquo ift AG siiriqm frifmtsti cemmssm. ^J*fL 
Fr^matM igitur ABCG£¥, ADCGEH, eemiuimtMt m fifmUkss wii^t. 
C^ eauatikus snultiiudine <^ tuMgiMudini flMtus 9 & freinde {l)pWij^ 
/une ll)fimiliM & MqMMliM^ ^. £. £>.] 1^11. 
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«14 Ekmmorim ,GieiK<trii 

P R..O P O S I T I O XXIX. &r Xpf.^ 

%U.a- Ty^*^'^'^ {FEAGKlAiC & FEBBWMtf 

r' X (pu-eandem habent bafim (,EFIM) & altitfud- 

tiem eandemy acfroiude exifiunt itaer faraUeU floM 
iEFIM, GAOLy) oqHaUa/Hnt, 

Vel cnim c5ciftunt ioter lateralia parallch plana EAOMi 

& FGLI, vel non. Efto primum. Ex. 24. hujus, 8c 8* 

ti.%S*/ 1. }' Patct triangub AEB. CMO , itcm GFH , KIL iibt 

mutuo JBquilatcra & ^uiang^la cfle. Quarc ut in pra&- 

ccdcnti, oltendam prifraata CMOLIK, AEBHFG fibi mu^ 

fa)P<r tu6 irapofita congrucrc,.ac proindc {a) acqualia cflc. Qua- 

M.7* re ^ddito communi ibltdo FEBHKCMI , tota paralleiepipe^ 

da KEAGKIMC, FEBHLOMI aequaha crunt. Quod erat 

jemonfttandum. 

[ Aliter. Jn paraUek^rammh AEMCt BEMO , lata^A opj 
(b><*f^ fj^tafunt (h)dqualsa^ hoceft^ AE^^CM, fi£SOAf, J(f 
%^L !• . ZZ EM^BO > ^ M^Utd cmmum re^a BC, AB IT Co,. 
Brgo irianp^ ABE, COM fmt jshi mmim dquiUaera , ^. 
^^** prmde (c) dqualia y ^ eodnn mod» oftendetur trianp^iff 
m P ^*^^' ^^^ ^udia ejfe: Qffofita autem paralleUpipedorum pu,^ 
14./.U, f>afuut(d) aqualia, nemfe AEt^CI^ &BE'ZZOIi & AK 
^EI^BL: unde ahUtocommunt BK^erit AhzZCL.^^' 
rt pri/mata AEBHSG , CMOLIK ajinulilfus plards mtmgro (^' 
>) Perdef, u^agnitMdme oi^aU^s continentur» e$* froinde (e^A^uali^ fg^f^. 
ts*U f. Commme appomuur folidum mjus bajis fsft FM & plaitum op» 
p&l$tiim BKy & tota paraUelefipoda EEAGKIMC.FEBHLOMT 
aqtealia erunt. ^. £. />.] 
fk*%S* sit deinde paiaiielepipedum FXQEMIPR non inter ea. 
dcm lateralia plana parallela exiflens cum parallelepipedo* 
FEAGK.CMI. Quoniam ex hjrpothdi GK , AC , RP , 
QX fiint in uno plano .ad baiim EFIM parallelo i RP , 
QXfeccBt GK in L 8c H, AC vcrd in O ac B; jungan- 
turque EB , MO , FH, IL. Facile oflenfu eft plana foli- 
dum FEBHLOMI continencia, paraliclogramma efle ex ad* 
verib aBquidillantia. £ Nam adverfa ptana quadrilaterd fotidt 
iftius fuftt m iifdem plams cum oppofitis paralieiepipidorum 
(f ; Per jiFjc , ^FIR planis , & pfoinde ( f ) parallela fmnt, SoUdi 
H^'*"» §nim BFIO qHadrilatera opfofita BEMO, HELL fnnt refpee^ 
tive in ufdem planis cum opfor.tis ACME , GKIF planit pm 
ralldepipedi AFIC\ & ejujdem folidi BFIO quadrilatera op* 
fopta BEFH > MOLI funt in iifUem pUnit refpecitve tmm 

oppofittt' 



iMr VfukcimMf^ l2f 

^fpofhis fUms ^EFX > MIPR fMrnMtpiptdi J^IR: •fivtr^ 
fitriUleiogrMimum EI» foiUo cum faritUeUfipidis cmmHtMt^ 
quMdrilimrum BOLH eft in flatu iffi EI tMrallelo fer hyfothe^ 
/ib. Fmtet igitHr fiiidHm BFIO fomfrehendi m fUnis qt^dri" 
Uteris ex Mdverjo fstrsiUelis t"] adeoque (blidum illud («) cHk i^)^'^^ 
parallelepipeduin. Sed huic per primam partem porallelept- '3*'**i* 
peda FXQEMIPa , 8c FEAGICCMI. funt aequaUa. £r]g;o 
etiam iunt acqualia inter fi. Quod erat dem« 

SchoUtm^ 

Hi£C propontio (imilis cfl propontioDi 35*. lib. i. affirmtt 
enim de foKdis , quod iib de planis. Quarc limili^ etiam 
erit reiiquorum cafuum demonfhratio. 

pROPosiTio xxxr. 

'T\ArdllelepitedA Jitper d^Holibus b^bus (jIO&EG) %; 57; 
X & i^ cadem aliitttdine (S) /ttttt dqHalia. 

Habeant paraBdepipeda primo ktera ad baies ndrmalia. Ad 
ktus FG produdbim t iiat parallelogrammuro CMKH aequa-* 
k ac llmile parailelogrammo AO : perfedoque parallclogram- 
1x10 GMPR, rca«PM, R G occurrant ipli K.H in.QJt L, 

![am verd intdl%antur fuper G IC , GQ^ G P conftitui paral- 
elq>ipeda» quorum latera (inc ad bafes re6bi, altitudo autem 
omnium commums iit S. Solidum EGS e(l ad iblidum GPS, 
ttt EG {6i) ad GPi hoc eft, (quia EG, AQ pcr hyp.arquan- (b) fef • 
tur,) ut AO ad GP$ hoc efl , per couilr. ut GFC ad GP $ h<lc ^f. itu 
eft , ut (e) GQ^ad G P j hoc eft, W) ut folidura GQS cft ad («) ^^ 
idcm iblidum GPS. Quoniam igitur folida EGS & GQS 'Jj^p^ 
eandem habent rationem ffi foHdum GPS , erit fblidum ir utu 
EGS (e) aequalcGQ^S; hoc eft. folido (/) GKS| hoc eft, (e) ?tr 
(quift baies GK, AO funt {g) atqualcs Sc amiles,) iblido [h) 9- ^ f- 
AOS. (Xiod erac propofitum. Pcr totum diicurfum ibluia 19 f!^ 
accipiuntur reda. (£) p^ 

Habcanr deinde parallelepipeda data EG S » AOS latera ad tmflf. 
bafcs £G & AO obliqua. Fiant fuper £G , AO paralkkpi- (tij/^rfi^* 
peda , quorum latcra iint ad baies rc^ in altitudine Sv Haec '^^ "* 
scqualia crunc obiiquis per 19. aut 90. Quare ciim paralieje* 
pipcda re6b per primam partem iint paria inccr ie» crunt d( 
obiiqua SBqualia. Quod erat demooifa^andttm. 

P PRO1 



PROPOSITIO XXXII. 

rk i9 'ryj^allelefifeJa qiuevis aque altay fioa inHt fe nt 
1 bafts. 

Baies fmt GO 6c A » [<^ nkitudo eammmusjit IC.] Super 
(a) P«r CO i^c (/i) parallelogrammum 0£ par ipfi A , [tn angido OCE 
44« A I. £qu»li dato G.] 

Super BC , OE intelligantur erigi parallelepipeda in altitu- 
dine k: hacc igitur partes erunt unius paralielepipedi BEK. 
(h) Ver ^^g^ (^) p^trallelepipedum OEiC efl ad parallelcpipedum 
\lx 1 1. BCK , ut balis OE ad bafim B C j hoc \c) eft , ut balis A ad 
(c) fer bailm BC. Sed quia bafes O fi 8c A funt sequales, parallde- 
wiV^rjMf?. pipcda OEK & AIC (d) arqualia funt. Ergo ctiam paralle- 
«r i iepipedum A K cft ad paralWepipedum B C R , ut baiis A ad 

^' ' baiim BC. . Quod erat demonilrandum. 

SchAimn. 

OUod hlc de paraOelepipedis- oftenfiim eft , demonftrabH 
tur in libro la. de pyramidibus pop. 6. de quibuflibet 
priiitiatibus io corollario i. poft prop. 9. de conis £c cylLndrif 
prop. II. 

PROPOSITIO XXXIIL 

'^if. 39« Qjmilia paraUelefipeda (JIA& CM) fiint in tri* 
i3 plicata ratione laterHm homologortm^ {ABy BC») 

Sint parallelepipeda A H,. C M^mifia. Ereo omnit ivfo* 
f.\ p.yj^ rum plana fimilia (0) fiint y adcoque AB adBC (/) ei ut 
5!/. II. E B a<l BO ; &.ut FB ad BG, fic EB ad BO. Infapcr * 
(0 Ber def^ anguli {g ) planofam aequalcs funt. Collocentur fic igitor 
i./.d. folida AH , CM , ut aequales anguH CBO , ABE fint oppofiti 
Wy^^' [in eodom plano'} & latcra AB, CB in dh-caum; tum ver6 
ih)Pdtettx ctiam (h) EB> OB [^itemipu FB, BGJ] in dire£bam crunt* 
t^.& 14. Cogitentor )am fu^ plams £C 8c CO h£H fblida • fic ut 
/. I. folida K B , H A iuit unum parallelepipedum , £c K B , PO 

(i) JP^er , faciant unum (imiiiter parallelepipcdum , & PO , C M unnm 
^i'/"* quoquc parallelepipedum conficiant. Solidum HA eft ad 
W Pfr foiidum KB(Out AR ad ECj hoc cft. ut(*) AB ad BC j hoc 
(1) 'p^ ^«(ut per hjp. oftendi fapra,)ut £B ad BO| hoc (0 cA, nt 
imd. fiC 
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EC ad CO; boc eft, ut fbHdam (4) idem KB ad folidum (a) Per 
PO. Continuant ergo eandem racionem tria fbiida HA, z;»/.if. 
KB, PO. Jam verd folidum KB eft ad fblidum PO, ut 
bafis EC ad baiim CO; hoc eft, ut £B ad BOj hoc eft, ut 
(^) FBad BGi hoceft, utphnum FC ad planum CGj hoc (b) OJfenM 
cft, ut idem rurfus fblidum PO ad CM folidum. Quatuor •/•^'* '« 
crgo fblida HA , KB, Po, CM , funt continue proportionalia. J^ p . - 
Ergo ratio primi H A ad quartum C M efl {c) triplicata ra- Jo^ f^^^ ^ 
tionis primi HA ad KB fccundum; hoc cft, rationis (</) AE (d) Ptv 
ad EC; hoccft, («) rationis homologorum laterum AB ad 2^/.ft« 
BC. Quod crat demonflrandum. ^^\^a 

[Alitcr. SimiUum parallelepipedortem HA, ^S , Jkt later/t Kva^ ^ 
h$moUga AB & RS , M o* ^^. M & VS. Dic^ folidum ^ ^ 
MA ejje ad foUdum ^ in tripUcatA ratione AB ad RS. 

Producantur AB , EB , TBadCy 0,G, utfnt BC, BO, BQ 
re^ij KS, TS^ VS refpeSiivi dqualesi ^ compleafur paraUelo- 
grammum CO , <^ paralieUfipedum CM. £i propter ang. OBC 
ZZ{^ung.ABE:::Z{^ang.RST, (jr» latera. BC , OB later$6w (f) jp^ 




faraUelogramma CG^ R Vj atqt^^ »^ — , ... ^ — , 

oppojtta parallelogramma y (nempe 6ina qudlihet 9 plauis J.msli* ^'^^ p^ 
6us tir aquaUbus oppojita in t^troque Jolido) (k) fimilia c^ ten/lr, 
dqualia erunt. Sum (1) igitur folida ^S' , CM fimilia eJ» (')/<»' 
aqualiai ac proinde (m) Joiida HA, Ctd Jimilia erunt , .^ ^n!\'p* 
AB: BC :: EB: BO :: FB: BG. Sufer haJibHs JSC , CO perficiatt^ ^^^ ^^^ 
tur paraUeUpipeda BK, PO ejufdem aititudinis cum AH. Erit (ifper dffi 
stMquoAB: BCvel(o)RS:iEB:SOveiST::FB:BGvolSVi ly./ 11. 
boceft, (o) AE:EC::EC:CO:.FC:CG 5 hocejiy (p) AH: ^^ ^«' 
BK :: BK: PO :: PO: CM vel.^S. Ergo (q) ^Heftad^ iti ^/ ^ ^^* 
triplicatd ratione AHadBK. Sed AH:BK:: (t) AE: ECv. (n) pL 
(f) AB: BC vel RS. Ergo {t)ftlidum AH eft ad Jimite folidum ifmjh^ 
^ \n triplicata Tatiom iateris ABadJibi hmdogttm tatus RS* (o) Per 

^.E.D. ' - i'\'p 

Cof. I* Hinefi fuerint quaftidr Unea roda cmtinu} propor- ^^; f^J, . 
tionsUes', Ut efi prima ad quarttim ,• Ita eft parailelepipedum {q)PeTde/i 
fuperprimA dtfcriptum 9 ad paralUiepipetbim Jmuio jmsiliter^' 10./. f. 
que defcriptum Juper fecttndd i (j^ promde ddtis pataUelepipe^ ij) Ftr ^fs 
dorumfmiiium HA, CM, iateribus IsomoUgis AB , BCi in* if^^p^ 
venittur Uiarum ad hrvicm froportio , fachndo ABs BC, X, 1, /, 5. 
T-rr ♦ Brtt onim HAi CM :: AB ; r. ^ate ttiam , datis fo- (i) *P^ 
iiuis HAf CM9 (^ ipfius HA lattre quovis AB} alterius foUdi '*»^.f* 
iatus hmoUgum BC erii duorttm medtorfm (}i)ptoportionalium ("^ ^ff^. 
friits intet AB & Y.^ ^ M3.l.«r 

Cor. 2. Hinc cortigettdHs tfi totum trrot t f^ foBdd^ 

w % ntt9 
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mm finiiUim nmdem 4c laterum ejf» rMtUmm §fmmityr. 
Lin94t inim dupU cuhus nfn eft tamum duflus , fed oBufUu 
iubi alterius, Et lines irifU cukus non eft tantum iriflus ,fed 
*vigecuflus feftuflus cubi Miterius» Nam i, i, 4, o-H-^J» 
I » B > 9 ' ^7 'H'* Etit/t de corforibus quibufctmquefimilibus 
eft cenftndumi uti deincefs ftuebit. 

Cor. 3 . Htnc quoque fendet celeberrimum illud de cubo di^ 
flicando Problemu: de quo infra, udculcemlib, it, tfbietium 
oftendetur , qud methouo cubi , vel corfora que^is jimiliu , 'im 
data ratione augeri vel Himinui fojfunt. 

[Scholium. i. Cum cubifint Jimilia folida farallelefifeda^ 
©• troindefint in triflicatd ratione Uterum fuorum i indefit 
ut ratio trifUcata quantitatum quarumvis, fer rationem cubo' 
. ' rumearundemquawitatumfifijimedejignarifolet. Sfcex.gr* 

ratio trifUcata rationis A aJ B, fafe deneminatur ratio jicub» 
ad BCMD, vel Ac ad Bc.^ 

Schoimm. i^ 

OUod hic de parallelepipedis ofteniuro e(l\ in hbro it/ 
demonilrabitur de pyramidibus propof. 8. de ouibuQibet 
pniinatibus coroll.' 2. poil p. 9. dt conis & cyliaaris p. la. 
dc iphaeris p..i9>» 

PROPOSITIO XXXIV. 

l%.4«. QI parallekpipeda (QSy CK) etquaUafimti reci^ 

i3 prtscant bafis & altttudiws, (hoc efi^ baps BT 

^ ad bapm JPKy ut reciproce AUittido FC ad abitM^ 

JkfsemSK) 

£t JI reciprocattt bafisfi' idtitudines y atftioUa fi03f^ 

i«r Pars. Sint prim6 l^tera ad baics redb. Si jam iblido^ 

rum QS , CK ahitudines iint pares, res patet. [Nam frofter 

(t) fir ^quales altitudinis, (aL)erunt farallelefifeda $u bajes: atqui ifta 

\xJ. 1 1. (b} funt aquaUa $ ergo ^ iusfes erunt aquaUs , e^ froinde 

(b) Pw esuiem efi ratio aqtuditatis^ inter altitudinem farallelefifedi 

*yp' frieris ^ altitudintm foftertoris , ac inter Safem fofterioris ^ 

Safem frioris, 

S! akitudiaes fint iaaequalcSy a roajori FC, abicinde F^ 
parem S V : & per £ duc planum EL ad ^IC paralldum. 
{e)^ef Bafis RT eft ad balim FiC , o( iblidum (c) QS ad foiidum 
91 /.11. EKj hoc cfl , (quod cx Hyp. paria (int folida QS,*CK,) 
{dyPir ut folidum CK ad EK rolidum 5 ht>c cft , -ut (d) CG ad EGf 
frt/ir'i* ^^ eft, lit (#) CF ad E F j hoc eft, cx conftr. ut CF rcci- 
/.r k ' F^^ ^ '^^" Q.uod erat dcmonil, 

Sia» 
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Sint deind^ ktM 9^ btles obligua. Erigantur jRiper iiftiem 
boiibua in altitudine eidem paralielepifeda re^. Erunt his 
obliqua {m) paralleicpipeda aoqualia. Quare cum hxc per y, (^)f„^^^ 

Sartem reciprocent hiks £c altitudines, ctiaqi iila reciprpcar /. n, ^* 
unt. Quod erat demonflrandum. 
2. Pars. [Sint latira ad bafts reSia, ^ ahhHdims Aq^ales» 
Cwn ip$itr iafis ffji» aititudsTUsjam forumtur reeifroe^ i oh ha" 
rum nqualstatep^, aquahmtur O* HUiac (b) froinde iffa otiam ji^^ p^ 
faralleiebrfeda. ' • 3 1. iCi i, 

DeinJe,'] Qnt altitudines iiiaequales., lateraqae ad baicsrecr 
ta ; & ex majori C F , tpii V S fume parem E F, fioiidum 
QS eft ad folidum EK, uf (t)KT ad FKj hoc eft, cx hyp. (c)Per 
uc CF ad V65 hoc eft,cx eonftr. ut CF ad EFj hoc «ft, ut ?*/ "• 
(d) CG ad £G$ hoc eft, ut roIidum(#)GK: ad folidum idcm ^u!^ 
£JC. Ergo IbHda QS 6c CK candem hatoit rationem ad EK. ^e) /Vr 
Ergo funt parta. Quod crat demonfh^odum. af.Aiif 

lEt chm foralleUfifeda obUquafint redis aque altis (^fufer 
i^dem bafiSuslffdquaiia', illa etiam , fi recifrocant bafesf^al' {i) Ptr 
titudin$S9 domli^funt.'] 3o«.'.i«* 

QrollariAf 

4 ■ 

OU^ de parallclcpipedis dcmonflrata ftint Prop. 19,50,^79' 
P> 73 > i^'^^ conveniunt prifmatis trsansukribus» 
quae ilint dimidia paraliclcpipeda , ut patet ex p. iS.Tgitur, 

1. Prifmata triaagularia araue aita (jint ut bafes A , 6. Tk, ±1, 
iJSjt froindeyfi eandem vel aquaies habeant bafts, fji» eandem 
alfitudmem, dqstaiia fum*'] 

2. Si limiiia ftierint,corum proportio tripliQitaeft propor* 
tionis iatcrum zqualibus angulis oppofitorum. [Etfroinde co^ 
roilaria frop. $^. ad ilia affiseari'foJfunt.'] 

3. Si acqualia iiint, reciprocaQC bafcs & altitudiacs: $p fi 
reciprocant bafes fc ajtitudipcs, arqualia funt. 

' Schidifm^ 

QUod hic propor. 34. oftcnfum eft de parallclcpipedfs,' 
dcmonfbabitur in libro 1 1. dc pyramidibus p. 9. de 
Eimatis qQibuicttoqttc coroll. 3. poft p. 9. de conis & cj- 
iris p. i/. 
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PROPQSITIO XXXV. 

jilde fraUxd , firvit fiqtiemi ^ qttm Jhte iUX 

datmfirabinms* 

P 3 PRQ- 
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PROPOSITIO XXXVI. 

'4' ♦*• X3 ^^^^pip^dnm (Dft) ex tribns reBisfropartjcnO' 
)[ //^w ( jf, 5, C) faSium , a^uarttr pardlUicpipcda 
(iiV) /iflf(? 4 ««if/£ri fS^ ^ ^cjHiaagiilo priori. 

Parallelcpipedi DH balis FD habeat latus £F «qualc A, & 
latus alterum £D xquaie C :. latus ver6 £G baii inMeas» 
flDquale roedix B. Erit parallelepipedum DH ia^m ex tri- 
bus redlis A, B., C. Paralielcpipedi deiqde IN tria ktera 
L X , IX, X M (ac proiadc omnia reliqua) iiat asquaiia me- 
diae B > dc angulus £blidus X fn axjuaiis anguio iblido E. 
£rit.paraIleleptpaJum IN fa^um ex medii B,& priori acqui- 
togulum. Dico etiam efle xquak. , 

Cum enim per hyp. & conilr. (it ut F £ ad L X : ita reci- 

(t) Tir 14« procc IX ad D£, erunt {a) bafts DF . IL aequaies. Jam quia 

^- ^ anguli fblidi ad £ & X funt aequalcf > li pooantur iotra invi* 

1 1! uti. ^^^ • ^^^ congruent ; & ob axjualitatem r^^um EG» 

X M , pun^ M , G coincident. Quare una erit atriuique 

iblidi altitudo perpendicularis , nempe a pun^s M , G jam 

fe) Ter congruentibus , in pknum boieos dcmii&. Solida (r) iffxax 

luLiu ^H, IN «qualia funt. Quod crat demonftrandum, 

SchoUttm. 

HI C porro oblervabimus, id quod niagnum habet ufuth , 
^«, ^,». ^^* tribus lineis quomodocunque intcr fc {d) du^, 

/tl!i'^ ejufdem magnitudinis folidum [fardUUfipedHm reHum t^ fm 
' 40. /. 1 1. fUims nSimigtilis comprehenfstm gigni. 

ABC. CAB. BCA. 
I » 3 

In rchcmate h!c appofito , duae primae licerx' defigiKinc 
hafim 9 tertia altitudinem. Comparemus primum cum 
fccundo. 

Balis AB eft ad baiim CA per i. 6. ut B httus ad C latus: 
. hoc eft, reciprocc ut B altitudo ad C altitudinem. Ergo p«r 

P- H- 

ABC JB. CAB. 

Eodem modo oftendes primum tmii>» 8c tertium iecood^ 

«ilc aDqualia. 
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PROPOSITIO XXXTIIt 

ArallekpipeiU /miliay fimHkerqm a Uneispr^^ 

timalibtis defcripta ^ etiam ipfa fknt froporti^ 

: c^ e converfo. Patet 



lihr ZhukcimHs. ijr 

Patet ex 34. L s* Rationes enim paraliekpipedorum, per 
aj.hujus, erunt tiiplicatx ratiooum ex hyp. aequalium, quas 
Aabent lineae. 

CoQveria patet ez. ^f. I. f. [^m^. emm f»aUe!epip€* 
'dorum ex bfpotbefi dqu^ , (a) triplieaU fimt rMionam homo' (t) Mtr 
logortm Utepwnt m qMm par»Uelt^iU fitmliA fimiliter def' ?A^' "* 
eriStentmr : f^ proittdo kottm Uterutit rtuiones ( b) erura ;/ /^ 
tu^tuiUs.^ ^^''^* 

Propolitio vera tft de quibuicunoue (imilibus corporibust 
quae patebit 1. la. triplicatam habere laterum ratiDoem. 

[Corol. Hkoc deJttci/Hr mtio mMitipUcanJi (^ dividettdi ra-i 
tikes ett^its. Si netttpt mtdtiplicentur inter/e qumtitntes qttoi 
fih rndids cttSicspgnis fitnt , 0* prodn^ prAfigatttr ejufdem rtt^ 
etieis c/thcsfignttm iiftiSehitttr dattirttnf radictim cnhtcttrttm pro^ 
thtBttm. Exempli gr.fit |/ cf mnltifiicMndM in Y cf: prodttcetttr 
1/cxo, Nnm ex putitiplieationit definitione , debot effi unitatad 
tmltipUcamem (fivo \/ c^.) ttt efi mttl/ipUcandus {feu V Cf) tuf 
fPoJtiHttm. Ergo per Itanc prep, erit cuhus ttnitatis ad ctthum 
mtiititiicamis , ut cubus multiplicandi efi ad.cubum produBi: 
kocofi, fi pro ntttnero produiio ponatur P , ertf f .4 :: ^-.Pc. Sed 
l.fv.f.ao. Er^*Pc~io, <^P2ZVcao. 

Etfimiliter, ex divtjtomt definitione tfiendetur, tptbd V cao 
^ifa ycfexhiiebtt quotum rz V C4. Vide cor. i . ^. 1 1. /. 6. 

Et umver/aliter , attamitatum radiealium ejufdem cujufvis 
ordinis five fpeciei , /aHa {velquott) habmtur, multipUcando 
(vei drvidendo) quantitates tjua fub fignis radicaUbHs fum , C^ 
frodu^o {yel tjuoto) id^ fignum rttdicale prafigendo, 

Propofitionem ^S, jam fitpra demonfiravimtu , in /choL f. 
jj, intjutl, II. Sequitttr 

p RO p o s irro xxxix. 

I foridi parallelepipcdi C A B, ) eorum quae cx rtg. ^^ 
advcHb planoruni (AC, DB^kten^ (nempe 
AE, FC, AF, EC; & DH, GB, E>G,HB) 
bifariam fe£b fint : per feSiones autem plana 
(ILQP , PKMR) fint extcnla ; planorum com- 
munis fedio (ST,) & folidi pandlelepipedi dia- 
meter ( A B,) bi£iriam fe mutu6 fecabunr. 

Duoamur rofU SA, SC,TD, TJt. Xt propter hifeSUt DG, 
JKE, DHt QM, ac reBam RP ipfit DQ^UB^roSatnqueO^ 

P 4 iJ5/« ' 
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iA.cMmdif. tmfefita cmgruint , (^ DT:ZZ (c) TB. ParaifelogrtwmM 
MPa '^'*''' O^» i"^. MngulosODR , M^cum fimikjiin ifjis 
^j.Li. P^^*'lfi^grMmmo GH ammunes hahmUt$,.ctrca eamiem diame' 
(d) Per trum (d) extftmt , & frmde DTB efi (c) Ipie» reaa. 
%6./.6. EoJem mcdo ASCre^alinea efi, & AS :ri SC, Porro, AD 
^)Pir drf. fMralleU & MuaUs efi (f) ipfi JPG, atque FG faralleU & 

V) >*i ^'^/ '^ 'f^^^ ■ ^i'' (g) ^^ » CB /untfaraHeU & 
H./.II.*. ^««^ij uttJe & AC, DB.tpu easjunguat, fisat (h) /►/ir/i/. 
^4. /. f. * leU & aquales, ac proinde earum dimidia AS, BT aquales 
(g) "— -^ - ' ■ '- — - ^ • 

(b) ... ... - ^ , . , -, ^ --^ 

i^/. 1- ^'•^^» ^T^i e^ ^row^c (l) aqualesi & Utera AS, BT aaua* 
(i) Per i», liayomma reliqua erunt (m) equalia,^ SV^^VT^^AV^VB. 

WP'^^ ^^^ '«wwi«w//t^i0 ST& diametet ABfe nmiub htfariam fi^ 

Xf»i, t cant. j^, £, Dm 

(\) Per * • p^^' ^infi in omni faraUeiefifedo , diametri omuisfi tmttitk 

»7»/. '. ^ifartam fecahttnt in uno eodemque funSo K.l 
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^^^6- C/ fi^^^'^ ^ prifmatd triangularia oqMoUs altL 

♦/• v3 tudptif (ABFGOC & IKLPXQj-) quarH^ii 

unHm balim hateat parallelcgramrftam (O B) dtt^am 

hafeos alterms (IKL) qtu triaftgmta Jit ; fnfmma 

. ernm aqualid. 

Nam fi perficiantur paralWepipcda KR & CH , crunt 
(n) Per - Ji«c (n) acqualia , ob baiium CA , MK , «c altitudinum acqua. 
?oV,P«"' "f^^^?- E^§^ ctiam prifraata ipfbrum (<?) dimidi^ aqualisi 
\uXu ^r"^- Qucj crat demonftrandum. 

SSwu nemfe hac duo frifmata trianguUria, aqualium fa- 
railelefipedorum fer dis^onaUs /eaorum dimidi^. Hoc tanHm^ 
mterefi^qttodin fofteriore ficiio fit ter bafeos 'diagenaIem,infrio^ 
fi non ttem.] ' ^ 

SchoBttm I. 

EX ha^acnus dcmonftratis habctur diracniio priTmatuni 
triangularium , & [ojufmodi] quadrangularium [auo^ 
rum adver/a fUna quadranguUria quacutime funt pmrallela ,1 
fcu paralJclcpipedorum , fi nimirum altitudo ducatur ia 
Wm. Ut & altitgdo fit lo. pcdum , ht^ to4 pcdu^ 

^u^^ 
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^uadratorum loo. ( mcnfiin^itur avtem bafis per (chol: p. %6. 
vd 41. 1. 1.) multiplica 10. per 100. provemunt 1000. pede^ 
cubid pro ifoliditate priimatis dati. 

Detnonlbratio faciiis eft. Nam quemadraodum re^bngu- 
lum , ita & paralklepipedum redhira producitur ei altitutune 
^dck iii banra. Er^ etiam quodvis parallelepipedum pro- 
ducitur ex aJtitudine m bafim dudd, cum per 3*1. sEquale fit 
parallelepipedo re6h> fuper e^em bafi ad cauuiem alcicudincm 
conilituto. 

Dcinde ci^m totum paraOelepipedum prodacitur ex akitudi- ^H*^h 
ne in totam baiim} ieminis parallelepipedi , (hoceft« prifma 
triangularc» per 28.) producetur ex altitudioe ^vlGA in dimi- 
diam baiim, triangulum ntmpe ILK. 

[Scholium a. Ckm frifmtun folygms m triangHlaria 
refoM t^nS^ » 'V^ etism^ ad iriangtJarii^ dqtuttis iafees ^ «A 
tisudmis (a) rediui j qttdiigitur defrijmatis ti^MfuUiribus trgh m^x p^ 
dmniur m coreiUriis p, 34. <^ in fchoL i. fr. hnJHs 40. de qui- 25'. L di 
bufcunqu€frifmatis pofygenis veraftmt, Atcum Tacqueto vtjum 
fuerit ilia omnia ex iis qua in lib. 1 a. de pframidibus deme^f- 
trantttr, dtrrvare^ nm opus eft ut- eadem htc alimtde dtducei^- 
4e 9 tjfombus moram injiceretttus,'] 
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G E O M E T R l M 

LIBEIIL DUODECIMUS,. 

NOBIS OCTAVUS. 

UOD inlibris prccedendbus ha^emu pnefiart 
comd iumusy ut Mathemacum ekmenu ad &« 
ciliorem ac breviorem methodum reroparemus» 
id imprimis prxflandum erit in hoc lifaro do»* 
^ificioBO • cujus dodrina ciim maxiroe fit necei^ 
iaria » demimftrationes adeo funt proltxz, ut ty* 
rones in defperatiooem plerumque conjiciant. Huic incom« 
modo ita mederi propolkum nobis efb, ut tamen a ngora 
GeometrioB demonlbrationts non recedamus. Quod utrum Gr 
mns ailecuti , ledor inteliiget » ii haec noAra cum Eudidel 
prolizitatt contulent. 

FlflqHm» verh EitcliJes liSrd frnn filUmtm eUnuntM exp^ 
Ji^ififs & t e rper mm fMallimmm > utpotg fMperJkiihu pL^ 
nis termotMtemm, meitfitrMt defimvijfet y in Duodecimo hoc /ir- 
Sre corporM/uperficie^m curvis termifMtk, Cylindros mmirum , 
Conos Mtepie SpbirMs confidorMt : ea interfe comparat : ^ eorttm 
mettfiirss definit, Utiliffimtss fene efi hk liber-y eo quhd principis 
UIm centineat qttibtis tot ceieierrimMs demottftrMticnes de CyUndro» 
Cono Mtqne SpharA GemetrMmn frincipes^ prdfertim verh Ar^ 
^taedesy inddificMrttnt. 

DEFINITIONES. 

r^. u X. DYramis eft iolidom (ZL) triangulis ( ALC , CLF, FLB, 
9kiu JL BLA) comprehenTum » ab uno piano (Z) ad unum 

fun£bim (L) conftimtis. 

Pbnum Z bafis dicitur , Sc efle poteft vel triangulum , fd 

quadrangulum , vei quaEvis alia figura [1^/01^415] ex cujuf 

hteribusliagulistriangula£irgimt9inunumpun£^am Ij/poi 

vcrtexdicitar» coeuncia. 

- Ut 



Uibtr Dmdtchmi. \^^ 

Ut triaiigulum inter rediHms 6guras platias, ita jj^yraniis 
ItrianguUris^ qu^ fro bafi mattguium kMSety] imer folidas 
prima & (impliciiriina cft. 

a. Si extra planum alicujus circuli (CL) accepturo fucrit Ffg,i„^^ 
pundhim (A,) ab eoquc ducatur reda^ infi^ita ( AF) tangens 
circttlum in C$ qux pundfa> (A) manente 6x0, circa periphc- 
riam circuli convertatur, donec in eum locum (ACF^.redcat» 
uode moveri cceperat ^ fiiperficies', a redi iinei (ACF) de- 
fcripta, didtur conica fiiperficies: corpus ver6 quod hac fu- 
jperficic & ctrculo TCL) continctur, conus vocatur. 
Vcrtcx coni eft A. 
Ba6s coni eft circulus CL. . 
Axis coni eft rc£ta ( AB ) ex verticc ad bafeos centrum 
du^a« 

f^tus coni eik TcGtn (AC) a vertice ad bafcos circumfcren* 
tiam dudb, quam cSt totam in coni fuperficie,cx ejus gcne- 
fi cft manifedum. 

Conus redhis eft, ctim axis (AB) cfl ba(i roflus. ' f^, ^ 

Conus fcalcnus , icu obliquus efl , ciim axis (AB ) non F^. 3. 
eft ad bafim re^^us. 

Fit etiam conus re^his a triangulo reftanguio (CBA) cir- J%. a. 
ca unnm latus perpcadicuJarc (AB) in orbem dudlo. 

;. Si circa duos circulos acqualcs dc parallelos ( CL, OQ , ) f%,4«d'|s» 
reda iinca infinita ( COF ) convartatur , doncc in locum re- 
deat , unde moveri ccepit , fic ut mota fibi ipfi [c^ reBd, BA 
circulorum centra jungtnti ] femper par^la mancat } fuper- 
ficics a rcftd (COF) dcfcripta, dicitur cylindrica fiipcrficies;. 
ccB-pus vcr6 quod bac fupcrficie fic. blms circulis coodnctur » 
cylindrus vocatur. 

Bafa cylindri funt circuli (CL, OQ.) 
Axis cylindri efl rc^ (AB) b^um centra connedens. 
Latus cylindri efl re^ (OC) in cylindri fuperficie u- 
tramque bafim tangens. 

Redus cyiindrus efl , cilim axis ad bales re^us eft. ^ ^ 

Scalenus cyiindtus dicitur , cikm axis ad bofes non tA ^i*S» 
rew^us. 

Fit etiam cylindrus redns a reOangaio ( OCBA ) circa tt- ^•M 
aum latus (BA) in orbcm du^o. 

4. Similes coni & cylindri font, quorum axcs^AK» iO) ^'J^ 
&bafium diam«tri (BF , QR) funt pniportiopales ; [6* 
quarum axis vel fimt bufibtnreBi t v#/ iifdm fimiiit4r m^ 

S' Sj^iaera efl fbiidum compehenfiim uni fiiperfiae , ad 
quam omnes.rete lineaeaquodmpu&Aointrsipfiunpofit^ 
fMi&B» fimt equales. 

Pu&duia( 



I* 



1^^ Elemefttorum GeomttrU 

Pundum illud centrutn dicitur. 
Sphacrx diameter eft reda per centrum dudi ad fuperfiv 
ciem utrinique pertingpns* 
W*? ^ Gencratur fphan-a , Q. iemicircujus circa diametmm (AF) 
tmmotam convertatur. 

6. Magnitudines figurSflHcui ioicriptae, aut circumfcrip* 
tae , fire ngurl minorcs vel maJQres , in figuram delincre di- 
cuntur, cum ab ea tandem difere poilimt Quamitate mioori 
quacunquedatd, (eu quaotumvis parvi. 

Itaque (i ea, quae figurc alicui infcribuntur , ab ea tandem 
deficiant defedu minori quocunoue dato; infcripta djcentur m 
figuram deiinere : £t fi ea qu« alicui iigune circumfcribuo* 
ttir, excedant eam taodem exceHu minori quocuoqMe dato j 
~ dicentur rurfum circumfcripta deitnere in figuram. 

^' ^ 1 7 • *L/^' triangulum BAC mfemtdrculo BDLC , fi» fuper 

Imtrihut BAt AC pro tfjometrij, ducitntur femicireuli mirmts 
BNA^ AMCi figur4 eurvilinedL BI^AMf AL^M, femiferpf 
pkerid eirculi minoris txterih , d* arcu eircuU mttjoris imerius , 
' jmfuU termhm^ $ ^ earum mveniore , L.unulaB coojugataB 
Hippocratis Chii uppelUntur. 
f«* ««• si 9rcus BDA, ALCfint dqunles , ue fremde quudrmuei 
Jtnt perlpherid majnfis circsds , denominentHr ejt$fmodt lumsl^ 
^ quadrantales.' 

^^* "' si reBs ED urcttt lunttU qusulrMntnlis froperticnalster ftcu 

m E, D, tttfit arcus BE ud sirctsm EA , u$ sarcus BD nd ur-f 
,cum DAt vocentur Mna A.ED9 BED portioncs luoulx qua-" 
drantalis. 

8. Lunuls 9 vel ejufiem portio quadrari dsatttr , Jt oi 4, 
^tutUsfifftra reiiilineu confirui /e^.J 

PROPOSITIO PRIMA. 

« 

l%.<.a7* TyOljigtmcrum fimilittm cirettlis infcriftmim frofortio 
3l jepf dupticata prifortionis diametrorum {jif^ 
JQi) [ atque adeo etiam femidiametroruin ( AZ ; 

IX.)] 



Docantur AO , FB ; IR, LC. Quia polygona poooii* 
lt)?erdef. tur fimilia , asqtnles, erunt {a) anguli OB A, RLI, A Jatera 
fh\pgp OB,BA, proportionalia lateribus RL, LI. Ergo in triaa* 
6J.6. S^^^ ^^^ * ^'L> W »>gu^ O lc R aequantur. Ergo etiam 
(c) Pgr BFA & LCI , qui iifcicm ai^cobus B A , LI iniiihint , fttnt 
ai.4|. (c) aequalcs. Anguli verd fBA» CLI in fcmicirculxs fuot 



(n) ttQ& 9 ac proindc seqoalcf. Ergo refiaui B AF i LtC (6) (*) ^^ , 
«quantur. Quoniam igitur trtangoia FAB • CIL fibi mutuo V ^Jj^^ 
«quiangula func» crunt (r) iimilia; erit^ue BA ad LI> ut AF ^^.|t^,i; 
ad IC. Jam quia per hyp. poljgona funtfimilia, erit pro- (€)-p<r * 



portio eorum duplicata (d) proportionis laterum BA , LIj ^•'•& - 
Aoc eft, ut jam oftendi» dupiicata proportionis diamctrorum ^\^^ 
AF , IC, [ «r pr0inde(e) ttiam fnmdiamtmrum AZ » IX.J ^^ p»^ 
Quod erat demonftrandum. if • 4 f« • 

CorolUria. 

» 

i.pOIj^gotftjrum (imilium cipculis infcriptorum ambitus fimt f^^^^j^^ 
inter ie ut diamctri. * 

Cum oiknfum jam fir AB cfle adLI^ut AF adlC; ctiam 
OB erit ad RL * ut AF ad IC: & fic de casteris latcribus« 
Ergo pcr ix. f, omnia iimul latcra ad iimul omoia» (boc 
cft ambitus ad ambitum ) iunt ut AF ad IC. 

[ X. Figurmwn reBHsaearum fimiiittm circulis hfcrift^rum» 
Uttra homologAfuttt interfe su ctrcMUrum diumetriJ} 

« 

Ijetfftff4^ 

pOl/gona circulo in£:ripta in circulum dennuntJ , Vtg.t^ 

Inrcribe quadratum ACBD. Ci^m hoc dintidiam iit 
quadrati (/) circulo conicripti • crit majus dimidio circuiL ff^ Verfdu 
Quarc fi hoc aufcritur h circuio, aufcretur plus quim dimi- fafi^^^rj* 
dium. Dcinde iingulii arcubus biieflis in £, K., I, H, in- ^-4. 
fcribc odlogonum: & in E tangat FG, cui BC| DA occur- (l)^''^» 
rant in G & F: crit CF (g) paraliclogrammum, cujus ciim ^l^^f' 
4dimidium fh triaogulum (X) CEA ,erit h6c plus quiim dimi- ^^ /^ 
dium icgmcnri C£A. Eodem modo iingula triaogula AKD, 41JLX, 
I)IB,8cc. iingulorum iegmmtorum plns iimt quam dimidia. • • 
£rgo omnia triangula omnfum icgrocntorum plus quam di- 
midia funt. Hzc crgo ItriangttW] fi ex illis [-/fgiofiirii, j 
faoc e(l, cx rciiduo circuli auferas, plus quam dimidium au- 
fcfetur. Pari argumento ii infcribantur circulo pol^gooa du« 
pb iempcr plurium latcrum, oftcndam e reiiduo circuli icm» 
pcr auicrri plus qu^m dimidium. Ergo reiiduum crit tandem 
(i) minus quocunquc dato, ac proindc polygooa infcripta un- ^^ famtM 
dem a circulo dcficicnt quantitate minori daca quacunquc j X^ ^f^ 
hoc cil, in circuium (>) dcnncnt. Q. c. d. f^is^iS, 

[ Haud ub^tniti, nuthodo demouftrari poffei» pofygottss circuh j^^^ 
cires$mfcritfu in drculum defmere. Verttm cum hoe mtir alus » 7^^ 
itec rtan 0» ifftsm Lertwta fncedenst in frof, 3. Theorematum ' 
ix jfrchitttede feledorum continttmtter» fuferfitttmtfftt hic iocs 
flstraftt^'singer$ ] 

PHOw 



ij^ Ekmentorum GemetrU 

PROPOSITIO ir. 

ft^4,&7. \£^IfcHlmm frofmio efi duflicata fpvfortioms 
V, j metrorHm. 

- p Polygonorum fimilium circults flne finc infcriptorum pro- 

iJu ti portio lcmpcr duplicata («) eft proportionis diametrorum. At- 
fb) ?<r* ^ui polygooa circulis in infinitum inlcripta , in circulos (b) 
^au deununt. Ergo per porifina univcrlale fequens , etiam circu- 

lorum proportip duplicata eft proportionisdiametrorum. Quod 

crac democifoindum. 



S', 



Porifi»d Hfuverfide* 

qw duabus figuris ( A > B) inlcribuntur > iti ipias defi- 
nant » quam proportiooem intcr ie iemper habent inicrip- 
^ , eandem J^bcnt & figurz. 

R Sit ratio X ad Z ^ ea quam inicripta icm- 

A B X Z. per habent inter ie. Si ergo negas ratiooem 

C F ngurarum A , B eandem eile cum ratione X 

ad Z , quam iemper habcnt ea , quz figuris m- 

icribuntur; fit racio A ad B primo major ratfoncX ad Z.Er* 

go alia quzdam quantitas R. minor quam figura A , erit ad 

^^ram o , ut X ad Z. Quoniam infcripta pcr h/p. definunt 

in figuras A & B erunt aliqua figuris A 5c B iDfcripta^quxab 

tt)P9r4tf» ipfis dcficiant(^) minori qaantitate, <]uam R dcBciat atigurl 

6.1. I*. A. Sint ea. C & F. Ergo C crit mijus qu^m R. Ergo C eft 

• / 5" ad B in (d) majori, quam R ad Bj hoc eft, (ut poi^batur,) 

quam X ad Zi hoc cfl, per hyp. quam idem C ad F. Quo- 

niam igitur C eft ad B in majon proportione, quam ad F, 

{t)?er crit B figura niinor Ce) iibi inrcripto F , totum fui parte. Eo- 

10./. I. dem modo oftendctur rationcm B ad A non pofle cde majo- 

W ^ rem ratione Z ad X , [Aev (f) eft^ nttionem A ad B non effk 

••• ** '• tnmortm ratime X nd z] Ergo ratio A ad B acqualis d!t ra- 

tioni X ad Z. Quod erat demonflrandum. 

[lEadem tnethodo dnoonfirabttur i duMJigtirat eandem imer 
fe froportionm habere, quam femfer haSent circumfcrifta i» 
ilUs dejinentiai hoc modo: 

C F. Sit ratio X ad Z ea quam circumfcripta 

A B X Z femper habtnt inter fe, Si ergo negas ratimem 

K figurarum A , B eandem effit cum ratione X ad 

Z , c^uam femper habent ea c^ua figuris circum^ 

fcrAmttir \ fit rutie A ad B frime majer ratione X ad Z. 

Zrgo 



JSrp tAt A 0d sUmm fpuuuiim i/uantkMtm R i ifft nu^^ 
nmy ut X aJ Z. Et tfiomam eircMmfsrifta fer hjf^fmfin Afi* 
mtm injiptras A^B^ ^nmt MUquAflinrisA (^ B tircumfcrif' 
#4, ^ iffMs ixcidant qnantitAti (a) mhwri qukm R excedaf f^} Teri^ 
figuram B. Sim faC& W, Brgo W minus erit tjukm R. IBrga d.^ 12. 
(b) ratto Aad¥ major $fi ratione A ad R; koc efi, ratione X W ^^ - 
ad Z y five C ad F. ^uemoim iritur ratio, A ad Fmajor eft h\%^ 
ratione C ad F, fifura A major fc) erit /iM circumfcrifto C, ,^/, j. 
fars tote, eptcd efiabfurdum. Non igitur eft ratio A ad B ma^ 
jorWaticne X ad Z« Bodem modo oftendetttr rationem B ad A 
non ejfe raticne Z ad X majoremy fji* (d) froinde rationem A {i)Ttr 
ad B ncn minorem ejfe ratiene X ad Z» Si itaque ratio A ad ^Ljm 
B neque major mque mimr eft ratiene Xad Z\ erit ei Oqtkh 
Us. ^ E. D. 

CoroBaria ad Prop. II. 

Cor. I. Hinc, ut eircuius eft ad cireulumf ita fofygeuum fhj6^^ 
in illo deferiftum erit ad fimile fohgenttm in hoc aeftreftum^ 
Vtraque enimfitnt in dufUcatd ratume diametrerttm qua fimt 
in circuUs. 

Cor. 1. Hinc etiam liquet drcuUs effi ad fe tnvicemy in 
ratione radiorum fitorum (e) duflicatAi SoceftfMt(f) quadra^ (e) lWtf<' 
ta radwrum. &%^t fv 

Cor. j, Hinc etiamy drculoretm querum diametri yel fimi' (f)Peffi^ 
diamftri funt neta , frofortio innotefeit i (g) inveniendo mmirum ?5) *p ^^ 
diametris datis tertinm froportionaiem , ad qttam circutifrimk i^. /. £[ . 
diamoter eandem (h) haSe6it rationem,4ptam haket drculus ifie- (h) Per 
frimus adfocundum. Sit circulifrimi dinmeter fedum qttatttOTi ^^* 
ftcumii fedumfexi cumifiut 4, 6, 9. centinu^ (i) prefortienaUs, f"/^' ^ 
erit circulus frimus adfecundum ut 4.. ad 19. n\ p^^^ 

Cor. 4, Hinc etiam , circulum ttuenrvis in datA rati^ aw 9. fr, 17,* 
gerevel minuere licet, uti fufra (k) notatum eft. frafenattur^ ^ 
cireukem deftrihere tpu fh alterius dati quintuflus } fitqtte dati W^^ 
eirculi radius ABj inter quem, o> reciam BC.iffius AB quiU' Z^^ 
tuflam inveniatur media froforttonaits BX. Circulus radio BX * 
defcriftus erit eiretdi dati quintuplus. 

C6r. /. Si quntuor reBa fueriht frefortionales ; figura finn'" 
les reihUnea, ftmiiiterque defirifta fufer dttahus reSis frkriiust 
frofortienstks erttnt circttlis querum diametri vel femidiametri 
fiicrmt dtu fofieriores. Natn cum reBa dnta fim frofOFttona- (l)P#riOi 
iet, & cum tamfigure, re^iUneay qttum circttii (I) Jtm in ea- j*^'&^ 
rumdem reHarum ratiom dupUcmd > erum etiamfigura circu- /,n)P«r 
lit (m) propertmales. \^ /. j^ 



K 



i^tf 



Ehmemmm &emetrU 



frJ?'! 



Cdr. 6. JE cmvtffiAt fi dud figurd fimUs reBibud dudmi 
circuUs fr0parfhnaiiJ fiurinfi ertuit hmologd n^iUnearum Im^ 
tera , circulorum diampris proporMudia, dum enim rstiotmM 
figurarum ^ circuhrum suuaUj, duplicata (a) fint rduiamam 



t»t,ix* 

ih) Pir 



46./. t. 



fto./.^« & homoiogorum laterum (ji» dijmetrorum refpeHrve^ (b) ertme 
tiam hd raticnes aqualet, 

Cor. 7. Bincfi detur drcuio dato A dquaU quadratum J^; 
invemetur aUud qteadrattm X quod alttri cuivis circuU C «• 
quidefit. Nam cum ex hfpothefifit A ad ^, ut C ad X$ 
erit permtetande, AadCut ^ad X, & froinde (per cer. 5-.) 
raditts circuU A adtadium circuU C, ut Utus qttadrati ^ad 
Uttus qtutdrati X, Citm ^itur dentttr circuUrum radii , ^ U- 
ttis quadraii ^> (c) hruenietttr Uttus quadrati X> c^ froinde 
(d) tpfum X quadratum, Et qttod in hoc corolUrio de qttadratii 

(TfKrii. dMutn efi, idem defiguris reSiUiteis fitmUbtts quilmfcunque (e) 

<^i8i:6. diSfum pttta. 

FJk.ySJ^ Cor. 8. Circulus fuper hypotenufa AB trUnguU roBanguU 

%JtUL ^^' ^^* 'fi ^^'^^ '^^**^' ^^' defcribumur fuper AC, BC 
(g)'fir Uterihts anguktm re^um ceminentibtts, Si enim ah aaguU rec* 
2^ to C demittatur hvpotemt/a perpendicuiaris CO > erunt AB9AC9 

Ch)P«' AO (f) -H-i & itidem AB, CB, OB (g) -—. Efi itaquedr^ 
^fy* cuUts fuper AB , ad circttUs fuper AC, CB, refpeBive, ut ^ 
TfT^^ (h) ^^ ^d AO, OB refpeaivi : & proinde, (i) circulus fuper 
(1) Per AB ad circttUs relufuos fintul fuitiptos tfif tttABadAO^' OB. 
M* ^S» Bt chn fit AB ~ AO + OB, erit etiam ctrcttlusfuper AB 
dttobtts reliqkis jimul ftcmptis dqttaUs* 

Cor. 9. iiinc datis circuUrttm quortttitcunqtte diarttefris » fa>» 
diU eft ilUrum fummdtm vel dipreniiam exhihere, hec eft, cir* 
attUtm invenire , qttotcttnqtte^ (^ qttihufcttnque circtttis datis «• 
qttaUm-y vel drcalttm deferibere ,cttjus area drcttUrumqttertttte» 
vis ittdqtutUum difiremid dqttetur : eadem fciUcet ntethodo , qttd 
qttadratorum fumma vel diffirentia exhUt^fttr in fchol. p. 47. /• 
I. quod vide, In denmfiratUne tamhn fro p.j^y.L i. citettir 
cor. S.p, X. /.12. 

Cor. 10. Hinc etittm LttmtUtum conjugatarttm quadrattf 
ram, qttam primus docuit Jiippocrates Chius , pojfumut deri» 
'vare* Sii enim ABC trianguittm re^anguium, ^ BAC fe* 
mictrculus diametro BC , BNA femicircuius diametro AB, 
AhdC femicircuius diametro AC aefcriptus. Eft itaqtte /e- 
(k) Perwr. micircuUts BAC ftmidrcuUs BNA ^ AMC ( k ) dquaUi. 
"^ ' Si igttur fpatium utrinque commttne auferas , mmirum ftg' 
menta BA , AC , reUhque^uur dud htnuU BSA , AidC , 
tttrimqtte lineis circularihus termiaaid , triangulo reiiilineari 
BAC aqftaUs. ^od ji rcBa BA a^aUs fit re^ AC^ 
hoc eftf fi UtnuUjuermt quadramaUs, demijfi perpendicuUri 

AO 



tk*S»d^ 



m.mtf9U» 



H*i» 



Zifer Dnodeemus. t^t 



.MKjIp 0* truu^iukm CQA^iqmU itumU CUA. ^ £,. I. 

• 

Scholium i^ 

SlmiS^ ciraikrum ftgmevta ABO., ILR fimt i» Jttfliah F^'6.&f4 
td rMtione diMmetror/im AFj IC » vtl etiam in dufiicM^ • . 

tMration€ rtBarum AO» Mkt qmd /egmmtormn mtu^s fub* 
tendmumr. Biftciis ettim ofmius ABO , ILR in B ^ L , 
duHifque reStis AB, £0 , JL , LKi prefaer MrcHS hife^os , 
/ubtenfs (a) dquales erunt, nemfe ABZZ^Oy & IL^ LR: {z)P^ 
Sed ^ Mng. ABO Z^ (b) ang. ILR, Simtlia igitur {c) Junt tri- »7. /. j. , 
sngulm ABO , ILR i ntquo adeofunt in dupicatA (d) ratione [^) '''^<m'> 
laterum AB, IL^fivo (e) diMenetrorum AF, IC qua fuht in l'^^' ^' 
€ircsslis 9 vd etium fubtenfitrum AO » IR. £t continua Mr- {c)Per 
asum AB, BO, fi* IL^ LR hife^net figura folygms fimiUs ^ L^. 
ferfotuo mfiribatur iifdem fegmensis^ ^ fuftr iifdem bafibus (^'Vp*' ' ' 
-AO^ IR, in iffa fegsnenta tandem dtfinmttsi Mtque igitut ( f ) ^^)p^^ 
fffafegmontM ABO., ILR erunt in duflicMtA ratione diame- a^^f^, ' 
trorum A^ , JC i vil in dufUcuti rmioni fubtenfMrum AOs /. iz. 
JR. ^. £. D. . (0 Perf^' 



Scholi 



lum 2. 



■N/V* 



CXImqttMdrMturMlMnularUmconjttgatarHmrquMrumeunquecdHi* 
fisnHimt quMdrMmMiium verofior/tmy in coreU, lo.ofieu' 
fttfu\ iiceatjMm mHm qsudam de lunuld quMdrMntMiit de ^tut^ 
dwMtttrd fmionis fMufdem, deque merhodo eam in dittdrMticint' 
fbcundi^ fubjungtri, . • i . 

> I. Cmfkmter Ltmula qtsstdrantaB* ckcuhs nAnor i ^ (g) Fig, tu 
tTMnfibit ejus cbrcumftnntiM ftr ckeuti majtrit centrttm Q. Si (g) Pn wf^ 
jmm itrarcQ lunaht cxteribriBNA iumatur qaodvis puodam * ^^'•♦. 
E» jundaO£ fccabit arcas luDuke froportionaliter in ElBcD, 
& proinde lusutam fecabit itf p<*rtiooes (A) AED , Rfta O^^rfiif. 
Cum ' etam mguitts BOE fit aH eentrum drcuU majoris ^ 4d J-xsJii^ 
circtttnfertntiMtti cirtteii mintris , arcus B£ (i) trit duflt flurium en cw^ 
gTMduttm tfukmMtcus BI>i t^ frtiade femiferififefiM BEA efi fchoUtp, f,. 
ttd ^msdrMUttm BDA $ ut Mrct^ BS Md anum "BD > five , (k) ut ^4- 
nrcus EA Md Mrcum DA, Et fermutMndo t mtcus BE tfi ad-^^^^^^^* 
Msrtum EAy ut^urtut BD ad Mrcmrr DA, /. ^. ' 

2. Si arcus EB\ MA fitirint Mqmties, hotffiyfi fun6tum E I^i. s\\ & ' 
ctincidut eum S, medit funHo femicirculi BSA $ slu^a reBa ^^ 
NB , IS[A ferficitnt quMdrutum NAOB eircuit mintfiinfirif- 
tumt f^ cireuistm mttjtrem tMngtnt in B ci^ A. Ckm enm 
BHA femiftrifiteriM circuU minths bift&M fi$ in H j trunt v • « 
V Q^ reHsk 



^ ^ ^ drati cireuk mnm mfmfii^ltt, Mt pt^apHr st^fdUei mMj^m tir^ 

atU rMilios BO» AO^ trwtt hH ttism 'mftmi:ircuU BOAt rtU^ 

qun dmo qmdrMti^ cirtitk mtitri i»feriPtiSilis 9 Uutrn. ^um, 

f^)?mdtf' thm omnt quadrtuumfit (b) rtBmtgulumt uamtti SBO^NAO 

ia,J. u ^^ ^^^, ^ frtf^ttLH&M NB» HA cirttdummajtrtm tau^ 

2V f i^^ {c)imB& A. 

J%. 1 1. 3* ^ '^ "'^ ^» BAfittriMt iudt^uukt < ttiamfttktuftt 

(ijpntm, BB9 EA (<i) indquaJtt trunt $ 0^ fi EA tnttjtr fit tptam SB^ 
f. 27. /• 3* pttfttr ttf^uktm BEA m ftmicireult rtBttm^ {«) Mugttlttt MBA 
(e)Ptrctr, ffit ftmirtSo mMJtr ^ <J» tmgulus EAB ftminBo mimtr\ uc 
^Lu ^^ t^tmit ttng, EAO (fivt EAB , fttmroch BAO uuaus ) trit tm^ 
v) ^^ S'*^ ^'^ minor, RtBu iguttr EA ttrcttm dtcttlt tttujorit (pttt* 
s^A 3* drtmtAltm BDA ( f ) fttuhit ttiicttifit tuktG, 

4. DuBa rtBd BG , hsc trimtguli rtBtmguii 3EG bafitt f^ 

ttrcut BZ>Gfuhttufit trit , ut fiuis pattt: mc^ m^uU MQM » 
'm Ptr EBG tntnt ttptults > . ntmpt fttnnrtdi. Hum fropttr tmgukt 
13./. r. AGBf SGB dttohus ig} roBit dtiutUsf tttqut tmgulttm AQB 
^YrT' m ftgmtrao tptitdrtmtttli{h) ftf^tBum^ trit augulut EGBft^ 
c i. 4. ruirtBust & profttr tmguhtm GEB rt&tm» trit (t) ttimit mt^ 
j[) ?ft ttf* gulus EBG ftmirtBus. 
6.p.itJ»u j*. B/tfis BG trittnguU rtBtmguU dquicrurts EBQ , M rtBA 

EO btfMrium c^ ptrptndicuUtrittr ftcutttr. Angttltts tttim BEO 
(k)Perm. fuptr ttrcu quddranttili BO circuu minority (k) tfi ftmirtSus^^ 
i.p.H.& ^ proa^ angttlut rtBus BEG m rtBu £0 btftttmr. Sti 
f\)'ptr H 9 ^"i^^ ^^^ ^ trimtguU ifofctUs gugttUtt vtrticuUt : undt rtBM 
fik.p.i67 *^^ bifectms, (1) biftcubit ttitmbuftm BG m JF» oitfut ftrpttt^ 
4 I.- tUcttUris trit. 

6. TrimtguU ituqttt BPE, GFEJitntfibi iffit^ tb' toti BSQ^ 
tttmtt otium trtungttlo BOAfimiUu» SmgttUt tnim fim triMttgttU 
rtaatigttU ififcttiu , ftu qustdrttttrtm dmtuiM» 

7. Cim BSfit ipfi DO (circttU mujtris TMdm).. ftrftmU* 
fm) Ttr cuUris , (tn) trit lUMfimtt rtbhts Mrcut BDi ^ frwtdM (n) 
Mtf.^o /.3. 4^fy^ j5|r, fi^t sG» fubtcnfu trit dupU mtcus BD, fhit BBQ: 

m.\oj!^'. ^^'^ ^^^ («•>•) ^fitnfim ftfi , MTtum BE m. circttb mi-? 
(o) Ptritf. rvtrt • duplt fiurmm p^Mduum tfit quttm tfi Mtmt BD i» 
^LC circuh tttMftrt. Ergo mcttt BDG (nmfo ipftm BD dufUtt ) 

fitniUs (o) trit MMti MB » 6* ftgmmum MG fimOt f^mtik^ 

hBE* 

8. Portio laoabe B£D aequalis ttt trttneob re6bliiieo* 
(p)Piri». BEF. StgmmMtnimfimiUMME, B^ fum (p) m duf&cM^ 

]i^Tltk '^ ''*'**' dtM/uitrtrum BA, BC, hoctfi,(q) ut 1 ud z^ Mt 
w ./ w^ r^r — -*-^ i.r^,<^ ii «• dqm^ Si ifM- 

dMtUtio 

tOil^- 
nttm 



^m.uf. MUt fmttttt BED /u^trMhMtmr ftgmmum BE, qi tid^utio 
ifPn^ >• JtMMtfigfMmtm BDif MddMm » kMktkuttr trimtguUm rtOiih^ 



tMn 'Btf fwtMl MD €MmI$ , mc (a) ftoMi junirafur for- (•) ^f^i^x, 
ik BED ImmU ^iUrtpaaOf. ^ ••'^ '*• 

9. Lunuiam quadrantalexn ADBN fectindum rationem 
datam (fcil. PQ ad QR) dividcrs in portitncs A£D, BEDj (^j^^ 
9i utriui<|Uc portlonis quadraturaivt cxbibcre. Didmitrum ?*^)p'„ i^ 
^ fimidrcMH minoru jiEB drvide (b) ftcmdian rafmtm ^. ht^. 
dMt^ in ly f^ in eodtm femicirculo t a ptn&o I , erigafur dia^ idPer 
moiro Bji ftrpondieularis IBi attme a funHo E ad O cmtrum [^ l^' 
mcuik mMJorit > duBareila £0 lunulam m datd raiiono di%i' ^p,^/^' 
dot, Shnilia (c) enhn triangitia BAO, BEF, funt in duflicatd {{)Pndef, 
(d) rationo laterum homologorum ABy BE: hocefi, {proftfr ^o/^u 
AB, BE, B! -rr- W,) ut (f) AB ad Bli atquo duBa lO, (gj P*e 

i» eddem ratione (^) eft triangulum BAO ad triangulum fiiO, /{j/'/^ 
frofter eandem altttteainom ad O. Chm igkur triangulum BAO \tj.^ 
ad trianguia BEF , BIO eaudem (h) rationem habeat, erit (i) rer 
^iang.BIO^Ci) triang.BEFZSik) fortioni BED. Sed iunuln 9- /• f> 
tota triangulo BAO (1) aquaturi atque adeofortio EAD trian- ^^^^^** 
£ttio AIO (na) aquahitur. Efi autem triansuium AlO adtrian' ^\^ p^cer^ 
guium BIO, (n) ut AI ad BI, five ut P@ ad ^K\f^proin- ,0 imjmi. 
defortw itmuJa AZD erit ad portmem BED ut F^ ad^R' {tr\)Perajf. 
Luuula iiaque ^uadrantaHs in datd ratione dividirur , o* aito ^ .'* '* 
modo quadratura portionis BED exhibetur i unde tum eandem ^"^^ ^ 
"portionem trianguio BIO 9 tum fortiontfti tdteram AED trimh' 
gulo AIO aqualem ejfe confiat, Datur ita^ue fortionis utriuf» 
que tptadratura. ^, 

10. CompUio utroqut circulo A^BC^ AOB^t ducatur dia^ F(g*iu 
metro minoris BA faraliela majoris diameter EF , eique ad 
reSos anguios ctretili majoris diamettr QD , qua froduSla , 

tttm lunulam ASB iu duas aquales .por^tiones t AND , BND , 
ttcm triangulum AOB in duo aquatia triangula AHO , BHO « 
foti (ji* fiki invicem ftmtita dividet. Dico quod fpatii iunifcr'' . , 
Piis AGOlBtCFA eomua ACOtf BJOE , triangulis AHO, 
BHO , ( (j^ (o^ frohde lunuia quadrantalis fortiomSUs AND\ (o) Per •« 
BSD ) refpeSrveaqualia funt\ Sam profter ABq ~ (p) AOq 9- %«• 
'^BOq^xAOq^ erit (q)fegmentum ADBfegmenttAGOdu- Jy// ,^ 
fUimt atque Cemtfegmentum ADH fegtnmto AGO aquale iqua {q)ferhh, 
fi a drcuU majoris o£iatttibtts dqtiaitius AOD , AOF auferan- >.%«. ^ 
tur^ remanehtsnt atfuaUa AHO, AGOF. Et ptMU tnodo o^^- fM.p.xo. 
detur BHO ZZ BIOE. ^adraUtttr itaqtie diki fpatii Ueniformis '*> 
oomua AGOFy BIOB. 

11. lifdem foftttt , m cireuio minore compleatur quddratum 
BNAO, f^ ctntro N, radio SB vei NA ZZ (r) 08 Ui OA) ^//j^^'^' 
defcrihatur arms muadrantaUs BLA , eritque BLAO^ Utnu' ^f j />^,^^ 
la quadratumUs, tunuia BSADfimiiis <^ aquaiis , ac prMt- lo.lngm ' 
do triangtUo BiHA vel BOA (Q oMobitur. Sed cornuaf^^P* 

0^2 BIOE» 



W Ttf BZOE% AQOV famd fimpfi ndm trwtffJ» (a) 4qiumm\ 
• • «•♦ Zrgo Jpatium mixtilmeum BLABE duflici triiingiiU BOA ,fivB 
qftadmo BNAO d^li ofi.'\ 

PROPOSITIO IIL & IV. 

SVnt proBx^t & Sfficiles tjronibus , nec alium ha^ 
bent ufum , qHom ut per eas demon/hetur auin^ 
ta , quam nos Jine illis multo facilius denmjtrabi'' 
mus. 

Lemmata ad P. 5«^ 



I. 



f9:-«3 



SI du3c pyramides trianguTarcs feccntur planis (OSE, RXZ) 
adbafcsf ABC, IQV ) prallelis , qu3cdividafltlatcra(CF, 
QL) proportionalitcr (in E &Z:) cront (OSE,. RXZ) 
intcrfcutbafcs(ACB, IQV.) ^ 

Quoniam parallda plana OSE , ABC fccantur a plantf 
BFC, AFB, AFCj crunt fciSHones communcs SE, BC, & 
7*)^'^ OS, AB, &OE,AC(4)paralIclae. ErgoanguUOSE, ABC, 
j6./.if. ^ sOE, BAC, & OES, ACB, bini &bini,«qUalcS(*)fun«. 
^^^f7t Quarc fcaioncs OSE , ABC (0 funt fimilcs., Eodcm modo 

(c) p"' fimilcs cffc oftcndam fcaioncs RXZ, rVQ^ Ergo ratio fcc- 
4./ 6. tionis ABC ad OSE cft duplicata (/) rationisr laccrum BC, 

(d) Per SEj & ratio ied^ionis IVQ^ad RXZ duplicata eft rationis VQ. 
*^"p^*-r adXZ. Atqui rationcs BC ad SE , & VQad XZ funt ea^- 

i!>!r'^ ^^^' («^ «»«^ ^^ ^ ^^ > "^ (0 ^F ^ " , hoc cft pcr 
[{{'per hyp. ut QL ad ZL; hoc (f) cft, ut VQad XZ.) Ergo ra- 
•*«*^V . tio ABC ad OSE cadcm cft (^) cum rationc IVQ^ad RXZ* 
^^r Quod crat propofitum. 

I I. 

f(r* <4«'* "niYramidi (ZCAF) trian^m habenti bafim, prifinata k 
X infinitum inicripta, ddmunt in ipiam pyraroidem. 

Dividatur latus pyramidis in aliquot asquales partes AB , 
BG , GF ; & per B, G, &€ds fedionibus BEP 8c GDN 
baii ZAC parallelis. infcripta intelligantiir pyramidi prifmar 
ta triangularia BEPMAO, 8c GDNKBQ. His deinde extn 
fjramidem continuans 1 intell^antur pyramidi e0c circum» 
V (cript» 



Uher DttodeclmHsl 24]^ 

firjpta prifmatt CIB A , PXGB , NHFG. Excdlu< drcum- 
icriptorum iupra in(cripta , iiint iblida IM, XK, HG , <^ae 
fimul (umpta xquantur prifmati CIBA^ Nam HG eft {») se- W^*^ 
quale I)B , ac proinde HG cum XK arquatur PXGB , hoc /mpA'* 
eft {b) M£B A. Srgo tria HG , XK , IM zquantur toti e^d. 
CIBA. Atqui fi AF in plares line finc partes asquales divi- 
datur» ac proinde prifroatum numerus in infinitum multi- 
plicetur; AB fiet (r) quavis dati minon £rgo etiam {d) (c)r««^. 
priirna CIBA £et quovis dato minus. Ergo prifmatum cir- '*^.u 
cumfcriptorum (multoque magis pyramidis ZCAF , qu«"^'/*'? 
pars eft prifmatum fibi circumicriptorum ) exccfTus fupra [d)p^et 
inicripta prifmata , fiet quovis dato minor. Ergo infcripta «ra/./. if. 
prifmata in pjrramiderp \$) tandem dcfinunt. (^od erat d*- («) ^trirf, 
monfirandum. ^*^- '*• 

PROPOSITIO V. 

PTramidts tria»gulares Mfue altd , tdm Intcr fe '^* ' " • 
frofortionem habcnt qHom bafis (^AQ^R^ 
E S X.) 

P)rraroidum altitudines atqualcs refiratit ktcra AP, EZ,' "^ 

quibus in quot placuerit xqualcs partcs , fed xque multas % 
atrimque divifis , fa^ifiiue . per diviiionum pun^la fedtioni* 
bus ad bafes parallelis , intciligantur utrique pyramidi in* 
fcxiptSL efle prifmata trigona sequc multa & seque alta. Jam 
vero quia prifmata LA, lE funt asque alta, erit prifma LA ^^ . 
ad Drifma lE, ut (/) bafis LOB ad bafim INKj hoc efl(/) i!/^/^* 
ut bafis QkK ad bafim SXE. Eodem modo oflendam fin- /. ij^ 
gula prifmata pyramidi QPAR infcripta , efie ad fingula {firer 
mfcripta pyramidi SZEX , ut bafis QAR ad bafim SEX. ^- »• 
Ergo etiam {h) fimul omnia funt ad omnia , ut bafis ad ^^,/ f 
baiim. Quare c(km ea tandem definant ( i ) in ipfas py- (i j f^ 
ramides , etiam ipfae erunt (i^) ut bafes. Quod erat de- Jm^x. 
jnonfbaodum. i^) f^erfc^ 

[ Denmfiratio fufpmlt Uttra A? y BZ fyramiJum, dqua- V{nT*^" 
hs iurum aUitudints txhihtrt^ ^froindt tjjt nd bafts ^AK^ ^j^f' 
SEX rtHul Std vhn fuam rttintbit dtmMfiratio , quamvis 
luttra illa fint ad bafts qaovis modo obliqua , fi cpncifiantur a 
vtrticibus P , Z ptrftndicularts ad bafts dtmitti , o» in otjua^ 
Us quateunqutfarttSf & aqut multas uttinqui dividi , c^ per 
divifionum ptnBa trunfirt fupponantur plana bafibus paratU- 
ia, qua itaqut rt^Os FAyZE dividtnt {\) in partts fimi^ p^ p^ 
mUts f-^f^ numm aquaks iit m quas dividuntur ptrpendicu- ij.Unm 

Q 3 lartst 



tj^S Ekmmmtm Geomeiria 

lares^ iMJmque fUna btkfes trunt frifmatum dipti mtibdimm 
e^ dque Mltorum, utrtijui pyramidl iMfcripforfmt $ c^ prmdi «#• 
dem modo proceuet domonftratio > McjireBd TA» Z^fmfim if^ 
/m bMjibm ^AR , SEX ferpmdict^res.} 

PROPOSITIO VL 

^*^' Jt tionm hahem qttam bdfis (j4B^ CFO.) 

Relblvantur bftfes in triaoguk A, B, C, F, O; pTrami- 
de$ ver6 tot« in pyramides trifl^igukres. Pyrftmis A X eft 
(i)Verrr^. ad pyramidem OZ, ut (m) A ad Oj & pyramis ( ^)fiXeft 
^^11'^ ad pyramidero OZ ut B ad O. Ergo pyramides iimuJ AX, 
*{^'Per BX (hoccft tota ABX) funt ad pyramidem OZ, ut A, B 
94 /. f • {c) iimul ad O. Eodem difcurfu pyramis ABX eft ad py- 
(<i) P^r ramidcra FZ, ut (^) A , B cft ad F: Et ABX cft ad CZ,ut 
r^^ ( O A, B eft ad C. Ergo ABX (/) eft ad tres fimul OZ. 
(^ Pee ^^> ^^* ^^ ^» ^ totim pyramidem OFCZ, ut A» K 
4sfd, skI O , F , C. Quod erat demonftrandum. 

(f) Per [Corol. Hinc feqMtm, pyfMtttidu ^fettn^ue dqtmlium 6tt^ 

H*^ ^ Jium & Mltitudimtm » dquaUs ep.} 

PROPOSITIO VIL 

OAinis fjramis tertia foars efi fri/matis batenfii 
eandm bajim & aititetJittem» 

l%at« Sit primopyramis trigona BGAC, in eldem fatfi & tkl« 

tudine cum prifmate BACFEO. Ducaotur BF, AO, AF. 

\t) fef Triang;ula BFC, BFO funt (g) paria. Ergo pyramis BFCA 

it\?M pyramidi BOFA (i^) xqualiseft. Ob eandcm caukm j>yrf 

^.WMed. ^^ O^A^ P^ ^ pyramidi OB AF ,koc cft pyramidi BO FA» 
fiint enim easdem pyramides. Igitur etiam BFCA , & OEAP 
aequales funt. Omncs igitur trcs BFCA , OEAF, OBAF» 
iive BOFA funt parcs. Ergo tres fimul unius BFCA trtpfae 
funt. Atqui tres iilae conftituunt priimfa BACFEO. Illud er« 

fO Por E9 pyramttiis BFCA , hoc eft (#) BGAC , triplum cft« 

ttBr.pTdud. Quod erat demonftrandum. 

f^»t9* Sit dcinde pyramis quaevis candem habens bo/im ie aM« 

fuditiem cum prifmate AEFH. Dudis lineis BC, BO, BE, 
& NI , NG, NH , relblvc prifma in triangularia prifinata,fc 
Dmmidcni ^ mgooaa pyraoudoft Qao fa&o patct-de» 



ittonflfttb ez priml parte. Kam fingak ptrtss firifinttif 
Ifofygmti,'] triplx crunc lingularum partium pyramidis [^ 
ifgcad i boc tftJjinfttU frifmM$a trisngulMrU jmgtdarmn ffr^u 
midum truMjguiMrittm trifU irttntJ] Ac proinde codim priiiiit 
[f^^num] tociuf pyramidis [folygnu] triplum c& Quod 
crac demonftrandum. 

PROPOSITIO viir. 

I 

SlmiliHm pjrmidum (OjiCBy KHIN) fropmio fft. ttt, 
eji tripltcaia ejus > ^ttam habent iwn^cga late- 
ra {jiBy HN.) 1 

Stntprimd trigonx. Perledis paralMogrammis AM 8c 
Aq^ fuper his conftitae parailelepipeda AG, HL» inalti{u< 
dine pyraniidum \ qux ci^m pyramides fint Hmiio » etiaoi 



|>arct'limilia(i») cflc. Ducantur jam EF , RP , & pcr EF,CB, W^»*^ 
Item per RP , IN fccabuntur ( ^ ) parallclepipeda in duo prif- /5)^^*** 
mata asqualia. Singula horum C^) tripta iunt pyramidum .8./L11; 



OACB , fCHIN. Utraque crgo limuU hoc cfl, tota pa- (c) ?n 
rallelepipeda AG, HL,iextupk funt pyramidum. Pjrramides f^j^* 
crgo parallclepipcdis proportionalcs funt. Scd horum ratio(i) \^V[^ 
tripiicatacft rationis kitcrura AB. HN. Ergo & iUarum.Quod "•''"^ 
ccat demooftrandum. 

Qudd fi pyramidcs limilcs flierint poljgonaeirelblvaBtur in ^ilr.ic. 
frianguJarcs AR, BR, CR, & OK, £K, Fie. Fadle Ce) (j)»*»^ 
oftcndcs etiam AR ipfi OK, & BR ^1 £K, & CR ipfi FK %^;^h^ 
efiefimilcs. [Ob finiiUa trum triangtua (f) A^ 0> e^ (g) ^u u* 
MIR, ZPKf (h) erit DM:44l :: Z^iZP^ (i»Ml:MR:'.ZF: (f//*rr* ' 
ZK. Ergo (i) DM:MR :: Zl^iZKi t^invertmdo (k) MK: f^'-^'., 
MD : : ZKiZV. Eodem modo oflendetttr e/fe MD : RD : Z^: «)/«'•* 
VK. Ergo (\) MRiRD i: ZK:VK. Simdta (m) funt igitur lyXp^Jl'^^ 
triangula MRD^ ZKV, e^ frotnde etiam fyramides AR , OK^ i,i, 6. 
ftufimiUhm triangtdis midtitttdme dqttalitttt continentur , fi^ W Ptr 
tniies (n) fttnt. £odem medo, abfimilia triangula B» fj vel ^^'^ ^^ 
C, F, dem<mfirabitur trianguta DXR, VSKfimilia effe, at- M^Zui 
qtte adea fframidem BR iffi EK , & CR iffi FK fimilem (i) p^ * 
ejfe.] Ergopcr i. partcm ratto pyramidum AR , OK eft &i*^f. 
Criplicata rationis I M ad PZ : & ratio pyramidum BR, O")'^'*' . 
EK triplicata cft rationis MX ad SZ; hoc cft dcnuo pcr. h/p. ^lVpti^ 
ratioois IM ad PZ : & ratio pvramidum CR , FK eft tri- J!/! ,^7^ 
plicata ratioois XQ^ad ST , hoc eft, rurfum IM ad PZ. 
C^m ergo ratio fingularum ad finguias fit triplicata ratioois (o) Fer * 
IM ad I%» cciam rado (0 omnium ad omnes» (hoc eSt, » i^^lV 

Q,4 ratio 



%j^9 Elemimrum Gt&mettU 

fitio toti6s pTrAtnidis A6CR ad totim OEFKOtripticati erft 
rationis IM ad PZ. Quod crat deraonfbraadum. 

[Corol. Hlne > fi ]turmt qutuuor rt^ coniime propcrtio^ 
waies', iritprimaad ^mrtam^ m efi fyramis fufir frimMf ad 
ffrnffiidem fimilem fimilitertiue deferiftam fiifer fifcunda i b* 
at« fremde t datu fyrumidum fimilium ABCR, 0£FK bueribu* 
homelogisMXy ZSififiantMX» ZS,G, H conimu^ frefor^ 
tionales, eri$ fjramis 4BCB. a4 fjramidem O^flC , ut idX 
f/iadH.] 

PROPOSITIO IX. 

%. ta. /f^ QuMes pjramides recifrocant bafes t!r altitHJi" 
^*^' JTiIa ^s: & qua recfrocant^ fmt aqndes. 

I. Pars, Sintprim6 \juiuales\ pyramidcs trigonx BACO,* 
HKNL. PcrfcaispflrallclogrammisBE, HR, fupcr Kit fint 
parallclcpippda BF, HP. Eruot (ut oftcndimus in 8.) pyra- 
midum ex hyp. xqualium icxtupla, ac proindc aequalia intcr 
ic. Sunt vcro horum para)lelepipcdorum aldtudioes HK , B A 
(a) Tet eaedcm quae pyramidum: bafes verd BE, HR duplz {a) funt 
14. U iif balium pyramidalium BCO, HNL, ac proindc iis proportio- 
nalcs^ Cum igitur, ob parallelcpipcdorum sequalitatem , fitut 
('»)/«' BE ad HR,ita {b) rcciproc^ HK ad BA ; ctiam crit tit bafis 
»♦•'•"• BCO ad bafim HNL, ita rcciproce altitudo HK ad altitudi- 
pcm BA. Quod crat demonftrandum. 

Quod ^{/tquaUsl pyramidcs habcant bafis polygonas , rc- 

(e) P«r tcntis iifdcm altitudinibus {c) reducantur ad trigonas , crunt* 

|jrt/«^* quc hx i\\\& acquales pcr [ wr. ^.] 6, Scd pyramidcs fic reduc- 

tac , per jam demonffa-ata , rcciprocant baics & altitudincs. 

Ergo ctiam pyramidcs datae polygonx reciprocantbaicsSc al- 

titudines. Quod erat demonflrax)dura. 

2. Pars. [&' bafesfifit trigonay'] quoniam jam ponitur efle 

BCO ad HNL> ut HK ad BA; crit quoquc BE ad HR, ut 

(flJ^ir HK ad BA. Ergo parallclcpipeda BF, HP {d) funt acqualia. 

j4./«m £;rg68ciextac corum partcs ,pcmpepyramidcsBACO,HKNL, 

Quod erat dcraonftrandum, 

[^ubd fi fyramides habeant bafes fohgmas aUftuJmlus f#- 
(«) P«r eiprocas 3 teducantur ilU ad (e) bafes trtgonas BCO , HNL , fo- 
%jJM t)[g^7us aquales. Brit igitur BCO ad HSL , ut HK ad BA.at- 
que adeo fyramdes ha trigona aquales erunt ferjam demonfirO' 
(f) Per or. ta: ergo etiam fyramides folygona» qua trigemsfiint( f) dqua\ 
^•^/•la. Ies9 erum etiam iffaaquales.J 



JJber DttQJccinmSf z^p 

OnroUaria, 

QUae de pTramidibus demooih*ata iiint p. 6. 8. 9. etiam 
coaveniunt quibuicunque prifinatis $ dxm hsec tripk 
^«; dnt pyramidttm candem baiim £caltttudinem habeotium. U) Tgrf^ 

Igitur »• '.*• 

1. Prifmatum sequeakorum eadcm eft proportio qusr ba« 
fium. Id enim oftenlum cft de pyramidibus p. 6. 

2. Similium priiinatum proportio eft triplicata ppopor- 
tjonis homolc^rum Jaterum. Id enim oftenfum eft de 
pyramid. p. b. [ c^ frPtnde fi dtntur fimilmm frifmatum 
Utera homoUgay mvimttur frifmatum ipforum ud fe tnviem 
rutio 9 eedem modo 4fuo ex iifdem d4iis,f^amidum ratio iitven-' 
tm efi^ iucor.f, 8.J 

3. i£qualia prifmata reciprocant baies & altitudines : 8c 
quae reciprocant , iunt sequalia* Id enim de pyramidibus 
oilenditur p. 9. 

Mirum eit hxc ab Euclide praetermiila» cito prxdpua iintj 
Qux de iblidis re^ilioeis tradi poillinc. 

Scbolitm u 

EX ha^enus demonifa^tis elicietur dimenfioquonimcunque 
prifmatum ac pyramidum. 

Prifmatis ibliditas producitur ez altitudine in bafim dit&i; 
pyramidis ver6 cx tertia altitudinis parte du^ in baiim. 

Ut ii priiaiatis akitudo iit 5*. pcdum , baiis ver6 ly.pedum 
quadratorum j multiplica ii-.per f.provcniunt la/.pedes cu- 
bici pro ibliditate prifmatis. 

Efto cnim prifma polygonum A H. Ejus bafi A E intclli- fijj, ,^' 
gatur xquale eile triangulum B A C , iiipp-que eo prifma B E & tS* 
SDque altum ac AH. Erunt (^) B£, AH aequalia pri/mata. W^freer» 
Sed BE prifma (c) producitur ex sJtitudine ful in bafim J'f^**' 
BAC, hoc eil {d) AE. Ergo ctiam prifma AH fit cx alti-^*; ^^J^ 
tudine {ui , quae altitudini prifmatis B E xqualis ponitur » in aoI^Vi, 
baiim AE. ' (d) Pp 

Hinc vcr^ & ez 7. patct demonilratio partis iecuodsB. '^^ 

[Scholitim 1. ■ , 

Pimenfio pyramidis truncats ABCESO, cx datis i%, i|. 
altitudine CE, bafibus parallelis ABC, OSE, 
(ariunque latcribus homologis BC , S£, 



tL^O EkmManmf Geemetri^ 

Ui mveTustar EF altifudo parth difidimis ESOTi fr9ft§r 
fim. m. BCFp SBF, erit BC: SEv.CF: EF, Ei dtvid BC 
m^SE:SE::CE-EF. Ddtis itaqtitBCf SE ^ CE, iievnii^ 
tmr EF. jifquihde t^uidem dtmonfirMtio fufponit sitimJ^ 
mm firfendickUnm cum Uuere fyramdis ceineideni fod ntf- 
0unt\m cMdat ferfenukularis iiis, ftsmtm OSE (ficfus t com* 
tinuatum) ultitudihvn fynmidis c^ Utu. ejus FC [Mliier 
fecuSiti (^ freinde femper erit BC^SE ad SE^ ut uititudo 
fyramidis truncata % ad altitudinem fartis defidentis. Cttfeu 
altstttdims Jte inventa fan tertia m hafem mtnerem OSE 
duBa t daSit fartis deficientie ESOF feliditatem, Jnvema 
autem altitudini fartis deficientisf addatur aUitudo data ff* 
ramidis rruncata , tif ^aSetttr tUtitude fyramidis integra% 
eesjuf altitisdinis fars tertia in bafem majorem duBa , fyra* 
midis inteira foiiditatem daSis : equa% deduSafars» doficiei^t 
ffrarmdem trmtcatam relinysetJ] 

hmmA ttd P. lo* 

PYramldef 8c prirmaf^, quae conis & cyliiidris ia iofinitam 
in(cribuncur » in conos & cylindros ddinunt. 
Demonftratur ut le^nia propoiitionis x, adminiculo pro- 
pofitionis 6. & coroUarii i • pod. p. 9. ii ut iflic plana circu* 
1d inicripta» ita htc pjrramides & prifmatas qux &per pla- 
nis illis tanquam bafibus confiftunt» a codo dc cyliadio aft* 
fisraiitur* 

PROPOSITIO x: 

J%.a4^' ^^Mtis ctmttJ tertia pm eft cjlimbri eattdcm bajm 
\J (^ itltittuUncm bahcfftiu 

Bafi CL iiitrilieitur inicribi polygonum repilare quotcuA- 

que laterum, & luper iilo tanquam bafi, cooo quidem py« 

(t)?^7. v^mit» cylindr» autem prifina iolcribt £rit pyramis (a) 

h lu tertia pars prifmatis. Et fi rurfum infcribatur circulo poly- 

gooum kterum dupb plurium , fiiperque eo inicribator 

coQo pyramis » & cyliodro prifi]|a » iterum erit pyramis 

tertia pars prifmatis > Atque hoc i^mper e?eniet. Quare 

(b) Pee Am pyramides in conum , {b) prifmata in cylindrum de- 

^f^^ finant« etiam (e) conus tcrtia para cylindri erit. Quod erat 

fif.ZaltK ^^'Dooftrandum. 
/^* a. A [Scholium. Notandum veri eft « ham frofofitionem e^ 
A%. fetgtmtet dttrn» mitJoOm ttd reSos emm & tyiatjm, verim 

etiam 
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Jjnfir LmOaeciffmS» •5* 

kfiMm sd 0M^e$mqu$ oUhims fmhmf» qmmvhjlgmd reSfos 
fdnthn exhileMU. DeducHtUm tnm 4i ItmUibus fyrumiduem 
f^ mfmMum quQriiincuQqae,»ao « te&ommfiierum frofrie* 
mtthus^ 

PROPOSITIO XI. 

tio eoiUm eft qtt^e bafittm (CLj SE.) Jdem ^^ 
eKcidit cjUf^dtis ttepte altis. 

PTTamides coms »que altis inStrif^ , iimt (4 ut bafts« (^) fif 
Aiqui (S) pyramides tandem in oooos definont. £rgo etiam 6 Lt%, 
(e) coni funt ut bafcs. Cum ver6 cylindri conoram eandcm ^Jf*'* 
cum ipfis baiim dc aititudinem habentium fint trtpli ) ctiam /^> jl^ 
ipii aunt Qt ba&s» Q«od ei at dettonflnuRiHin« fwf, 

CorolUriftm. 

EOdem modo demonidrabitur etiam prlfmata & ^UddrOf 
araue alta dR inter & ut bafes , imo quzlibet corpora cy- 
lindriformia aDque alta , hoc eft. , quz proiducuntur ex qnft>uA 
cunque planis in eandem altitudinem du^lis, eile Intsr ft ut 
baies. Eodem modo de pyramidibus 8c conis se^ ab)i» 8^ 
conicis quibufcunque ratiocinare. 

PROPOSITIpm 

COmrtem fimilittm (BAF & QZR) frofmk n^, 
efi trifUcattt oroportiotM diatmtrorum (SF (^ ^f* 
QR) qua fitttt in hafilms. Jdem cfUndris fimditMf 
t^ciditi 

SimiHum conorum bafi^us inftribe polygona ordinatt 
Ujufdem demminutionist'] quae proinde fimilia erunf. 9t v0^ - 
Jmites cem fuerint fisUeni t ita eerum Sa/thss inferihantur fofy» 
fena , nt axium hulinatie eundem habeat fitum rtffeBn Utte* 
rum vd anffUorum utriufque pelygomJ] Pyramides fuper 1^1 ... p^ 

irun 

rum BP , QR. Quarc cum pyramidcs(/) in conos dcfinant, i>^ *L, 
etiam conorum proportio(^)eft tripKcata proportionisdiaiae- ^'i,i^ 
trorum BF» Q^. Qiiod erat demonftrandum. (g/ ?ir 
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De cjlindrii {tttec theorema, cdm iint tripli conomm. 

[Cdro]. Si eMmHUur rmtio JUmntrentm BF , ^R pt^ 

ptni $n Safibus cmiorum {vel cylindrorum) JimUium , fer i«r« 

{%)Periif. nmtiQ, Hy utftntB¥, ^K, G, H-II-5 Erit(:k)ut BF mU 

ic l. j. 2f , itA cmus BAFndcmfm 3ZSi^ ct ittt c^iinJms BM ud 

tjflindntm KI.] 

PROPOSITIO XIII. 

Pfc. 4d. Q-'^ cjfindrm (BI) ficetur pUno (RL) bafSftu 
i3 (BOj Cl) piorsUelo 5 erit fars (BL) dd fMr^ 
• tem (RJ,) mt axis feffttentttm (^) ad figmetttttm 
MXfs (OF.) 

Demonftratur ut prima fcxti. 

Theorema codem modo vcrum eS de iiiperficie. 

I Dividatur enim axis OF in qttotcunqtn partes dqualesf c$t 
P^fittgUla divificnum funBa ducamur flaaa hafibus BiL» CI 
fgratlela* f^ dividetur cylindrtts (atque etiam fuptrfiaes cf' 
liudrica) RI itt fartes ttumero aqttales iis in quas drviditttr 
axis OF i qttammfinguUi dquaies iffitts OFpartes fro atd^ 
tus hahentet » erttm cylindri ejufdem altitudinis j (^ fromde 

(b) Ter ti. iyUnilri in quos dividitur cytindrus SJ erunt (b) ut bafes » ijoc 
^*'^" • efi , aqttaUs : (quod autem cyiindrica fitferfides iftain auas 

dividittsr fisferficios tyimdrica BJ» fint etiam aquales, con/fabit 
otc ooquodtata quavis intra alteram quamvis fa/ita , itU ox^ 
tttrmfim couffruet : ^ oodem rttodo farvulorum cylindrorum 
dqttaiitasiterum conftabit.) Mrgo eylindrus (& cyiindricafio^, 
ferficies) RJ dividitttr in fartes aUqttotas fimiles iis in qutu di^ 
viditur axis OF. Si itaquo ex axe O A accifiatwr una fars 
ttUqttota axis OF quoties foterit , & fer funHa fartet ilias 
tffitts AO conneSentiat dttcantttr flana ofpojttis fianis B^, RL 
faralielai tuanifeftum oftt toties in anto^edento AO ttxe conti^ 
neri fartem tUiqttotam confequentis axis OF» quoties in antece^ 
dMttto B'L tyUndro (vel fuferjicie cyUndrica) continetttr farsfinti* 
lis aiiquota coitftqttetttis cyiindri (vei fitferficiei cylindrica) R L 

(c) F#r ^ie (c) axis AOofiad axem OF» ta cylindrut BL ad ^0»» 
fotimom tirttm RI} (veletiam, utfitferficietcyiindricaB£iadfitferficietiM> 
p^^ eyUndricam RL) ^. E. D. 

tidithim. Schol. Hacfrofojuto nott mimts vaietin obiiquo cyiindro^uikm. 
in roSo: in eo enim cafu » fartes alimtota axis OF , ttd bafes 
fuasfimijiter incUnamur in farvulis iftis cylindris, in quat divi^ 
difitffonitttr cyiindrus RI a fianif ad bafet faraliebti ttndo dtia 



tiyer Xhiodeiimtisl x^^ 

qtuvh hfOrn wvkim pfpti ctngrumy il3i*,ft9mJti Um €y\mitm 
£ c^ham t0mm /Hferjldesi fMrtes erunt aiiquotA eylindri &fit'' 
ferJUiei Khff^rtibus aliquotts axis OF numero dqualesi d^froi»- 
de ex ^maro vel fuferjick tyUndricd BL totiesfumi foffunfi^-' 
tiesfartes 4xis OF ex ux$ OA. Vnd* demonfirMtic mnim eth ^ ^ 
dm erit in tjUndro obiiquo ae in reSh* 

Cord. Hme yfi cyUrJirus fecetur fUno hufibus paruUeloi emni 
etiamtartes BL^ RI ut earum a&itudims, Si emm cyUndrus 
fa naur^ res pateti ahitudines enim ab axis fegmentts AO^ 
OF nmfunt drverfa >fi verofuerit obliquus^ dtuatur reSfa Unett 
bafibus perfendicularis, ac manif^um efi iUam atque axem u ^ ^ 

flano baftbus paralleUfimiUter {i)Jecari ,• cJ» froinde , dtm (a) ^ ' ' 
fartes BL , RJfint (b) ut axis /egmenta • erunt etiam at JJ%* JJ^Jja; 
/egmema perfeudiculmru > b$c eft^ mt /ui ipfarum akitudines» iJL/lrm 

pR.opositr6 xrv. 

aqudlitus , /ma itttir Ji m dtitHdim (Spy * • ' 
LZ.) Idem C(mis MCidit. 

AWcindc ab akkwi cylifldro AR cyKndruili AO, altitudiflfs " * 
LEejufdcm cum SF. Igttur cylindri AO, CI (c) aeguales m p^ - 
$int. Cum igitur cylindw AO fit ad cylindrum AR, ut iL/ hJ- 
(d) LE ad LZ ; etfam Cl erit ad A PL , ut L£ ad LZ; hoc emmfiimi^fi 
cft, (quia LE & SF (f) sequantur,) ut SF ad LZ. Quod ')}*^*»» 
crat dcmonftrandum. " W '*•'<•''' 

[Terro^ cttmfit cylindrus Cl ad cyUndrum AR» utSFad {c^Pgf 
tZi erit etiam fdrs tertia cyUndri CI ad partem tertiam cf- tirtfif',' 
UndriAR, hoc efi^ (f) cohus CFT adconum AZB ^ut SF (0 ^«^ 
ddLZ. \ ' \^U^ \ 

Obfervent tyrones, hujus fropofitioms dimonftrationem aagiieJ^Q^^ - 
nfalere in cyUndris c^ conis ohUquis ac in reQis, . • • 

OroUariHm. 

m 
* 

THcoremi etiam vcrum eft de prifmatis; ittmqa&dt ffr 
ramidibus} & demooftratio plane .firoilis. Scd de priA 
xnatis ex corol. i. p. 9. 1. ii.6c p.i^.cum cor, it p.i^.i. 11. . 
Pe p^ramidibos ex hoc d; ex 7. 1. la. 
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PHOPOSITIO XV- 

n.ftt» /jnQf^^ (jUndri {AR^ DF) rec^ocam bafii 
**^ JliIjO' diitfidmesi &fi rtcifrocm , atpMksJknt^ 
idem conh acciMt. 

Demonfh-atur ut P. 34.1. i f . (ed pro. ^a . & ly . iiUiic citatis» 
ttc adiiibebituT prop. 11.& 13. [vtl 14.} Itb. 12. 

[x. Vttrs. Smt frimo cylindri reSi: (i fuerim d^ M • hnftt 
(4 Ar (fr»pter cylmdros ex hffofhejidquales) ormt (^) 4^Us\imd§ 
ji« 4 i&> ia eo atfUf res patet. 

Si vof^ MUUudmns fmrim mdt^los , t^ mofori L Z tAfando 
L£ minari ^C 4ifsMim » (jf* por E dstc pUmtm ZO ssd M^ 
0>) Pjr fstrallelHm. Bafis Ai^ ofi ad Safom VT* (b) ut cytirsdrt$s jK} 
€sai, , mi cyrmdrtsm ¥Di hootft» (tptiacyiindri AR; FD dquaiis 
ojfo jkppotmmtir ,) ut cyUmbrtss AO ad cylmdrum AK^ bocefi, 
ie) fer (^^ ^ Mtu^ LE ad atfitudimm LZyhoc efit (propier LM, 
94! l iu ^ aqm^s) recifroci ut sUitudo ^C ad oUitudsnemLZ^ 

Sim autem cyUmlti atmds titodpoMimif & erjgantur ftfp& 

iifilem bafihus o* ^* eadem ahitttditte cytindri reBii eruntqtsehii 

f A 9er ^'^ttles (d) o6tiq/tti, • ^t^e eitm aquales cylindri roBinciprO' 

tul i&. ^ ^^fi' & awttiAm \ etiam aquales okUqtti reciprocahtmtm 

10./. II. citm veti aquales conifim (e) aquaUum cyUndrorttm aqui 
I0.^7a. *^^** & f^P^ iifdem bafibus partes tertia i ii etiam bafes cj» 
akkudints reciprocttbunt, 

1. ?ars. $im tyUndrorum reBorttm ttkittsdines inaquales^ ^ 
ifS XfT to. ^ fMjori LZ fitme minori ^C aquaiem LE^&per E ducattur 
£\^ piattum X6 hdfi parattelum. Cylindrus AO eft ad tyUn- 
{^Per dmmWO, (X)ut M^adVT\ hoc eft per hfpoth. m ^C (g) 
ea^. five LE ad LZi ho$(^) tfiy m AOadAR,. Ergo (i) cyUndn 
14! f ?i. ^ * ^^ ^"^ aquales^ Et citm cyUndri ohUqtuftm reHis aq^ 
(I) iet ' ^^^ &fi'l>^ iifiem 6aftbus (k) aqttalesi hi etiam,fi reciprocam 
9. L u bafes <^ aititttdines , aquaies erunt. ^ £• D. 
w ^er Cmti autem , ctuitfint (1) tertia partes cyiindrorttm aqu} al' 

!t^M« ^**** fi^ "f^^ Safihus , fi reeiprocant it^es & aititudims^ 

(I)ftr 

«••*«*• SAoliUm. 

CU M nihil attulerit Euclides de ratione compofitA in cor* 
poribiiB, eam bre?iter hocloco demoofirabimus. 
^ I. Cy. 
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I. Cfl\tdm ad cfSakumt 5c pnrma ad prifiDft» ratio* 
aem htbent oompoiitafn ez ratkmibus baiittin & akituduium. 

Suato cjlindri FD dc A R.: ab altiori A R (nam io xcfuA r^. i^ 
okis tcs pcr ie patet («)0 abiciade AO mxi altiUQ ac F D. & &<• 
Sit ctiam ut baiis VT ad bafim MQ, itaFNad Xj fcutal- W/*: 
titodo ND ieu BO ad akitudioem BR> ita X ad2. Oportet '^*^'** 
jgitur odendare > cyiindrum FD cfle ad cjliodrum AR,ut FN ^. ^^ ^ 
^ ad 2.. Cyiindrus F D eil ad cjlindrum A O , ut (^) bafis ^i.^ ^^/ 
VT ad baiim M(]^i hoe cit, (^ ut FN ad X: cyliDdrus au* {c) ?m 
tem AO eil ad cylindrum AR, ut (W) BOadBR) hoceit, ^^ 
ut (f) X ad Z- Igitur cx(/)sDquo, cylindms FD dt ad cy- t^/*! . 
lindrum AR, ut FN ad Z. (^ />^ 

De prifmatts m codcm modo dcmooilrabitiir, led cz oo* m^. 
sollario i. p. 9. 8c coroU. p. 14. (0 ^^ . 

a* Eiiam coous ad cooum , 8d pytfMtois ad pyramidcm ra-« ^ ^ ^ 
tionem babcnt compofitam «k nitiooibus bans ad baiim , tt 
altitudmis ad altitudiocm. 

Sunt cnim (^) cylindrorora ac prifmatum partes tertise. (g) Tm 

tms» M$ tx mUtdiSii fatts fMtf,} ^ 

PROPOSITIO XVI, XVII. 

Ht/£ frofojttimes wnmim froUxijJimdj nen 4limm 
, mfsimhayemjquam ut demonfhetur P* i8«^MMi| 
9toj oliafAciliori vik demotifiratinmt^ 

LemnM ad P. i S. 

CTHndri hcmiiphasrfo inicrlpti , in hemiiphaerium dcfi" j^ ^g^ 
nunt. Sit PZYmaJcimusnemifphaarii icmicirculusiiit- 
tpe radius AZ perpendicutaris diametro PY. Seca AZ in ali* 
qoot aeqttaics partes AM, MN, NZj du^ifque pcr dirtfio- 
Aum pun6hi M , N , perpendicularibus , &c. Infcribantuf 
iemicirculo re^gola OBRK, EDHS, quibus deinde cxtsm 
drculum 'Oontimxaris , iemicirculo circumicripta intelligao* 
ttrr redangula FTYP, LVBO, (^XDE ; eruntquc omoia 
adque alta. Excdlos autem circumfcriptorum itipra iaicrip«> 
tk ibnt plana FK, LS, Xfi, VH, TR, quae iimul fumdu 
conficiuot rediangulum FTYP. Nam quia XC xquatur DS» 
cruot LS, VH, XE fimul, xqualia rcdbngulo IB, boceil \ 
OR. ^arc ii adjicias utrimque plana FK, TR,crunt llmul 
omnia FR, LS.XE, VH, TR acqualia reaangute FTYP. Si 
jam imeffigttar icmidrcuias cum rcdangtuis circa radium 

* imnuKum 



] 
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.ammotusn AZcircoma^ > ia{cripta re&Dgola EH, Ol6 

produceot cylindros hcmtfphaerio micriptos } & re6bngati 

circumicripci prodacent cylindros hemiiphaerio qrcumicrip- 

tos , fibi muni6 iafiftentes : & iicut redbngulorum circunv^ 

icriptorum exceilhs iupra infcripta reda^^vda erat redbn- 

gulura FY, ita etiam cylindrorum circumicriptorum excci^ 

itts iiipra ittfcriptos erit cylindrus a redhnguiai^Y genitusv 

Atqui hujus cylindri altitudo fiet quavis dati minor ; adeo^ 

{%)P^imm ^uc etiam ipfe quovis date («) evadet minor , ii radio in 

14, A 11. plures iine i]Ae partes diviib , redangulorum , indeque & cy- 

lindrorum numerus iine fine raultiplicetur. £rgo cylindro^ 

rum circumicripcorum ; multoque magis ipiius hemifpbaerii, 

quod cylindrorum circumfcriptorum pars eft, excefltis itipra 

infcriptos cylindros fiet tandcm quovis dato minor. Ergi» 

f . cvh'ndri hcmi^haerio in iafioitum infcripti , tandem deiiaunc 

(b)Prriy, {i) in hemiiphxrium. Quod erat demonibraQdum, 

CaroUarltimm 
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EOdem modo demonifarabitur c^lindros cono> coQoidi,^ha^ 
Toidit &c. infcriptos, in ipia deiinef e« 

>ROPOSITIO XVIIL 

fy^ ^th^4irtip$ propartw efl tripHcata prepartiemis di4^ 
O metrorum (BKy RZ.) 

Radiis AB , YR in ouot j^Iacuerit aequales partes , ied ae^ 
que multas , divifis , du^iique per diviiionum pundhi per- 
pcndicularibq», 8cc. Intelligantur m^xiTtiis ipfaaerarum i«- 
* micirculis ihicripta eilc re^ngula 2que multa , quae circaf 

radios immotos AB, YR circuma£b, infcribaat utrique he- 
miiphaErio cylindros acqjue mulcos , ^i invicem infiilentes. 
Quia KC {c) cft ad CF, ut CF ad CB. Erit ratio KC aA 
[c)Vert»t. CB duplicata {d) rationb KC ad CP, hoc eft rationis FC. 
\tl}:i^ ad CB, Similitcr erit ratio Z E ad E R , dupHcat^ rationi*^ 
illr XE ad ER. Scd pcr conih. cil KC ad CB , ut ZE: 
(e)P*r' . ad ER. Ergo ctiam (*) F C cil ad BC , ut XE a4 ER. Scd 
Sf.Af. 6 C eft ad C O per condr. ut R E ad £ S. Igitur ex aequo 
iJ//*' (/) FC cft ad CO, ut XE ad ES. Cylindri igitur {g) FL, 
(e) Pv XQ^iimiles funt, ac proinde eorum proportio eil triplicata 
dtf.^U%M {h) proportionis diametrorum FI, XV, icu icmidiamctro- 
(h) ?er rum FC, XE, quae funt in bafibus. Scd propartio FC ad 
ia«/.ia. X£ cadem cll cum propoicione qMX cil inter diametros 
.. . ' ' fphaBra- 
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t^mxA BK » RZ» fiiam ut ]zm oftendi , FC eft ad XE,^ 

ut CO ad ESj hoc eft, oc («) BK ad RZ» ipfarata CO, (t) ?# 

£6 per coodr. zqiid maltip^ices.) Ergp ratio cjiindrOrum <X-^/i 

FL , XQ eft tripBcata ratioms diametrorum BK, RZ. £0- 

dem ihodo demonftrabimus fiogulos c^Hudros hemifpha^o 

uoi inicriptos, ad cjKndros fingulos inicriptos alteri hemt'* 

iphserio rationem habcre tripHcatam rationisdiametrorumBICi 

RZ. Ergo etiam ratio fimu) omnium ad omnes fimul , {b) (b) Ptt 

triphcata eft rationis diametrorum BK, RZ. Quare ciim "^^ '• 

aggrcgata cylindrorum tandem in hemif)>haersa (c) deiinant, jfii, jJ^KaL 

hemiipiiaeriorum quoque, ac proixide £c ^haerarum ratio tri» {d)Ftt 

^licaca erit {i) raciooxs diamctrorum. Quod crat demoof- f^pn. 

trandom, *"v* 

OfrdUtrmm* 

NOtd igitur proportione diametrorum ^ etiam iphacrarutii 
proportio innote£:it< Ut ii minoris diameter fit unius 
pedis, majoris 10. continuetur ratio i ad 10 per quatuor ter« 
minos, i. 10. 100. looo.Ut cft i.ad 1000, quartum termi« 
num , ita fphscra minc»r erit ad majorem. 

C(morum, Cylincborum Sc ^iuer» dimenfio dalbitur tibrci 
&q. ex 'Afchimcde. 

QUemadmodum fimiles (e) plaoae figurx per mediam prb-' ,^ «. 
portiooalem unam , ita corpora ilmilia non 'nid pcr mt.^.*. 
ias duas , in proponione dat^ augcntp tcI dimi- ao.i:^* 
fiuuntur. 

pata fit iphacra vel cubus » yel aliiid oMus qUbdcunque , p* 
cujlis radius iive latus fic A. Data item fic proportio quac- ^* ^*"' 
cunque A ad B , uc dupla. Oporccat exhibere corpus & du- 
^lum daci , 8t fimile. 

Incer cerminos rationis datae A 8c B , inveniantur duae mc- 
diae proporcionalcs X, Z,uc docuimus in icholio poft 13. 1.^. 
Sphxra cujus radius eft X , five corpus daco fimile , fadlum 
fupcr latere X , eric duplum daci. 

' Nam corpora fimilia quorum radii (cu latcta fimt A 8c"3tV 
rationem inter ie habenc triplicatam (/) rationis A ad T^thCt (tiPer%:& 
cft , candem {g) quam A faabet aid B« tor.i.p,9, 

Atque hoc eft cclebratiflimum illud problcma, quod De-' ^^^^ 
liacum a Dclbco ApoUine diaum cft , qudd is, liic fxviiBmi fl, p^"*' 
Athena^ popubnte , goofultug rcf^diftet , peftem cef&turaffi 2m;io././« 

R fi 



^%* EhndtMrtm GmntrU 

£ xjns ar« \ «i« cuUca erat » duplicaretar. lu VaknQf 
Maximu$ L 8. \uf^i2., 

M<jfd Vdirins non iftay fid hoc fclitm iUa: [Platol coa- 
dudl^res fiycrx arcis * [Ugo arae. } de. modo & fbroii ejut 
i^cum iermonein cooferre cooatos » ad Euclidem Geome<» 
tram ire jufliu Ubi tamt» fro Euclide» Eudo^um r^mok* 
ditm offemonu MemgsHf ad Diog, Lairtiilih.z, ftgm* io6. 

■'Cdterufn accurMiora Ji volis do hujus frohUmMis oceapmo^ 
dequo methodis idem fohiondi « ac pr^cipui do vofriis modis 
duas medias froportionaUs imiomondi » quos exo^itanmo 
tmtiqtu Geometra , confuU (uf alios mittam) EratoBhenem 
de, cubi, duplicatione > {imor ofora ejus ad cakem jiratt 

.,dxon. 1671. edita,) Vitruvium de Architc<3:, liS. 9. caf^ 
3. Piutarchum de genio Socratis , (operum MoraL odit. 
Irancofurt, fag. ^79.) . Pappum Ooliedt. Mathemat. iii. 3. 
frop. f . c^ Eutocium (4 facqueto laudatum fufra , in fciil^ 
tojt 1 2. /. 6.) Comment. in Archimed. de fphaerit Sq Cylin* 
dro> adTheor. i.tto.i. 

Torro , imer duos numeros datos tnvenientur duo medii 
frofortionaUs hoc modo. ^uadratum frioris extromi ho fof^ 
uriorem ducatur^ & frodu!H radix csika extrahatur. Erit 
oa .duorum mediorum frior. Veinde quadratum fefienoris 
oxtremi fer extremum friorm muUiftieetnr^ ^ hujusfrodmUi 
radix csAica exlsibebit duorum mediorum fofierioTom^ Exomf. 
gr. frofonatur invonire duos medios frofortionaUs intor^.^tj. 
MuUifHca (8 X ^ ^) ^4 > P^ ^7 > & orietur 1718, cti^ 
radix cubica 1 1 , c^ duorum medmum frofortionalium frm* 

Beinde tmdtifUca (a^.^C ^7-^) 7^9 »f^ ^,.fii*froditcetnr 

^831 , ^j^ radix cubics eji 18, nomfe duorum mediprum pof 

terior. NamS, ia, 18, ^7 -H-- Et univerjhliter » Ji tnter 

' Ji(^ M quarOntur dua medio, proportionaUs M"^ Nj erlt H rf-g 

y c^E, ^NZZyiCEqA, 

Cum enim reSiattguluftt fui A^Zfit (a) ^edium propor- 

W^^^^l/wffrt/e inter iUarum quadratUi ormt Af, AE, Eq -H-. D#- 

'^* cantur hac tria plana in oandem aUitudinem A > (^ ^ientur 

|b) Per (b) fiiida coatmue proportionaUa Ac , (c) AqE , EqA. VucaU" 

|x./. if. tur etiam eadtm piana in altitudinem communem E^ i^JitM 

• W^'*'^'*'/'?^^ M^* EqA, Ec~. ^uatuor ergofoUda , Ac, 

#t 36. A 1 1. ^g ;'BiiA, £c funt confinuo proportionaiia j ac protndo oorum 

radicos.cfibica, Ay ycAqE,ycEaA, E continu^ proportiomt* 

M)Ter ^^ (^) ♦'^^' ^i^* ^^ eXhfoth.Jtnt A, M, N, JE^rt 

fih. I .^ ^ V ^itM—y cAqE , <J. N= VcEqA. ' 

/• lu&f* . Si vero primtss terminus Juerit i , oxtraM radico cuHci 

%S*^ $9 pojiorhris extremi , habebitwr dstonsm mediorum prior , cujiu 

mdii qHodratum erit duorum' mediorum fofierior\ Si emm h* 



(fitfiM)1S:V cE. Et iodem moJo y c EqA (fiv$ H) :s: 

|/c£^S:(a) ycSyiyCE. Ex.ir.mir i,& i%f. meMi/tmf (^)^^/^ 

f.&if. Efinmf0yQi^f::Zf.&fy(,SZZif. Suntam-f'^^'*'^^' 

fem 1 » f,. if» i2f -T7-- Af froinde » fi fro cuhi dtui iator§ . 

fomiwr wutms , hMioSina^ latm cubt dM dufli , radieem cuH^ ^ 

€um numeri biuMrii iXtrMhendo. ^uod{chn forfi mMwfi/hm 
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fiti tumotim) ox oodeducitur, wbd y cijii dmrummodio'^ 
ftm frofortioualiwn frior iater i . o* %.] 
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QVMmvis in Aiathmaticis dtJcipUms conp^ 
plHres fitmmi dr admirabiles viri exti-^ 
tertmt : frima tamen doria > ccmmttni 
^qnodam canfinfit , ArdsittteS Syracmfimo 
delata efi. Sed illttm plnres lattdant ^ qtiom legant; 
tkbmrantttr pUtres , ^quam intelligant. Cdttfit , opincr , 
fitnt exentplarittm moles , & raritas ; firmonit ex 
Graco tranflati ohfcttritas nonmdla ; demonftrationes 
frolixa (^ ardua. Pntavi igitter ex fittdiofit jttven» 
ttttis mfit fittttrnm » fi eletnentis jam Hlmfiratit 9 hac 
a tm fiieSa ex Archimede theoremata 9 c^ viJl 
mttlto fiiciliori ac breviori demonftrata fithneSerem^ 
SeUgi porro ea^ ^ta & admirationis pltts , ^ mlm 
Utatis habent; viamqtte in demonfirando e^m tetmi ^ 
iu Jperem ettm epti eletttenta perceperit , hac funmA 
Geemetra praclarifpttta itrventa negotio hattd fttt^n9 
affkmttrttm. Sub finem adjeBis tredecim prepofitio» 
nihns , Archimedis de cyUndro c^ fihara doSri» 
nam ampliorem facioy atcfne inter catera demonflr^ 
fefattiaberam proportionem in trihnt eorporihts , Jphari^ 
cjUndro , c^ ajuilatero cono y tttroqne fihara circmm* 
JcriptOy continuari. Varia infuper fiarfim ^ inter qua 
propofitio ii^ & coroUaria prop. it^ pracipua fitm^ 
(fr fcboUa otnnia adjecL Fruere ifliSj fuififuis Geo^ 
metria candidatus es; & tjuantum ex EucUde pro^ 
fkmtt htr Arcbimede experire. Catmftc in verita^ 
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fum pukherrlmarmn edntemplatione Jefigi te » evehim 
4jtte fi/rfim perfinjerss j menum ah if^is hifce rebus 
feUciter jdm avtdfam attolle etiam Mtins » atque Jiri^ 
ge ad Keritatem primam j atemamy immenfam , tfiue 
J)eus efi , cuJHS ineffahili vifione nos fnttiros ali^uand^ 
atfrmm bedfps conj^. f^« 
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THEOREMATA SELECTA 

EX ARCHIMEDE 



DEFINITIONES, 

Seu vocum uonnHUArHm expUc^io. 

ESto circilus BECG, cQJas ccDtrum A> diamctcr BC, T^k *^ 
quam ad redos aneulos fccct rcda EG non pcr ccn- 'fjj^/'* 
trum , vidclicet m D, Ex ccntro autem cducantur **"***• 
Tadu AE, AG. His pofitis 

T. Sedor fpbanrz eft , qut ledlore circulari AECG , ieu 
AEBG, circa diametrum BC in orbem adio, prodacitur. 

%, Segmcntum ftu portio fyhxnt eft, quac a circulari icg- 
mento ECG , (eu EBG , circa eandem diamctrum BC in or- 
bcm a^o, dc/cribitur. 

3. Portionis ipbaericae (EBG) vcrtex eft diametri immobt- 
lis- extremitas B : Bafis eft circulos a ttOA £G deicriptus : 
Axts eft diametri pars BD inter verticem B , 8c D centrum 
bafios iatercepta. 

4. Cdm fphaericse portionis, aut corporis ei inicripti s tut 
coni fiiperficiem nomino , i^mper inteltigo abfque bafi;Sc 
ci!lm cylindri fuperficiem dico , intelligo iimiliter abiquo 
baiibusi niii adjuagatur {tota%) tunc cnim accipiuntiur 2c 
baieSk V 

^ Rurium dkra de cylindris vd conis ago > non afios intdlh; 
go <|uim redos, 

Axtamata. ' 

f . pOl^ffoni circulo inicripti ambitus» minor eft circuli pe- f%.t.# 
ripnerid. i^ 

2. Polyj^i circulo circumicripti ambitus , circuli perl^ ^, t; 
fhaii major eft. 

h QiJiod ii polvgonum circulo infcriptum • drca dia- f((«i^' 
ftietrum ( AE) una cum circulo circumagatur» crit corporis 
• polygoQo geniti fuDerficies, minor fphxraB fupcHicie. £t , 
fi pol^gonum circuJk) drcumfcriptum » circa diametrum 

Kf md 
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voat cum ctrcnlo circuroagatar ; crit corporis a polygono genl- 
ti major ibperficies» fuperHde fphaerz. 

1^17» 4> Sirnilitcr, ambitus polygoni inicriptt icgmento circula- 
ri (DAF,) minor eft peri^ierid iegmcnti (DAF.) £c fi 
polygooam fegmento inicriptum 'iina cuxri fqgmcifto* circa 
iegmcnti axem (AO) circumagarur } crit cocporit 1 pol/» 
gono gciktti fuperficies» minor £iperficie portionis fphaeriae 
(DAF.) 

Wli.6* S* SuperScies pirSinatis cylind^ ttdcripti» minoreil cjKn- 

^•- dri fuperficies ctrcumfcripti verd major. 

?^* 6. Et iuperficies p^tamidis cono infcriptar» minor e& coai 

£iperfides circttmftnptsB aotem major. 

PROPOSITIO PRIMA. 

DAtd Jifft f^urit efiuctiftqtu Ji» plana fen jiUJU 9 
A% B: Srnt mtm magmtfulmes aUd fimfer 
asipte 0IU 9 q9$ajiptras datas Aac B few^ mims 
^^utx: ^ ^^ excedendo , in ipfas (a) dejinam , (^ tamcB 
' femfcr interfe aqstalesfmt: 

J)ic0 et$4m fiptratA& B aqnaki effe. 

E. F. Si non, akerutra major erit. Sjt ergo 

A. B. X. A major <)aim B txcdFa X. Per iijpo- 

diefim daotur magnitudines £ t P inter 
fsmpelei^ qnse excedant figuras A, B exceflii minoriqiuLtti 
Xt (|ao A ponitttr fiiperare B. Ergo F mioor eft quam A. 
Sed F per hTpothefim eft «lualis. £. Ergo etiam E minor 
cft qjoaio A$ -qopd cft abfurdum i ci^m per hyp. K exosdtt 
A* Eodem modo ofiendam B non pofle efle majoicm 
qnks A. Ergo ciim nentn fit matjor aherl, OBquakt cnint. 
Qaod erat dd^pnft^sndum. 

PR^POSITIO IL 

>. 

DAfafint fifftU A& B; fmt atttem magnltttdinet 
alia Jhn»r khiue alia^ qtta afigttrit Uatisfim^ 
(»)ttt^ fer mims ae prisiHt d^endo , in ipfas (b) defmant^ 
^dpAta. j^yg^ imerfe aiptaksfint i 

kotAamfyf^asdatasA^ Baanaksfbre. 

•'^ • ^ A. B. Z. 81 



A. B. Z. Si noo , ahenitra minor erk* E/k> ^ 
O P. tnr A minor quim B defe^ Z. Per liy* 

pothclim dari pofliint magtiitudiiies 0> P 
Inter fi dtqaaks, qux defidant.a iiguris diatis A & & defeo- 
tu minori quim Z , quo ponitur A deficere \ %, Ergo P 
major eft qoam A. Scd P per hypothefim-eft acquahs O* 
£rgo etiam O^major eft quam A, quod rqmgoat hypokhe* 
fi , qud ftatuitur O mioor qns^m A. Eodem modo dltett* 
dam D noQ eflc miaorcm quam A. Qtwrc cikn flcatci 
fit minor alterd , ^uales crunt. Quod eraft dcmoiiftraQ* 
dufn. ,- 

\jtU vwb fropifitiones Au , 9x fofifmMte gmruerJUU (f^ 
fr, a. li^.ix.) sS/^ue ttkerieri demerifiratiene ^ immeiUul dedih 
fifofiae.2 f 

PROPOSITIO m. 

AMbittis foijgmnrum dxculo circfmfiriftortim ^ 
. C^ infcr$ptor$em y dtjimmt in crrcuU feriphe'» 
tiam* Similiter (^ foljgoM iffit in circulum dc^ 

I 

Si nimirum arcubus fine fine bift6Hs, plara iemper ac pti^* Pk* >*^ 
n latera circulo circumfcribantur 8c inicribantur. ^:^?, 

I. Pars. Intdllgantur circulo infcripta 8c circumCrijpbi, •"""*"- 
polygooa ordinata [fimllMy^ fire ut tvaditur p. ii. f. 4, 
five ut in hac figuri , perindc erit Manifefhim 'cft (1») FI 
ciic a4 CE , (hoc cft , {6) totum artWtum circumrcriptum i^ \^p 
cflc ad totum ambitum inicnptum,) ut I A cft ad C Ai At- ^Xif* 
aui I C cxceirus rcQx I A fupra C A , fit tandcm qoacuaqae (b) Per . 
dati minor , ^G. plura femper ac plura in infinimm Jatera cir- i^-A ^ 
camfoibi ^ infcribi intcUigamiis. Ergo ctiam cxceflus am- ' • 
l^ittts circumfcripti {iipra ambitum itiKriptimi , tandoh fiet 
qupvis dato minor. Ergo mult& (c) magis exceiTus ambi- (c}PMee 
tus circumfcripti fiipra pcriphefiam nct quotunque datomi- «« md^ 14 
nor» Simiiiter , quia jam odendi defd^um ambitiis inicripti 
ab ambitu circumicripto fieri quovis dato minorcm^ multd 
(^O.magis dcfeftus infcripti ambitus a pcriphcrii fictquovii^^jp^ - 
4ato mmor. Ambitus igttur tam infbipti '^aam cdnimpti, ]»!§.%, 
in pcriphcriam («) definunt. Quod crat pHmym. Haec uP (e)M4^ 
terms demonftrare opcrae ptetittm non A , cim fitis fint ^«^^ • 
inanifeftst^ 

». Par| 



2. Pars. Qua jam ofteofum eft cxcefldm lateris FI {upra 

latus EC fieritax)d«m qaovis dato miDoremi (efl cnim FI ad 

EC, ut lA adCAi) ctiam excefl^iis quadrati Fl (upra qua* 

dratum CC fiet quovis dato minor. Sed ut quadratum FI ad 

(a) ftr quadratum EC, ita (4) polygooum circumfcriptum adpoly- 

^?^f'^ gonum infcriptum. E rgo etiam exceiTus polygoni circum- 

^ uiK^ Kripti fupra infcriptum tandem fict dato minor. Ergp mul- 

t6 ma^is exceiTus poljgoni circumfcripti fupra circulum tan- 

dem £t dato minor \ ac proinde 8c. polygoni infcripti defe^s 

a circulo» dato minor aliquando erit. ^;itur poljgona circu^ 

fJ^)Ttrief, lo tam inCcripta quam circumfcripta » in circulum {b) dcfir 

6. L 12« nunt. Quod crac alterum. 

P R O P O S I T I O IV. 



iS^ JL NTR) aq$MtHr triamrHlo^ cHJfts iJts eft timbi^ 
tusfoljgont y auattdo vtro arcuh rtiaius. 

Et folygottHm ordinatum circulo ptfiriptttm aqutt^ 
tter triattgtdd j cujus bajis eft poljgotti infiripti am^ 
hitus y altitttdo vero perpettdicttlaris (^) iu latus 
tmum ex centro dttSa» 

(dyPtt ^ X. Pars. Jladiua AB ad corttaftum duftus, (d) eft per* 

18. ^ 3* pendicularis ad tangcntem IF, Quare 13, du^s re^s AF, 

AI» AN» &c. poljgooum re/blvatur in triangulai erit ra* 

' " ' dius AB communis omnium altitudo i adeoque triangula 

ipfi liquec efle acqualia. Ereo triangulum baiim habens 

parem lummae kterum FI, IN, NT, &c.altitudinem Tcrd 

MKmtst AB» acquabitur illis (e)omnibusi hoc ctt, toti poljgono cir« 

1. 4 4* cuoifcripto. 

1. Pars» Simili fere ratiocinio concludetur. 
[N>ii0 frofter MqMliti infcripti Uters , ferpeTuBcfdaret 
(0 Wer. omttet a centro «£ dquales ( f } erunt , (^ fremde omni^ tri* 
if. A 2. tmguitt in qu€ refolvitur infcriftum folygcnuttt , (g) dqualia 
^f^ fitnt, Vude eojem prorfus moJo frocedet lemonflrutio mc i» 
^! *. ptrtefriori. 

Cor. f . Hinc arets foVfgem orMnati circuto in/crifti vel etr" ' 
(%) ^if ctttr^crifti invenitUTp ( n) trmhifUcattdo ferfendieulttm s centra' 
hnc 4r' ad latus ^dvis du^um « in dhnidUtm fofygoni circutnft* 
fiioLf,^!, reniiam. 



^mlum, & fokfgmimm m»kiiHsm€kc$d$^mkium t^i^dm 

(a) difimmt » ettMm me* ehrmU mvemmttr* mttltifticmtdo fMdmm M ^^ 

m dirmdlmn tjnfdm^ ftnfhrmm. - ^^* 

Cor. }. dirctdm erge Mqualh erit trismguU^ cujus htps eft 
ferifheris drcuU , dtitttde mUemfevudimnttir. Exurgit (b) (^iPirfiC 
enum mren trumguU ex dimidid hufi iu dtitudinem du£id. Et f •^i*^ u 
Mdem mtdecm^Abk ^fejSkirem urcmi etfuslem ejk trwnffde%cw* 
jutfjtkud0efi circuli radius» ^ Cujtu bt^s eflfe^u tputmrciti 
feBeris dquMis fit: H9c muem carel. ex iifdim frimifns Utiis 
Jemenfirmur in fref. feq» 

Cor. 4. Fifftrurum ifefentuetrm^um c^fucij^a e/i circuiut^ F^. a» 
jeyf 9 ferimeter folygm cujufcunque [e. gr. quadratij EGHl 
.stptilis circtmifere^tidfirculi cujus radiutfit AF, f^ ctijus cem^ 
trum F cmcidm cum centre circuU qui quudrdto EGHI iu/triSs, 
^vei drtumfcrM feffit» pico quad circuii mreu nmior efi quam 
-^treu foiffgmi. Atoa emm circuls siqualis {c)eft trumguio cttfm (k)^ 
.bafis ^fi ciriumferemiu > altitudo vero femidiameter F A : ^ ^\\ ' 
-Jhett febfgom aqualis (4) Sriangulo ctijus hafis eft fertmeter fo- r^^ 
ijfgom f drcumferentia circuii ex iyfothefi aauaUs* ,& altitudo '^^ 
ferfendkularis FO acentro csrcuU m latus fotjfgoni detnijfk: qud 
4fuidem cum radio circuU femfer fit minor » liquet aremtt folfgem 
ttred circuli effe minorun^ ^£.i>. ■ '' 

Fi.fimiliter iuter figitras ^Udas aqttalihus fuferficiehut comen^ .... 
tat, Sfheira ontmttm cafactffimt^ dtmottprahhun. , 

PROPOSITIO V/ ; , 

. l 

Circultts ejl dcfuiiis trtar^ttlo , cujus bafis iff ferU Ftg. 3; 
jkerist circtiUy sbifudit attfcmfifmdiasmtcr, 

PolygoiM of diiata ckcab circnmicripta , & trian^uk baiea 
kabtncia afnbitum folygooi , alcitudinem 7cf6 radium cir- 
Culi. iemper fimt (e) SBqualia. Atqui pol/gooa circoio in {e)Ftr 
jnfinitum» ctrcumrcripta, in circulum (f) «kliount: iimili- ffac*,^ 
mquc triangula (ut mox oftendamj qua: pro baiihabentani* K/^ ^* 
bicum poly^ooi circumicripti, pro altitudine ver^radium AB. ^^' 
tandem deliouBt in triaoguium pro baii habens peripberiamf * 

fro aitjtudine radiam AB. Ergo (g) circuluft* ii triangulum ^ « . 
pro baii babens peripheriam, pro altitudinc radium AB,asqua- kmm^'^ 
m iiint. ' 

Qttdd autem rriangola iiib ambitu poljgooi ^ia^io» dei»* 
nunc in triangulum iiib pcripheri^ & radio » fic ofteadOi» 
Triangula iub ambitu circumicripti pol/gooi U radio A»jB 

fiiot 



cumfcri^ihilu , eujus franuU amhitus irst^6 LK, csrcuti dr^ 
WPer cumf€renti^%)major, Si uuque ^cndMur ^LK mimfrtm ^ 
tkU, u qu^ni 3^ dissmcsrs AB; Ergo ttium circsdi persmeter nwiw erif 
¥^* quam 3 J ejufdem diametri. 

(b) Per ** trtanguU fimiUa (b) CEA, CAS, eris CE:EA::CA: 

i.^.6. -^-^ ^edCA:^ (c) xASi ergoCE^ %EA. Et eh m^ 
lc) Pn«. Utm ACE bifeaum reBA CF, (d) erk EC:CA:{ BF: FA > ^ 
W Pjr compm. EC+CA: CA:\EA: FA\ ^ fermut. EC + CA: 
3* '• •• EA :: CA: FA, Et eodem modo oflendetur effe FC+ CA: FA:: 

CA:GA\ &GC + CA:GA::CA:HAi & deniaue HC + 

CA:HA::CA:KA. 
(e) Frims. PonatuT EC =: 306? erit ECa rr 9l^l6, ^ EA (e) erit 
\i) Ptr ^ ifi . unde £^^rr 13409,^^ CAqi^ECqif^^^EA 



fn^. !• 9i^i6 -- X3409) rr 70127. sed y 70115- rr %6f. Erg9 

{7 /i ^ ^ ^^^ '^^ ^^^ 165- , ^ BC + C^ mujor quam (306 
♦/. «.I. + 16/ rr) 57 1. EtcismfiiEC +CA:EA ::CA: FA, fit- 
(g) Per qstemie £C + CA ad EA (g) majorratiene fj i ad lyj, 
S./.5-, erit (h) etiam ratio.CA sut FA majorratiene fji ad if^^iisoc 
i^ ft^^L^* ^ ' («'««jM«e numerum mukiplicand» perS,) ratiene 4^68 
<i) P«^ * *^ "H- St4ta^epottaturFAZZ 1W4» ^*^ (0 CAmajor 
io,t.f. quam^f68. 

pmfM. P9natur^kur FArZ 1114, «w/^«f FAq zT i^^Si^^; JEr 

/.7-^X. cum CA majotfit quam 4f68*, erit CAq majut qse^. 

W ^^ 2 0866624 , 4^eM|Me C F^ ( ri (k) FAq + ACq) mofut erit 

^* ' • quam 1498 176 + 10866614, hoc e/iy qudm 11364800. Sed 

y 11363441 r: 47*9. ^g^ FCmsijor^quam 4719,^ 

JC-f- CAmajor qukm 4719 + 45*68, hec efi^ quam 9197. 

JE^ cumfit FC+ CA FA :: CA: GA , ///^»tf ratioFC + CA 

ad FAy major ratione 9197 /li 1124, «ri/ ex/M ratio CAad 

GA major rasione^x^y ad 1114. . Si ita^eponatur GA^ 

J iij^ ^ eritCAms$jor qsiam 9%9J. 

FonaturiiitstrGA^iix^, erttque GAq':^, 1498,176: Et 
chn CA major fit quam 9197 , erh CAq majus qukm 
86434I09 , adeoque CGq — GAq + ACq)majus eritqukm 
1498176 4- 86434109 , hoc eft, majm quam ^J^^X^Sf^ 
Sed Y 87918129 — 9377. Erio,CG majoreft quam^^jj^ 
tJ^GC+ CA major eft quam ^ijj + 9%^ , five mater 
fiam 1 8674, Et cum fit GC+ CA : GA : : CA: HA, fitMse 
ratio GC + CAadGA majorratione 18674 ad 1214, five 
{utrumque dimidiande) ratsone 9337 ad 611 5 erit etiam ratia 
. CA odHA major rattone ^iij ad 6\x. Si itaque ponatur 
^^ —.611, erif CA major quam 9337. 

Ponattir igitur HA rr 6 11 , eritque HAq — 3 74/44 -Et cum 
CA majOrft quam 9337 , erit CAq majus qukm 87 tj^f^^ 



I 



\ 






iukoqui CHq (S Hjiq +ACq) majus fiiit;* 974^44 -^ 

87i79f69,fo<: tjijimajus quam S^ff^iij. Sed V^&yff 3449 

2Z 93f7. JE»'^* Cif »Myw «ji ^Mim 93f 7 > fj» HC + JiC 

major trit quam 935-7 "^9937» ^ ^fi * f^^ qumm i8694. 

JEscwnfit HC+CA:HA\\CA:KA i fistfte rMth HC + 

CAMd HA mssj^ ratione 18694 ad 6ix, Jive {utrssmqu^ 

Aimidiatsdo) tatime 9347 ad 30^ ; erit gtiam ratio CAad 

KA majer ratme 9347 W 306. Si itaepse fonatur lAK 
fivt LKZZ 3069 erit xACfivt AB major qaam 9347 , c^ 

rsttio AB ad 9347 major erit ratione LK ad 106 i tii* J 

froinde^ ratio 37 AB ad (3^X 9347 ^) ^937^y» major erit 

(a) ratioiea 96LJC 4^(96X 3<^— ) *937^« H*^ ««ew stlti'^ («) ^*^ 

IRM 4^ ratioaqttaUtatu , cum fit 96LKZZ 19376* ^rgo 3) '^*^/' 
^B iiM/(0r tfi qukm 19376!$ ^ froittde adhuc major qukm 
xpfj^ 9 five apsam ^LK. Ambitus ergo folygoni ordmatl 
p6 iatorum ctrctslo circumfirifti , ^ muUo magis ftnmetet 
eirctsU cui cirasmfiribitur folygoaum iUtsd , minor eft quam . 
3 ) sHatTsttri tjufdem circuli. ^. £. D. 



'Bufs fremia. Circnfi pcrimcter , diametri AB triplam cx» f^. ^^ 
ceciit , quantitate majori quslm Y\ partibus ejuiiicm dia- 
metri. 

^fia strcus A V fexta fors iotius circuinftrtntU circularis i 
ij^ ccmiftmA bifi&iouefiat arc. AD ^ 1. arc. AE^ZZ^ arc, AF 
^ S arc^AG ;S itarc. AH^ ^ ortt arcus AH jg tcthss Cir* • 
cutttfiarauria, JDmcanttsr reBa B D ^ BE, BF/BG, BH; d^ 
AD, ABf ASi AG^ AH \ ertt AH latusfigurt ordmata 
^ Uterssm cirettld i/^MfttSHist cujus frainde arvbitut^ p&AH, 
•rst circtdi circmmf9r9ntiA (b) minor, Secent re^a AD, (h) Ptp 
BEfe invkem sn K, iji^ trofter angulos EBA^ EAD Aquali' f*f*- «• 
^ mrasbtss infiftintes, (^ frmde (c) aquales, e^ angulum tS'^^ 
ad E comfttunem^ triangula ABZ^ KAE (d) efuntfimsUa.^ji* ij, /. j; 
posftde AB:AK:'.BE:EA. Et m triangub ABD.ci angulum (d) Ptr e^^ 




'¥BA:EA::BFrFAi (i^ FB+BAFA'.:BG:CAi &GB^ {f) Pe}' 
^A:GA::BJJ:HA, * • 3./. 6, 

Famarjam BA ~ 15*60 , eritque SAq ZZ 1433600 , & 
^^{'^radso(g)AC)~7Soi unae DAqZZOoS^oo.&DBq (g)Pif^' 
{iZZBAq-^DAq) S iSijloo. Stdy xbi^-ioi SS 13^1- i./.i/^ 

S ^V 



i 



l^if limmMd fikSd 

cumfcrifiihlUs , eujus fromd$ amhitHs irit^6LK, ehrtuti elf'* 

ft) P#r ' cumferenti4(t)maj^, Si kMipM eftendMmr p6£lC ttumrem ^ 

iod^ 2* quMM i^ diMmetri AB} J^£o etium cirettU feritneter ttutter ersi 

^^* qu^m 3 j ejufdem ditmetri. 

X p^ 6b tnanguU fifniUu (b) CEA, CAS, erit CE:EA::Cjt 

Ji^ 6. -^- ^^^ CA^ (c) i^; tr^» C£ 2=1 t EA» Et oS ttugt^ 

c) Primt. lum ACE hiftaum reBA CFt (d) er^ EC:CA : : BF: FA » 6» 

d) Fer cempen.EC+CA: CA:\EA: FA\ (^ permut.EC + CA: 
3»^^ EA :: CA: FA. Et eodem tnede cftendetur ejfe FC+ CA: FA:i 

CA:GA\ f^GC + CA:GA::CA: HA\ & denique HC 4- 

CA:HA::CA:KA. 
U) Trim. ^ofMtut EC ZTl ^oS: &H ECq ~ 9}^3^> & ^A (t^ erit 
,f> Pn * — if J . unde EAq'nri^o^,& CAai-TZECqi^J-^EAepl 
/w*. %• 91^1^ -^ »34®9) — 70*17. Sed vyoiif ~ i^^*, Br/^ 
f9fi^f» C A mtijer- efi quaen i6ftf^EC + CA mujer qukm (jo^ 
47.^1. 4* »6/S) 171. EtchnfuEC +CA:EA::CA:FA, (k^ 
(g) '<r f^ *^i^ £C+CAud EA (g) tnajer rutieni fji ud tfy^ 
S./« f. «rir (h) e^i^iff rutie.CA ad FA majer ruiiene fji ud tf^^iie 
(h) Ptrftb. eji , {utrttmque mttnerum mukifUcsmd» fer 8 ,) rutiene 4f^ 
il)"er*^* 13124.. StJttuptefonuturFAlZ i&H* ^<^ (0 CAimtjor 
jo.Lf. quam^f6B. 

tmm/M, Fmttttr^urFA^ 1214» «nV^e F^f :^ 1498176: £r 

^.7.Ax* CMm C^ impryiir ^nif» 4f68^, ertr C^^ i»4/i»# fiMw» 

W f 7 » 0866614 , udeoque CFq(tZ{)t) FAq + ACq) mujut erii 

^'* ' * qumm 1498176 -f 10866614, hoc ^, eptum 11364800. Std 

y 11363441 :r: 4729.* £r^ fc i«m^^ ^ ^iti 4729 , <$« 

JC+ CAwujor eptkm 4719 4*4^^8, bec efi, qukm 9197. 
2r citmfit FC + CA FA :: CA GA , y/r^ «• rattoFC + CA 
etd FAy major ratione 9197 adiitj^, erit etiam rmtie CAttd 
GA tnajorrtttione 9197 ad iii^, . Si ita^e fonatur GAZZI 
1 114 , erit CA major quam. 9197. 

FonaturigitttrGA^iii^f eritqtte GAqZ^ 1498 176: Ee 
chn CA major fa qttam 9297 , erf> CAq majus quam 
S6434I09 , adtoque CGq ZZ GAq -f- ACq)tnajus eritqttkm 
2498176 -4- 86434109 , hoc efi^ majtts quam 8793138/« 
Sed y 879181 19 m: 9377. Erio^ CG major efi quam 9377^ 
<i» GC + CA major eft quam 9377 + 91^ , five majer 
quam 18674, Et cumju GC+ CA:GA::CA:HAi fitaue 
ratio GC + CAadGA major ratione 18674 4^ 1214» five 
{utrumqtte dimidimde) ratione 9337 ad 611 i erit etiam ratia 
CAadHA major rattone 9337 ^ 6[2. Si itaque fonatttr 
JiA :ZI 611 , erit CA majar quam 9337. 

Ponatnr i^itur HA^ZZ 611, eritque HAq ~ 374/44 *Et curti 
CA mydrft quam 9337 1 erit CAq majus qusm 87 T79/69; 
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Ex Anhimdtl 175' 

IfM^H^ CHq (ZZHjfq ^jiCq) majus ^unfi^^T^^^ -^ 
Byiy^f6^yhoc eji^ajus quam 87 f 5-41 13. Sed 1^87 5*^3449 
tlZ 935*7. £ri^ Cti major eft quam ^^S7 » & HC + AG 
tnajor erit quam 935-7 4- 9337 • hoc eflf ^fj^^ qukm 1^94« 
£tcumJittiC+CA:HA:'.CA:KA j fittfSe rMtio HC + 
CA sd HA mujor ratione 18694 ^ 6\x,five (utrumqu9 
dimldiando) rutiaiu 9347 ttd i^ ; erit etiam ratio CAad 
KA nutjor ratione 9347 «1/ 306. Si itaqtte fonatur xAK 
five LK:Z 306, erit lACfive AB majof quam'^1^7 , (j^ 
ratio AB ad 9347 major erit ratione LKad 106 ^ t^ 
frmde, ratio 3^ AB ad (3^X 9547 ^) *937^y t major erit 
(a) rdtioui 96LK adi^^)^ 306^^) 29376, H£C autem uki'^ (^) ^^ 
ma efk ratiaaqualitatis , cUm fit 96IiC:^ 19376* Ergo 3J '^**/' 

AB tttajtr oft qukm 193761 s ^ froinde adhue major quati^ 
^9i7^ , five quam ^6LK. Ambitus ergo potygoni ordinati 
96 laterum ctrcuh eircumferifti • (^ muko magis ftrmtetef 
drculi ctu circum/cri^itur folygonum iUttd , minor eft.quam . 
l\ diametri ejufdem circuli. ^. £. D. 

» • 

'Bitu fHmid. Circuli pffimcter , dianlctri AB triplatn cx» F^. ^; 
cedit » quantitate majori qu^m )\ partibus ejuldem dia- 
mctrL 

^fta artus A V fexta pars iotius cfrcumferentit circularU i 
tS^ cmrimd Hf^&i^Uefiat are, AD t^ 1. arc, ^E ZI 4 ttrc, AF 
Sr S arc^AC ZZ i6arc. AH$ ^ erit arcus AH jg tethis tir* - 
eumftratia, Dmtantttr reBa B D ^ BEi BF,'BG, BH; ^ 
AD, AB, AFi'AGi AH } erit AH latusfigura ordmata 
96 laterttm tirtuid ktftrifti^is^ tujus frmde an^hitufy ^6AH. 
erit circttU tirctttttfmntiA (h) minor. Secent reBa AD» (b) ?«^ 
BEfe im/kem 'mK^ & frofter anguhs EBA ^ EAD dquaU» ^y '• 
btu atrcuhtts in/t/litaes, ^ frmde (c) aquales, e^ angulutft /S*^^ 
aJ E communemj triangtda ABEj KAE (d) eruntfim\Ua,(ji^ ^^. /, p 
froinde AB:AKv.BE:EA. Et m triangulo ABDyci angulum (d) Perttr^ 
B (c> bifeanm reSka BK, erit(i)DB: BA:: DKKAi ^ com- 9^ nd'. 
fon. M + BA: BA :: DA KA 5 eJ. fermHt. DB +BA: DA: l f^'^' ^ * 
BAs AK:: (frtMt}BB: EA. Et fari ratioeinio oftendetnr ejfe EB \^^ / 
+ BA:EAi\BFtFA\ ^ FB+^A:FA'aBG:C4S &GB+ {^' Pn 
BA:GA::B^:HA. * • 3./. 6. 

Fonaturjam BA ST 1^60 , eritque BAq rT 1433600 , & 
D-<^(r=rniw(g)^C)=Z78oi /i7k^# O^grr 608400, eJ^DB^" (^PiTtor, 
(IZZBAq-^DAq) S iSijiOO. Sedy ibx/^zoi SSi^f'» t>p.is.t^ 

S Erg9 
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tyj^ Theormstd fikSs 

tr^4 DB t$if9r tfiMtkm i^fi* & DB + BA pwur fthtf 
f i^^i ^ if6oZZ) 1911. ^mirerMtio 191 1 adj^, ihc 
ffi » {uirHmaftB rmmerttm per 100 muliifiicimdoy) rmh 
»91100 iU 7TO00 , mnjd^ ifi rmione DB + BA nd DA,fiv 
BE ttd MA. Si iisqtte fwntur EA — 78000 , eht BE mmm 
quam 2911 00. 

fonatttr igitur EA~ 7 8boo , eritque EAq ~ 6084000060« 
Et cum fitBE umor quam- 291 100 , erit BEq mmtts qttsm 
847}9xioboo , <^ BAq (^ B£f + BAq) minutftkm 
90813110000. ^f^ V^ 9081689062/ ZZ^oig^y. BrgoBA 
mitm efi quam 301 ^^f, (^ EB^-t^BA tmnor qukm (291 100 
+ 301371'") f ^i^^f. ^uure ruiio f^t^Jf ud 78000 , 
hoc e/i, (utrumque ntmterum dividende per ^^ft& qit^^ mde 
moi per 1 1 fuuuiplicando ,) roiio 200j'3 ttd 2640, rutmu EB 
+ BA ud EA, Jrve BF ud FA mujor erii. "$i ituqtte potttHter 
JAZZ^^^y erit BFminor qttstm 2005*3. 

Bonatttr igitur FA ^ 2640 , eriique FAq ZZ 6969600. 
Jg/ cim B F minorfii qukm 200/3 , erii BFq ttunus qukm 
402 1 22809,^^ BAq (~ B^q^Aq) minus quum 409092409. 
$§d y 409131/29 n: 20127. Fjrgo BA titinor tfi ^tkm 
A0227» e^ FB^+BA mtnor qttmmj^<yiSo. ^tture fmtio4^o%9o 
sd %6409 hocefi» (jtirumquedividendoper ^o^^ftfftosiud^ 
crtos muUipUcando fer 6,) ratio 6042 ad 396 majer efiruiiom 
JB-^BAadFA, five BQ ad GA. ^ itaque ponatur GAZZ 
396 9 erii BG minor quam 6042. 

Bonaiur igitttr GA rr 396, oritqtto GAq rZ t/68i6. Si 
CMW BO fii miuor quJ^ 6042 , erii BGq miuMs iptkm 
36/0/764, fji^BAq (—BGq^GAq) emmt» quikm 
36662/80. Sed y 3666302/ =60//. Erg^BA minor 4I 
qftam 6off , <^ QB ^' BA ttnnor q^tmm 12097. Stiaro 
roiio 12097 ad 396, hoc efi , (ucrumqmeJstpBcmtdo,) rsA 
24194 nd 792 ntaj» efi rattem GB-^BAad GA, fiv$ ra. 
tione BH adHA. Siiiaquopmnur HA:z: 79% * erii BM 
minor qttam Hi94' 

^msoiur igitur HA = 792 , eriiepa HAq =6x7264. » 
aim BH minorfit qukm 14194 , mi BHq mvluts mtam 
5^8/349636,(^ BAq(—BH^HAq)mimuquam /8/976900. 
^ V 5^8/978^49 = 14^07- Brgo BA tttinor ^ quam 
«4207 , & raiia .AH ad AB tmtjor erii ratioue 792 ad 
^4^07 , five (utrumque dtvidendo per.^,) tttajor, rniione 164 
ud 8069 i & protnde ratio 96 AH ad AB majer erii rs^ 
tfMM (96 X 264 —) 2/344 ^ ^069. Ei quouiam (a/344»' 
i»*) »«HX«/«P«^« (^fii}^>five) 8069 X- 37?i «^ 

(a>r#- 



Ex jirdmfede. 

(a) rntto 
0uU rstio 

/iv0 ambUus folyg<mi chrculo infcrlpti , (J» frotmU csrcuU dfcum' ^^) F«r^« 
fcrtntia cui mfcribitur » mujor erit cftam 3^ dimtHtri AS* 6jf.i6M^ 
J^. E, D.] 

Qgod n ad potygooa plurium adhuc laterum Geomctricum .. 
ratiocinium vetimus cxteudere . limites jam (htucos ar^re 
poterimus magis magilque iine termioo , atque ita propius 
m in^itum ad yeram propostionem accedere. Praellitum 
eft lioc a Lodo^ho a Ceulen, Grimbergero » Metio , Snd- 
&>« aliiique. 

[Gam Muttm tmigms irMdmim 36 ni 10 JsiB» , ^/«r ftntit' VuUFk^t» 
gotti circumicripti i ^pm^sgradmm 361» 10 duBiu» du 
ftfHMgpm inicripti f mt m trum : Chn etismt cms/smiiiter , tmt" 
imtsfftadus dmidii inj lo duSU » folygom Imtrum ^^60 cir- 
camUTipti , e^ fimu grudus dimiMi in y 10 du^s ». foh^gtam^ 
htttrum 360 infcripti ftrvmtrttm txhibtat $ MtMse tta forro 
in ittfimtum $ Ohfeuntm efft mqsttt quofttBo e dmis jamfi- 
nttum m^ tmtgtntium tubtmst numtriftqHtmts invmiri fttf 
rttm.l 

ProportioDet praecipoas ]ia6benus ioventas hic (ubjicio, 

Prima eft Archimedis, hnjurmodi: 

Diamcter 7. 

Circumf» aa» major vcrl. 

Diametcr^i. 
Circumf. aaj^mioor verl. . 

rNii»« = 3^,6*J|=3FfJ 
Rattooes aa. ad 7 » Sc 123. ad 7 1 , ii ad commune conft* 

queos r^ucantur 9 (quod fit eodem modo, quo fra^^iones rc« 

vocantur td eundemdenominatoremOratiooesoricntur ly^a, 

«1497. & ij6i,ad 497. 

VoGxi igitur diamctro partium 497 % , 

«rit circumfcrentia major verd 15-61. 

& circumferentia minor verd 11*61. 

Utraque igitur a veri differt quanticate minori, qdim fik 
t 

—^ pars diametri. 

4^7 *' 

Quodfi ratiooes 7 ad aa, 8c 71 ad 113 reducantar adcom- 

mune confeqaens^provcnient rationes 1/6 1 ad 4906, & 15-6» 
«d 4006* 

S a Pofiti 






27^ TbfMtMtd JeleOa 

Pofita igitQT drcumfereotii partiam 45>otf' 
er it dia meter minor verd i f 6 1 • 

diameter major vcrl if6i* 

Utraque igitur a veri diametro difRart quantitate minocis 

t 
guam (it pars ■ » ■ ■ circumferentix. 
4906, 
Proportio tradita a Metio eft Archimeded multoaccuratior* 
Jnxta faanc eft 

Diametcr iij. 
Circumf. ^ff. 
Inter omnes parvis numeris con(hintes , nulla verae propio* 
qoior: ex hac cnim» po/icsl diametro 1 0,000,000, provenit 
circumferentia 3 1^41 5*1929, qux a vera {6\iim penes notam 
primam 9 differt excetlu paulo majore , quam fint duat parti- 
cuke decimiliioncfimae diametri. 

Sed ntracpe molto cza&ior eft gemina illa Ludolf^ a 
Ceulea : prioris tennini conftuit notis xi , pofierioris verd 
OOtis ^6. 

Diameter 
100,000000,000000,000000« 

Circnmf. major veri« 
3i4,if9i6f,3f8979,3i3847. 

Circumf. minor ver4 
3 14,1 f^i^jr,^ 5-8979,313845. ^ 

Difierentia utriuique circumferentix eft particua una afa* 
metri , denominata a numero , qui confiat unicate dc 10 cifris; 
ac proinde tam haec quam iUa a veril circumferentia diftrt 
minori quantitate quiim fit diametri porticuia di^ » vidclicct 
centics miJiionefies miliiondks millionelima. 

Diameter 

1 00000,000000,000000,000000>000000j00e000« 

Circumf. major veri ' 
3f4X5'9,i65'35'8,9793i3,84J5i64,3383t7,95'oi89: 
Circumf, minorveri. 

Differentia utriufque circumfcrentiz, inter quam vera exi- 
ftit , eft diametri particuk una denominata a numero » qui 
confiat unitate & 3f . cifris, quae particula ad diametmm,mi- 
norem habet poportiooem , qdim arenula una ad orbem ter- 
rae. Non enim confbt OKbis terrae tot arenulis , quoc conti- 
aientur particulae tales in diametro. 

Fruflra i^tur iit ulterius progredi. Progrediere nihitominns 
ultra in in&itum , fi ratioanium Oeometricum , cujus me- 
^bodBn cxpeditam tradit 5n«llius> pbcuerit continuare. 

[P«&^ 



[Vifiti verl Orfumferentta farthtm 

f »000000,000000,000000,000000>000000j OOOOOO9 

Diametir erit quamproximt» partmm 
0,^18309,886183,790671,5-37767,916745,018724. 

Corol. I. Citm in numirirminus aecuratis y fit eirctUi cir^ 
etemfirentia ad diametrum ut i^ adj i erit circulus in ejufmo' 
Ji n$emeris ad quadratum infcriftum , ut 11 adjy ad quadra* 
tum circumfiriftum ut 11 ud i^s (^ ad radii ^uadr. ut 11 ad 
7. Seeptuatur kdc ex cer. 1. frof. fraced, 

Cor. x. Cumveroy in numeris accuratioribus ^ cireuli eir^ 
eumfereiiitia fit ad diametrum» ut ^sf ad 1 1% ) erit in iifdem 
numerisy cireulus ad quadratum mfcriftum ut ^ff ad ii6i 
sd quadratum cireumpriftum m ISS ^ 4/^ ^ & ^ ^^ 
quadratum ut ^ff ad iii» 

Cor. 3. Si autem fre circumftrentiA fmatur unit^s ctem^ 
quinque cifris annexh > erit circulus ad quadratum infcriftum 
ttt 100000 ad 63661 i ad quadratum circumfcriftsan ui 
1 00000 if^ 117314 i fji* ad radii quadratum ut 100000 ad- 
31831 eirciter. • 

Cor. 4. Si denique pro diametro fonatur ttnitas cum quin* 

que cifris annexis j erit circulus ad quadratum mfcriftum ut^ 

15-7000 ad icoooos ad quadratum circumfcriftum ut 78740 

ad 100000 } d^ ad radti quadratum ut 3141/9 ad 100000, 

fere. 

SchoUttm^ 

PRoporCiooM jam traditc fru^s exiiDii « fiint Iii qui 
fequuntur. 

Iftventio Diametri ex circttmfcrefttii. 

MAjorem tcrminum unius ^ proportionibus jam tradicis 
ftatue primo loco, minorem fccundo,circumfcrentiam 
tertio; his tribus numeris quxratur per regulam aureamquar- 
tvs proportionalis. Is erit quzfita diamccer. 

Uc u detur circuinferentia maximi circuli tcr^z, milliaria 
cootioere Be]gica unius borx 8640, ^ quaeratur tcrrse diamc* 
tCTi iic flabunt termioi : 

moltiplica jam fecuodum per tertium , & produ^him divide 
pcr primum 5 provcniunt miUiaria Belgica ^lS^x po dia^ 
mctro oibis terrx. 

[£nare videt^ nofief , etrcftmferentia terrefiri mUUaria 
Mgica 8640 trihuendo, £x dimerjjone SnelUi , amlnttt* terr€ 

S 3 mdf'. 



tyS Th^mmdta feleSa 

tmliUriiC^lgicM 6840 commit^ uti Mfttd VArmMtm vtitrf ifi% 
fro quibHt Tacquitus 8640 milliaria fofmt^ mmerum etntfnu' 
tium (^ millensrium ex mcuria trMnfpwmio, Mx vero igttur 
tmmero SnelUano , tyronibus exerctta$ioms ergo , ecmfutum d§ 
novo inflituendi frdhetur ouafio.] 

Jm/entio ciretmjercmi^ ex Diatmtra^ 

TErminufl minoruimis c proportibnibus (ufn-a traditis f!a« 
ttutur primo loco, major fecundo, diameter nota tcr« 
tio : His tribus numeris quxratur «jaartus proportiooalis. If 
dabit quae(itam circumferentiam. ' 

Ut li detur orbis terrae di^meter coatioere tnilliaria Bdgict 
imius borx ^7fo\t, fic quaeratur ambittts i termi&i ita 
fiabunt. 

Tunc ieaindum mulTiptica per tcrtium , H produdum di- 
▼ide per primum : provenient miUiaria Bclgica 8640, pro am^ 
bitu orbis terrx. 

^ Quam modice hsec circumferentia Teram cxcedat , di^m 
cft fupra, czcefTu ▼idelicet paulo majorc, quim fint diam^ 
tri tcrreftris dux particulae decimillionelimx, hoc cft , 9 cir- 
citer aot 10. pedibus Rhynlandicis , quorum 18000. cooflik» 
tuunt miiliarc norariumii Quod (i utamur proportione Ui- 
d(dphin& ctiam priori, cujua termini conftant ii. notis ; ia» 
vcnictur circumferentia inieniibiiitcr a vtri diHcrcns, qoa 
^li^m diamctro dati milliariorum Bclgicorum a^fo. qualig 
ieft terrzi verOm ctiam , lic^t diamcter ponatur ccntmn m^ 
lionum corundem milliariorum , ^uaiis §onzffc cft diamcter 
firmamcnti. Hac entm pofitd , provcniet circumfcreatia 
minori quantitatc a vcra dificrcns , quam una ccritiraillione- 
fima particula pcdis RhTnlandici. Qu^ ii , ad invcdig^ndan 
circumfercntiam orbis terrae, utamur proportionc Archimt- 
dis, intcrvallum circumfcrcntia!rum vcrd majoris ac miiiori& 
cxcedct 1* milliaria Belgica. Non cft igitur adhibcnda Ai- 
chimcdea prqportio, nifi in quantitatc parvi : imo fcrapcr cx- 

pedict Metfana uti , quae dc modicis confiat tcrmioi^^ fldf^ 
^uam millics exz€do£ cft« 

GrcteU Jie^fetefibi 

SEmxdiamctcr multiplicata pcr dimldiam cffcumfereBtiaai 
producit aretm drciili : quemadmadiim paiet ex corolL 1, 
V. ^. hujtu. 



Ut fi ieintdiametram orbls terne, qtix negfc^i fradioni 
coatinet milliaria Belgica 13751« multipliceraus per dimidi- 
um terrae ambitnm» per miUiaria nempe fielgica 43201 pro- 
ycni^t miUiaria Belgica quadrata f , 94^000 pro circulo 
mazimo ternr. Dii&entia invcntx csrcularis arex a vcrA 
liabetur » fi di£(erentia inventac circumierentix dimidiae a di- 
midii veri, ducatur in iemidiametrum datam» ^ut fi dif!c- 
tentia iemidiamctri invcntae a verd> ducatur in datam iemi- 
circumfecntiam. 

[Dimeofio U&oris circularis AEBG (vel AECG,) r^, id 
ex dacis tadio circuli A£ » & arcu fe&oris 
EBG (vel ECGO 

FlMt, ut 113 Md ifft ita (z) fimiMametir Jdta adfifmctr' fa) /«r 
atmfirmiam drc$tk: dtindttUt gradHS 360 adgriulHs ar» if.Af* 
tu$ dati, ka (b) femkmumftrmiia jam invmta , ad arcus ^^/^ 
[t^ms dimisRum £B, {vtl ECi) quo in radium datum du^o, * 
(c) txorietur area fe&oris qudfiti, (c) Ptr m. 

£r , fi area trismguU reBi&nei AEG , feSon maftri uiBBG yp.^km- 
mddatUTf {vil a minort AECG fubducatun) habeiitHr chrculi J^^^&f^ 
fegmmtum majus EDGB, (velmious EDGC.) jlrea voro ifiius ^* ^**' '• 
^riauguU (d) eft rtaang. AOy^DE, Eft autem ED (e)fmus^ (d^Per^. 
& AD cofmus arcils EB (vel £C.) E» datis itaque fegmenti {Jp„l^ 
arcu ^BG{vel ECG)(i» ha/l EGivel ex datis radio EA &64fi tl/^^.^ 
jEGi vel dtmqut ex radio EA f^ arcu EBG (vel ECG',) invo- m. Lpi |. 
^hmmr ED ^DA^ ataut adeo area trimigu& EAQ. Verum ^* %• 
bae fttiiu trigpnmtttria ftttnda fmu»^ 

JXmtttfio CjUndrmm rfr OwnrunU 

EA M fatc appoQo, qudd a circuli dimenfioQe pendeat Of« 
tindrus sgitur & priihia quodvis produciturex akitodine 
inultii>licat4 pcr bafim : Coous 8c pyramis ex tcrtidakitudinlt 
parte in badm du£ll \ funt enim partes tcrtixcjlindrorumac 
prifmatum , candem cum ipfis bafim £c altitodinem habea* 
tium» per 10. 8c 7. U 11. 

Sit hstiss Cylindri aut coni f o. ped. quadratorum , altituda 
tiedum 100. Duc 100. in fo, proveniunt fooo. pedes cu« 
oici pco fbliditate cylindri. EHic tcrtiam partem altitudinif 
100 , nimirum 33^ in 50» proveniunt i666| pedcs cubici 
pro fbliditate cobL 

S4 [Di- 



sSo Theorematd fil^d 

1%. 14- [I^imenGo Coni truncati N QR O ; cx datis bafi; 

bus parallelis ZZ , SS , & altitudine V D. 

AD hoc prohlema folvmdum , /e;^m« fequens frdmktatur: 
Ut cft dlflfercntia radiorum oui funt in baiibus» (N V 
— QPO ad radium minorcm (QDO ita cft ahitudo c^ 
truncati ( V D ,) ad ^ altitudincm partis dcficicntfs ( D P.) 
Du,^d enim In triangulo NVP, re&a DI ad PN parMlleid, 

(t) Ptr erit (a) K|: /N: : VD: DP. Sed propter paralielogrammtm 

%.i.6. N/D^, ( b ) «/1 IN — ^D , & fromdt VI S NV^my^ 

(b; Far ErgouqHet propofitttm. 

^^ '• Datis itaque tribus prwrihus , invenietur qustrta DP , MUitm- 

do nempe partis dejicientis ^PR, cujus aUitudinis pars tertm 
h bafem SS duSia,daSit pMrtem silam deficsemem ^PR. JD*- 
inde pars tertiareSiarum PD -4- DV, five akhudmis com cott^ 
flet), di^M m bafem ZZ, dabit conum eomfletum NfOi m 
qwifi fubducatur fars dtfifiens ^P R , reltnqmtttr cmus trtm-^ 
catus N^RO. 

Porro notandum eft , hanc demonftrationem non mmks iu e&ni 
truncati fcaleni , nuam in reBi dimenfime valitutam , tul es; 
iis quA Je pyramtdis truncat^ dimenfiont m libro element9rtm 
duodecimofcripfimus, fatis patet.} 

, PROPOSITIO VII, 

fi.4.& £^Irctilorim peripherU eam ittter fi frtpmhnem 
j.uix. ^^ habemj qtMm didmetri y [(ivcradii.J 

Nam polygondrum fimilium circulo fme fine infcripti* 
fc) ferw. ^iliun» ambitus funt intcr fe fcmpcr ut (c) diaroctri AF & 
y.^.r./.». IC. Sed hi (i) ambitus in periphcrias ddfinunt. £im 
(d)^ ctiam pcriphcriac funt im^ fc ut diamctri. Quod crat Se^ 
g« *9«*- monfirandum. 

PROPOSITIO VIII. 




d^alis perimtr^ b^$ 

prifm^iica^ 

t. Far<4 



Ex Afxhimeiki * %\i 

i. Ptfs. Prifmatis confcnpti fuperfides tangit eylijidrttm 
ficundi^m iincas £A, NF , &c. qux funt cylindri latcra; 
hatc autcm (qu^ cx hyp. cylindrus iit rc^us) ad planum ba- 
feos rc^ (ii) iiint, ac proindc ctiam (b) icda ad iiiicas CG, (,)p^ ^ 
GM, &c« Sunt vcro ^ aequaba inter ic. Igitur unum cy- 3. u n.^ 
iindri latus communis cft omnium rcdangulorum CO, OM Jf* *•'• "• 
MH, &c. altiiudo. Confcriwi igitur prifmatis fupcrficies ^}^"^^^ 
^uatur (() rcdangulo iub amDitu bafis prifmaticae» & prif- ^^^Pjmimi 
snatis icu cylindri latcre contcnto. i, /. d» * 

Eadcm eft ratio iccundx partis. Namktus cylindri [JBi>> 
t;W IIC, t/W ® P, d*^.] communis ruriiim cft altitudo rcc- 
tangulorum BUIK, KIQP, ^c. qu« conitituunt fuperficiem 
pilmatisinicripti, 

PROPOSITIOIX. 

PTramidis enUnatd cono reUo chrcHmfiriftA fitper-^ ^i^^y^ 
jkies > aqHAlis eft triangulo , cu^Hi bafis eft bafeos 
fframidaUs drcumfcreusia {FHLV^y abiifsdo amem 
lofMsam (BG.) 

Et fjramidis ordinata cono reSo in/criftafitperfkiei * 

aijtuuur triangulo ; cujus hajis eft baftos fjramidaUs 
circumferemia , altitudo vero ferfendicultois (fiO) 4 
vcrtice in latus bafios deduSia. 

I. PtFs. Ducantur ad conta^s G. K, M ttStat BG.BK,' 
B M. Erunt hae re£^i coni ktera , ac ysovoic atquales. Et 
ttiia axis B A {d) re^us eft baiis plano FKD , etiam pjanum 
(Ir) GBA plano PKD redum erit. Atqui HG pcrpendicnk- ^ " 
ris (/) eft ad AG cofftmunem fc^onem pknorum FKD & (i\ Per 
GBA. Ergo HG ctiam {g) rc^ eft piano GB A, ac pro- it.Liu 
snde perpendicularis quoque eft ad {h) ip£im BG. Eigo GB (f) P*" 
htus coni erit alticudo trianguli F B H. Eodem modo ktus ]\'^^ 
cooi cri^ altitudo reliquorum HBL, LBD, &c. Igiturtrian- „^!^ 
goinm circumferemiil FHLD, & latere coni comprehenfum ^ ir. 
(f) ^uatur fuperficici pyramidis circumioiptas aUquc bafi. (h)P<r^, 
Quod crat primum - S; '• ' '• 

%. Partis iimilis fcrc demonftratio eft. uti^^ 

[foiuitmr iatera iMfeot mferiftd fyrnmSt ordinata , Int^ 
rUms ckmm/eripta paraUeini (^-/ec^ latm Clflmmm GBA 
h O , ^jungatur OB , erit^ CL m4 fianum AOB (k^reBOf ,^x ^^ 
-^ fromda fSsis 40 , BO , « centro bajnt & n vertiee 9. /, ,|. 
mt Jh^ (1) forfendicularis, Sed omnes ^ufmodi reOa {l)Ptrde^ 

S f AO l.4««* 
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Ex ArthimJe. 283 

'Scholiam. 1. Chm pr^ftfitmes 4. fiquentts > <^ quidmB 
§ cerolUriis indi deduBis , rattocimo uliqjMntum frolixiori de* 
minfireuturf fji^ e^ordine diffemntur » ut neeejfurio fer amhi^ 
get frocedtudttm ftt i ofus tironihts buud iugrtitmn me fuEkuf* 
fum ff9r0y fi frofofitiones tlUst unk asm emmkus earum co* 
r§UmiS9 metUdo nuturuU (^ exfeditA, ex huc frof. 10. di*^ 
^etxertm. 

CoroUaria ex priniS parte prop. 19, 

iTJTncfequitur^ Cffmdri reBifuperficiem CD , dquuri roSiun^ f%« |, 
trl pUo fub CB^ lutere iylkdrit & BS Sufeos ferifheriu. 
Sufefficiet enim trijmuttsm cylindro fine fine circsmfcriftorum* 
tufuuiet femfer (a; funt reHttnguUs fub lutere cylindri & bufium («) r«p . 



fuferjScies cytindri dquatur reBmguiftsb lutere cyUndrit &f'eb ^ kt^. 
bujeos ferifheria. ^^ K^r. 

Atiter. AffUcetur ud fitferfiaem cyUudricum churtu reBttf^ >• ^^^ 
gulUf ultitssdinis cyUndri ultittsdini daualis » <§• ^/»/e«/ qus fe^ 
rifhrrid bufeos (ylindrscd dquetur \ ct tnter fe congruim churtu 
Mtqstefuferficies cytindricu: ideoque {e) squtUes funt» (ffictf. (^^fermi 
l^fr^feq-) '* 

%. Hinc reUmngulerttm frofrietutesfuferficsobuscyUndricisree» 
tis couveniunt , fi fro redungulorum ssititudinibus fonmUttr i#* 
ters cybudrontm $ c^ fro bufibus, cyUudrkurum bufium fori* 
fbtrid , vel etium qssandoque, dismetri » qtt4 esmdem ctem fori^ 
fberus frofortionem{f)lfmbent. Jtdeoquo 1. CfUadrics fisieifi' (f) Pcr 
ciet dquc sUd, (g) funiinterfo ut bufutm dimuitri* (Efkcor. J^^^ 
X.fr. req.) a. ^d bufes hsbent dqudles, fum(h) interfeui /^fS.-; 
eykndnrtsm Uftoru. (Efi cor, ^. f. feq.) $• ^^fitnilesftustf j^^^ '* 
(i) ertmt in dufUcdtd rutione diumetrorum qud in bifibus (h)Pert§r: 
futtt. (lEft cor. 4.. f, feq.) 4. Bt qudUbet , (k) funt mtorfe \»t' ■•^^ 
f» r$timi comfefstu ex rutienibus laterum > <^ diumetrortmt fK^^i ^ 
JBfi ar. f . ^. 1 1 .) y. Si dquulesfintt (J) ricifncmet Uteruiii^ *«« ^' 
UdfiHm dUmitros 'y & fi recifrocent, dtputks funt. (Bfi cor. (k)Per 
6.f. II.) 6. Si Utus m bdfeos ferifhtrimie dsecatur , (m) h^ 23. /. & 
Mitmr fstferficiei tyliudrud ureu. (Efi cor. 7*jnf.feq^ (U ^*^ 

3. CyUndri roBt fuferficies CD, efiad bufsm BN, ut ejUu- J*\p^iu 
iri U^ut BC ifi ud BO , quurtMm furtem diumetri bttfois. Eft y^^Zu 
emmfttfirfimt cyUndricu ( n) dcfMXis re^m^ulifkb imire BC (n) Pit m. 
6* ferifhiriA bufees. sed bufis cytindri (o ) dquutur roBdugur >• frim. 
kfitbaq ^ptmttA fttrto dimitfi bufeot & itUem firifhorii: Y^f^^ 



l8l Thearmaia fiU54 

AO k tenfr^ mJ aitoMs ^sfioi fefyg<m£ orJinatd UtUs* fer^ 
r») fgr ftndkuUres , (a) /unt dqHaUs > o* fromdo m amm^s trmn* 
14. i^g* gftiis BAO t frofttr axtm BA ctmmtmtm (^ ttd fUmm 
W ^«r hnftts nHum » c^ cmnia Uttrtt AO fihi hruittm dqusktt, (b) 
^^^' trtmt ttimn tmnes rt£l4t BO mhms. Omnitt fjiMr trUtt' 

rttU t^4t fjrtimiSs infcriftd fitptrficitm ett^ittttmt , dtptttUttt 

bdkent dbitttdinem > tumpe ftrfendicttUrtm BO 9 tt cttjttfuis 
ic\Pdtetm trimtgitli vtrtiet B dd bdfem dtmijfd ; ^^ fimttl fitsnftd (c) 
P.A6. dqttAtntttr {hoc tfi » fttftrficitt fframidis cono rtSh infirifts 

dtpttt^ttr ) tridnptto > cttjus kdfis efi hdfeos fjrdmidttlis in/crif* 

td tircttmfrrentid » (^ cttjtts tUtitttdo tft ftrftndictdarit Bq. 

^Mod trstt dlttrttm. 

Aliter. GSm» tridt^gttU tpu fyrdmidit inftriftd fHftrficiem 

comfottttnt , tro bnfihttt hdbtdttt dtptstUd folygoni ortHndti , ^tod 

ki^ coni in/criSitttrf iattrd , tjt fro crttnhnt dqttd&d coni ro3» 
(4) '<^ Ittttrdi trUnguU ifid erttntfibi mtatt^ dsptilattrd , (d) dftime' 
^*^rtr i^* & (cumfilimuttt^tmfofita (e) cmgrudntf) dkitndms 
(*) Y^ ^ dtptaUs. Undt ut frius , trianguUm ttuod contintiur fuh dltitif 

dmo cotrttnttm , t^fuh hdfi epta omnitus triangultrufn hafihut . 

/rcw eptd forimttro fohfgoni infcrtfti dtptttttTt triangu&t tfnttfiv^ 
(t\r£tettu ty^^^^^ infcriftdfuferficiei (f) dqudlt citr.] 

PROPOSITIOX, 

SVpeifcies pri/matis wdinati cjUnJrc re^circfttm^ 
firipti Jefimt (g) in nltndrt fitferjUiemi& ff' 
C^>^ tmt^dU ardinttt^ cmm reSo circttmfirifttt fitperficies 
in cmts fitperfitiem defimt. 

1^^^ 1« Pars. Prifmatiim ordiMtomm cyKiidro fine fioe co«* 

finiptonim 8c inicriptarum fiiperfictds » habebunt tandem 
loter & diflereatiim datd minorem , uti fkcile patcbit ex 8. 
& |. bojut. Mnlto igitur magis iiiperficies circamfcripti 
primMitis a fiiperficie cylindri» mter iaicriptam & circnm* 
icrqicam medU, difiret difierentii minori quacunqoe dati* 

Aiip i^ '^ ^' (^^ definit In cylindricam iu paficiem » miaib ftmi*^ 

SX w. pcr ac miaoa excedendo. 

i%. 7* ^* ^^* Eodem modo ofteoditur ex 9.^ dc 3 . hujvs. 

In figuristantikm exhibentur cylindri Sc coni (emiilb» ne 

' nokitudo lineamm confufiooem pareret. Cxterum cogi- 

tmdl fiint cyHodms & cooqs integri , ^ooa prifmata 8c 

pjfamides circomiar^t» ambiunt. Sic eaim darijis appap 

ret plaaas ibperfidea circomicripcis e0b majom cx s« tcop 

[Scbo^ 



Ex Anhimede, zt^ 

Schoiittin. T. Chm fnfopuoMs 4. fiquefUts % <^ ^uAittm 
9 cmrolUriis indo deduBls , rMtiocimo uUqHHntum froUxiori df 
m^ufireuturf (^ otfardim diffommssr » ut neeoJfMrih for umkih' 
gos froeodiudotm fit i ofus tironi^s bmtd ingrMtum mo foBw 
rtmo fpirOy fi frofofitionos tUusf tsnk etsm ommksss esarum eo» 
folUritst motbodo nMturttli d* oxfoditAp ox huc frof» io.it*. 
^otxotim^ 

Corollaria ex primS parte prop. io« 

iTJIncfe(]uiturtCyImdri roBifuforfiaem CD , dtptMri roBun* f%, |, 
CjL guU ftsb CB lutero cytindri^ c^ BN ki^eos forifhoriA. 
Sufrrfiekf emm frijfmMttsm cylindro fim Jlno eireutitfcriftorttm» 
MMUMios fomfer (a) fune reBunguUsfub lutero cylindri & bMfium («) Ter • 




fuferfcies cylindri MquMtttr feBMnguHfub iutero ^lindri, &f^ 9. ib^. 
^^eo/ feriffjerid, U) Per 

AUter. Jifflieotur ud /kferfldom ejlmdricMm chMrtu re^it/h >« ^^^ 
/iiiii, Mltitttdinis cylindri Mkitudhu moumUs 9 C^ ^Mfeos quM fe* 
fifheriM kufoos tyiindncM Mquetur s ^ intorfo cmijgruont churtM 
Mtquo fuferficies cyiindricM; idooquo (je) MmMhsftinc. {Bficof. (0^^ ^ 
l.fr.foq.) ?•'•*• 



ft. Hisf roHunguUrum frofriotatosfuferfciohuseyimdricis 
tis couvemunt , fi fro roBMnguUrum ultitudinihus fonuntur iso^ 
Oors cylmdronsm \ (^ fro imfihus, eyUudricurum kufimn fm» 
fhortM » voi otiMm qssMndoquo, dsmototri» qtt4 osmdim cttm fori^ 
fhoriis froforticnom(f)ffmSom. Ado§ft§ i. (^imdricM psu^ (f) Pgo 
dosMquouitM, (g) funtimorfo ut bMJusm diMtuotri* (Efticor. r-H^ 




kMfitsm duimotros i <^ fs recifrocont , M^tMios funt. (Sfi cor. (k) Per 

6.f. II.) 6. Si iMtus m hMfeos forifheriMm ducMtur » (m} int' 2;. /. ^ 

Mstttr fttforfidei nUudricA mtom. (Mfi cor. 7*frof.feq.) (0 -^*^ 

3. CyUndri roSi fuferficies CD, ofiMd bafm 5N. ut ^Uw JJjAific 
iri Utttu BC ofiMdBO, quurtMm fMrtom dtMmotri iMfoos. Efi /.94!/. k 
onim fitferfidts cyUndricM ( n) MqfUUs roSiMUguUfith imoro BC (n) Per m. 
& fonfhoriA ktfeos. $od ks^ts cyUndri (o ) Mqustur reBMugur l'f^ 
iMfithBO qptmrtd furto dmtttiiri iMfeot & oidm ferifboridi W/*f^ 

^uMro '•^^•**' 



l8l ThearimntM JibSd 

AO k €entr9 Md amdvis SsfiM fofygom erdhms Imns- fer^ 
fft) fjr fendkulMtts > (a) jwu dipiaUs t o* preinJe m emmhts srmn* 
14. t^» pfiis BAO » frofter axem BA commwiem fjf» Md fUumm 
W^^r Snftes reBum » c^ emnU Usera AO Jt6i ixvicem dqsuM^ (b) 
^4i» ^^^ friigffii «I9w#i re^« BO dupales, Ornma i^tsr trtMm- 

9uU iftu fyramidis hfcriftd fuferficiem eee^utmt , aepssd/em 

loakone akuudincm » nemfe ferfendiculartm BO » a cujufnts 
ItX^atetm trimsguU vertice B ad bafcm Jemijfa j e^ fimid fismfta (c) 
9*^^ aqssahunewr (hec efif fisferficies fyramlMs coae reSto infirifea, 

aquakitttr ) triangtde » cssjus hafis efi hafeos fyramidaUs infcrif* 

ta ehrcuntferentia , <^ cujtts altitttdo ifi ferfendieuiaris Bo* 

^ued ersu aitenmt, 

Aliter* (An triangula sfoa fyramidi$ inferifta fufeifidem 

eomtensent , fro hafihus habeam acjfsaUa folygoni erdinati , qssod 

hsffi com in/criSiturf laeera , eie fro cruribm oquaBa ceni reSe 
(d) '^ laterui triangula ifia ertsnejihi msUiso atptilaeera , (d) jfwiAi- 
^^1L itiUf (^ {cum fili muttih tmfefita (e) cengrunnt^) altittidime 
iQ\^ ^ ttfuaUs. Unde ut frius , triaagulum auod contmemr fuh aititee^ 

dtne commttm , ti*fuh haji qua emmius triangulerufn hafthue . 

fivo fNM feritneteo fofygoni infcrifei aquetttr^ trianguBt ifte^fiva 
(fiTMm tJ^^^"'^^ infcriftafufetficiei (f) aquale cm.] 

PROPOSITIOX. 

SZ^perficies frijhetuis nrJinati cjUnJrc reBecirctem^ 
Jcrifti defitie (g) in ^lindri fuperficiemi& ff' 
S^>^ rmttdjis erdhtaiie cona reSo circtPtefcripta Jitferficias 
in cmei Jiferficietta e^fmit. 

1^^^ t. Ftos. Prifimtam ordimtonxm cyKodro fine fioe coft* 

£ariptorum & inicriptarum fiiperfict^ , habebant tandcm 
inter ie dififereatitm datd minorem , uti facile patcbit cx 8. 
& |. faujus. Mnlto igitur magis iuperficies circomicripti 
primMtis fiiperficie cylindri, mter iaicriptam & circnmH 
icriptam medid, diftret diflerentii minori quacunque dtt4« 



i^p «« iioc eft, {b) definit tn cjlindricam iuperficiem, min^ ioa» 

Sl »• P^ ^ miaua cxcedeado. 

fi^. 7* ^* Ptfs* Eodem modo ofteoditur eic 9» Sc 3. hu/ns. 

In fieuristantikm exhibentur cylindri £c coni iemiilcs, ne 
sanltitudo lineamm coofufiooem pareret. Cffterum cogt- 
tandi fiint cyKndms 8c cooqs int^ » ^oi priifData tc 
pjrrtmides drcomicrfpt» ambiuttt. Sic enim ckri&s ^pti» 
rec phoas fiiperficieB circnmicripi&s cfio majoros ca %• eac^. 

[Scho^ 



Sctioliuin. I. Cttm frofofitimis 4. fiqHifats » f^ quAdMm 
• cerolUrsu md$ dedu8is , ratiocimo fsHquantum frolixim de* 
monfirmtsirf & o^ordine diffoimntMr » ut neeiffkrio fer t^mbi^ 
gts froctdnsdtim fit % ofus tiromhus bmtd ingrMttrm me foBtO' 
rttm fffroy fi frofofifwms tlUs^ unk cum omMus carum co» 
foiUritst metbodo ntnuruli ^ oxfeditA, ox Im frof. lo.if-, 
^ttxortmm 

Corolhria ex primS parte prop. 10* 

it Xlnc ftnuitur^ cyBndri roBifuforficiem CD , dquJtri roBMt" JF|(, |« 
LI gulo fub CB^ iutero cyUndri^ 6" BN kufeos ferifherid. 
Sttfetficiof emm frifmutum cylittdro fine fine oircutt^criftorum, 
dtqtmies femfer (a; ftmt reHunguUs fub isttere tyUndri & bttfium (t) Ter . 
fHfmuiicuntmfertmetris* Sed ejujiuodi fuferficies frifiitttticsin 9»Mm,* 
(b) fuferficiem cyUndricitm » (J» ferimetri hafium frifmnticitrum ^^^ . 
m (c) ferifherium bafeos cyUndri tftdem iifmunt. Ergo ( d ) \^f^* 
fuferficies cyUndri dtquatur reB/tngtH ftib iiuere cyUndrit ^fub «. ki^. 
tujeos feripiHrid. (d) Ptr 

Aliter. AffUeefttr itd fitftrfiaom cyUtUricitm chartu foBmik- '* ^^^ 
gtdM^ ultitudinis cylindri ultitttdm aauMlis , <^ bafeos qua fe* 
fifheria bafeos cylindnca aquetur i <^ ittterfe congruont ehartit 
Mtquefuferficies cyUndricu: ideoque {t) aquaUs funt* (ificor. («)/*•* ^ 
Ufr.feq.) ?•'•»• 

ft« Uinc rtSiangulorum frofriotmet fuferfidobus tyUndricis fto^ 
tis couvtniunt » Jt fro nHangulorum ultitttdinibus fonantur In* 
ter0 cylmdrorum 5 & fro bafibus, cyUndricitrum bufmm fori* 
fkoriat vol etiam qsmndoquediametri, qtta e m td em cttm fori' 
fhoriss frofortionem(f)f/mbem. jideoquo 1. CyUadrica fitfeifi' (f) fer 
ues oipu alta, (g) funtinterfo ttt bafmm diametri* (Eft^cor. j.^ojmu 
x.fr.ftq.) 1. ^abafes habem aqualestfumih) snterfeut ,^]/2.-' 
eykndrmtm Iftera. (Eft cor. 3 . f. feq.) 3 . ^uafimtlesfuttt , iLuT^ 
(i) ermtt m dufUcatd rationt diamttrorum mta in bdfibus ^)Pcr€tr: 
fmtt. (^ cor. 4. f.ftq.) 4. Et quaiibH , (k) funt imoffo t.p.uLS. 
in r§tmte comfofitn tx rationibus tattrum , ^ diitmotrorum S^^/Z. ^ 
Sfi cor. f.f.ii .) s. Si aqualtsfint , (1) recifrocam Utera & i^;f' 7* 
ia^m dinmeiros h & fi ricifrocmt, aquales fum» (Efi cor. (k)Ptr 
6. )>. 1 1 .) 6. Si latus m bafeos ferifheriam ditcatur , (m) hi^ 23. (, 4, 
Mitttr fieferfidei cylmdrica area. {Efi cor.j .frof. ftq.) (U ^er 

3. CyUndri reai fuferficits CD, eftad bafm BN, ut aUn- Y'tp*rt. 
driimus BC efi ad BO , quartam fortem diametri bnfoos. ^ j^^^riT 
mim fiiferfieios eyUndficn ( n) aifuaUs re&aetgulo fitb Imere BC (n) fn m. 
6» perifheriA bafeos, $td bafis cyUndri (o ) ammtttr rtBangU' ufrim. 
kfitbBO (jptmtA fmto diametri bafeos ^ oddem ferifbtrii: (;'>/'' f^* 

^uaro ■•^•^•*^ 



% $4 Tbearmdtd Jelelia 

(t) Ptr ^iutre (z) futerficia tyUndricM trit ad ^a/im, ui BC ii/BO- 

1./, 6. {^fif'i 2.. inpTM,) 

^k* *7* 4. Hhu fufirfieies cytindri GK , fphdrd circumfrifti , emju$ 

nemfe Mtudo HK dquatur diametre baftoi NG» erit bufeet 
quMdrufla, five bafium ambarum dupla $. nam frefter NK ZZ 
NG t erit jUferficies ^lindrica ad bajim > ut SK ad ^ SK^Jm 
ut J^ ud I9 five quatirufla bafeos^ ac freinde ad utrafe^ bmfts 
ut ^ad X, five bafium dufla, IS fuferficies cyltndrt £Ky he^ 
tnifphjtrio drcumferifti , erit bafeos dufia » Jtve duabus bafibtcs 
aqualis, Si ver^ latus cylindri fuerit ycarta fars diametri bm- 
feoi, fuferficies cyUndri bafiaqualis erit. {Efi cor, f, ia.) 

fi. 9* S* Sit GH media frofortienalis inter AB bapos radium , fj^ 

& ^ x3C» dufUtm lateris cylindrii eritque circulus radio GH aqtu^ 
lis fuferficiei cylindrka CD. Kam frofter M , GH ^ %BC 

(kiPif m. ^, erit bajss BS ad drculum GFH » (b) ut AB ad xBC. 

xp'X.i.ix. Jtve ut L AB ad BC , hoc eft , ut (c) bajts BS ad fuferficiem cy^ 

^prZr' Undricam C JCK trgo (d) ^culut GPHfuferficiei cyUadriu 4r 

{i^Pe^ qualiserit. {Eft f.feq.) * 

Corolluia ex parte fecunda prop. lo. 

*%' '^ 6. Coni reSi fuferficies CBD aqnatur triangulofub BGlatefa 

eoni fro altitudino% <^ fub feripherid bafeos com CU fro bafi. 
Etentm fyramidum cono fine fine circumfcriptarum fuferfides » 
W^f femfer (ti) funt aquales trianguUsy fub latere coni BG fro aki" 
i{)pJ^ ^i«^«e, ^ fub ba/ium pr^midalmm ferimetrif EF fro bafibus. 
hmu prtf. Atqui emfmodi fuferfictes fyramidaUs in (f) fuferjkiem com^ 
i%) ^^ ' ^'^ > ^ bmfmm fyramsdaltum ferametri in bafeos coni (g) fe- 

?. hmfms0 rsfheriam tattdem defintmt. AJooqsse (h) fuferficies coni aqttte* 
^^hm'*' ^r tfiangttlojfub coui imtero fro mititttdihe , ^ fub ferifherid 
' ^ajeos pfo bmfi. * 

AJitsr. AftetHr md fuferficsem conicmm chartm » quaiUioM 
amuffim congruttt} <^ habebit chmrtm i/U, hs flanum extenfm, 
ftrmmm feBoris circuii , cujus rmdius cmu Uteri , f^ cttjttt 
iy)p4teteu urcut feripheria bmfeos coni (i) aqumliserit. Sedojufmodifi^or 
drf.cpni {ky aqtuuitr trimngulofub diHo fe6Uris rmdio fro mltitttdme» ^ 
reOi.&fic j^ y^j^ ^f^ ^^ atiuetur fro baji 5 hoc eft , fub Imtore -cons 
WPn^. /rv mititudmop ^fti ferifherim bmfeos ctmfro bmfi. ^umro 
9.^.4.. %1 (I) &fuferficies com eidem trimnguio aqttmhttur. {Bft cm* 1/ 

ii;^«;«f- fr. 13.) 

7* & tt/. t. 1 . ujff^ trimngMlorttm frofrietatet fuferficiebtts eomois re3is 
(n) Per convtniunt » fifro triangulorum tdtttttUmibus ponamtmr commntmo 
l'ip^* /*^«rii , c^ fro baftbus bmfium pertpheria (m) vel dimmotri^ 
iTi ^ ^^^ * '? Suferficies comicm afmlim Imtirm habwtes > (o) fitft^ • 

et9 



Ex Archimede^ iS< 

m i^ttm dUmetfi. i. ^4 hnfit htthmt dattttks l fitm (a) i.f.i./.^« 
tti latirtt» 3. ^m fimiles fitm , JttpUcMtam (b) hahtm fati^ (b)Pcr 19« 
ft§m dutmtirmtm qtt£ fitnt m bttfihts, 4. Et quAlibit rtttiantm ^* ^* 
( c ) Imhns comfofitsm tx rtuimihtt laterttm ^ dimtutnrum ^^^ ^lj^^i 
qtts fitns, in be^ktss, f . £/ ipt», dquAlis funt , (d^meiprocani 5] ja) f^ 
MKfTi» c^ knfittm diamitroii (Jf qtu ncifrocant, dqttalis fimt. tf.i.6^ 
6. Habitttr (c) deniyti fufirficiis' conica , multiflicando Uttus [*^*^- 
cvw m dimidiam hajios piriphitittm, (Hac fitnt coroiiaria 2>3, f^f*^^ 

8. Cmn re^i fitpirjkiis CBD ifl ad iafim , ut coni latus (Fj Feretr; 
BC ad haftos radmm jiC. Ifi onim fitpirficiis coni ( f ) 4^m« e.prm(t & 
iis nBanptlo fub latin BC & dirmdia piripherid bafios. Sid ««'•/•4^'« 
cmi bafis (g) Aiiuatur roHangttlo fitb radio AC & iJUim ft- !• ,- 
rifhirU ditmdi^. Irgo (h) fitftrficiis com orit ad baftm^ ut MC ^fj^^fSl^^ 
ad AC.(Bfi fr. i^. irifia.) {ii^Fort, 

9. i^ frimo» (fy. xo.) fiifirficiis cm n^ a triangttta ^^ 
amtHatin carca firfindiculanm AK ckcttmaBo gcniti > bafiot 
^T dufla ifi. £fi inim BK latus coni , fimidiamitri bafeOi 
AB duflum. 1. (fig. 27. ) fitfirficiis coni a trianffUo ne» 
tangula aqtticrttri EBD ckca ferfindicttianm AB circtemaBo 

CduBi X ifl ad ktfim » ut in ftadrato diamotir BD ad 
us .DA. %. (Jg. 27. ) fitfifficiis cfUndri nm GK^ ^ ai ' 
fuferficiim coui nBi GBN» ijufdim bafios & aitttttSnis » m 
cfikdn iattts KJC ad tBN Mmidium latus conh Bfi irdmfu- 
firf QBU ad bafim MI. (i) ut B^ ad H ^tvo \ NG. Q^J^^^i 
hoc ifiy ut l BN ad ^ NQ. Sid bafis MI efi adfuptrf. GK (jc^^I^'^. 
(k) ut ^ NG ad NK. Er£o {\) fuperf GBN ^ ad fuperf, ypnm. 
GK. ut I BN ad NK: cS» / in ) invertindo , fuferficies cfmdri ^^^/^^^ 
GK erit adfuferficiim coni GBN , ut latus cylindri NK ad di- ^^^ f„ '- 
tnidium latus com, ^ BN. (Hac funt arollarut i» 2« & 3. fr. pb.p. i^X 

10. Sint AC, OL, CB -fr ^H circulut radio OL a^^ualis • 
fuperficm conica CBD. Efi (n)enim bafis coniCGad /uperficiim f^'^^ 
couicam CBD, ut AC ad CB, hoc (o) efl y ui eadem bafis co^ gf^^ 
madcirculum OFL. Ita^ (p)circuius OFLfttferficieicomca (of^on 
aqiMtisirit.(jEft fr. ii.infra.) . %*ps,^L ' 

Scholium z. 9-c>r. 

(q) Fer «,• 

Hifci adjicimtts duas fropofitiams GaUlao diftttuptaf'. i. mfM^ 

I. Cjrlindri quormD fuperiicie^ aoquantur , funt inter &P*\^*^^ 
ut bafium diametri direde , vel ut altitudines cylindrorum f\^ ^ 
reciproci. Qflmdri tnim funt (q) ut bafit ^aititudimsi hoc (Q p^ ^ 
i^) *ft % in duflieatd ratiom diametrorum ht bapbus, ^fim- 4. ^ar, t,j, 
pui rasimt altitudinum. Sed fuperficiit cytiadritafunt (f) ttf *<>• *^ 

diamttri 
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i 

dUmtri bMfiutn <^ AkitHdiniS nlhukorum, Of&ndn igkmp- 
trum u$ duunttri bnfium f^fufufpeiis : (namfi ratio dirnntro^ 
rum 4«mpo9Mtur cum rMiooi ix diumitris <^ tUtitudkuhmsiim* 
fifita , ixorutur rutio eomp^n ix dufUcMA rutiom dimmetn» 
rum ^fimfUci altaudinum.) Chn itaaui fufirficia trnmntnr 
dtpmlis » tyUndri (a) amt ut dinmitri Infium dnnaS^ vii m 
(9)1^0 d^ (b) nltitudinis ncifric^* 

t*A^:^ « Aliter. Sint nltitudinisA* <*» bi^ismi diamitri B, fi; irmU 
^)Pirm. fi^perficiisut (c) AB, & «/8} & hnfis ut (d) M, t^fifi;ai 
f.cir. 2./« ^iindri ut (c) ABB, fi^ ftfifi. Sid fir hyfith. cylindrica fm^ 
io,%'«f. fi/ficiis aquantur» hoc^y AB—mfi. Bric (t) A:m::fi:B, 
(c) Fery ^ ducmdo anticidintis inBB, (jy confi^nentis infifi,irit (g) 
tob^' ^^B:ufifi::BBfi:Bfifi'.: (h) B.fi:: (i) m.ji. 
(fi) Pn 2. {Fi;g. 19. t^ iS.L 12.) ^ualium cjlindrorum (FD, 

nJ. 11. AR) fuperficies funt inter ft , in fubduplicatd ratione altitttdi* 
15)^ "•'• Qum. Hic ifi , fi intir akitttdims ND, £K, fonatur midia fr^ 
tlult P^i^^ Pi ^ i^) J^^udF (fivi P ad BR} utfufifficiis 1 

(0 Pcrii. tyUndri ID adfufufdim eylindn 4K. 1 

Xc NamfroftirSBut^JilD—t irit Pf.IWq:'. (1) IA:NZ>:: ^ 

C«)^f.4-- (m) yTJd^.:BNq'.jfBqi & PiND:: (n) FN:-4B:: (o)/»- 
i/ii^ P^' ^^'fi^f^' ^O. SidND (fiviBO) :BR::(^)fufuf. 
Cvwi.4/.) ^0:fufurf. AR, Ergo ix (q) 4fM0» P:£K:: (/^# Ni>: P?:> 
MPnris* fufiff FDifufiff. AR. 

> ^V. Aliter.MSi mf^ altitttdinit u£, «)Sir 3f flMiA^ frofmiinabs^ 

^Firdff fi^V^^» ^ hafiumdiamttri^ mfafrav irunt iafis ut SB, 
ia/.5, fifi i fufirficiis ut AB, afi, ^ cylindri ut ABB^mfifi, F$ cnm 
(I) Ft^fcb. ^lindnfint aquaUs , hoc ifi , ABB — ufifi , frir AB: afi :: fi: B. 
\io.L6, Bt enmfur \f,l. i9..fit fifi:BB::A:»} (r) trit fi:B::A:M,- 
m)Pir Brgo AB: ufi :: ji: M. ^. E. D. 
in\ P«r* Corol. Hme ingmim illmn fartkutarum corfora naturaUm 
Vf.Lfm rnmfommium fltkiiitatem aiiqud modo fircifiri datum ofi. 
{o)Pir m Sit FD cylindrus argtntiut fufirfici$m habins dtauratam , /m$ 
'''jIII?* ^^*^*^ ascriit obdtAam ; qmm opifias in auri filum hmnmui 
fp)^m ^Z**^*"^^^ froducunt. Eft wmfi althude cyUndri FD adfils 
aTar. %.f. l^itudimmi m i ad 115^005 mter qumtWidia proportiena» 
M %w« &» fivi y I if6oo , ifi 140. Itaqui braBta auna qui ti'^ 
M Fa gUttrfuperfieiesfiUt 340 vidbus tentuer ent qukm iUa quiftH 
/rt p^*M P^^fi^* ^iif^ri FD obducitur. Vide Kohault. PhyCpar. i.cap« 
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fi.t%i O & £G dupla £Fi ctiam KB, CD» £G 

tic&u 



Lemmu ddfeqttcta, 
QlntAB, CD, EF proportionilcs » iitquelCB dimidfa AB, 



L^ 



KB eft ad AB, ut («) EF ad £G. Reftngukim ^^jp^ 
ergo KB> £G xquatur (per i6. 1. 6.) reaan^lo AB » £F; x^. u ^ 
Sdi hoc per 17. 1. d.aequatur quadrato CD. £rgo& re&ui* 
guhim KB» £G par eft quadraio CD. firgo per ly^Ltf.KB» 
CD» £G func proportionales. 

[Aliter. XB:JiBz: (b) JEF:Sa. StdAB:CD:i (c) CD: (b)fWr 
SK £r/« (<i) ix 4up9fmurbn$l 9 atCDv.CD:EGJ} /V*'* 

PROPOSITIO XI. i?iX 

ClratlHS 9 cuJHS radius (GH) efi nsedim fr$^ F^s&t* 
partiimalis inter reHi cjUtubi latus (BC) ^ * 
tafeos Mametrfm (BD^) dqttaUs eji /iferficiei cj* 
lindrica» 

InteUigantur drcuKs ABN, GPH, circumlcripta eiK [t^ 
h^dem Jpfifi\ ordioata polygona, adeoque fimilia » N M.,' 
kS; Sc fuper NM pol^^ooo ere^m efle priima » cylindro 
ctrcttmfariptum. Quoniam BD , GH, BC cx hjp. inot 
proportionaies , ctiam AD (ieu A N) G H & dupk B C (#) .(4 IV 
proporciooales erunt. Jam triangulum (ixb A N & ambko ^ 
vc^ygoni MN contentum* (/) sBqnatur polygono conicripto f A» 
M M : reAangulum ver6 &b B C ieu EF & eodem ambitu f^.H^ 
NM, (hoc cft, (g) triangulum fub airtbitu NM 8c dupk 2/Jr? 
BC,) a^quale eft (h) fuperndei prifmatis cylindro conicripti ^xTi^ . 
Atqui triangulum fub ambitu NM 2c AN, cft ad triangu- (h)P^ 
' 1A> ambitu NM & dupla BC, (/) u^ *"* ' ' "- • "* - 
Ergo etiam polygonum NM cft ad 
cylindro confcnpti> ut AN ad dupla 
)am oftendi AN, GH, dupbun BC , dle proportiooaks: 
ratio AN ad duplam BC eft duplicata (k) rationis ^^ ^ n.\f^ * 
G H, Ergo poljgonum N M ad ftpcrficicm prifmatijj ra- •J^jo./.ju 
tionem habet du|mcatam rationis A N ad G H. Sed ctiam 
polygooum NM ad fimile ftbi polygonum GRQS , rationem 
nabct duplicatam rationis AN ad GH , uc facile coUigitur ex 
I. lib. 41. liikmdiiad Q^f trianguU ANK, GH^ {frof- 
terangulos ASK, GH^$BoSy f^ jiXN, G^HfolygouQ' 
rumfiftulsum ordhmtorum(\) femiangulcs ) funt ( m ) stquiim' ^ ^ 
g!uiu ^pmiU. Ergo AK: G^,: AN: GH. Sidferi.Llx. \x.L^ 
folfjigonu fwst iu dufUcuid ratione radiorstm AK, G^, eircu^ cmm/ehL 
ierum mtiinss iffa fo^gona funt infcriftibiUa : sk troindo eresnt im)Perttfm 
(a) JB dupUcatd ratismt radiorum ANt GH, circtumsm auibsss f^^ J^'* 
eadm folfjigona drcumfcribumur.l £rgo poljgonum NM ad u^j, 

fupcr. 



AO k €erar§ Md Mtodvis bnfM fcfygond vrdimits Ums , 
fa) Ttr fendkuUres » (a) /wu sLquaUs > o* freindi in wmubus tAunm 
>4* ^9» Z^ BAO i ffipter axem BA communem f^ sd fUmum 
W '«^ S^feas reHum » c^ emnU Utera AO fibi invkem tqsudiat (b) 
^^'* eru$tt etism wmes reHit BO douaUs^ Omniu sptttr trim* 

ruU tftM fyramidis infcrifu fuperficiem eeifififtuunt , Mpudett» 

hjUent Mkitttdinem , nempe ferfendict$Urtfn BO , st cujufuit 
f€)^4UeteM triMUptU vertice B ad hufem demijfa ; ^ fimtU fitmfftt (c) 
9»^^ dqttaSttntur (hec efif fuferficies fyramidis cone reSo in/crifts 

aqttahitttr ) triangiue » cujtts bafis eft Safees fyrattiidaUs iifcnfm 

ta eircttnifgrintU » f^ cttjus altitttde tft ferfendicnUris Bq, 

^ued erttt aiterttm. 

Aliter. (Am trianguU tpta fjramidis inftrifta fuferficiem 

eempenttnt , tre hafibtts habeant afftalia felygoni erdmati , ^tad 

b0 coni in/cribitury Utera , <5* fro crttrihut aqttaSa ceni iwdf 
(4 ^^ laterai trianguU ifia truntfibi fmatio a^latera^ (d) aiptit^ 
^'^h. £^* & {tdm 0i tmtttio tmftfita (e) conffru^t^) aUitttdims 
iQ^T ^ atfuaUs. Vhde ut frius , trtanguUm aucd contmemr fub altittf 

dtne cofftmttni , (^fttb bafi qua emniius triangulerupt bafibtts . 

fvo tpta feritttetre fofygoni infcrifti aqttetuTt trianguUt ifiit^fiva 
(0 Tstetm tj^^^"^*^ infcriftafuferficiei ( f ) aquaie erit.^ 

PROPOSITIOX. 

SXJperficies frifmatis ordinati cjUtuiro reSecircttm^ 
firipti dejime (g) itt ^Undri Juperficiertei & ff^ 
^'^»»» rMtKdcbs ard^€ cmta rem circttmfcrifU fitferficUg 
in com fttfirfiekm d^mit. 

^ * fiariptonim 6c ioicriptorum fiiperfici^ , habd>ufit tandeni 

ioter & diftrentiam datd minorem , uti fkcile patebit cx 8. 

& 9. bujus. Muito igttur maeis liiperficies circamicripd 

priimada a fnperficie cjlindri» mter inicriptam Sc circun* 

icriptara mediii « difeet diiiferentii minori quacunqoe dadl, 

n^p isT ^'^ ^' (^^ dc&Mt in cyiindricam iuperficiem, minib ian*. 

Sl nu P^ ^ minus excedeodo. 

§ig, ^. ft. Pars. Eodem modo oftenditur eic 9» Ac 3. hujns. 

In figuris'tantiim exhibentur cyiindri Sc coni icmifib, fie 

' fBakitudo iinearam confufiooem parcret. Caeterum cogi- 

taadi fimt cyHodras & coous integri , ^pios nrifaaat» 0e 

pyramides circamrcrfptae ambiant. ^ic emm clari&s vf^ 

rer pbaas luperfides circomicripcu cilb majoras cs s. ~ 



[ScbH 



£x AnhhmJi. %%i 

'Sclioliam. i. tkm fnfo/ifumis 4. ffqmentis » (^ quAdMm 
f cirottMriis ituli Jeduciis , rntiocinip aliqttantum frolixim de* 
mmsfremtmt & otfordint difpoMntMr » stt neceJfMrih per tmhs^ 
gos froctdemdttm fit i afus tjromhus bmsd ingrMtmss mt ftt£tu^ 
fftm fptrOy fi frofofitiones tUaSf unk ctm omn^tu ttfrum co* 
roUmritst mothodo ntaurttU ^ fXfoditi^ ox hac frof. iQ.it-; 
^ttxortmm 

Corolhria ex primS parte prop. 10. 

n 

jTJIncfeqttitur^eyBndri rt^ifuferficiem CD 9 atputri roShm* f^^ |« 
in gule fuh CB^ Istero cylkdri^ & BS bufeos forifherid. 
Sttferficiet etum frijfmutum cylindro fine fine ehrcumfcriftorttm, 
ssmutet femfer (a) funt reHunguUs fub lutere tylitidri & bufium {^ Ter • 



fuferficies cylmdri dquatttr reBanguwfub Utere cyUndri* ^fuh ^. ht^^ 
kujeos feripherid. U) Ber 

Aliter. jipfUcetur ud fitperfiaem eyUudricttm churtu reBitih '* ^^^ 
guUt tUtittidtms cylindri uUitudhu 4auuUs » t^ bafeos qua fe^ 
ftfherid bafeos cyimdnca aquetur i ct imerfe cengruent eharta 
Mtquefuferficies cyUndrica: ideoque (fi) atgeales funt* {tfieer. M'^ ^ 
Ufr.feq.) y-*- «• 

a. Hinc nSiangulmtm frofriotatesfuferfieiobuscyUndrscitroe» 

tis eeuvenmnt , fi fro re&anguUrum altitudimbus fonantur Lh 

eerto cyUudrorum i <^ fro ^ifibus, cyUudricarttm bafimm feri» 

fheria^ vel etiam q tiottd o ^ o, diametri , qtta eandem cttm fert- 

fheriis frofortionem( f)ffsabeut. Adeoqno i. CyUudriea fisfetjh (f) Peo 

eies aque aUa^ (g) funtinterfo ut bafwm diametri* {Efi.cor. J-H^ 

».^r. req.) i. ^a bafos habem aquaUs% funt (h) mterfe ue ^^ /Xr' 

ntUndrortun latera. (Eft cor. l.f.feq.) }• ^uafitmlesfunt, ^»,^ '* 

(i) enmt in dnfUcatd rattone diametromm nua in bttfiStts (h)Pnm: 
^ '-* ' ' i^^ 

kafiMm diatuetros i & fi rtaprocent, Oiptaies funt» (Efi cor. (k)Pir 
tf . *. 1 1 .) 6. Si lattts m bafeos peripheriam dueatur » (m) hn» ^^1.6» 
Mttttr fteferjiciei cyUndrica area. (Eft cor. 7 •frof.feq.) (U -P"' 

3. CyUndri reat fuperficies CD, eftad bafm BN» ut eyUn- Itt^ rt, 
dri Utut BC efi ad BO , quartam partem diametri bafoos. ^ i^LTi 
9uem fitperfides eyUndrica ( n) aqftaUs reOai^ulofitb Uttere BC (n) pir m. 
& perifheriM bafeos. sed bt^s cyUndri (o ) at^ur reSangur >• pim. 
k/ttbMO egttrtA fme immirl baftot ^ oddem ferifhnrid: Co) i^^r^f; 



%^& fhmematu fikBd 

pROPosiTio xm. 

*jf. it. f^Irculus^ cujm radins (OL) tft medlus ^(for^ 

^»»- V-/ twalis ifUcr c§m reSi laius (BC) & pa/u 

radiim (j4Cj) aqMolis efi fuperficiei cltmd^ 

InfdKgantur drculis ACO , OPL circuxnlcripti eflc pdjr- 

gonaormnata [fimilid] EF, IN, & fupcr jkyi/gono EF crcc- 

tam d1c?p}rramidera,cono circumfcriptam. 

Qaoriiam pCr hyp. AC fcu AO cft ad OL, ut OL ad BC, 

, * B-^ crit ratio AG ad BC duplicata (*) rationis AG ad OL. 6«! 

ii/.>. ut AG ad BC, ita triangulum fub AG & afcbitu EF cft ad 

trfangulum fiib BC & codem ambitu EF. Ergo ratitf trian-* 

guli lub A G 8c ambitu £ P ad triai^uhim iub BC & codcm 

ambitu ,' tft ctiim duplicata rationis AG ad OL. Scd 

fb) P«f triaogulam fiib AG &ambitu EF aequalccft {b) pdjrfoM 

4. kiim, E F : & triangulum fub B C & eodcm ambitu EF as^ak {c) 

{c) PfT eft lupcrficiei pjramiditf drcumfirriptat. Erfto ratio pd^- 

5*%** goni kF ad fuperficicm pyramidis ctiam cftduplicaca ntio- 

nis' AG ad OL. ' Atqui etiam ratig pol/*oni £F ad poiy- 




midis & ad polTgoaum IN candem habet rationem , qoie 
f c) Per p*^'ude asquali^ (e ) crunt. Eodem modo oAoidaffi iii] 
9. 4 /« nci^ pTramidum , qttx cono in infiaitum JHisic magii 

polygoQ« ch-cumferibi poffunc , iemper sei^uftles efl& potfi 

O P L Mfittot circumfcribi ctiam in infifl« 



gonis ^vMB circttlo O P L pofittot circumfcribi ctiam in 
ttttto. Qaare, ctlm fc p/ramldum (/) /upci^cks iii ooni A- 
10. Mtf. P?^^^ » ^ polyg<»A io circulum (g) OPL tandem dciinai^ 
l^) P„ ' ctiam coni (^) fuperficies & circulas OPL crunt «^ualtt. 
9. %««• Quod erat demonfh-. 

i^^L^ ^' ^^ pradtfo tkeoremate «xUbetur circulus inperfidd 
1. «Nsfw. conicas wjualis. 






l.TJ J?^' «^^' fiperfides ^cjmUs efi mMgule , yW^ 
X\^ com laseri (BC) & tafios ferifherii (CO) 
COffffreh^nfi. 



Stt 



tx AircbimJki tpir 

Sit OL radibs medta proportioo^s inter AC & BC. Quia 
peripheria CG eft ad perip heriam P »' ut («) radius AG ad ra- fa) p^ 
diiun OL3 iuxr eft per hyp. ut O L ad BC: crit triangulum 7. ht^. 
iiib primi , bempe pertpteri& 6G, tc fub qoartl BC, (^) Tt^ (b)^tr#l 
^uale triaogulp Uib fccundi, nemoe pcriphcrid P, & tc^tia fj'ptf^' 
OUlioc clF, (r) circulo OPL, hoc cft,(J) fuperficiciconicae s i^Z. 
BCD. Quod crat dcmonftraodum. ' (d) Ptr 

£z hoc (5orollario liquet fuperficies conicas triaogulorumfii- ^ f i* 
ktre legts. Ittque 

a. Supcrficiesconicac^BAF.QX-R^aeqoaKahiteraCBAtCiX) ^***^.*» 
habcntes, iunt inter fc ut bafium diamctri (BF, QR.) *^«*"«a- 

). £€ tCI^T H AZB) qtt« bafes habenc asquaies $ £mt iAter jcj^. 17. ^ 
l^ ut lattra (CF, AZ.) . . 18. V. ,a. 

4. Et quae fimilcs funt (BAP, QRZ,) duplicatam habent '^•i^. d- 
ratioQcm ejus, qttflc ell intcr bafium diametros. af.L la. 

f . £t quaelibet , ratipncm jnter fc habcnt compotitam ex f?/«M^ 
zatiooibus laterum (BA , QZ) 6c diamctronxm BF,QR) quas 
ihnt in bafibus. ' 

6, fit quse a»)ua1es funt, reciprocaiit latera & bafium dilr ■ 
inetros) & qux redproc^iit, font aequales. 

Quae omnia denionftrantur ex coraU. i. ut ifipra corol^ 
hria de bytitidric^ faperficie dedutimus ex coroUario ilttiic 
primo. 

. 7. Metiemyr dQ)i^e cooicam /upyErficieRufi latus FC per F^. t|. f^ 
bileos pevlpheriam dimidiam multi^cfemos. Vt tk lahis fit >*•' 
jRcdu» f ..pvipb^ift bafeos pedup ^o^ dy^ 5-. pjsr 10. pror^e^ 
niuot f o. pedcs quadrati pro comci £iperficie. Dcm.jpa£ec «X 
codcm I. coroU. 

p 1 o p o s 1 T r o XIV. 

CO»i ri6H /mferficits ad (fMfimy m Uumi (BC) ^'J^f^ 
adis/ts 



rmdittm iAC.) 

Inter latas BC 8c bafis radium AC, fit medla proponib- 
rnlis O L. Ergo ratio B C ad A C cft duplicau ( « ) ratic^is #,1 .-- ^ 
OL ad AC. Jam circulus radii OL (/) eft «qualis fupcrfi. \o./. u 
ciei conicae C B D. Sed hujus ratio ad coni bafim A C G eft (0 ^tr* 
duplicata (^) rationis OL ad AC s ^ proinde cadem cum M-*^*!^- 
ratione BCad AC. Ergo ctiam ratio fuperficiei conic» ^^^^*^ 
CBDeftad bafim ACG$ iit BCad AC. Qiiod erac de- ^ ^^ 
nonftraoduoi. 

T 1 C^ 



1^4 Tiearmdtd Jeleiia 

(t) Per Sjt^Ti (a) fuferfaies cyUndricM 9rit sd bt^fim > ut BC MdJKh 

1./. 6. ( tji p. I z. in/TM') 

^t* */• 4. Hmc fuferfieies rylinJri GK , fph^rs circumfripii , cMJut 

nemfe altitudo UK dqmuir diametre ba/^os NG» wt bafeot 
quadrupla, five bafium ambarum dupia $. tiam propter NK ZH 
NG t eritfuperficies cyiindrica ad bafim , ut SK ad ^ SK$Jnfe 
ut j^ ad i, five quadrupla bafeos j ac proinde ad utrafqmo baf%$ 
ut^ad^, five bafikm dupla, Etfuperficies cylindri £K» ho- 
mifphario tircumjcripti , erit bafeos dupia , five duabus bafibscs 
aqualfs, Si verh latus cylindri fuerit ytarta pars diametri bU" 
feoty fupvficios cyUndri bafi aqualis erit. (Eft cor, p, i ».) 

fj^. 9» S* ^i^ G ^ media probortionalis inter AB bafos radium i ^ 

& 8. iBC , duplum laterii cytindrij eritque circulus radio GH aqttst* 

lis fuporficiei cylindrica CD. Nam propter M , GH , tBC 

(f^Fif 4». *44>, eri$ bajss BS ad cireulum GPH » (b) ut AB ad xBC. 

%.p.ut.iz. Jtyt ut^ABadBChoceft, ut(c) bajis BS adfuporficiom cy^ 

V^^l^* Undricam C Ih, trgo (A) cfcukt GPHfuperficiei cylindrica 4- 
^lPtr qualiserit. mftp.feq.) * 

CoroUaria ex partc fccundS prop. 10. 

*%• '^ 6. Coni reBi fuperficies CBD aqnatur trianguUfub BGlatera 

coni (ro altitudine» ^ fub peripherid bafeos coni CU pro bafim 

Etentm pyramidum cono fine fine circumfcrtptarum fuperficies , 

W^f»' /eiwffr (c) ftmt aquales trianptUs^ fub latere coni BG pro aki^ 

CO aT' ^''^» & fi^ bt^ium pyr^midaUum perimetrtt EF pro bafibttt. 

hJmc fnt. Atqui ojuftnodi fuperficies pyratnidtUes in (f) fuperficiem com» 

i%) ^^ * ^'^ * ^ bafittm pyramidaiium perauetri in bafeos coni (g ) pe» 

s. Aq^, rtphtriam ttmdem defintmt. Adeoque (h) fuperficiis coni 4^nMi-- 

WJ^tr ^y trsanEsdo fub coni latero pro altitttditU , ^ fub peripherid 

^^^ bafeospibafu l r IT ^ 

Ajita-. Aptetter ttd fupmficiem cmcam charta » qua iUi §at 

atmtlJSm cmgrttsti <^ habebit charta iUa^ oi pUnum exten/a, 

ftrtnam feBorit etrctsU , cujut radius coni Uteri , ^ cujitt 

(\)pMteteM ^rcut peripheria baftos coni (i) aquaUserit. SedejufmodifeSar 

drf.cMi {kf amuuttr trianguU fub diBofe(hris radio pro aUttttdino, tif^ 

rtai.&fic' j^ y^j^ ^ gyg^ ^f^f/tf pro bafi i hoc eft , fub Luert -coni 

(k)P^^!tr. f^ t^itudino» ^ ftJb periphend bajeos coui fro bafi. ^ara 
9.P.4.. hmf\(l) &fuperficiet em eidem triangulo aquabitur. {Sft cor. i«' 
(I; /cr^or. pr. ij.) 

7. 6- 1:4 1. j, j^fng triangukfum proprietaiet fuperficiebut coniois reSis 
(n) Per convenutnt , fi fr§ triattgulorttm altititdinibtst fonantur conomtft 
7* ^^* latera , & pro bafibus bafittm fertfheria (m) vel diattteiri^ 
k i Z ^f^ * ^^ Sttferficiet comca ofttdU Idtera habeatos » (o) fttfi$ ■ 

. tu 



Ex Archhmde, iZ< 

m hi^um dmMitfi, i. ^a hMfis h/^tnt AaudUs > fkm (t) i.o.i./.^ 
m Uttrat 9. ^MfimiUsftmfy dHplitMtam (b) htihmfMi^ (W?cr 19, 
ntm dtMmiirontm qudfunt tn bafibus. 4. Et quMif rMimtm ^- ^* ^ 
( c ) huktnt compofitMm ex rMtimtibut Uterum di* diametrorum ^^^ xIj!^! 
aus funt, in haphtu. f . Et qutL dqstaUs funt > Cd) roeiproennt ^[ \d) fg^ 
U$tru t^ bafittm diatnttrosi (^ qUM rtciproeant, dqtmUs funt. if.U6. 
6. Habttur (c) deniqutfuptrficiescmicu^ muhipttcundo iatus {p^^- 
€om m dimidiMm bajtos ptriphtrtMm, {Hm funt corolUriM x>3, ^^f*4'« 
4» Sf ^» &7*pr- i J. nyr#.) 

8. Coni rtBi fuptrjkits CBD tfl ud bMfim > ut eoni Utus (f)'Fefm^ 
BC Md bnftos radium JiC, Ifi tnim fuptrficits coni ( f ) ^iqtsM» 6.fttns^ & 
iis rtBnnguU fub Uttrt BC & dnmdia feriphtrid baftos. Std <«r.^.4a./. 
eoni bafis (g) dquatur rtBanguU fttb radio AC & tidtm ft- !* ,- 
riphtria dimidi4. Brgo (h) fuferfieits eoni trit ad bafim, ut BC ^fj^^ZhHj, 

9. Hine frimo , ( //. 30.) fuftrfieits eoni rtBi a frianptla '• ^ 
MMulaitro eirca ftrftndieuUrtm AK circtsmaBo gtniti > baftot 
^T dufU tfi. EJi tnim BK Utus coni , femidiamttri bafeH 
AB dufium. t. Xfig. 17. ) fuftrficits eoni a frianguU rtC' 
ianguU aquicruri EBD ehreM ftrftnMettlMrtm AB eirettmMBo 

CduBi X ifi ^ hafim , ut in mtadrMto JUmttir BD ad 
Hs DA. $. (Jg. 27. ) fttftrfietii cyUndri nBi GK^ efi ai ' 
fuftrficitm eoni nBi GBN* tjufdtm baftos & aUHudhus > m 
cyimdn latus i^Kad t- BN Mmidium Utus eonu Bfi irdmfu- 
ftrf.QQH ad bafim MI. (i) ut BlJ ad N ^fivt \ NG. PJ^^''^^ 
hoc eft , ut l BS ad^ NO. Std bafis MI eft adfuptrf. GK (Jc^^^W. 
(k) ut ^ NG ad NK. Ergo {\) fuferf.GBN ffiadfuperf. ^.primt. 
GK. uf l BN ad NK : cJ; /in ) invtrttndo , fuftrficies cjtindrj ^^^^^^ 
GK trit adfuferficitm eoni GBN , ut Utus cyUndri NK ad di- ^^^ p„ • 
midium latus eoniy ; BN. ( Hae funt eorolUria i» !# d* 3. fr. fib.f. i^i 

10. Sint AC t OL, CB —' Erif cireuUs radio OL aquatis • 
fuperficm corMa CBD. Eft (n)tnim bafis coniCGad fuftrficttm S'""''"* 
eonitm CBD, ut AC ad CB, hoc (o) efi , lU eadtm bafis co- g/Jj^*^ 
ni ad circuUm OPL. Ita^ f p ) cireuius OFLfttftrficitieoniea (o) jSrVm 
aqualis trit. (jEft fr. ix. infrM.) uo^%.L ' 

Scholium z. 9«<^r. 

Hifet Mdjieimtu dttMS frofofitionts GMliidO dtftmtftaf'. i. mfdttt^ 

I. C/lindri quoruin fuperficie^ »quantur> funt inter {b^|i^^>«* 
ut banum diametri diredc, vcl ut altitudines cylindrorum f\^*'^ 
rcciproci. Cfiindri tnim funt {q) ut bafes t!f aititudints\ hoe ^q p^ ^ 
{^) 'ft % in duflieatA rationt diatnetrorttm m bafibus, ^fitn- 4. ^r. t.^ 
fiiei ratmt aititudinum. Sed fuferfidu cylindriCMfhnt (f) uf *o* *^ 

diamttri 



i:ff^ ^tmftmM fileSd 

2Z, SS ddnltpMtaifi, «qtatnr ckcaioGirfil Qfioixht 

detnoallraiiduai. 

[CoroL Hmc $x ddiis tinnlonm fMUthtkm mMm Nfl 
3p , f^Jkfirficiei c$ni94 b$t$r circt$bs iHtmspt^ Imiri N^» 
hdktar jnp$rfiei$i ilkus dimm^ % fi rndmtm fi$tmf$0 NT 
4- ^fer Uttu N ^mtikifikHttr , &fiai rm^x qitadirm^ 
en extratmw. Mrit $ntm M 1 1 3 /h/ jf f , Utk rddix^a ttd 
termiimm tpMttum. ^fm termme in tmticem ilUm d$iSh,mi^ 
nt«r faiftrfici$s cmics fufita. Fmee $x 17. L 6. &Jtk$Lf*6^ 
IhtJHSi emnf, ly./. ij-J 

Lcmma adjeqtktt. 

fk* «^ ry Ea» (BH , CG) quap iti circulo «quifcs arcus(BC, HG) 

IV intercipium , iiiut parallelae. 

Ducatur enim CH. Quoniam arcus BC , H6 pcr bjp, 

fiiot acquales, etiam (a) anguli BHC, GCH alterni aEqoaiQs 
M ^» enmt: Ergo {b) B H ISc CG funt paralfebe. Q^ crat <!•- 
imV* wonftrandum. 
•S! t. T. [Scholium. Hinc eriiur methodus frcillima ducendi ferftmc" 

iitm datsim B , r$as dttte, CG faraUelam BH , ntifitfra ad 

fr0f.il. L i.»$tmum$fi,] 

PROPOSITIO XVL 

fk. t$. TNj/irihttttr wmh figtnra rtgttkris » fml^erd & 
X ^Milaters , fcujus htcra quatemarius metia* 
tur^J dsicattercpee EB ab extremitate tbametri ad 
S tertssifstsm lateris diametr^jfroximi ; a»^sks vern 
aqteaUter dsfiamer ab 4 jtet^ma reSaBH, CG9 
DF: 

DJco reSlaiigtdttm ftod Mametro jiE^ & fstkets- 

Ja EB centinetttr , oijtsari reSasigsdo , qned fis ese 

latere tsm figttra iPtfcripta {AB^ vel BCj &c.) & 

(e) P«. *^ omntlfHs jtsngcmitsts Bff, C (?, lif fimsd Jismftis. 

fd) Fer Duc CH, DG. Quoniam BH, CG, DF intercipiuot 

J^ pI*!; o""?' ^'^ "^''^^*' ^^> "^ ' ^^' CEj eruat (d) parallebe, 
1^/7« . *" argumcnto paralldx funt BA , QH, DG, EF. Omoi« 
«r.^Vjx. M*^"''^"»"^"'**)^^^, KHL, LCM, MGN, NDO,aF8 
/1. aequiangula funt, Ergo (/) ut BK ad KA , fio HK ad KU 



ItutHKtdKL; ficCMadML;&utCMadML,ficGM 
«d MN^ictttGMadMNs iicOOadONi ft ut DO ad 
ON , fic FOad 0£« Ergo (4) ut una aDtccedcntium BK ad (9]fif it« 
iMiam cdtliuufntiUin KAi $c ooiaes aQtecet]catci BK» lUI, ^- /• 
CM, MO, DO, OF, (hoccft, omacs junecnt^s BH,CG, 
I>F)fQot ad omnes confequemes AK, KL, LM, MN.NO,OB, 
fcoc eft, ad diametrufn A£. Sod ut BK ad (^ AK, fic £B (h)Perew. 
eftad BA. Ergo ut omnes fimul BH, CG, DF ad AE, G^ ^ M./.i. 
£B eftad B A. £rgo(f)refiangHlum fub omnibus junynti- rJ [7 
fcus BH, CG. DF & fub B A, «quaiur rcaangulo fut AE 
& EB. Quod crat deraonflfandum. •' 

[Cor. I. Omnfs juugiWis S H i CG, Z>F, diMtnftr» JM 
S/fMri^m ^ perfmdicHlitrfter /tcdfisur, Sam ia fnM»gulii BAK^ 
HAKt frifter Utera BA, AK Uambus HA» AKdt^mliA.fj^ 
angftiosad A (d) dquaUs^ trit (e) BK ZZ KH. e^ an^uli ad (4^ p^ 
KdqfuUes, <^ froinUei i) re^i. Et todem made adjun^emem »9. /. %, 
Mumvis filiam CG, duais AC, AG , eftendefur ejfe CM = 0^^«' 
JfG , (J» angulos ad M reHos. ' |f) piT^/ 

Cor. 1. Sijuogens CG Jtt diameter eirculi ; anpiiusOGHM 14,/.,. 
jungente ^ Utert freximo comfrehenfus , acutus erit, Duffm (g) Pn 
€Him CH, angului CHG in /emicirculo nSius (g) efi » & f^^ VJ ^' 
mde angulus HGC (h) arulus. f ^ Jl! 

Si %erh reSajungensJitdiametremmWyUtBHhmiguhtABH ^'^**»'** 
tUi fartimfegmenti minarist 4» laterejigura iajcrifia AEi, t^ 
jungenti BH comfrehenfus , etiam{i) aemut ertt. Efi enim W- (\) Per %u 
gulus fitfer arcu AH in fegmmtPtns^ere AMBU. t /* 1*- 

Cor. ^. Sit CAG am fefmeirmlust am$ ftgmentum fmioF^ 
€Mb mims, ajungeme CG ferminatum : Lafera CB » GH fjuuh 
genti froxima y adfJtrtemJfegfnmtiCAOjfiultrttB* ii,faeis 
freducantury cencurrent^ (^ conefo^ fotmaifmt triangffitmififf^ 
teks fufer bafi CG, eujus verfex erit in aUqtfe diattmtrt £ A,^ 
ffltra A froduHa , futUlo. 

Nam trofter anguhs BCG , CGB duohus reMis (k) ttdnore^ fk) ^er 
teSia CB , GH ultra B f^ H fMduila , ( 1 ) cencurreuf. St ^T: i' ^ - 
frofterareusBAHGy CBAH aspiaiesi ndem miguriBCQ^ y^V^^J^y 
CGH erum (m) afiaiesi f^ frmde latera C B , GHcmcttrJ^ (m^Fer* 
/iio fermaSunt (n) trianguium tfofceiet Jufer htfi CQ, Ef quor ^9* /• 3« 
ftiam hujTs a re^d AM bifariam (^ ferfendiculanter (p) ^^Y*^ 
fecaturi iffa MAfredttHa, fer triangult verttctm (p) trei^ (o)'p^(p^ 
fbtt.2 I. 

(P) Ptr 
n,^,fM^ 



V 4 PKQt 



i^. ir- 
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PRt)POSIT lO XVIL 



SE£fffem$ ehrcmU DAF^ cujm bi^s DF ferpei^ 
dkuUris fit diametro AOE , infcrAatwr figttrd 
tujuilaterd & foriUtera » dHCntm^pie sa it^ fr^edettti 
reSa EB : 

DiCQ reStofigulHm fiA EB & fmie diameiri M% 
tput figntnti axis efiy confrehenjHm^ dqstari reSM» 
gulo j$A latere mo figMra infirifta^ & osmihu jtsft» 
gentihus BH^ CG ^ mnk cum DO dimidio bt^ DP 

JimsU Jttmftis cotttfrebenjo. 

Demonilratio eadem quae pnecedentis. 

lEft tnim AB\ BE :: AK: KBiiLK: KHiitMl MCii 

tflMMGi^SO.OD. Ergo AB.BEix AK'^KL + (M + 

MNA^ NO. BK + KH +CM + AfG+DOi hoe eft, AS: 

BE:.AO:BH + CG + DO. Btgo EB^AOZZAB'^ 

f BH+ca+Do, 

my -^ Scholium. Sl fegmento DAF tjupnodifigur^m ^qttiUteram 

& fnrilMttrmn D HA G F infmbt contigtrit , ut Utera dtto op^ 
fofus DH^ Kfint sxi AQ &libi invieem tttrAlUU\mmiiftf' 
tum ofl ilU tirtt^ onndtmaxom AO (.fecmtdma Ummma Jni- 
ftmttmU) eiratmstao , fnferfidtm ff^mdriemn {non eomemn) 
Xtntrotnra. Et qnamvis to oiiam in ct^fn valortt hae fropolism^ 
t^ (exp.ii. hnjns cnm f. if. colUta ) ad fntp. 19. «f/ma- 
firanaam Mqmt meeammodari foffeti ut tamm eadem n6tque coor 
•jftrvotnr dontn^rtmdi ratio aeforma , <J» qnod mfrof. 1 8 , 20^ 
t^ x%. de fotferficiebns comcu afferitur, idem de foUf ctoncis ((jr^ 
nondeeoaiciscnmcvlinarica) affirmari fojfit m frof. 19^ 11, 
& xy, prdftittrit firtt , q^miocuaqne Utera offojita DH, ¥G 
nxi AO fortUleUfunt, arem omnes DH, HA\ t^<?. hiftcani' 
do, jiguram duflo flnrinm Uterum (nt DCHBA 0>c,) eidem 
fegmemo mfcribert , quo Uttraomr*iafignra , fegmtato DAB 
m/cripta* (cum ad axem AO inelinentur ,) ex circumvolmiouo 
fegmemi ac figura infcrifta circa onndtm axtm , fnferfdts eom- 
eas gtmraro valtant. 

htmtttn \. tsd feifttm^ 

^^ ,^ TNfcripta fit (phxrz mairimo circub figora reguhris , caJQi 
* J. lacera quaternarms metiatur , circa axem A £ conMciis: 

Quo manente , circuliu cva figord ctrcamagatur : 

Dioa 
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tNoo ^iiMe inicriptum iri corpus cooicb itftis fiiperfi* . 
idd>u8 coDtoitum. 

Quod BA, HA.itcmDE, FE dercri1»Qt integn$'conorum M^l : 
ffeAoram fupcrfides , mani&ftum [a) eft.Deindeottia lineae ^*^'»' 
CB, GH» dc GF, CD concurrunt ( ^) produaae ureodem |^; p^^^ 
tttrimque putt£h> diametri A£ iimiliter protra^lx, quae jun- ^.•.itf. 
^tes iecat normaliter [ (^ bift^ruun J : etiam liquet has def* £y* 
cribere partes fuperficierum redhrum conicarum i interceptas 
inter pwaUelos circaios» qnorum periplierias in fyhaaici fii- 
perficie defcribunt vmices angulorum B» C, D, 

LenrnM !• ^ 

SEgmeiiti iptueras , cujus axis AO, leftio maxima eflo mg. tj. 
DAF. Huic inlcripta fit figura aBquiiarera [e^ Mfila" 
tM^ deinpta bafi, [itM umtn^ (c) tii nmiltim figMra tn/crtf^ M^ideCdL 
td loius fitmxi AO faruUelMmy'} quae [cumfeimmtt^'} circa ptfipr.ij, 
nxem AO in orbem convertatur : kmjmj 

Dico iiegmento iphaerico inicriptam iri corpus cooicis fii- 
pcrficiebus contentum. * 

Piobatur ut lemma prxced. 

PROPOSITIO XVIIL 

POnanttir eadem ijHainfrimo lemmMe ; . e^ dttCMtttr f^ i6t 
reSa EBy tJb extrtmitate diametrt ad termnttm 
iateris Jutmetro froximi : 

Dico ommhts fttperfidebtts conicis fih^rd in/criptis 
tttjttalem effe circttUtm , cttjtts radiat C /) potefi reHtm^ .^ 

gttlttm AEB y comprehenfitm videttcet , fitb diametro ' 
AE , tir Jubtenfa EB i [nuniruoi Ut fit Iq= AE 
+ EB.] 

Hoc eft , cttjus radius ( I) eft medxus proportionalis inter 
AE & EB, (i) f„f^ 

Quoniam reaae BH, CG,DFsDquantttrre6Hs(i/}BK, CM, up.i6h^ 
DO bis iumptis , crit (#} re&ngulum iub latere uno furu- («Ko"!. 
rsB inioriptae maximo circulo , ( videlicec fub AB, vcl BC, *• 
▼el CD, vel DE} flc lub omnibus iimul iungentibus BH, 
CG, DF, aequale reaangulo fub AB & BK, fub BC & coin- - 
pofitsl es BK £c CM, &b CD & compoiiti ex CM & DO. 
iiib DE 4c DO j fic cnisi ttOt^ BK, CM, DO fii^ist fi|- 

T / crunt 



&: 



9^9 yMflfMMM fiU&M 

^ cmif Dif SGccptje» AtMii icAiiiiKiiknn mb AB Ik iwmtfwif 

'jungemibus BH, CG, uF fimul fumptis aBqoatur («) nO' 
f, languio AEB» lioc cft (^) quadrato I. Ergo quadratmn I 
flBjuale cft roaauguUs fub AB dc BK, icib BC ac oonipofiti 
ct BK, GM, fub CD Sc coti)pofit& cx CM» DO, iiib D£ 8c 
DO. Sint jam iat?cr AB 8c dK » media proportioqaUf Pj 
inter BC 8c compofitam n BK, CM> mcdia Q^^ inter CD 
lc compofitam cxCM, DO, modia R ; inler DE 8c DO 
ic)Ten7. media 8. Eruot igitur quadnta P, Q, R, S c^ualia (f) 
X 6^ redbngulis fupradiSis. Qoar^ ciim quadratum I. jam o|- 

tenderim ii£lem aequari rcdhngulis i ctiam <}uadratis P, Q, 
W*J*"^ R, S aequale crit. C4m igitur circuli £int intcr &(d) ut 
^^^ quildrata radiorura$ etiam. circulusradioldeicriptus» omni- 

(e)V«i«fA Ihu fimul ciroalfs quoram radiiP>Q^Ri S, «qualif (#) erit. 
m^t.f.z» At<^ circuli radionun P 8c S, scquantur {f} fuperficiciM^ 
i, 12. &f, oanicts qqas jvoduxerunt latera .AB, £D, Uquidcm P c^ 
^^' ^' media proportionalis inter AB coni latu^ , & BK radiuc|i 
^^'^ baleos $ Si ver6 media cO: iiMiC» ED & DO: & circ4li|f 
r« radii (^eft aBqnalis figmentq (g) fuperficiei coaicse quac in- 
tercipitur inter duos parallelos circi^Ios diametrorum CG , 
BH, quia Q^medta eft inttr.BC, & compofium «cf 9K, 
CM: & ob eandem cnilam circulus radii R arquatur ieg- 
nieiito iuperficiei conicai intcr paralleios circulos dfametro- 
rum CG, DF interceptx. Er^o circuhis radio I defcriptus» 
fDquatur omnibus fimul conicis (iiperficiebus ipha^ ipicrip- 
ti3.*(]uod erat demonfbrandum. 

PROP,OSITIO XIX. 

^* 17* TyOnantm' ^adem ejM in i.kmmatey &dHCAturree^ 
JL tk EB ah extremitate diametri AE adtermittum 
lateris AB Jiametr^ froximi i 

Dico omnihus fiq>erficiebtts conicis fegmemo Jph^rko 
DAF infirftis aqsudem ejje circsslum , cujus radius 
efi meJius frofertionalis inter EB e^ Jegmenti axei^ 
AO. 

Demonftratio plaoe eadcm qoae praecedentis: fid pro P. 
ttf. citetur P. 17. 

P R O. 
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PR.OPOSITIOXX. 

m 

Zfptrfkiei camce ^4Br4 w(irif$4 , i/tjph^r^ftferi' r^ i i 

Dau fit (iiperiicics quantumvts pam %. Mai^ifefhim efr 
iotra fphsericam fupernciem ACEG ijari aliim poOb ccmh 
centricam « quae ab bac d^fidat quanticate mtnori quam ^ 
X Ambinim pbno 6Aarum per centrum , maximi cir« 
culi fint ACEG, DPLM. Ducatur diameter ADE, & in P 
tangat NQ. Si arcus A£ bcitcetur in C, 8c fefiduum bifr* , 

^etur rurfiis» [/#J i^fig» ^8. tkrcus ^uadrMMlis AC trifie^ 
tur , quod triamfieri fofi fatet ix cor. ^^%. tf, /. 4. ] It iic 
deinccps, rcHnquetur (a) tandem arcus AB minor arcn AN; (•) ^^^ 
Huic A iubtendatur re^ AB , manifethim cft eam non per» ^^'Ji 
tingere ad peripheriam PDML , eilcc)ue latns iigorai SBqui* ,*J^2^ 
laterx & parilaterx circulo CAGE inicriptit , [ cujut Imm^ 
jHattmariiu metintttr, c^} cujus nullum latus pertingat ad 
periphaiam PDML. Qvofe fi circa diametrum AE in 
orbem agaxmir omota , patct fuperficiei fphxricas ezteriori 
^ infcribendas efffe conicas iuperficies , qux indudant iiiper* 
ficiem fphsaricam alteri concentricain , ac promde ilU fint 

iS } majores. Quoniam ieitur fphaerica fupcrficies DPLM, (B) JW 
eficit a fupcrficie iphaericft ACEG quantitate mioori ouim f^^ .- 
Sx data X i multo magis fuperficics cotiicae ab ddem wha> ^^- , 
ricd ACEG, dcficient qoantitate minori quam fit data a, ac 
proinde (t) in ACEG luperficiem definent. Quod erat de- (c) Rcri^ 
monibrandum, 6*A ii» 

PROPOSITIO XXL 

COnlcd fiferficies Jegmttto fpbdrico DAF infcriftd , 1%. aoi 
in iffam fegmeitti ffhttrictim ft^erficicm dtp^ 
mttt. 

Demonfinhituv epdem feri lattocinio quo prasoedcoi. 

PRO 



TbearmMs jfebSd 
PROPOSITIO XXII, 



p%, i> T^EmottfirMtMm e/ifrBpof. i8. ciratbm cmjhs tm^ 
XJ Mm tft medsMs prepartioftalis iraer dsMtetrMm 
AE 9 c^ reham EB ; ^ ai extremitMfe JiMmetri 
dMCitMr dd termtMttm Uteris AB dUMtetro froxi'^ 
ttri » M^ttMlem ejfe ommbtts JitferfkiebMS cotdcis JphMrM^ 
ii/criftis. 
ft)Flir Dico httMC chcMlttm defiMcre (a) tMndim sm circtt^ 

^ ^*^ ItMmy cttjtts rMdms eft AE JphMrM dsMttteter. 



Nim £i pliira iemper ac plura in infinitum ktcn ctrculo 
mtximo inicribantiir » (quae deinde drca A£ in orbem ada 
conicas producant &perficie89) patet latus AB fieri tat^em 
quavis datft redi minus » ac proinde fubteniam £B ad dia- 
metrum AE acoedere ad interYaUum etiam quovis dato mi- 
nusi undefit» ut differentia ip&rum A£» B£ etiamfiatqua- 
▼is data minor. £rgo multd ^magis media proportionalis 
inter AE & BE, quaeiempQr major dk quam BEi dificrer ab 

^ AE tandem defe£hi minor quocunque dato. Ergo etfam 

circulus cujus (emidiameter eft media inter AK (Sc BE , a 
circulo cujus riKlius eft AE, tandcm diftret defedihi roinori 

Wftrdrf. Quocunquedato: hoc eft, in (^) ipfum definet. Quod mx 

^Liiu * demonftrandum. 

, Hxc per ie iatis chra, non eft necefic operofiite de» 
monfirare. 

PROPOSITIO xxiir. 

Hs. aa^ 'Y\E99MmfrratMm eft frjtpof. 19. drctdMm cmjms rM- 
XJ dsMS eft MtedtMs fropmiondis imer EB dr AO 
JegtMenti Mxem^ aqMdem ejji OMtnihMS JiiperficiohMS cot^ 
iis portiotsi fiheriCM DAF ittfcriptis. 

Dico hmc drcMltem dejinere in circtdMm , CMJtts 
raditts eft reHa AD , m J^nenti vertice eht&a ad 
fmpherimn circMli D Q^F JY, qMi hifis eft ft^ 
tttenti. 

Kam quia jam ex praeced. demonft. liquet EB definere 
tifidem in AE, patdnt quoque mediam proportionakm in* 



ttr IB tc AO, Ae&ofxt taiidem io modiam proportioiiafem 

ifltcr AE 8c AO9 hoc(«}eft, in ip&m AD. Manifeftom cft (tlil^M^ 

igitur Sc circahim cujiu radtus eft medsai proporticniaHs in- 1.7^4^ 

ter £ B 8c AO etiam definere in eiraiium radi^D. Qaod 

crat demooftnmdMm. 

Ltmma ad fiqum. 

SI dkmeter diametri duph eft, circuli;^ circuli qoadniplua 
erit. 
Patetex propof. a. 1. la. 8c defin. to. lib,/. [ytl$x m.^. 

PROPOSITIO XXIV. 

CVjftfimkpte fih^Td fi^efficiis ftkidr$fl4 efl ms^ p^^ f^ 
ximi CircuU tjufikm/phdrd^ 

Hoc nobiliflimum Archimedis theorema ez jam prannlfifia 
czpeditd demonftrabimus hunc in modum. 

Circulo fehscrae maximo circa dtametrum AE mtelligatur 
inicripta eftc figura ordinata » cujus latera ^uatcrnarius me* 
tiatur i quse circa AE in orbem duda » producat conicais 
luperficies iuperficiei iphsericx inicriptas, ducaturque £ B. 
Demonfiratum jam (upra (^) eft» omnos ccmicas fuperficiei (b) Af 
^haerz infcrintas aequales efie circulo , cujus radius poccft '<• %<k2 
redangulum AeB , hoc eft » cujus radius eft medius propor* 
tionaiis tnter AE &; £B. Atque Jioc icroper eveniet » io-* 
lcriptionibus in infinitum cominuatis. Quarc cihn infcnptae 
conicas fupcrficies (c) tandem definant in fphasicam fupcrfi- (c) Ar 
ciem , drculus verd cujus radius eft mcdius inter AE & EB» ao» ^imf 
definat ( ^ ) in circukim cujus radtus eft A E j ipia quoque (^) £^ 
fphatrica iuperficies (0 aequalis erit circtib radii A£,hoc eft, ^ ^*" 
(/^) quadrupb maximi circuli ACEG, Quod eratdemonA a.Mw, 
trandum. (0^^* 

Viam,qujl in theoremate nobiliftinao demonftrando hade- «""•#>'« • 
nos ufi fiiipus , Archimedd multo breriorem lc darioccm 
efifc iciety quiArchimalem legeric. 

■ 

CorolUria. 

t. T^X hoc mDchro atque admirabtli theorematc » qoo iro<- 
d mortale nomtn Archimcdes apud omnes Geometraa 
coniecuctts eft, cxhibcmr circulus aBqualis iuperficici iphanri*' 
cx» Js nimirum coius iemidiametef eft ^hara diametcr»fife 
«tfjus diameter dupk c& diamctri i^hsB*. 

£Cor, a. 
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ff/hiTitntm Jttferfiehsjmit mitrfi m rmiam dmfikMtA rMikrmm 
fti m Ipiuarufma, ] 

&holifm. 

'Xpcdita jam erit dimenfio fuperficid ipluericatf principis 
^inter omnes curm. Duplfcx eft madus. 

1. Menfuretur circulus fplmae maximus , (ut traditur ia 
JchoHo poft P. 6. hujus,) 8c multtplicetur per 4. Ut A 
maximus orbis tcrrae circulus inventus fit cootinere ^uadnti 
xnilliaria unius horac rivt Belgicia f ,946000. hic numcTus 
quadruplicatus exhibet quadrata milliaria Belgica. 13, 76obDO« 
qu» in iuperficie orbis terrx continentur. 

2. Diatxietor fphaer^ mnlttpiicat:e per circamiercntiam 
maximi circuli, exhibet fphanrae fuperficiem. Ut fi terrae di« 
aMetro dtatur tnlUiaria unios horx a^fo^ , atque illde 
maximi circuli circumfercotia diciatur miliiariorum 8640; 
bi duo numcri, omifisl fra^lione» multipiicati per inviccm» 
flabunt nirium quadrata milliaria unms norai> a}, 760000* 
totam orbis terne lliperficiem conftituentia. 

Uemonftratio patet ex primo coroil. p. f. hojus: redaa- 
gulum enim fiib diametro iphaene, & maxiroi drculi clr^ 
cumferentii, per di6hun corol. eft quadruplum maxiod 
circuli. ^ 

[ De tutmerU in koefchoUa memoratis vidi tpts nmuimus ik 
fihoL fofl p. 6. huj$u4 

PROPOSITlO XXV. 

Wl^ ao. ^^ Vjm/cuM^ fortiams JphmricM ( DAF ) fuftrftcki 
V^ ^tpuiUs efi ctrcmb^ CMJm rMdsHi efi reHa iAD) 
t0 verticc fcrtibnis dmRM ad circitmfiremimm circttM 
(DOFN) quifortiQnis eft hajis. 

[i. P«f^] PortioQis maximsB ieBdxm infcripta cogitetur 

circa axem AO, fi^ura aequilatera ^ mriiatcra bafi dcmpt^j 

r xrUtOk l^i^ mdbtm laus fit mti (a) fmMiiiumil^ qUK circa AO 

pA7,iaS^[ in orbem ada > portiooi infcribet conicas iupcrficies. Du- 

(b)if i9. catur ouoque re& EB, ut (S) fiipra. Omnes conicae fuper* 

& 19« Aar-^ficies uignleiito (phserico jam loicripfse osquantur (^ ) citc«ilo, 

^* ' cujus raditts dk naedius profnrtionalis imer EB, 6c i^^menti 

IJtLf '^* axem AO. Atque hoc^mokiplicatM io iafinitQm inicrntio- 

^ nibus, iempef continget. Qutre, Am & comcse fuperbciei 

(d) Pffia. ^nxato infs^riptas t <kBoM (d)in ifhmfmm icgmmi lo* 

itfmt, « perfincna 



gfidem "9 8c dtculus eu)us fadios inticr EB 8c AO mcdius 
, deiimt (4) in circulum radii AD$ etiam ( l) if^aericaB f^y IWm^ 
portionis fuperficies DAF , circulb ndii AD asquaiis erit. hym 
Quod erat cKmoaftrandum. &f^ ^ . 

[ z. Psrs. Sh ED rt£ln vntkt E fmkm AhiticM, mm^ ^'^* 
ris DEF »4 ctftumfermUm Bafios imBa , (jf^ jn^gtusir JiD, 
trifpter ( c ) nnguUm ADE nBum , (d) tra circnhs tadh 
AE iufstdis pmmi^ drcul&rmn ruiHs jiD, EO njfe&ive it- 
fcripimm, Sed circulus rudio AE (c) dquamur toti flsfir^ f'J^ i^ 
ficiei Jfhdricd , <^ ctrcuhsradio AD (f) dquMtur fortionis ma-'^ (aiPmtw^ 
pris DAV fuperficM. Ergo circkku rudio ED , fortims Hw- S.^.ju 
uoris DEf fupffficiei dqua^itur,'] t» i^* 

Hoc alterum e{t ex Archimedisifiveatisnobilioribus, quod j^^"''' 
perinde ac ptxctdcas , til DultA, ^im ipie» breYiori zcj^f^ 
ciariori jam demonftravlmus. {/) *p^ r« 

{ Cor. Hinc dntis ffhdrd dinmetro AE> ^jortionis ffhdr M^tm hjl^ 
rscd DAF axo AOy (vel dutis nxo AOt & OD iBfis radiop)f^ , ^ 
ku^tttr AD mdius iinuU » qui porHonis fpiutrka fuforfieiei 
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{i) ttinm AD 'ZZ yAOff^rDQ^.^ Siigiturfiat ug ad iff» «7-^^ 
01$ AD ad torminnm ^tarttmi iic terminus fer AD tnultf^ C? 
fbcatus 9 daSit ariam » portioms ffhdrica fuferficioi ocptMlim* ^^* * 
J^aat iu hac, (^fihoLf. 6. ht^us» cum f. ij. U 5-.] 

PROPOSITIO XXVI. 

CTlindri reSi J^^cra circfmfcrifti ^HPSF) p^^^tt. 
forficieSj oiqfMlii ejl fiferjkiei ffhsrdm 
Et fi cjlindrm ac ffhera feceMtr flamij dd nxmi^ 
X B<?) reais , erkfn fitgftld fkferficiei cjliffdriae figm 
ffutfta f fegmctaisjingfdis fiiferficieiffhartca a^i^^ 

1, Pars. Quoniam cylindri htus HP apquafc eft (*) PS (J^Arl^. 
fflamctro ba& 5 eric tylindrica fuperficies HS, quadrupja 0) Perc * 
il) bafcos, hoc eft, maximi circuH fphacrac cylindro in-^-"**^ 
»f1pt«i cujus cfcfti etiam (m) quadrupla iit fphacr* fu-(^/^?; 
pcrficics , crit haec scqualis cyHndricafe. Quod erat dcmon- ^*^^ 
iirandum. 

i. Pars. Ducantur redbc BO , GO. Quoniam angulus , - 
tOG (») rcdhis eft in fcmicirculo, ab coque cadit OC pcr- vj^/ , ' 
pendicuhris «i BG, arit (#) BO mcdia proportioaalis intcr l^Phurk 

' OB 8C a^.8./.4 



J04 Tbevrmuiid JileSd 

GB & BC , hoc cft , inter IT & HL EfW drciiluf ndil 

MPif II- BO («) aequialis eft fuperficiei cyliodricac HT. Scd idcm 

%*f; circulus xqualis (^) cft etiam iegaieQto iuperficiei fpbaakx 

^l^^ OBfC. i£ouales igitur funt &paicie8« cylindrica HT» & 

'^ fphaerica OBK, 

Deinde, quia eodem roodo ofteDdicur cylindrica HX as- 
ouari fphacricz QBll, etiam reiiqua cylindrica IX, reliqoaB 
iphaoricae QpK.R, ioter duos paraUelM circulos interceptat, 
acqualis erit. 
£x his pQtet de {cgmentis omnibos. ^ 

[ Coroll. Hhu fufirficiis (ylmdn Jffhdrs cirmmfirifti , ^ 
dufU Safium.] 

PROPOSITIO jcxvir. 

fj^. fti. ^Egmema fHperficiei fphdric^t parAllelis circuUs Jb^ 
O vifr , eam inter fi praportumem bakeMi » ijmm 
fepnenea dummn (BC, CA ^A AEyEF^ FO) ad 

circubs paraUelos reSia, 

Seqoitur ex praecedenti. Sant enim fpbanricaB fuperfidei 
(0^«r figmenta OBK, QOK.R, MQRN, 8cc. (O xqualia cvlin- 
P^* dricis , HT, IX, LN, &c. Atqui haec eandem inter ic ra- 

fd) JVit ^^^ -habent, {d) quam axeos f<^mcnta BC, CD, DA» 8ic 
1 1^ ^* Ergo £c illa. Quod erat dcmonftraadum. 

SchoHttm. 

EX hac innotefcit proporrio zooanim & chmatum inter 
ie. Sont eoim ad invicem ut iegmcnta axts , quae noCa 
Smt ex tabuli finuum. 

Ex c^dem habctur dimcnfio iegmentorum fuperficidiphaB- 
ricae. Nam quia 2c tota fphacrx fuperficics nota eft ez 
firhoiio prop. 14. 8c iegmentorum proportio, utpotc eadem 
quaepartium axts » etiam daturj liquet i^menta finguk sn- 
notcicerc. 

CKcerum 8c quatuor praecedentia tlicoremata , & rdiqot 
omnia quae fequuntur , omoia fingularia atque admiraoda 
funt , planeque digna, ad quae intd&genda » Geomctrix fta» 
diofi ardenti ftudio incumbant. 

Lemma ad fiqnent. 

^«ai« Ql iphaeram tangat planum (QN inO, ) re^CAO^^ex 
^ centro ad conaaum duda» cft piano caogenti perpcfi- 
dicubriii Seccntur 



Ex Archimede: ^ 5,6/ 

.^&CBntor, planpm tangens QN & fphaera» pcF [cititrum 
Ji t^l ta&um O > duoDus^plaDis [qHorum (tciio communts 
itrit AQ, c^] qux in fphxrsl quidem producant circulos 
pG, OD, in plano autem QN rc^as CO> lO, quae circulo^ 
contin^nt (i») in O. Igitur pcr 18. L 3. AO perpcndicubris f*) ^^ <*P 
cft ad urrumque lO, CO, ac proinde per 4. L 1 i. rcda plano ^* ^ ^* 
QK. Quod erat dcmonftrandum. 

* 

tCoroll. Hinc colli^imus glabuln firf9ci\folitwn 9 m pUm$ 
horizontnli ferfell$ folito ^N Tellurem in O tangmte fofitum* 
quiefcne nan fojje , t^Jl in pwn^o fiontaSim O coUocetur, Ex. gr. 
Chims ad 1 fcfiius^ ob grnviiatem fsMm^^ tlani declivitktern 
defcehdet verfus O. Nam dssHa Al, in trtahgulo reBangttlo 
AOIt iattts AI angulo rnHo oppofittsm , tmjus efi ( b) quam (b) ^^ . 
AO , adeoaue globus ad I magis dijiat a centro quam adO, ^ >?• ^Tv ' 
fromdegloius ad i qtdefcere nequit,Jedverfhpd^cf»det: N«- ^*^' ^**^'* 
que alitor fUiidofUth defcer^um, mqtie tn fufirficiem fphAricam « 

cor^ormationem probamus. 

t. Lemnn ad ^Qn(e£^. 3. in fchol. iieq. Smt O, P, ^tritim 
eirculorum ferifheria , ^ R, S, T eorum ruM rtfpe3'tv^\ jit' ■ • - ,. 
^K — S—T:EritO — IZZl^. f«) ^^ 

Nam q:F::ic)R:Sio^r:3::S:T {d)ErgoO^T: /j.^ST* . 
^iR-^StT. SidR^S(c)ZZT Ergo O^P(fJr:^. V./^IaJ: 

(e) Pir 

Scholium'. Cum pland fer centruni terra tranftUntia , in hPy 
quibus orhnia ad horizontem recia conjijiuni, ctrculos magnos (J^^ (0 '*«' ^ 
aquaiis in tem, fkperjicie generent , iastta /icnnulla eonfeSiarid h) Ij^^ 
ix authore noflro in Ajironomta fud (g) a^p^mus, qui tx cir" 1. <^ ^^ 
euiorum naturd faciiiim} fojfttnt inteuigj. . . ^ ^ ««ow 6. 

L Si qudftii farte fuperficies terra effei perfeSf fland , non ^»X«*7»'.t« 
magis fojfent homims in ed reili con/tfleri quam in clivd monr 
tfs: excefto himiruni eonta&Hs funHo. 

1. Cdfui viatoris fiut itineris confictt qunm fedes : item 
tmi eques eandem viam frofirifcitttr , fius quam qui fedes. 
hem iti navi , pdrs ftiprema mttii pius vti percurrii quani 
inferior. 

3. Si ijuis totsifh orblt circunidti^urn peragrdjfei, iter ejtis 
« cafite confeiium fuferaret iter confeSium a pedibus perifhe- . , .. ^ 
rldrum dlfferentid , quA (h)* aquaiis iji circumdu^ui Ctrctdi (h),ftT, ^^ 
cuJHS radius eji ipfa hominis Jtaiura. iem.Mdhie 

4.. Vas dqud plerium Ji dd ferpendiculum efferatitr in altum , '*^ ^ 
cbntinuo aiiquidex eo efftuet, (^ iameh manebit fletium : quid 
fciiicet, fuferficies aqua infartem majoris Jlhara cdntinuo corri- 
jrimttnr: ltn4 fi vas in altum iine cermmo eferattir, fuper-' 



If 



icdT Tieorematd fikSd 

fcits Mtpu 01 M emmd dejemlet ^oc tertntoo verftu pUmum 
per nutrgmes duihim \ nenpt tmen miqimm Md fUmm ifiud 
firvemet, 

f, Si vMs stqud flentm reBk detfrfitm fertuttr , qumvis 
nihil efittat , tamen definet fffe fUnkm : quia fciReet ttqud 
Jufrrjides in fttrtem nrinms /phdrd cmmtio tushefiet. Mx ^ 
fequitur, 

6. Unum idetttque vus flus Mqud continere in fede nmtis 
qukm vtrtice ifltu etidm in etUd fubterrsmed qukm incuhiculQ^ 

J^uthus ttdde , 

j , Duos fiimeuht f de quiims duo ghbtiS ferrei sn perfendictt' 
riz*rj* «S- ^ fendulijmt, \j^frotndeAdifictorum mttros juxtu ferpendicuU 
ere&os^ non eje interfefMrallfhs: fed fartes radiorum terra» 
m ctntro coeuntium*] 



PROPOSITIO XXVIIL 

. g^^xMnit Jfh^a dqttalis efi cono (^ZO) cujtts alti^ 
V^ tHdo (KO) par tfi radh fpara y bitfis vero 
(Z) fitperficiei Jfhara^tutUs. 






Intelligatur fphxrae circumfcriptutn dle 'corpus iKquod 
polyedrutn , cujus fblidi anguli novis planis fphaeram taneen-^ 
tibus abkindantur* Quo ra6h> , orietur aliud corpus pmje- 
drum iphaeram continens, minus priore > 8c piurihus con' 
ihos anguKs , 8t {uperficiem habens ex pluribus ac mino- 
ribus planis tane^entibus compoHtam. Si polyedri hujus 
ftlidi anguli novis phnis taogentibus kerum abfcindantur , 
^ tertii poljedri iode nati fimiiiter \ atque ita in inHnitum : 
£et tandem ut & polyedrum excedat Iphaeram fbiido mi- 
x^ri quocunque dato , & fuperficies ejus ex planis tangen- 
tibus (qux , ut dixi , fine termino 8c mmora , & plura cruot} 
compolira , fphanicam fuperficiem excedat quoque , plano 
minori , dato quocunque. Quod utrumque , iic^t demonf^ 
trari poflet * tamen quia per fe fiitis clarum , pofluletur 
ftudio bre?itati». His ita conlUtutis » quaefitum itsi con* 
dudemus. 

Pol/edmm jam expofitum componitur ex pyramidibus» 

Suarum rertex communis eft centrum ^haerae , bafes verd 
mt piana tangentia , quae polyedri fuperficiem confKituunt. 
£t quia redae ex centro A ad fingulorum plaoorum contac- 
ft>P^ tus du6be, ad plana {a) fingula perpendiculares funt; eruoC 
ftm,^«9 omnium pyramidum, quibusconflatpol/edrum, asqualis ai- 
titudo» ipfe ninurum AB radius fphaera:. Si jam igicur pk- 

nuxa 



Htitn X ponatur asquale fuprrficiei ipfius polTolri , fiper^ue 

eo reda iic pjramis ad aitirudinem MN etiam zqualem 

iphaerx radio AB » manifeftum eft (a) omnes pjramides fupra (^yVsMHi 

al^s, hoc ell, totum poljedrum, sequari pyramkli X N. dem,f.6i 

A6. eundem modum reiiqua orania ^ljedra fphseram in- '• ^^ 

dudentia, qaae ex truncatione perpetud lolidorum anguiorum, 

alia atque alia naicentur in infinitum , iemper aequaiia erunt 

f»7ramidibus (per XN repraeicntatis) quarom aititudines 
M N) fuitt radius ^hserse , bafes veto (X) aequales fuper- 
ficiebus polyedronira , fphaeram ambientibus. (^are aitri 
tandem > Sc polyedra (ut dixi fupra) in fphxram \ & pyra- 
Aiides XN (ut mox oftendam) in comim ZO definant; 
etiam {b) fphaera coao aeqaalis erit. (^od erat demont^ .,^. . 
trandum. i^^J^. 

Quod autem pyramides XN {c) definattt ra conum , frc {cyidedeft 
oft^do. F^olyedjrohim fhperficies definunt in ^haarae ftr- 6Jm, 
perikiem , ut poftulatum fiipra. Atqui b(i(es X pyraml- 
dum XN , f^per stquales pontmtur ftxperficiebns pdye^ 
drorum 5 & 2 bafis coni Z O per hyp. aequalised fuper€« 
ciei ^hsera? : ergo etiam bales X deiinetit in bafira Z $ . ac 
proitide , dkm. pyrami^s X N fint ad Cooam ex hyp. aequj 
dltum i tit ^/) oaiis Xad bafim Z, etiam pyramides in co- u\p^c^^ 
«imdefifidift' 7,ii,/.fa* 

Denjonilratky* jarii aDatt hnjns propofitionis 8c fcquefttis,- 
peoitttS divcrfa fcft ab ei , qa^ ufu« eft Archimedcs ; qua- 
qnideni tsdde fubtilift 6c ingenlftifit eft , ied prolria & ardaa ; 
ad qQani ^eHcet adhibentur duo manifefta , 6c pibpofi^- 
tione» ucfdocim , praeter alias tion pauou i a qalbus iliae de* 
tendent* tfflm .ver6 the6redia< abC^rchim^e proponitur 
luinc in modum : Omnis fjphanra quadrupla eft coni bafim Ju- /- 

Uaitis stquale?» maitimo circiiJo ^kera^ , dtttudiaetn ^erd 
fadium, 

[Corolt. Hihe hemi/^bdriUm SipUim ift cm hapm 'hntintU 
MMkm mkximo ffh^s ihrcnlo , MitiMimm vtr^^ijsffiieni. 
JjfhdTd radh di^uedem. 

Tasmmius htc c&r^lMrmm li pf(^. ^. exiii$i i fkdhi ejui 
ehmsn/trMHene sffimit id qttml ipfd fMftfkitmi vix clarius effi 
viditMr , mmfi , hemifphaeriom «quale efl^ cono , habentl 
pro altitodiae radiuos , dc pro baft cifOiium foperBcieihemH 
fpha^ii aDQualem. &Hcd efmdem i^hnifr&f. %%.faelk dedte^, 
dtur: vitkm tatoitt^ ipfafrof. ^o^. iie eJukm hac pr. xS.fMi^ 
faeititatididuci peiirai. ^ iptur^mU frop, 30. huc tranr^. 
ferfi^ e^ in ardlarium pradiSum mutan , auifalatrH , ft 
fropifitii memorata iocum ft^tm teniao , fauli aiifer demciiifir^' 
ri d^t.} 

V i ithdhtm* 



3 . pHonnuUn fch^ 

Scholium» 



E 



*k- 



»X doc praEnobfli theortmite» figurae iater corporeas nc^ 
I biiiflinuc dicitur dimeofio. Nam li diametri fextapars» 
Tive tertia £emidiametri,-multiplicetur per iphaera? iuperficicm 
, jam notam per fcholium prop. »4. proveniet C^xrx ioli* 
ditas. 

laventa Gt Cyhxrx tterefhris £iperficies cobtiaere ouadrata 
unius horr miUiaria 2^,760000. & icmidiameter eAo mil- 
lurium horariorum 137^* cujus tertia pars efl 4^8^. Mul- 
tiplica ^fS. omifli fira^ione / per 2), 760000. proTeoient 
To882,oBoooo« cubica uaius horse ouUiaria pro fotiditate or- 
bis terrse. [£>« hifcevero mnnriSi vide notataadfcM.f, 6. 

(1) Ptr^' ^^™ ^^ fphflBra iit anuaiic (a) oono, .cujns altitudo efi; 
ham i8. radius &haBrx, baiis vad fuperficies fphxrac^ coni autem fb- 
(b) Perfcb. Uditaft (o) producatur ex parte tertisL aititodiuis, (hoc eft , radii 
f. ^higus, {^xtx ) du£ka in bafim » ( hoc eft » ia fphxrac iiiperficiem i ) 
^ eckm iphaerae ibliditas obtinebkur «x terti^ parts ndii' da^k 
iafuperfidem. * 

IDoiu aut$m dtdnntro (^ circtimftrtntiA^ habthitur ffharA 

foUditas , fiparsfexta circumferentia ducatur ih diMmmri^us* 

dratum: vetatutr^ fidruifo diametnquadrata^per 6t ^uotiens 

fer drctlmferentiam multi^cetur* Idem tnimhis modis orietur 

' fd^um t acfi diametrifixta pars in ffharafuferficiom ehuoi 

ritur.2 

PROPOSlflO XXIX. * 

• « 

\J tittsdo efi raJius Jphara , tafis vcro feSlori^ 
Jfhmca JitperficicSw 

Efto fnmim &aac (AECG) faemifphaErio mhiQr. In^ 
teliigatur ie^ri circttmicriptum eile polyedniffl corpuf 
fed^ilineum. Si caetera rctiociiiatio omais ad eundem mo» 
dum initituatur ur i^praBcedenti , eodem roodo coodudetar 
. SuaBfitum. Id ibkim oportebtt ofteodere , ex quo diicurfos 
totus dependet , fuperficiMii poiyedn ex |^s fphsericam ftt- 
perfidem ECG uodequaque tangentibus compofittim » effir 
% majorcm fupcrficie ECG. Quod ita fiet. Cogitetur fuper* 

ftcieir fiCG apponi alia apqualis & fimilis , pUnis tangentibu» 

j{K[gm 



Ex jircfnmede. jbp 

codem proriiifi modo cin^ quo prior. Erit jam tota (4) (t) f^ 
iiiperficies ex planis comppiita, major toti fphaerica. £rgo etcMx. |« 
etiaro dimidia ex pianis compofita , dimidii ipbaerici E C G %*'• 
JDajqr eric. 

' E^ deiode iedor ( A E B G ) major hemifphxrio. Uter- 
que ifidlor fimui fumptus, aequalis(^) eft cono cujus altitudo /j,) f^ 
eft radius iphaerx > baiis autem tota fuperficies } hoc eft, prm, 
(^) duobus conis, quorum akitudo eadem » b^s verd pares' (c)PateteM 
iiiperficiei fphaericae ieementis ECC» EBG. Atqui icd^o- n-^i»»^ 
rum unus AECG faemiiphaerio minor, per upartcm aeqiia- ^^*^* 
tur cono cujus alticudo eft radius , baiis vcr6 iuperficies ECG. 
£rgo alter AEBG aequatur cono reliquo , cujus altitudo efi 
radius , baiis vor6 fuperficies reiiqua £B Q. / Quod aat d(t 
jnooibrandum. 

CoroUarifm, 

CUM ibpoiicies EQG ijt ascjiialis (d) drcolo radii CG> & (i)Perisi 
iiiperticies EBG aequalis cvculo radii BG$ erant icdores %«f. 
AECG, 8c AEBG ae^uales conis, qgoriim altitu^o eft radioi 
^han^ae, baies ver6 circuii radiorum CG 9c BG, 

Scholittm^ 

EX his habetur dimeniio & iedonim ^ Bc iegmeQtoniQi %*»^ . 
iphaerx} iedorum quidem , ii multiplicqtur (*) tcrta ^f^l^^ 
pars ndii per iphxricam &dorum iuperficiem , jam notara 'jL^f' 
ex fcholio pro^, ^7. [vfiexw. p. af.l iive per drcu» 
lun^ r^ii CG , ve] BG : iegmentorum vero , ii meniuretur 
conus £ A G , & a iedore , ii minor eil hemiiphaerio , aufe* 
raturi fimajor, eidem adjiciatur. 

Segmentum (MQRN)quod inter duos drcubs five paralkt» f^, n; 
Ips five nra panllelos tntefjicitur , menfurabts , fi icgoicnu 
^BR & MBN j^ nota auftnrantur al? inYJ^m^ 

PROPOSITIQ XXX. 

HEmifph^rium (EOBD) cck (EBD) ^^•J^.a^. j 
^lim fictm (f^ffim t^ dHtudimm h^ibentls^ 

f Conus cu)us lafir^^ ^periiqec hemifphaBrica EOBD,' 
dtitudo autem radms AB , eil ad conum £ B D , (/) ut bafis f/^ ^^^ 

V 3 adn.^u. 



1 



3 1 o Tlomtama fiURa 

ad bafim ,^lioc eft, ut £ij)crficies hemiTpberici EOBD ad m^ 

f?iw,-, ft ^"P?'!;:^'" ^O B D. pro altitudinc radium AB, duiL 

^ I^Rn""1^ «diun, pro baO fuj^^ficiem hinSLS. 
cara fiOBD. Ergo etHm hemifplucrium coni EBD SL 
«a. Quod erat dcmoaOraiidum. «"fjum 

CoroL Comu-EBD, hmi^b^ri^ EOBD tu cilmJrMi P r- 
/«r 19. f. I». ?(f ftto» enmt MdtjUndrim 1« i. «rf j.j " "^^ 

PR0P05ITI0 xxxr. . 

rt' »V C'*»'* J^ 4ivif4 m duo figmtnta TL£G, ISK& 

«*imeterMttmpUm,ficMfdrtaayfiiBOK. 
Vt oltitHda OBfigmtmi ILBG tji ^ r^utkm 

rJ^ '^tV'^ ^ ^'^f^e^ /J3K7 tjl ^ 
ffiuUHm AKfcH AB, U* aUituJo OB fismmi 2 
^enusfidt ad alimn BD, J& '^ 

(um QN, QD, tafis vtrh fomLmi /QGT, ftt. 
Vttutt f^icis fimt a^s. ^ * 



'tfmefiti 



fcriftm 



Ex ArchrmeJi. jii 

firifhm amttm IKG j tu NO ad KO; & fegmen^ 
mm ILBG efi Mljibi infiriptHm conum maxsmHm 
IBOy HtDOad^BO. 

Pars I. Sphaera & coni ficcntur plano pcr diamctrum BK/ 
Praduoentur in /phaera circuiu$ niaximus BLKGi in conis 
▼cr6 triaogula BIG, IKG. £t quia fiOK diametcr («) reda (a) Per 
eil circub QT» crit an^ulus lOB (^) rcdus. Angulus quo- ^* 
quc BIK (c) in icmicircuk) rcdhjs . cft. Quoniam igitur in Y/fti 
triangulo BIK ab aogulo Tc€to du6h cft lO perpfcndicubris (cjWqi 
in balim BK , crit BI ad lO, ut (f) BK ad KI. Ergoratio'7. ^ 
duplicata B I ad I O aBquaUs eft rationi duplicatac B K ad K I ; i^^^ ^^» 
hoceft, (quia BK, KI, KO (e) fimt trcs proportionalcs ,) Kp^"'*^* 
«quaJis rationi B K ad KO. if J i^!2 

Dcindc quia efl ut OK ad radium AB » ita (/) OB ad BD; (f) Per^^l 
crit quoque invertendo DBadBO, utABad OK : Sc per- 
mut. DB ad BA, ut BO ad OKt Sc compon. DA ad BA, 
ut B K ad O K. Quoniam igitur jam oflcndi rationem BK 
ad ,0 K duplicatam eflc rationis B I jtd I O , ac oroindc aK)u%- 
^"^ (i) i^^tioni circukvum radiis BI, lO delbiptorum^ crit (i) ^erctif^ 

Sjuoquc DA ad BA, ut circulus radii Blad circulum radiilO. *•/•*•''•«»• 
gitur conus^fub altitudine DA , & ba(i circulQ^;adii IO,%oc. 
cll circulo QT, acqualis eft (h) cono fub altituSinc B A , Sc (h) P^ x/^ 
bafi circulo radii Bl, hoc cft (i) lc£lori fphaCTico AIBG. Quarc '• «»• 
fi tam feaori AIBG, quim cono fub DA & circulo QT, ad- (0 ^^* 
datur idcm conus lAG, tota erunt acqualiajvidelicct fegmen- ^•*^*%«^ 
tum iphxricum ILBG xqoabitur duobus conis,quorum unus 
eft, qui fit fub bafi QT & altitudine DA, alter lAG , fub WPatete» 
cddera bafi QT, & aJtitudinc OA. Scd hi duo coni (*)con- "4-';"»'^ 
ficiunt conum IDG. Ergo iegmcntum ILBG conoIDC x- ^ferter. 
qualc crit. Quod crat dcmonflrandum. 3.p. 8. u 6. 

Eodcm difcurfu crit fcgmentum ISKG aequale cono ING, (m)Prr|4. 
eo iblum mutato, ut conus lAG qui priiis addcbacur, jam '• S»&fib. 
tuferatur; ^ ^ , ij»^^*- 

l^HM emm efi (1) KI: 10 :: KB:Bli (m) erit Klq: lOq^ i,p. 8*7^! 
XBqTBlq (n) i:KB:BO. Sedper hypoth. efi iiK:{Ah:ZZ)KAv, &ief. lo. 
KO:OB.Et comp. SA:AK::KB:BO:: (o) KIq:IOq:: (p) circ, '• f. ^ 
raJ. KI: circ. raJ. 10 — circ. ^T. Ergo conus fub altifttJ. [°j J"*'' ^ 
HA & haftm:, (q) aqtMtur cono M> aUit. AK & circ.rad. Y.p,Z.7i 
JKI, boc eftrCv)feiioriffhdr. AIKG. Sed coms fti^ alt, 'NA (qf >«. 




oqHalis efi f^m.fphdr. ISKG (^ cono lAG finmlfumptit. Au-^ g^, /. j^.^ 

y ^ ferattur i4»'.T« 



j 1 1 fhtormatA ftlS^ 

ferfiLtur utrinque ewius lAG » c^ relmquititr c$n ING ZSl ffgf^f 
Jfhjor. ISKG. ^, E. O.J 

Pars 1. Patet ex primi. Nam coai IDG 8c ING funtin* 
(») Per tcr lc (/») ut DO 8c NO. Ergo & fcgmcnta ILBG , IsKG 
"14.412. conis iilis atqualia, funt intcr fe, ut ic6hs DO, NO. 

Pars 3. patct fimilitcr cx prima. Nam conus IDG cft ac{ 

(b) Per conum IBG , (6) ut DO ad BO. Ergo & fcgmcntum ILBG, 

emd,* cono IDvj aequalc, eft ad conum IBG, ut DO ad BO. [£a- 

iiem rpodo oftendetur ejft /igmentum ISKG ad cenum IKG9 m 

i,OadKO,] ....... 

SchoUum. 

^ TJ^ P''^''^^ P^'^^ hujus tlicorcmatis , habctur alia » eaquc 6- 

JlL ciliiraa fcgmcntorum fphafricorum dimcnfiojli nimirum 
(c)W'/k£>. coni IDG, ING menruremur5 quod fiet, fi (r) terdas partcs 
hfi ^* rc&rum DO,. NO ducantur io circulum QT. 

PBLOPQSITIO XXXII. 



*4- »7- A^ llindrHs tjcEIhs (GK^ ) fihardyCHt circHfnfirikHr^ 
\^ ^ filiditate (^fHperficie mafifijHialter efl^ 

Q>mmunis fphaerx ac cylindri axis efto BC^, conus veri 

niaximiis hemifphaerio EOBD infcriptus fit EBD. Qiiia 

(4) Per cylihdrus EK , (fcmiffis totius GK) trfplusC^cft coni EBD; 

10./. la. hcmifphkrium vcrd (e) cjufdcrii coni duplunn , patct cylin* 

^ j^^L drum E K. cflc ad hcmifphzrium , ut 3 ad z. Ergo etiam 

P? «y«^ jQjyg cylindrus GIC eft ad totam Q>hxram QEBD , ut 3. ad al 

Quod crat primum. 

pcinde ouia c^Iindri latus KNeft asqualc bafisdi^mctroGN» 

ff) Ve* «r. crit ejus fuperfidcs ab/que bafibus (/) quadrupla baleos MI, a^ 

i^ixlknjns» proinde cum baHbus, hoc eft tota cylindri fuperficics eritfex- 

tupla bafeos MI , quse par eft maximo (phoerae circulo'. Atqut 

Iphaerae' fuperficies quadrupla cft roaximi circuii. Ergo tota 

^ cylindri GK fuperficies eft ad fphaorae fuperficiem , ut 6.ad 4'. 

iive ut 3. ad 2. Quod crat aitcrum. 

Igitur cylindrus fphaerx iibi infcriptae 6c iblidltate & totl 
fijperficic ieiquialtcr cf^. Quod crat dcmonftrandura. 

[Cor. 1 . Csitudrus reSlusfphirA circHmfmptus , iffa /hhfrM, 

^ conus ejufdem cum cylmdrb iajss ^ altitudinis , fum inter 

fe tu i.x. I.' Nam per hanc prop. cylindrus eft a/ ffharam 

ut i.ddi. i (ji> fer 10. l. \i. eft cytindrus ad conum ui 3. ai 

I. £rgo, (jf^c. At<pii in e4Jem rattone funt , fuferficies ^widri 

hemifbhArio confcripti cum baft hemfpheriam tangente , fuperfi^ 

. . P^ cies (femifphdrii , (^ bafis utrique communis. Cum enim tam 

%6. hujns ^^P'^ fuperficies ijuam hemifpharica , fi^(g)' dufU iafeesi 
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fftt cyltniricA cum bMJi ad Safim alttrMmy ut j. «i i. XJn49 
iiquet frofofitum. 

Cor. 1. Hinc cjUndrus GK demptd /hhdrd , (fivi filidfim cj" 
Undricum ffhdTQ cavum, fitferficie tota cylindri externi,f^ fu^ 
ferficie ^hdricd concavd tntimi termhmtum ,) £quatur cono in" 
jeriftQ GBS. Ctim erdm cylindrusfit ad infcriftam ffharam ue 
2 ad it orit ad fiUdum cylindricumffharo-cavwm ut ^ ad i ^ 
iec (a) ifit nt idem cylindrus ad eonum GBNi ^c frmndefo' (s) p„ 
Bdumilmd conpGBS aauaie trie. iOb/.i»* 

Cor. j. Soiidum cylindricum hemifpharo-cavum > (hoc o/tfCf' 
Undrus MK demfto hemiffhdrio infcrifto EOBD) aquali tft cone (b) Pstet 
mfcrifeo BBi>, Etenim tam foUdum , .qttam coaus » farsefi (b) '•dim mod^ 
ttrtk (ylindri EK VL^'^ 

Cor. 4. Si conus HAV^ tylindro NHinfcriftus.verticim hst- *' *** 
hat in centro A hemiffharit MO BN^ cyUndro itiam inferifti , 
<^ Safim HV hemiffharii bafi farallelam , di' himiffharium i» 
iffius vcrtice B tau^intem-y i cylindro autcm iximatur hensiffhar 
fiumi relrnquetur folidum cyttndricum hemiffhdro-csnfttm , cone 
HAV fufor imdim cum cylmdro bafi HV atjuali. Fsuet ex cor.^, 

Cqr . 5*. Si eiufmedi conus ^foUdum fecentur flano qulrvis LX 
hafi HVfaraileio $ fient in eeno drceslus ui » infoUdo fUmum 
smmlare ^CXR , fibi mvicem ubiqui acpsaiia. Nam dtUh 
f^hara radro AR , irit ARq (c) ~ ADq + DRq. Std frofttr (c) rtr 
JLB , W e^tMlis 9 (d) Jtrun^ AD^ D% atfitalts: (c) dquantur fj:^'^ \ 
etiam AR, AH, DXiniirfi. Erge DXj — Dtq -f- DRep (§• ITI.VxX* 
arculus radio DX (f) aquatur circuUs qui radiis DR , Dt nfi (e)p^ M^ 
fiiSfive difcribumur , fimulfufnftis. Asiftr utrinqui cireulum $• ^\ tx, & 
radio D R dtfcriftum , (^ hfiabst flatmm anmtlMn ^L X R f • 54- A i. 
aqtiali circssio habinti radiunf pt. ^** ^*"^* 

Cor. 6. Se^mtnta quavis coni HAVf^fiBdi eylindrici hemi' ^j i |/r/! 
ffharo-cavi , flants bafi faralleUs interctpta\ funt aquaUa. Sam * * 
comssMide aqtsaUs efti ^ fe6Ho circularis «t com» flanoannte^ 
lari ^LXR joUdi femfer aquatur. Si igiturfUnum LXfkrMtttr 
/urfum vel dtorfstm , motu bafi faraUelo , genirabse ubtqui w- 
ni (ji^foUdi eyUndrici aqttaUa ftgmmta, 

Cor. 7. Ex rntnfura (g) igitur coni HAV habttur dtmtnfio (g) ferfiK 
foUdi htmijfbaro-cavi^ c^ tx mtttfurd (h) coni truneati 0«flC, kfiJ^^* 
habettsr dimtnfio ftgminti annuUris ^^LIORXTK iifdtm flams ^L 
jTT, LXimtreifti. Atqui hmc etiam aUst rmthodus ixoritur 
ftgnsenta quavis ffharica dimetiendi. 

Sicfs qtursuttr ftHnfurafigmtnti ^KR faralUUsflanis^R, 
OK tmerafei i # cyUndre LT didueaettr zemss trttttcatue 
QtuK: ^ Ji qftaratur figrmmum M^RN a fsraliiUs fltuus 
A^ t 3^ termimtttfm » # eyUndre MXftebducatur conut 
#^J • 

** • V f SehOttm^ 
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Scholium. 

Q^aati hoc theorema leceric Archirocdes» argumeoto cft» 
qudd tumulo iiio fphaenm cylmdro infcriptam' appont 
Toiuertt. Atquc idcirco fbrtafle , toter alia tam multa & 
praeclara inveQta fua, hoc illi prse rdiquis placuit» qudd flc 
corporum & fuperficienim corpora ipia contioentium cadcm 
cGkx atque uoa rationalis proportio. Similem afiedlioQum 
idcQtitatem , aimulos inter anQulorumque fuperficies demonA 
travimus Jib. 4. Cyliodricorum & annularium , prop. 1 }, 
14, 15*. ied & ip(a in iphzra aliud roihi hujusreiexeroplum 
illuftTC (eic obtuUt. Deprehendi fiquidem , quemadmodum 
iphaora ad cylindrum redtum ie ambientem , (qui neccf&rid ^ 
xquiktcrus crit,) dk tam fbliditate quam fupcfncie , ut a» ad ^ 
3. ita (phaeram ad aequiJaterum conum ie ambientcm 8c ibli- 
ditate iunilitcr & fupo^ficie cam habere pruportiooem , quam 
4 ad 9. Ex quo deiode illud confeqiiitur , ieiquiaiteram 
poportionem ab Archimcde in cyliodro & fphacri repcrtamj 
in tribos iblidis, fphaerd, cylindro, 2c cono «quilatao coo- 
tinoari. Utriu^ue demoniltationcm, pluraque olia theore* 
knata aoilFa , quibus fpharrx natura mirabilis aropiius iniM>- 
teicet, tredcdm icquenubus propoTitionibus compfchenia» 
iiib)ui^am. 

PROPOSITIO XXXIIL 
ft* ^ C^Vperficies f^uars dttfla eft fitferficiei Cfbndri ^M- 
j^ drati Jjh^ra infiripti. 

Quadratum maximo iphzrx circulo inicrlptum , a quo in 

orbem du^ deicribitur quadiatus cyliodrus, e/lo AKLD, 

ducaturquc A L , diameter quadrato & iphxrx comrounis. 

la) '^ QuoDiam qoadratum AL par {/$) e(l quadratis aeaualibus 

47. i»u aK , KL , erit duplum unius AK. £rgo etiam circulus dfa* 

{V^fMm jnactri AL, duplus {b) tft circ^uli, cujus diametcr AK, cir- 

«*'• ^^ cuU nempe CN. Atqui fiiperficics fphoerac quadrupla fr) eft 

Tti PiT circuli, cujus diameter AL: is enim eft maximus iphaene 

\*h^mM. circulus, ciim AL fit ipbserx diarocter. Ergo ibhxrx iu* 

fi) /^ pcrficies o^pla dk circuli CN, Sed quia LK, K A, (J) 

4f* aBqoales £mt, cylindrica iupcrficics ACL quadrupla (#) dk 

tLnMm ^^^ ^^- ^8? ^"°* iphaarac fiipcrficics ejuiacm drcuH 

r» ^^ odupk fit , cylindricx fuperficiei du{4a erit. Quod erat 

demooib^dum* 

PROPOSITIO XXXIV. 

f^%p: ^Phara fieperficies ad totam ejlmdri tfmadratiJAi 
O injcrifti Ji^Jiciem eam frofortionem habet^ 

ftam ^ ad i* 

tooaa* 
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Pooantur eadcm miae demonft. prarced. Quoniam cylindri 
btusLIC & bafi5 diameter AK (a) acquales iuat, erit fuper- (t)P€f 
ficics cylindrica CL (6) quadrupla bafis.CN« ac proinde tota *JP* ^ 
f ylindri fujpcrficics ad utramquc bafim CN & SL eft ut 6. ad iJl^Z^l 
%• Atqui ^hxxx luperficies eft ad utramque firoui bafim CN, ^ ^ * 
6L ut 8. ad 2. cum in prseced. often& fit efle ad unam bafim, 
pt.8. ad i^ £rgofphaerx fuperficieseiladtotam cylindriCL 
fupcrficiem u( ^. id 6, five ut 4. ad ]. Quod erat demoQ* 
^andumt 

CoroUaria. 
« 
i.*npOta cylindri teBx fpluerae circamfcripti fiiperficies cft 

X ad totam fuperficiem cylindri aequiiateri infinripti» ut 
^. ad I. Nam circumlcripta e^ ad iphaericam ut 6« ad 4.per 
32. hujus. Sphxrica autcm cft ad infcriptam • ut 4. ad 3 . pcff 
hanc. £rgo cx aequo circumicripta eil ad infirriptam > ut 6^ 
ad 2. fvtc ut a.ad i. 

[Piirf fnoiOiffbAfA cyUndro qfuulrMto fonfiripufifftrficiesJth 
fla efi fuferficiei /pb^trd, eidem infcriftdi Jtcut f^ hdc dufU efi 
cSrculi nM3tmiffh£r4 cmfcriftA* Stmt enim ( c) jyHrica cir* (^) f^ . 
cmmfcriftA^ sots tylindricd , i^ ffhmca irifcriftai^Jl tMximtm hmt^pi^ 
ffhdr^ circumfcrift4 circulum > ut ^,^(j^7e.adi, ?5L*^ ' 

1. Suferficies tota cylindri reHiffhdra cirQutnfiriftiyfisferficiet *W» - 
ffhdTAi^fuperficies tota cyUndri dquiiateri fflnra n^crifti»funt 
interfi in frofort one muficdj hoc efi, ut (d) «^.4. 3. (d)<P#r jaj 

Tres autem quantitates fum in frofortione muficd^ fifuerit ^^^m^ 
frima ad tertiam , ttt efi difierentia Prima acficunda aadiffe^ 
rentiam fecmda (j^ tertia. Sic ^uia 0. 3 ::4 -«<^4«^ ^ 3 (:: a . i j) 
frttnt 6y 4» 3 infrofmim muficd^ 

Scfaolium, OfSndrusffhara circumfcriftHS efi ad cyjmdrum ru; m^ 
fimiiem [nemfe aquilaterum) eidemffharainfcriftum, ut tB ^ ' 
^uadrato dioMteter ad iateris femsffem -, five(fuod ferinde efi)m 
firculi diameter adfinum graduum 45-. Atq^e m eddem ratio^ 
ne efiffhcr^ cyliadro aspulater^ circumfcrifta ttdjpharam eidem 
ptfcriftam.' \ -* - . 

I. Ndm frofter trianguhtm reShnguium acpticrmre AKLf (e) Ptf 
demigls ferfiudicuiariius K^ » ^, trianguia A^, AR3B. t.6» 
frunt (c) ettM» reiiangula e^ aquicrura. Unde (f) AU AK^^^*'^ ^ 
^&^ ^^^^ & ig) AK^ZZ^^AK, SedALefidiameter^ifJ'^ 
kafeos tyimdri circumjcrifti y ^ AK diameter tafeos infcrifti, m/j.fiie/^ 
Xrgo, frefter cyiitsdrorum fimiistudiaem 9 erit (h) circumfcrif- rsJ.iT^ 
ius ad mfcriftum sn trifiicatm ratione AL ad AK^ hoc (\) efi. ^) ^«^ 1«^ 
nr AL Md{AR 5;)i AK^ Sed AL efi tptadrati DK & circuU \ijp„]if^ 

AGBK io.A/f 
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AGBi iMtntfr, & AK efi ejufdem i^Ha^faO ndnn dreuk J»- 

M Pif cw fcripti Utus , fiv9 m circulo G K ehord/t gr, 90 5 ac promde ( a ) 

l.i. «•/. 3*. i AK eflfinHsgr. 45-. - Ergo eylmdrus ctrcuwfiriftHs tfi tU 1»- 

/ Jcrif^um , ut m quMdrato diameter ad latmsfmtjfem , five tU 

, eirculi diameter ad finum iraduum ^f. 

I 1. Etin eddem ratione eftffhira^cylindro afiilaten areum- 

fcripta ad ffharam etdem cylindro infcriptam. Ham ffhar4 

GKcylmdro dquilater^ADLK ctrcumfcriftAdiameter efl ALy^ 

fhhdra mfcrifta diameter aqualis eft diametro bafeos cyimdn» 

nempe ipfi AK. Sfhara igitur circumfcrifta erit (b) adinfcrs^ 

^i Yx tam\ in trifUcatA rattone ALadAK» hoc eftyUtALadAR 

*••'•**' fiveljfK. ^.E.p. 

Cor. ad fchol. prscccd. Sfhdra eft ad cjUndrum aquilatefum 
fibi infcriptm , ut rn quadrato ^uadrufla dfameter ad trtflum 
latm- five,ut quadrufia arculi diameter ad triflum latus quar^ 

drati ctrcuU infcrifti. , ^ ^, ,. . .. 

JHarn fer fchoL fraced. eft ffhara cylmdro dqmlatero ctr^ 

eumferifta adffharam eidem infcriftam, ut in quadrato dufls 

diametir ^d latus , five ut quadrufU aiameter ad dufUim 

latus. Sed ffhara tn/crifta eidem cyUndrp eft ad cyUndrum , 

M^fer ( c ) ut ^f^ l* fi*^^ ta duflum latus quadrati ad triflum ejuf^ 

Vt; lN9«f. ^eiw quadran latus. ^rgo (d ) ffhtra circumfcrifta cylmdro 

W ^ aammero eft ad eundem cylmdrum , {hoc eft, ffhara eft ad 

***'• ^* tiUndrum dquilaterum fihi tnfcriftum,) ut in quadrato qua-r 

drupla didmeter ad tnflum lat^s^ five (quod ferinde eft) uM 

quadrufla ckcufk dif^meter ad triflum Utus quadrati eidem 

^cuh inferifti.2 

PROPOSITIO XXXV. 

F%. -^ ^Vjt^cun^ue fmicms fpharicd fitferjtcies (JLBG) 
f^* V^ ad ffiferficiim am maximi mfcrifti (IBGy) 

eam rat^omm habet , qum cpm UtHs (PCi) ad h^ 

Jls raiiim (GO*) 

Quonlm portionis ILBG fupcrficics (e) xquali^cft circulo 
« Mw. ra^" BG , crit proportio ejus ad circutum QT , bafim ncmpe 
{fjpTZr. fuam & coni, dupKcatt (/) rationis BG ad GOj hoc eft,(/) 
^,f.%J.i%^ rationis fupqrfidpi conicae IBG ad bafinl candcm QT. Er«> 
tt) ^r liQuct(^) fupcrficicm ILBG cflc adfuperficicm conicam IBG, 
}{:^g^ ut icadcm conica I B G cft ad bafun QT. (Juarc d^m cooica 
KLs. IBG fit ad bafim QJ, (i) ut BG ad GO,ciiam portionis fu- 
f^VVif. pcrficics critad conicam 1 BG fibi infcriptam ut BG ad GO. 
'f* Quod «rat dcmonftrandum* ^^ 



r^ 



[jpati IEm bujmfrcp. demanfirsuiM lup$it » Jkfirftlm C9m 
mikxttm ftgmm^ CphifA mfcripti « cjfw mtdiam frofmimudtm 
uutrfufrrficitmfigminti^ & ^afim Mriqut ctmmunim^Ji 

PROPOSrTIO XKXYI. 



HEmi^hdrii fipetficies (EOBD) ni cmi mMxi" ^^ < 
nn five rcEli injcripti fuferficiem (EBD) eam 
rAtionem habet, quam in qiMdrato diameter ad U-- 
tm : ad fitperficiem vero coni fimilis circmnfcriftiy m 
tatus in eptadrato ad diametrttm. 

1. Partis demoiiftratio ex praxedenii eft manifefta. Eft 
tfnim portionis cujufcunque » ac proinde & hemxlphacrii 
iupCrficies £ O B D ad conicam infirriptam , ut B D ad DA« 
£lt autefn BADK quadratUJh > cujus diameter cft BD, 
latuiDA. 

1. Pars. Semiflis quadrati circulo (cujus centnim A) ^1^.10^^^^;^ 
drcumlcripti , e(lo EBC: qua circa aicem AB circuma&i» 

Signatur conus hemirphacrio confcriptu>. Quoniam qua* 
ratum £C duplum {a) dSk quadrati EB, ieu GI, etlam cir- (a)P<r<if; 
culus diametri £C duplus {b) eft circuH cujus diameter GI, i^f^MJ^u, 
koc eft circuJi HGDl. Atqui(f) fuperficies hemifphacrii co- ^^^^{|^f!* 
no' £BC! inchi(i , ejuOem circuli duplaeft. £rgo circulus (c) ^«f ^ 
diaitietti ECeidem fuperficiei hemifphxricae sequalis eft.Qiia- %^,injus* 1 
re ci!lm fuperficies conica EBC fit ad {d) ctrculum diamctri (<i) /^ 
E C , bafim nempe fuam , ^ ut latus B El ad* balis radium E A } «4«^>«y** 
erit quoque ad iuperficiem hemifphaeticam fibi infcrrptam » 
ut B£ ad EA, hoc efl, ut diaYneter in quadrato ad fuum 
fatus ; \ac froinJe , /uftrfctes hemtfphdrica trit ad ctrcum* 
firiptam con^cam , ut Iktus iH quaJrato ad diametrum>'] ' ^ 
Quod erat demonftranduin. 

Corol. Si hemifpharium chru reBanguh EBC drcumfcriba* Tti,ic»li^ 
tur tb* injcribatur ; er\t fuptrficies coni media froportionalis 
iuter fuperficiem hemifpharn cirditm/cripti , ^ fuperficiem in* 
fcrifti. Ift enimy tam fuperfiCies circumfcripta ad conicam^ 
qusm conica ad inferiptam » tct m quaJrato diamft& ai 
latHS'1 

PROPOSITIO XXXVII. 



SVhara ad e^ttadraitnm rbemhum conicitm fibi r/r- ^^ 
ctfmfcriptftmy(fr foliditate & fuperficie eam propr^ ^J. ***** 
tiomm babet tptam in t^Hodrafo latns tkd diametrttm. 



* Maxifflo fp6»rart drcalo H G D I drcumfcriptmii eflo ^obk 
dratum EBCF> a quo circa azem BF in orbem z€to, rbDttH 
bus cooicus gignatur ^haeram ambieoa. 

Ut £B quadrati latus (infpice Fie. lo. L4.) ad dtame* 
trum EC». ixa fiat S ad R» (infpic^ Fig. 13« I. f.) qnx pro- 
portio per 4. terminos S » R , Qj O continuetur, £rit igi* 
/il Ar «Af. tur ratio S ad O tripiicata (m) rationis S ad R > htfc eft > w9 

ad 

,,,^,« . . ., dt 

P.6.&7* * <^vp^ ip^^ ^* ^i^ >^ conilitutis, iotelligatur rhombo cc^* 
A4I nico fphxra circumfcribi £BCF4 Erit igitur fphaera HGDI 

(i)Pir ^ ad fphxram EBCF iu (d) ratione triplicat^ diapictri GI (fiyef 
i8./.ia« EB) iddiametrum EC; hoceft, (ouod jam dllendi,) erit 

Qt S ad O. Spbsera autem EBCF e(t ad rhombum conicum 
fe) Pir ^^ infcriptum (e) ut 1 ad i. hoc eft, (quod oftendi fiipra,^ 
|o. ih^. ot O ad R. Igitur ex aequo , l^haera U G DI eft ad eundem 

rhombum , qui ei eft circumicrijptus, uc S eft ad R, hoc 

eft , ut in quadrato ktus EB ad diametrum EC« Quod erat 

primum. 

[^Uim ethun ix miu fig, 10. fi^. 4. in/feSMni dimonf- 

trMSitur. Kam pfiftir trUnguU reHangula EGA » EAB, 
ff| ?irefr. JSBC^ cmmunem angulum £ hMbintia^ irunt (f} JEG, MAg 
mffi^f» ££, £C -H-> & rath £G ad EC triplicata (g) irit rationis 
'Jlifi',^ EB adEC. ^*" ' ' . >•. - .^. 



P) ^r EC ad EA. Ergo ix aquo ^ (fc) /fhara infirifta ift ud rhom-^ 
SifS^' ^«1» ri*i infcfibitur Jeu, (quod idem ejfjffhdra ift od rhombum 
\uk S* fi^* circumjcriftum^ ut EG ttdEA, hoe ift » ut In quadrst^ 
HG , latus sd diametrum,'] 

Deinde ex (ecunda parte prateedentis patet hemifpha^rij 
iupcrficiem cfTc ad {uperficiem coni lcirCHmfcrifti'} EBC, 
ac proindc 8c totius fphaerx {HG V Jj fuperficiem eile ad 
\ &pcrBciem totius rhombi EBCF, ut latus in quadrato ad 
diametrum. Ergo fphacra tam foliditate quam fiiperficio 
cft ad rhombum qoadratum [ctmcum Jibi circumfcriftum'} 
EBCF , uc in quadrato latus ad diametrum^ ciuiod erat 
denfionftrandam.. 1 

, . [Cof. I. Suferjiciis ffhdra tiemio ccnici epuUrato c^citm* 

fcrrft4,fufirjiciej rhombi, ^ ftffirjicits ffhua rhmbo infcrifta^ 
iondim rationem contimnmt , eam nemfi quam in quadrato hM»^ 
iit dimttitir t$d ititu/. Eatet ttt fraudemi ^ hac. 

Ger. a# 



id , dupl» eftfiiferfichi ffhdrd eidem rhmAo mfcrift4. Acfi" 
milifer » fuperficies rhemii emici qtMdrati ffhdr^ afotmfcripti^ 
dupla ^ fuferfaiei rhmH fimitis eidemf^erA infcHfti. Ciam 
emm fer cor. i . fim fttHrfmes fih^r^ rhmko eiramsfcriftd yjk" 
fetjiciesrhombi, &ffhAricainfcriftM^ »t EC^ £B, £^> & ^ 

cmnfmi^er fimfufetficies rhmbt ffhdra circtmfcrifti , fufmfi^ 
ciesffhdTdj & earhcmhiinfirifti, ut EC, EB, EAi Liquet 
tu utroque cafu ^fuferficiem corfori circkmfcriftam effe ad eidem ^ 
mfiriftam, ut £C ad lA , five m i.ad i . 

Cor. 3. ShemlfUs cmcus t^uadrMus , efi duorum tnedis' 
rum frofortmalium frior , tnter fphdram' infcriftmn (^ dr^ 
cumfcriftam , ut in dmonflratione frima fartis hujus frof. 
i^mfum eft. Nam infcrifta , rhombus , e^ ctrcumJBifta, funt 
interfe, utS, R, & O, in/ig. i^.L f.vel ut £G , EA,(ji^ 
JTC, ifJ^fig. 10.^. 4- 

Cor. 4. Tatet quoque ex eJUm demonfiratione 9 (vel etlam p^ t9.lS 
ex f, 30. hujus,) fffoaram fhombi cmici quadratifibi infcrifti ^ 

dttfiam ejfe, 

Cor. f. Sphera JEBCIP rhmbo comco cfuadrato ckcum^ 
Jtriftaf efl adffheram HG1>I eidem rhombo tnfcriftamt ta «1 
qiiodrato diameter EC ad lateris EBJmiffm EQ » mi ex 
detnenftratione memoratd iiqttot. Atque in eddem raiione efi 
rhmbut cmictts quadratus fphara circumfcriftus ad fimilnm 
rhtfmbum comcum eidem Jfnara infcriptum. Nam per hant » 

ty. eft rhombus quadratus comcsts ffhara circumfcrifttts ad 
tffam fphdram y ut EC ad EB: <J« ftr cor, 4. eft ffhara ai 
ejufmodi rhombumfibiinfcrifttm% ta x. ad i yjive ttt EB ad 
£G. Ergo erit ex dqui'(a) rhmbtts ctrctmfirifttts ad infcrtf- (a> to "^ 
tsm^ ta ECndEG. , &x^#r 

COr. 6. Eadm itttqut froforHo eft inter rhomitm attieum 
tptadratttm fphara chrtmfcrifttm ^ rhombumjimdm eidm 
ffhara tnfcriftum , tu ium tymdrum aquilatertm eidom cictvh 
alterifphara cifcun^riftum ^ infcrtftum \ vel interffharm 
eidem cytindro at^itatero » feU eidem rhombo coHico quadrato UT" 
ctmfcriftam ir infcriftam. £a nemfe ratio, qtta in quadrat» 
imtr diametmm 6* Ittteris fmiftm. Fatet ex cor. fraced^ 
imjtis frof. (^ exJbM. foft f, j^.hujus.'^ 
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l>RbPO$ITIO XXXVllf. 

fk^t^ {^Vperfkics jMnicMs (BGKD) cmfm ^mlaiarmd 
^ {BKD) ctifknHs y dstfU efi fitferfriH ej$ijdem 
€oni. 

Piiet iimilitcr cx 35-. Nam fiipcrficics pottionis BGKD dt 

(k) ?tr ^^ infcriptam conicam , ut (a) BK ad BA. Scd quia conus 

|j. btgms, BKD xquilatcrus ponitur , KB c(l aequabs BD , adcoque dupla 

BA. Ergo ctiam fupcrficies BGKD dupla tCt inTcriptae coni- 

cx BKD. Quod crat dcmonf!randum. 

Cor i. EaJem rMio ilupU ccmiauatHf ,mter fapirfidim for- 
tiofUs fphdmcA conum iamUutrum capiemis, fupirjicitm cm^^ 
^afim com, ?atit ex £ac, ir ^x cor, p^lf. hujus, 

Cor. 1. Superficits fortioms fphdrica comm dquilatirum oh 
fientisy eft adjuperficiem totam ejufdem contt ut ^ad ^, 
\. Nam per cor, i . fuperficies portionis fpharica , fuperficies cmi, 

C^ ^sifis comfunt imerfe , m^ 4. a. i. Unde U^thoc cor, 
^ Cor. 3, Sphara fupefficies efk ad totam iylindri dquilaterifiSi 

infcripti fuperficiem , uffuperficies portionis fpt?mcA cmtum tqui* 
iatefu^ capientis eft adjitperficiem totarn ejufdem coni. J^empe 
«r 4 4i/ J. Pdtet ex p, 34. o* fx cor. 1, hujus p. ^S, 

Atque in eadem ratidne eft/kperficies tota cjUndrireEli heml'- 
fphdrio arcum/cripti , ad fuperficiem toiam hemifphdrii. Citm 
(b) Tatet enim (b) tam cylindrha futer/cies , auktri {c) hemifphdrica ,fit 
iM €»,f, dupla bafeos \ erit tota tylindrica p bafeos quadrupla i dr hemi- 
?c)ftrt?r*-^**'''^'* ^'^'^ ^^' #/»/5/«w bafeos tripla. ^uare tota cylindri 
\J jKytef. fafirficies erit ad totam hemifphdriit ut ^. ad $.} 

PROPOSITIO XXXIX. 

fk* 3^ nPh^Td fitferfieies dd, mem emd dtjuiiateri JiU iiH 
^ fcrifti fieperficiem eam frefertimm hdbet , qH4nf 
16. ad Q. 

Efto Z fphserx centrum » & conus aequilatcrus tfhaant 

in(cnptus B K D , axis iphaerz ac cono oommunis KZAO^. 

Pcr hunc li fccctur fphxra ac coftuS ; producetuir id iphaefl 

circulus maximus OBKD, in cono autcm triangulum aeqai- 

(d) ?er def. latcrum B K D , cujus unum latus B A D crit diamct^ balcos^ 

3.A I u conicx QT. Et quia axis coni K A rcdus cft baii QT , crtt 

■*J^72I* *"g"^"^ ^ ^ ^ W redtus. Igitur quadratum B A acqualc cflf 

(t)Perm. T*) fc^^gulo K A O. Jam quia latus aequiktcri trir — ^^ 

f^t*xsJj^ abiciadit (/) quartam axis partem AO , erit 




KAO, hoc eft, qaadratum B A, triDlam acudrati («) AO. ^a) p^ 
Quarc cum quadratum .radii ZO (^) quadruplum lit qua- i. ^6. 
drati AO, erit quadratum radii ZO ad quadratum radii B A, (b)P#rr«f« 
Vt 4. ad 3. Ergo ctiam (c) circulus O B K D eft ad circ^- hf^'^^ 
lum QT ut 4. ad 3. Ergo funt quatuor circuli OBKD, boc x i 2J iil 
e(l (i) toca {phxTX DG luperficics, ad circulum QT, ut 16 (d) Per 
ad 3. Atqui (e) fuperficies coni acquilateri B K D efl ad cir- ^ ^'«'* 
cuium QT, balim nempe fiiam j ut a ad i. ac proinde coni l^l^^^^* 
BKD tota iuperficies , un^ cum baii fcilicet, efl ad bafim, ^\^} * 
t)empe circulum QT, ut 3. ad i. iive ut 9. ad 3. Ergo, 
ci^m oilcoderim fphzrac fuper6cicm efTc ad cundem circu- 
}um ut 16. ad }. erit fphaera; DG fuperficies ad tocam 
aequilatcri com fiipcrficiem , ut 16. ad 9. Quod erat demon- 
ilrandum. 

[Cor. Ex hajus dirrmftraime Isquet, ccni dqmlateriJphdrA 
in/cripit tmfmj^ tjje ad msxarmmJ^irA circitlnm DG» nt ^ 
3. mU 4.] , 

^ jilitcr» 

Q^oniam aBquilateri triaBguH iatus BD,abfi:indit (/) quar« (f) Vtt m. 
tam axis partem AO, eric quoqtie iphxnca fuperficics f/.ifJL^* 
BOD(^)qu3rta pars, ac proinde fuperficies BGKD tres quar- ^l) ^*^ 
t± fuperficid totius iphserx. Quare fi iuperficies tota fiatua- ^^* ^•'*'* 
tureffei^} BGKD fuperficieserit 12. Atqui fupcrficics 
BGKD {h) cSi dupla fupcrficiei conics BKD, ac proinde ad fh) >ir 
€ara efl ut 12. ad 6, Ergo tota fphaerx fuperficies eft ad co- f^^* 
nicam BKD ut 16. ad 6. Deinde auia fupcrficies cooi 
BKD, (utpote aequilateri , ) dupla (i) elt bafeosQT, iiquct (i) P«f r«r. 
iiiperficicm cooicam BKD (nimirum abiquc baii) etie ad i^.3&.%* 
totam coni iuperficiem , ut 1. ad 3 , hoc eft > ut 6. ad 9, 
Igitur ex acquo tota fphxrse iupaficies eiUad totam aequiJate- 
ri coni infcripti fupcrficiem» ut 16. ad 9. Quodcrat demoii* 
firandum. . 

P R O P O S I T I O XL. 

SPh^£ jHperfid^s ad ^uilateri coni Jihi c$rc$tm' *4.ju 
fcripti totam /uperficiem ^ eam pr^artionem ha^ 
het y ijuam j^. ad 9» 

Chxub fphxrse maximo B P M circumfcrfptum fit Irian* 

fulum acqutlatcrum DOF, a quo circa axem OAB in orbem 
u6^o , produ^s fit conus xquilaterut fpha:rac circumfcrip' 
tU9 jEquiJatoro autem trian^ulo DOP circumicriptus 

X ctiam 
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(tjPirfth* ctiam ft circulus» NDLOF, aucm («) patct cilc concaxtf i- 
f.t%*& cum pnori; 8c axis O A B producatur in N. Quoniam B K 
■4. ^- 4. cft (^) quarta pars axis O N , patet O N cflc duplam KB. 
f*l ifXIl Q°^^^ ^^ circulorum ratio fit (f) duplicata rarionts dia- 
(c) Pir' metrorum , crit circulus BPM ad circulum NDLOF ut f . 
^Li^ ad 4. Atqui oflcn(um jam c(l in demonftrationc primi 
praccedcnti , circulum NDLOF efle ad circulum QJT, bafim 
{6) Ptr coni sequilateri rplmz FL infcripti, ut 4. ad 3. Ex {J) 
%^'L u ax]uo igitur circulus BP M eft ad circuium QT ot i. ad 3. 
W^Tcj-^ Arqui tota coni DOF fupcrficics, circuii QT (e) tripla cft- 
f^i^bf^M, £^^ ^^^ ^^j fupcrficies circuli BPM noncupla cft. Quarc 

(f) r«f cum fphacrae T P fupcrficics cju/tlem circuH B P M (/) qua- 
%^knjm. drupla tit , erlt tota coni xquibrcri DOF fupcrficics ad lupcr^ 

ficiem fpHxrx cui circumfcripta eft , ut 9. «d 4. Quod erat 

dcmonllrandum. « 

CoroII. 1« £x kac demmjlratmi pittet, een$ dqui/Mteri fphd" 

ra conferifti axem B O fffquialtentm ejfe diametri ffhara £ K, 

feu ut 3. ad X, 

2. £x edJem demoaftratume Uquet , ceni aquiUteriffhara eir- 
cumfcripti DOF kafm ^T ejfe etiam ftfqiualteram bafittm cy- 

• Undri eidem ffhara circumftripti. Uam ^T ^ ad BPM% eu 
l.ad i, Ergo j^ eft ad BPM^, ut 3. ad 1. 

3. Suferfcies coni aquilateri DOFeftfuperfciei cfGmlri eidem 
ffyPer^ar 1. fkj^^ circttmfcripti ftfquiaUera, llU tnim (g) dujltt eft ^Tt 
■^f!^^^^ iw (h) iptadrtifla BPM. Erge fuperftcies eoniea erH ad nr- 

^[ . ^^-^ lindricam , ttt iit ^ sd q^ter i i hic eft , ut 6. ad ^, jete 
"** "^ #r 3. ad a. 

4. Circtdms maxhmss ^BPM fphara ceno aquiUtero DOf 
infcripta , fupnfcies ejufdem fphara , fuperficies tota coni TtOfr 

fn Tjrrt & fuperficies ffhara SDiX)F eono drcumfcrifta , fuat (i) inter 
evp^iA-f'^ fi* ^ K 4. 9. 16-^ hoe eftj Mt tttstnererum i. a. 3. 4. ^puh 
40. c- 39* drata* 

*«>»• f . Hinf date ffhara inftriUa radio AB , facdi negotio dtfcri^ 

(k) Ptrcor. ^tntur circuli diciis frperjicieius aqualot, liam{k)ejufmodick* 
».?.a.^ii. culorum radHemnt %AB,%jiB, ^ABl Unde ^ fuperficitrum 

tlUrum metfura ftatim mnctefcum. 

6. Cum diameterONfphara cono aquiUtoro eireumferifeaju; 

pUfit diamiter KUfphara infripta\ eritfphjtra cireumfcriftaen' 
([) Ptf fcripta oaupU j nompe in trtpiicatd (I) ratkme diametrorum.fiie 
;*\V*>t *^ C«>) <^*^«' numeriiinapuad ck^m uni$stisA 
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rr^ QuiLtteri coni Jpb^Jt circumfiripti niA Jii" ^4- j'i-' 
JlTIj fcrficies , tfuitdrupla eft fttperficici tdtiHi coni 
iftfcripri ei^m fphitr^. 

i^quilaferi cdhi DOF circumfo-ipti tcftz fupcrlicJcs eft 
iu! /phnerac fupcrficicrn , nt (ii) 9. ad 4. & Jbhxrae fiiperficics fji) p^ 
crt ad coni inJcripti rtqui!atct"i S JC T fupcrnciera t<3ftam , ut prJtc. 
(6) i6. ad f, Ergo cx (c) tctjualirare perturbatd, circtiim- (h) Vf^ ^ 
ftripti apcjoilateri coni rdfa ^upcrficies cft ad totam fupeifi ?9* H*^'. 
ciem aequibteri infcripti, uf 16. ad ^.iiveac^.ad 1. Quod fc) P«r' 
farat dcrabhftrandum. *3.'-J« 

[jlt^He eodem inodo^ /^^<c' cmo dqUilatire chrcnihfcrrptA fu" 
ferficits , quadrupU eh fitffficiei fihdrd eidem cem infcrifid, 
iatet ex cet, ^.frdced.'] 

PROPOSttlO XLlt 

I 

SPhdtTM ad infi:riptttni Jibi conHm a^HaterMm (BKC) FS^, |2. 
eam rationem habet qt^am 5 2 /li 9. 

Sphxra 5c comis BKC (ecentur pT^no pcr a^cm com- 
inuncm KCf, feciente in fphxru circtrliim ma^imumOTKr, 
in cono autem triangulum «quilatcrum B K C. lyuGtci d^- 
indc planoper centrum A ad OK rf«^o, abfcimiatur hcint- 
fphxrium FGKI, cui infcriprun inreiligitur conus maxinnis • 
IKI. Quoniam trianguli xquihtcri l?.tus BC ablbirtdit OP 
(d) quartam partem ^h OK, crit PK ad AK ut 3. ad 1. [^^rerc^ 
hoc cd ut 9. ad 6, Bafis ver6 QT eft ad circulum OFKf, j.f.ijjj^ 
fioc efl, ad bafim ND, ut 3. ad 4. hoc cfl:, ut 6 ad 8. uti 
patct ex demonflfatis prop. 39. Quarc cum ratio coni 
BKC ad conum FKl componatur {e) ex ratione aliitudirtis (t)thn.-u 
PK ad altitudinem AK (hoc e(t ex ratione 9. ad 6. J & cx tnfihol,f. 
ratione bafjs QT ad bafim ND (hoc eft ex ratione 6 ad "J-'-"*- 
8.) erit conus BKC ad coniim FKl ut 9. ad 8, Qjiarc 
tnm fphaera CG ciuadrupla (/) flt coniFKI , erit conus (^ ^er 
jrquilaterus BKC ad fphiram CG, ut 9. ad 32. Quod erat i**- **^'- . 
demonflrandum. i^. '^.^ 

[Aliter. Vk tft ad AK nt j ad i , f!iie ui 9. ad6. tt ciim (k)pii ' 
P (g) ^Tad CG Ht 3 W 4 , fi^ve ut 6 adS-, erit ^T ad a8. A»/W. 
4CG ut o ad ^z. Ergo cctMt altitudirtis PK (^Sapos .^i(hoc (•) P<^».».' 
ifi, conui BKC) erit ad connm altituJinis AK}^ tmftos ^CQ, 7//!!^!^* 
(hoc (h) eft^ adffhdram C3) inratione (i) comfOytd ex c^ ad (k)Pni^„'' 
6t t^6ad ^i, j.ve (k) ut 9. dd ji. r.i.&. " 
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PROPOSITIO XLIIL 

Fk.Sfr ^^Orms 4qmUuerm ffhitrd chrcamfiriptHt ^ com ^ 
\^j qmlateri eidemjfh^a infirifti cHftplus efi. 

Goni aequilateri Cphaax iQfcripti & circumicripti fint 

SKT & DOF , & axis communis efio OKB. Secentut de- 

Mc phmo per axem tam conus uterque <)uam fphaerai 

eruQtque iediones triangula duo' aequilatera , 8c drculuf 

BPM maximus. Circa trianguium quoque DOF intelligatur 

defcriptus eile circulus NDOF 7 ^ axis OKB producatur in 

N. Quoniam vcrd zquilatcri trianguli latus DF abfcindit 

(i) P<r em ^^i^ ^N quirtam («) partem NB , pacet NO cfle duplam 

f.f^trM* ^K* Similiter quia acquilateri alterius trianguli latus ST ab^ 

(^) ''^ „ fcindit axis B K (6) quartam partem B C , erit N O ad BO, 

Uemima. « BK ad CK : & pcrmutando ut NO ad RK , fic BO ad 

CK. Sed NO dupk eft BK. Ergo etiam BO duola eft CK. 

Igitur ob iimiiicudinem triangulorum DOF, SKT, etiam 

(c) Pir i^^ DF & ST , diametri videlicet balium conicarum , faat 
4.J.6. ^"^^ ^ ^ proportiOne duplil. Quare cum coui DOF, SKT 

(d) Perdffi fiQt (d) fimiles ac ^inde eorum proportio (e) triplicata fit 
^l. u. proportionis diametrorum D F & S T . qux eft a. flbd t $ erit 
(0 /'«' conus DOF ad conum SKT , ut 8 ad i. Quod erat demoa- 
'^^'^ firandum. 

(f) Per cW [AHter. Duais rifHs DN, $Bi ok mngulos DOF, SKT (f) 
^.r./.i. dquales, d^umtur oorttm dlmdu, DOS9 SKB i & M9itdi 

(g) Per OJON, KSB/uM (g) reiH , (^ fromjo (h) tnan£uU DON, 
}l'/t?' *^^ fitnilin funt : unde DO: SK:: OS: KB::{i) l:i, Erg9 
iSi vLT ^ '^^ (^— ^O) :ST r= SK) ::i: i. Et eitm com AtpuUteri 
4^f.4^U6. DOF, SKrfimiUsJim , ertmt (k) m 8.W i. Sum emm 

IDFatese» 8, 4, 1, I-—. 

drm.fr. 40. Corol. Conus djquilmerus ffhitst eireumfcriptm, efi ud conum 
^Tper ^'^^ff^mn eidem fpherst injcrifittm , m fpbstsrtt cmo 4quilsUero 
;&2. /. »• circttmfcriptu adfphdrttm eidem com infcrifttWh nemfe ut S.ttdi» 
.' ' JPtttet ex hm, ^ cOr. 6. p. 40. 

Es univerfaliter ; t^ corpera tptumttpto fimHitt fphiris 
cirettmfcriptiUUa ^ infcriptiSilia , diamotros vel Imertt lmhasst$ 
fphararttm circttmfcrtpeurttm dimnetrit froportiontUia i fintqae 
corfera Jimilia aafe invicem in tripUcatd {eotrttrtuttte fuperficiet 
in duplicatd) rtuiono^diametrorttm vel Uterum mmohjorui^: 
quam ( 1 ) i^mtr ratiomm habet fphara corpori ctticutnque cir' 
m-iteLf' ^'^^fi^ip^^ ^^ fpharam eidem corpori infcriftam eandem f^ 
tmem hoMit corfus iliud ffhara circum/criftum ad corpm 

fimik 
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fimiU eiJemfphjtrd infcriptum 5 {quMm rmimm Mit fufeffi- 
cies fph^ric^ circumfcrifta carpori cutlibtt ad fHperficiem fphAri' 
cam eidem infcripiam > eandem habebit corporis ilUus fph^Adr- 
cumfcripti fitperjicies tulfimilis corp§ris eidemfphdra infcriptifu" 
ferjiciem»)] 

PROPOS.ITIO XLIV. 

4 • 

SPhara dd circwnfcrtptum flbi contim ^HtUuerum ^* 3'« 
(DOF) & foliditate e^ fuperficie tota y esim 
frofortiimem bttbet y quam 4. ad 9. 

Sphscra TP cft ad infcriptum {a) iibi conDm aeqoilate- fa) ^cr^», 
rom SKT , uc 32 ad 9. Inicriptus autein SKT conus ^J^* 
xquilaterus eil ad conum xquilatcrum circumfcriptum DOF 
ut (b) I. ad 8 hoc eft: ut 9 ad 72. Igitur ex arauo f^hxra 0») ?» 
TP eft ad conum aequikiterum circumfcriptum UOF, ut ^^^* 
ji. ad 72. hoc eft , [utrumque numerum dividindo per 8.3 
ut 4. ad 9. 

f Aliter. Sphera efi ad infcriptum conum dquilaterum '(c) M ^er 
ta 11, ad c}. Jnfcriptus vero eft ad circkmfcriptum {^) ut ^i^-'*'* 
(i.jk/8, hoc e(l, ut) ^, ad 32. Irgo ex aquo {e) fertur* 4.,*,^. 
kate , Jphdra eji ad circumfcrifttm comm dquilaterum ttt 4 («) Ptr 
ad 9] 23. /• 5. 

^opoHtione autem 40. deraonfiravimus etiam (phxrae fu- 
perficiem efle ad totam aequilatcri coni circumfcnpti luperH* 
ciem ut 4. ad 9. Ergo fphaera & fbliditate & fuperficie efi: 
ad sequilaterum conum fibi circumfcriptum ut 4. ad 9. Quod 
erat demonftrandum. 

Quod igitur in fphaerd 6c cyUndro fphaeram ambiente mi- 
ratus cfl Archimedes , id ipfum in fphaera 2c aeouilatcro cono 
ambiente fphaeram jam demonllravimus , ut videlicct & fbU- 
ditatum inter fe eaaem proportio rationalis,aux fuperficierum 
exifht. Quemadmodum enim ille reperit fphaeram ad cylin- 
drum efle tam fbliditate quam fupcrficie , ut 2. ad 3. ita nos 
docuimus fphaeram & foUditate &c fuperficie ^efle adconumx- 
quilaterum fe ambientem , ut 4. ad 9. 

Hinc verd illam ipfam proportionem, nempe fefquiakeram, 
ooam exiflere fphaeram inter ac cylindrum Archimedes tradi- 
dlt, ab aequilatero cono circumicripto 8c fbliditate etiam ac 
fuperficie continuari nullo negotio jam demonftrabimus, atque 
ita huic pariter opufculo finem imponemus» 

X3 PRO^ 
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PROPOSITIO XLV, 

riii Ftf. f^Oniii fUfHilatcrm /phxra circtimfcriptus , ^ cjr 
^Jatttd ^— ' lindr$is reSm Jphtcrdt /imiUtcr circum/cfipius^ 
fidjiKM tf. & ip/a /fh^era , candem proportionem coutinuant , «*- 

miruin /e/cpiiolteram , tam c^uoad /oUditatem , c^uofn 

quoud /upcr/kiem totam. 



f 



Nam per 31. huju3t cjlindrus rcdlus GiCipbnnamambienf» 
tam ibiidicacc cjuam toc^ iuperficic cfl ad ipho^ram uc 3 ad 2. 
livc ut 6. a«i 4. Per prjcccJciucm vcro circumicrfptus Iphacras 
, coous a:c]uilatcrus B AD, cam ibiiJicacc, quam iupcrficic dk. 
ad iphaeiam uc 9. ad 4. Ergo idcm conus cft ad cyimdrun^ 
tam foliditate quam ibpcrdcic , uc 9. aJ 6. Quare haec tri^ 
corpora, conus, cyliudrus, iphxra iunt iotpr k U£ hi numeri 9. 
6.4« ac proiodc coniinuant proportiopcm iciquialccram.Quai 
crac deaionllrandiMn. 

IPROPOSITIO XLf^L 

rideTif^ TNter conum «quilaterum & cylindrum ^denv 
^*"^' JL fphaeraB circumfcriptos , cadcm obtinet ratia 
fcfqut2]tera,quoad fupcrficies totas, fupcrflcics (iip- 
plices, fotiditates, aldtudines & bafcs»' 

HdC fropofiio patet, tfuoad fuptrjicles totAs (^foliJitMesy ex 
pr£ceJenti i qmad fuperficies Jtmplices 9 ex CjorolL 3. prop. 40. 
i;ujusi quoAd ahttudi/ies ^ iajts , ex corolL i. C» 2. ejufdesf^ 
trop, 40.J 

1 

Ad majorem Dci Gloriam. 
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demmfkatur ex falfo 
deduci verum. 



'N tbdibus Mathematicis , ^uas Lovaaii feiqui abhinc 
anno Illufhri/! D. Thcodorus Dlmcrfelle , Comes de 
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■ B«uchove 2c S. ImperiK maenl ingenii commenda* 
M_ tioQC & attditorum pbuiu publice propugnavit , inter 
caKcras propodii aflertionem hujurmodi : ex fsijts f^JJh 
verum dir^Bh elics , novis txembUs Geometrkis eonfirmamut, 
Hanc afTcrtioQcm fibi oppugnandam fuicepit vir Ckriffimus 
Dafiid Lipftorpius in Appendice, quaqi Opcri fuo pererudito* 
<)uod Specfmina Phibibphtae Cartcfianx inicripfit > hac d< 
caufl adjunxit. Id vcr6 ei modeftii & hiu;nanitatc prapllitir* 
|it tacile appareat, hoc illi unum fuifle propofitum , ut vcrt» 
tatem aficqocrecur. Ne autem vtdear doclifiimi viri judi- 
cium parvi faccre,. hic iJIi brevitcr refpondcbo, Sc Appendici 
Aj^endicem rcponara. 

CoQcIufioocm igitur oppu^atara fic dcmonftro. 

IXitur fldlertio quas direm cx fud contradi£^ori| infmtur» 
Talis in prop. ii. 1. 9. Eucl, cft hxc : nnmtms E metltur nu» 
mentm A , qux demonftratione affirmativa infertur ex &ti 
^ntradfdorxd : £ non metitur numimm A. Quod quidem 
eft acque certum ac demonftrationcm illam e^ legitimam. 
Tttlis in Eiemcntis hifce nofb-is prop.4. 1. 1 1. efthxc ^Keitk •/Vf.ia; 
3^ non efi ferfenMeuUris flnnoCAP^ qux affirmativ^ dcdu- '• *«• 
citttr ex fu^ contradidoria : reBs^ B^ ^ ferfordicMUris fUn$ 
CAF. Talis in propofitione noftri 3 5', I. f . eft hxc: f A efi f^i. 2« 
^^B, Mt EudW, qux dircde infertur ex iii^ contradidlorid: ^- /• 
^nonefi^adBi m E ad F. Talcs denique reperiuntur apud 
Cardanum 1. 5*. de proport. p. zoi. apud Theodofiura (conir 
mentantc Ckvio) 1. i^fph. p. la. 8c nos plures finulcs poflu- 
mus cxhibcre tum Gcometricas tum alias, 

Ecce tibi cofinQgraphicam unam,quam in tifSem thcGbus 
dtrputaodam propofiii. Maris, ommfque udio humidi fuferfi" 
$ies eo iffo concluditssr eJfefphdricUt quo id nfgas, Ponatnr vCrai 
ede Cjus contradidhsria: Maris fwpcrficiei fphartca non efi, Quo- 
ntam igitur moris fisperficies iplixnca non eftromnes fuper- 
ficiei maritimx partes non diftant jxquiliter i ceatro. Ergo 
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utia eft altior altersl , (aitiorem enlm efle non aliud ed, quafli 
longiOs i centrb recedcre.) £rgo ete qu« alriores luat , de- 
fluunt verfus minus altas ieu dcclivioresi hanc enim eile hu- 
midi naturam expcrientia conftat. £x tali autem deflaxa 
neccflarid oritur omnium partium {uperficiei maritimx xqua- 
lis altitudo s fax difbntia a centro. ^oualis ver6 omaium 
partium fuperficiei maritimx a ccntro diflantia infert fphseri*' 
citatem ejus perfe&ni. Ergo tmris fuferfidesfphdricM tfi^ 

Habemus igitur haac : MMrts fuptjiaet fphdricM eft , di- 
tt£te & afiirmative dedudlam ex iui contradi^lorii , nuuis 
fmperficiisffhdriM 9un eft. ^ 

Maneat igitur » extra omnem controverfiam efle • dm 
aflertiones » quz dired^e ex £iis contradidoriis infcrantur. 
Atqui aflertio » quae cx fu^ contradi^orii dire£le infiertur» 
necef&rid vcra efl, (ciim fit axioma per fe clariflimum , id 
necefSurid verum efle, quod fuum contradidlorium deflruiti 
defbait autem {uum contradi£loriuai » quod cx fuo contra- 
did^orio dircdte fequitur.) Ergo 8c afllTtionis contradi£to- 
ria , ex qusl videlicet deduda eS aflertio , ^lfa efl. £rgo cx 
&lfb dire^ & aflirmative dedu6ium efl verum. Demonf^ 
trata igitur efl cohclufio in thefibus propofita, 

QvLoa verd ejufmodi demonfh^tio , qui aflertio ex fill 
contradi6h>rii falfi dire^le infertur, vere fcicntiam pariat, 
flc ut abfque uheriori uUa dedudlione ad impoflfibile , de 
ftflertionis veritate fecuri efle debeamus » ex jam di£Us ma* 
Bifeftum. efl , cum luroine nat;urae.notinrimum fit, id iiecef> 
firj6 verum efle , quod fuum contradi^orium dcflruit » hoc 
efl , quod ex ftjo contradi£h)rio fequelai legitimd & oe- 
ceflarii infertur. Qudd fi verum deducatur ex falib quo? 
piam fibi non contnuli^orio , nequaquam taUs ratiocina- 
tio fcientiam pariet « neque enim de veritate aflertionff 
flc dedudbe iecuri efle poffumus , ciim in eo ratio jam 
allata deBciat > & proprium iklio iciamus d& , uc ex eo 
£ilfa deducanttu*. 

His rite perceptis» facile eruditus Ledlot perfpiciet, nihil 
opus efle , ut finjgulia Qariflimi Viri obieaionibiis & ar- 

fimentis refelieodis immoremur , qux vel cootra me nihil 
ciant , vel ex jam didis fbluta intelligantur. Quia taroeo 
non omnibus ad manum crit opua clariwmi Viri* vifum eft 
£nguia breviter attingere. 

Primum fupponit ex Dialedica quaedam de coniequen- 
tii diTc6ki $ & di^o (u( vocant) de omni & de nuilo. 
Tum fententiam exponit iiiam nofh% oppofitam. Subjungtt 
deinde: h^nc fenientii^m meamfta^lto everjione omnium iUonm 
fe* m (^mrMrsmm afferri fojfo vidmesr. 
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Vrhmm (inquit) quod txfalfisverum coneludere vUeatHrp 
ionfiUuit hujufmedi fylUgi/mus : Omnis leo efi lapis: Otnuii ada^ 
enas eft Uc. Erie omnis udamas eft lafis, In quo &c. Tal{ 
fyllogifmo ad probandam alTertionem meam ego non utor» 
in quo vidfllicet verum deducitur ex ial£o non contradid^orio, 

?tii proindc etiam » ut oftendi iupra , icientiam non parit* 
rimum iftud igitur me non tangit. 
Sectmdum genus ebjeSionum (in^uif ) conflituunt hypothefes 
^ftronomicay ^c, ^ua UchfiHitia tamumjint ^Jatja \ ta" 
monjuxtu eas caUulum eclipfihtSf ^ aliis obfcrvationibus coc' 
leftibus convenientem Jlftronomi exhihent. pcindc poflauam 
inultis cootendit, hinc non probari verum ex fdlib dire£le cli- 
ci : Pr^redior (inquit) ad tertium infiantiam , qiiam ex regulu 
falfi defromere licett &c. contcnditque rurium hic non elici cx 
iaub verum. Quo quidem in utroquc, cum illi egb plane af- 
j^otiar, neque uilum inde pro ailcrtione mea argumcntum pc- 
|am*. non me mtgis illa tangunt» quam primum. 

Ultiwjts denique o6jeciionesX^^<i^i^) noiis facejfunt > modi 
demonfirandi uS £uclide 9. dem. p, ii, Cardano L f: de fro^ 
fort, p, aoi. fjf> Theodofta l, i.fph,f. 11. adhibi:i » quo me 
digitum intendiilc putat, & ver^. Ex his liquIdemdemonP 
trandi modis , evidenter jam demondravi fupra , ex f^lfo 
dici dired^ verum j neque affertur ^uidquam a ClariiTimo 
Viro,quod demonftrationcm noftram mfirmet. Verbis Cja- 
yii ad p. ii. 1. 9. recitatis , fubjungit ex codcm Clavio dc- 
monftrationem p. la. 1. i.fph* The^ofii : Tum (inquitj 
ttt verum fatear , nefcio fane quid Clavio in mentem venerit, 
uti (^ Curdano , quare infolitum hunc (jr> enirahilem argumen-' 
tandi tmdum effe putaverint : qui tamen Logicis vaidefami' 
Uaris efit d^ duoius frineipiis om^tium evidentijjimis <^ natU' 
ra notijjimis nititur , hifce nempe^ quod idem non fojpt fimul 
effe p* ^on effe i item , quodltbet aut fit aut non Jit, Quid 
Ciavio, Cardano, & cum'iflis aliifque etiam mihi, in hac 
argumentandi forma lit vifum mirabile » dicere in promptu 
t,i\ \ hoc nimirum , qudd adcrtio probanda (G efl centruni 
fphaerac,) dire£ie ex fud contradi<aorid , (G non eft ccntrum 
iphaerac^ confequentiis legtimis ac nCccflSiriis dcducatur. 
Quod quidem ouotieicunque evenit, admiratione dignum efl. 
Tantum vcrbat^eft, «Maicratio demonftrandi Logicis valde 
fkmiliaris iit , ut etiam ifen defucrint dod^iflimi viri , qui- 
bus ea impoffibilis videretur. Ut dcinde oflendat vir Ciarifll 
hoc difcurfu verum ex falfb non dcduci , repetit dcmonflra- 
tiooeni propofitionis Thcodofiana: , fed formd pland diverfl 
a Ciaviaiid illd, quam priiis recitaverat, in qui vis argumen- 
.fitiMiis |itcr nos controverlae clariilime cernitur. Subjungit 
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dcnique; ne^ tgi tAm lynftuifum ut exindi tiJere tfneMtm » 
que fM&o exfalff vtrum aire^s fequatur, lllud tsmen %ideo » 
t^uodfi Q demMftretw nan ejfe centrum ffhxra , (vult 9 crcdo » 
oiccre , peoMtur , cHim demonfhrari ncqucit quod £iUuin eft) 
nefejfariefit ndmittenda centradiBaria ejus tfj}irmafiva , qukd 
C ftt centrtem /phara, Ad hxc verba repecani coRipendio 
demooflrationem fupcrius datam , qud , opioor , fiet uc V. 
C. tametii, quod cH maxime» I/occus pon pflct» ciare pcr- 
^iciac dici dirc^e cx ful(b vcrum. 

Quoniam admittit ( id quod ctiam co non dante evinoe* 
ret Claviaiu demonftratio) li G ponatur non cile ccotrum» 
iecpii aeccffitate abiblut^ tk formali G cfle centrum » na« 
citeflum eil » G cfle centrum , dirc6b^ feqoi cx &A contra- 
didliorid , G non efl ccntrum. Ergo cx vi dcdu^onis 
coniiat venim efje quod G fit cehtrum , ci^m lumice ni- 
turaH Qotum Gt id efic ncccf&ri6 veram , quod fiium contra*!» 
didoriun^ deftruit, boc efl , quod ex fuo contradlftorio dveCti 
iequitur. Habemus igitur , quod ex hac , (G non cfl centramy 
diredte dedudla f;t hscc vera , ( G cfl cenrrum.) Atqui hasc 
(G noo efl ceotrum) f^lf^ cft , ci^m jaip odendcrim vcram 
efle hanc (G efb centrum.) Ergo verum diredli dedudum eft 
cx &lfb. 

Han: fiiot, Erudite Ledlor, qu« fapcr hac qucftione bre- 
▼icer hic putcri apponenda. Caetcram nihil dubito quin C!a- 
rif&mos Lipftorpius eddcm animi sequitate refponfionem haiic 
noftram fit accepcurus » qui dedit oppogoaciQncm (liam , & 
tfp iilao/accepi. 
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TACQUET 

f SOCIETATE JESU 

Trigonometri^ liber unfcus, 

CAPUTPRIMUM. 
Sixuuu Definitiones, 

Ottid Sinns , Tangintes j Sccantes y 0- quo^ 
modo iHVcniantwr. 

Tnus , Tangcntes y Secantes (unt xtGtx, quxdim If* 
ncsc > qHarum in anaiyli triangulorum in Geometrii 
pra<fiica , in Ailrocomia , aliifque uiiis cft maxi- 
mus» 

SinHHm^Vcjinitiones. 

ESto quadrans- cfrculi A C E > cujus circumferentia C E di- «., ^ 
viia lit in partes 90 aequalcs , quas Gradus Vocant , 2t 
iinguii gradus in partcs xquales 60 , qux vocantur Minuta, 
lic ut totus arcus C£ divifus fit in partes «equales , {eu mi^ 
nuta .j^^oo. Ex ccntro A ad iingulos gradus » £c minuta e- 
mittantur re£be, quarum unam dciigno littetis A F. Confli- 
tuentur hoc fado anguH 5*400 , quibus fubtenduntur arcus 
ptidcm uno icic invicem minuto excedcntes. £x his ununBi 
dciigno littcris CAF. Primus angulus erit minuti unius» 
iccundus duorum mroutCKum, & iic porro} (exagefimus mi- 
nutorum 60 j boc eft gndus unius , & (ic deinceps : po^be: 
mus E AC cfl graduum 90, adeoque redfcus. Tandem per 
minuta (ingula ducantur redtae ad femidiametrum ACperpen- 
diculares , qux proinde etiam ipfx numero erunt 5^400 com* 
putando radium A£, quarum unam defigno litteris FX. Hsk 
appcllantur finus arcuum , 8c aogulorum uno mtnuto k£c mu* 
tuo fiiperantium. 




j } i Trigonometrid 

I. Igitur arcus ex gr. FC , & anguli FAC ab ipfb fiibrcn(i 
tinus cS rc£ta F X , qux ab F termtno arcus pcrpcndicularis 
tOi radio AC. 

^ a. Ptars radii XC inter arcum > 8c finum iatercepu tSk ii- 
nus verfus ejufilem arcils FC , & anguli FAC. 

g. Sinus complememi , five linus iecundus arcus FC , & 
anguli FAC eft F I linus IUius ardis , nempe F E , qui qua- 
drantem complet, adeoque 2Sc iinus iUius anguli,nemp£ FAE» 
qui cum priore FAC cbmplet rc^^um CAE. 

4. Sinus totus, iive radiuseft.iemidiam. AE. 

f . Arcus Q F quadrante majbr eundem habet finum F X, 
quem arcus mioor CF , qui cum eo femicirculura conftituit: 
& anguius rc^o major FAQ eundem habet (inum FX, quem 
angulus acutus FAC, qui cum eo efficit duos redlos. 
|e^, ^ 6. In omni triangulo redangulo B AC , Jatus BC ir^ an- 

gulo oppofitum » efl finus totus» fiveradius: reliqua verd la- 
tera funt finus angulorum , quib^s opponuntun Ittus nimirum 
AB ed finus anguli O, latus AC flnus anguii R. 

Nam fi centrp C ihtervallo CB defcribatur quadrant FBL , 

3uia latus anguio re^o oppoHtum CB , efl jam radius qul- 
rantis , erit CB finus totus per definil. 4 j latus vero AB pcr 
defin. i. erit finus anguli O, feu FCB. Rurfiun centro B 
inttrvallo BC defcripto quadrante QC I patet per eandem de- 
fin. I. AC efXe finum anguLi R , five QBC. Ex quo )am 
nunc apparet , quadtus fiouum futurus in Trigonometril 
fit ufus. 

jpefinhioncs Tangenti$4m > (^ Sccantium. 

f^^ ^ T7^^^ circulus BXZ, cujus quadrans BX intellig.itur , «t 
M2j fiipra , divifus in gradus , & minuta. Hunc tangat rec- 
ta infiqita BR , £l ex centro A ad contadhim B ducatur radiui 
fa) Pif ^B, qui («} cuili tangentc conflituet angulum rc^um. Co- 
|t.4|. gitentur deiode per quadrantis gradus fingulos, & minuta ex 
oentro A emitti redae AF , AL &c. quo fadh> conftitucntur 
tnguii FAB, LA6 &c. ad 5*400, ut fupra, quibus fubtea- 
duntur totidem arcus BC » BO , &c. 

7. Arc^s igitur BC, Sc anguli BAP tangens efl reda BF» 
jfecaos ver6 A F , finus totus A B : fimiliter arcus B O , & aa- 
guli BAL tangens ell BL, fecans AL.& fic deinceps. 

8. Arctts quadrante minor B O , & arcus quadrante roajor 
ZO cum priore BO faciens femicirculum eandem habent tan* 
gentem BL, 2c fecantem AOL. 

9. In omni triangulo redlangulo FBA refpedu acuti angu- 
]i FAB tangens efl FB ipfi oppoiitum , latus alterum AB tpfi 
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idjicens eft finus t0ttts > fiy ndius y hypotenufit verd AF , iei| 
ktus re(^o angulo oppefitum eft ieqins. Patet ex definit. 6, 
Sc propof. i6. lib. 3. fi ceatro A per B deicribatur circu- 
lus. ^ \ . 

Pari modo relpefiu alrerius acuti anguli A F B tangens eft 
AB , iinus totus , ieu radius dk FB, fccans FA. Patet ex 
defin. 8. , & prop. 16. lib. 3. fi centro F per B circulum de- 
fcripieris. 

Uypotenu^ igitur utriuique acuti iccans eil , ac projnde 
ciim hi anguli insBquales iunt , diveriis numeris in tabulss fi- 
nuum hjpotenuia exprimitur. 

Cxtcrum nocandae in prirois funt , ac probe inteliigendse 
definitioncs 6 , & 9. ut Sinus , Tangcntes , Secantes ad ufum 
deducantur. 

Ssnmm^ Tdngcntifm^ Secamiftm itrventio. 

INvenire Sinus, Tangaites, Secantes,eil earam proportio- 
nem ad radium circuli aut veram , aut a vera inieniibiliter 
aberrantem numeris exprimere. Ad eum finem intelligitur 
circuli radius in plurimas an)uales partes divifus,utin 1 00000, 
tut 1000, cooo. Tum Geometrico ratiocinio inquiritur; 
quot ezjilis radii partibus iinguli Sinus, Tangentes, Secantes 
contineanc, qux inventio^ uc poftea ofiendam, e6 accuratior 
futura eH , qud plures in partcs radius circuli divifiis ailume- 
tur. Hoc iinuum artificium primi excogitarunt Hipporchus» 
tc Menelaus , horum inventt deinde contraxit , & cxpolivit 
Ptolomarus , 8c noviifim^ Joannes Regiomontanns periecit, 
. qui ad radium 1 0000000. Sinus omnium graduum , ac mi* 
nutorum quadrancis iupputavit. Denique horum omnium co* 
natus egregios Clavius noto , Pitiicus , Rheticus , ^iique 
complures illufirarunt. Quamvis autem ab iis omnibus prse^ 
cUr^ hoc in genere laboratum fit , quia tamen prolixa hujus 
do6^riiue tra&tio e(l , optandum iane videtur , ut facilior ea 
iludioHs \ atque expeditior , d ficri poted , efficiatur. Qiiare 
animus mihi eil, artificium, quam utile, tam p«lchnim,& 
c]ari6s, quam caeteri fecerunt , 8c breviilis expooere. Rem 
omnem cribus Pwifmatis , 2c icx Probicmatibus abiblvam. 
Sk ergo 
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l^orifina !• 

fk.4. 'ir^Ato JiHU (FCy) CHJtifuis arcus (FBy) Cof^fte* 
Xj m^nti Jhmm (FO) iuvenirL 

/ 

(«) Ter Du^o radjo AF,quadratam AF (#) acquatnr quadratis Fd 

47. Uu AC. Qiiare fi ex quadrato ndii , (cu finiis totiQS aoieras qua->' 

drituni r»m\s dati FC, remanet quadratum AC, lioc eft qua- 

dratum FO. Igitur radix quadrata inde extradi dabit re£bm 

FO finum complemetiti quflditum. 

Poiifim lii 

fk*t\ "T^Ato Jifiu (CFy) cujusdam arcui (tCy) Jimtnt 
\ M Jhnijfeos ejufdem urcus iui/emre. 

Arcut I C iubtende re£&m t G , aJ quam e centro perperi'- 
ng\ f^ dicularts fk AL, quae tam (^) redam IC , quam arcum (i) 
pi,^, I LC biflecabit , ac proiffdc lO eft (lAus arctis LI iemifleo^ 
h) rtr arciis ILC. 

h^h Ex finu dato CF per prsecedentem inveniattfr (inus com- 

^meifti CQ^, ieu FA , quo ablato ex imu toto Al, nota fk 

FI. Nota igitor eft iiimma quadratorum I F , CF , hoc eflf 

(d) P^ (^) quadrati IC. Ex quo enciatur radix quadrata dabit a 

^./. I, redam IC^ ejuique iemiiris iinuiil qua:litum lO. 

Poinftm ilh 

ffe. 6. T*\-^^ JifMus (LXy FR) du&rum arcuum (LB^ 
XJ FB^y quorum dtffierentia non Jit major 4J 
minutis , Jihum (IS) arcus cujt^dank medii 
invenire. 

Ducatur pcrpcndic&laris FOQ. £runt LCJ^, lO difiercn* 
tix iinuum L X , l S ad (inum F R. Et quia arcus L F eft 
non major 4f minutis , adeoquc panrus , oon diiferent arcus 
L F , I F icniibilitcr a redis Imcis • ac proindc LFQ. , IFO' 
aifumi poifunt ut rediiiinra triangula. Quia ei|^ I O eil pa<*' 
(0 ^W ft. r41f la LQ crit (t) 
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ttt datonifn araram ad arc&s voti\i$ 

jnazimi, &iiiiala(ii 8c minimi 

difiercDtia dtftrcntiain 

LF ^^ ... 

tta finuum datorum ad finAs medii» 

maximi , & minimi 9c mioimt 

dif&rcntia dififerentiam 

LQ^ lO 

Qoarectim hujosanalogi» tres^rimi terminiiintnoti^erttm 
«uartus lO innotf fcet , quem li addamus iiaui dato minori 
rR , ootus crit mtdius quaeiitus IS« 

Lcniina* 

SEmiJps fnhttnfii (CB) alicujus Mrcis (CFS) tflfk.p 
fifmi jemi^c^t cJHfdm drcis. 

Ex centro A ducatur radius AGF ad CB perpcndicularis. 
trit crgo CG pcr dcftn. i.linus arciis CF. Atoui pcr j, 
lib. 3. CG cft fcmiflis C B , 8c pcr }o. lib- 3. CF femiflU 
CFE. .£rgo&c. ' 

Problema I. 
Snum 4tcus 45 graduum ifrOcnire. 

QUadrantcm CPB {bbtnidat refia CB , ad quam ez centro % iL 
A fit pcrpcndicubr is AGF. Quoniam igitur arcus C B 
90 grad. (4} bifcdus cft io F , erit FB arcus graduum 45- » (a)«l^ 
ctijus linus cft BG. Dcinde crgo ob «qualitatem laterum AC, 90. ^ f, 
AB anguli {b) quoque ACB, ABC acquales funt, qoi verd (^) ^^ 
ad Are£hiserit. Ergo (f> ABC, icu ABG femireaus.Eft h\p^c^ 
autem ( J) AGB reous; reiiquus crgo B AG (e) iemirciffcus rd}ii.pr^. 
efl, idcoque par ipfi ABG. Ergo iarera BG , AO (/) aequa- ^i. /. t. 
]ia iiiBt. Ergo » qoia quadratum AB acquatur (g) utrique (d)Perlgf^ 
qaadraro BG, AG, unlus quadrati BG duplum erit. Semiifis ^^\^^ 
ergo quadrati finAs totius AB gequatur quadnto iinAs 4f gra* }X f^ 
doum BG. 6. /.6. 

Qoare ii ex iemifle quadrati finAs totius eliciator radi^t qua- (g) ^«^ 
drata, dabit ea (inum 4f grad. qui , quamm parttum Imus 47«^i«' 
totus poaitiir 10000090, rcpcrietur earuadem cfle 707 1068 

r 



5;^ Trig9Mm€irt4 

Probkma IL 
ArcfmntSOf t^ 10 grddHum Jinus invcnire» 

fig* t« T? Sto quadrans BQ arcus BF graduum 60, 8c finus ejus Di^« 

Jlj Erit ergo arcus F C graduum 30 , cujus iinus lic FG$ 

ducatur autcm BF , & ex centro AF. Quoniam arcus BQF 

efl £rad. 60. hoc cIL iexta pars circumferentix cjrculi , erit 

(i)P«rM- BF latushexagODi , ideoque {jt) arquale radio AF. Anguli 

fiL uf, (^) igitur ad A , & B in triangulo AFB aequales funt. Cum 

I sJiy- 4* igitur in tr iangulis X , Z acquales lint ai^uli F B D , F A D ^ 

(6) Per 6. itera anguli F D B , F D A utpote redi } latus vcro FD com- 

(c)^«r97 '^^°^> ciyxni (c) quoque latera BD, AD aequalia:ac proiode 

g^f^ '* quadratum B D eft quarta pars quadrati Gao^% tocius A B , fint 

(d)Per^7. ¥B i fcxi quadratum FB aequatur (^) quadratis BD , FD. 

^* '• Auferatur ergo quarta pars quadrati fiuiis totius , five quadra- 

tum &miireos AD linus totius a quadrato iinus totius FB, 

remanebit qaadratum FD, cujus radix quadrata dabit redam 

FD, iinum 60, graduum. Foiito igitur finu toto loooocoo 

finus grad.6o. eit 86602^4. 

Sinuf fmv FG grt^d* 30. ifi femjps pmU totitu , otpote as- 
qualis ipii DA. Idem pacet ex lemmate. Poiito igitur finu 
toto looooooo iinus grad. ^o.eft 5000000. 

Problema III. 
Sinum ^6grddnum invemre» 

f^l* 9^ T7^^ iemicirculus F B G , ctyus baii radius A B redhis infi- 
m2j fiat. Tum radio AGbiiedo in D ducatur reda DB» 
quae traasfentur ex D in C. Kcda, B C erit (4} ktus pea« 
Li liuai ^g°^* circulo iiifcripti. 

wg» g^ furnmfli quadratorum AB radii, five fin(ts*totius , dc 
(b)P«r47 AD femifleos radii exrrahe radicem quadratam, dabit ea (h) 
m. u reaam DB , hoc eH: DC. Ex DC aufer DA iemiiTem nidii 
fiet nota AC , cujus quadramm adde quadrato radii AB« 
(OP^ri?» "otum fiet (0 quadratum C B, ex quo radix elicienda dabie 
Jft.t» BC lattts pentagoni fubrendens gradus 72. Illius ergo iemiA 
(i) r» iis (d) daoitiinum 96 graduum. Polito iinu toto 10000000» 
^ finus grad. }6. reperictur partium f 8778^2« 
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. Corollarmm. 

* 

X iinu graJ. 36. rq)erietur (4) {inui complementi , tiein- (1) /k^ 
pc graia. j-^.. paniuni 80901 70* ^«w/. 1« 

Problema IV* 
SinwH ^Aduum iz invcnirti 



I 



N quadrante C B fit arcus BP gradoum 30 , K B md. 5*4 » Fl{^* to« 
^ & corum iinufi DF , GK. Igitur crit eorum ^lkremia 
KF grad.i4..conipIenienta verderuat FCgradt ^o, KCgiad* 
36 • qugcum iinus fint PF , NK- 

Sious NK grad. 36. inveotus pcr Probl. 3. auferntur ex fi-*- 
ou PF grad. 60. invcntp per Probl. a. remanebjt OF nora* 
Tum (inus F D grad. 30. inventus per Problema 1. dcmatur 
ex finu K G grad* 1*4. invento pcr CoroU. praeccd. remaocbit 
OKL nou. Radix (umma quadratorum O F, O K dabit (^) (b) >rf 47« 
KF fubtcniam 14. grad. iilius yer6 i^ifljs dabit {c) iimim ^.t^- 
graduum la. ^unJ*^ 

Probtoi V* 

Sinm atmumm ^arc$mm ipuuhamh feji ordbuDim uno 

mifmto jHperantium inyenire. ..^ 

EX qdatuor iinibus per pr^cedcnija quatuor ^robl^mata 
graduum videlicrt 4^ » 60, 36, ii reliquos iinui om- 
nes adminifrulo trium Porifmatum pr^miilorum inveniemui 
}iunc in modum. 

Ex finm gradnHm 45. int/emunt/ir finm fif^ 

wem^ 

PRobleraate i. Inventns cft iinus itcQl gl^. 4^, (ilmatur 
graduum 4^ iemidis grad. 21 , 30. & ieminis horum 
grad. IX , if. qust amplius bilec^ri ncquit > iinus harum 19^ 
miiliam rcperiuntur pcr poriixna it nitnirum cx iinu grad. ^^^; 
reperitur finus gnd. ai, 30. 8c ejrhoc linas grad. 1 r, 1 j*. 

ex 4f gradibus 
iemilles 1 a, 10« 1 1> 1 f . 
Aoc^>ipiitir dcinde harum iemid^um complementa ) cot¥>* 

Y - plc^ 



r?» 



TrlgofUfpuhrid 



|i(cmentum ardis totips grad« 4^ • quia ipii aoquak» tanquatn 
inutile omittitur. 

ex iemi{!ibu$ ai, 30. 1 1, t ^. 
CompkmcDia 67, jo.yS,^!'. 
horum complementorum fiQus rcperiuntur pecPorif.Rttr(uni 
ex bis complementis fumantur {emifles feminium , quoties 
poniinti tum complementa ieminiumAdoneccomplementum 
occunerit> quod biiecari nequcat. 

Ex copipl. 67, 30. 78, 4f. 
Semiil. 3^,45*. nulia. 

Compl. S^*^S' 

SemilT. nulla. 
Complemcnta poftrema erant grad.-67, 30. 8c grad. 78, 4f. 
£x pofteriof i , quia biiecari nequit , nihil ukra eruicur. P^io- 
ris, ncmpe grad. 67, 30. (emiflis cft grad. 33, 4f. cujus iinut 
per Porif. 1. obtinetur. Hujuseomplemcntum eft grad.f^, 
if » cujus finus repcritur pcr Poril'. i . Quia ver6 complc- 
xnentnm hoc ultim^m non poteft bifecari , blc terminus erit 
ij(veniendi ex iinu graduum^f. Igfturex (inugradDum 4f. in- 
vcntijam fant linus lcptem, quorum inventionis feries inu- 
bclia appoHti exhibetur. 
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ExfiHHgrddmm 60 mvmimmmrfoms 16. 

ARcufi 60 gfadottin biieoetiir qnoties pofeeft, & aGcipiaotMr 
iemiQkim compleavmta» qua^ iterikn bi/ecaw^iom.po* 
tes, tivn iemiflium ruritai •ccipecQiiiplcsi]«ntl»quaid60ii& 
bifcca , & bi(e6Honis complemAOlum aflumf . Ex hac alter* 
sa acceptione, quz (cfrs repe^ita e£k , habentur arcus i^ 

quorun^ ijdMii pcr VmSm x 9 ^v akriiattP uaBfttL iove- 



aicmur. 
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Altcmam icmifliuin , H CDmplc!Tient<iruin feriem <xhibct 
tabella Hic appolita ; atquc ita ii hadlcnus ittventi Cxfwa prdi-» 
ncntur adnunierato iinu xoKogvz^, 90, jbabcbimus 2^. liDDsar- 

cuum fefc graJIb. 3 — fupcqntiu^^ : 

> . < ■> • 

Sl cnim arcus giradi 3*6. accipiatur-ictnifiisi , & (emi/lfis ft- 
midcos, & iic dbinceps. Deinde iplius iin^s ^«Sf & om* 
nium rcmjlTium cpmpIenQcnta ,- acrurlum icmifidi comple* 
incmorum-5 caqueakerna lemiflium , ajc complcmentoium 
acocptip o£iics repctatur, provcnicni arcus ^i.cjuprum iinus 
pcr Poriima 2. &:altprnatim reperientur. :Scri^al iisvcntionis 
horum 3d.afcuum tj^hib^c tabella rubje&. 



Y 1 



Siaus 



54« 



Tr^tiimari4 



a 

a 



6 
co 



u e 



M 



4$ • 

Ji 



. t 



.JH. 



»■* «Cv 



do>8 



• M ^ 4>« • 

iJil 



u a 












O O rf 



O VsVs 



O O VM^^ Vn 






■hl^aiiM*i 






O o*-^ 



«o 







O o 



•^ 



d o^ 




O Os 1 

o o 



J I 



«4 



«4 



00 



00 



00 



00 



o 

9t% 






Lsher Vnicm* $41 

» 
Ex Jmu iz. p^adtmm wvemM^wr 

Jims (?4. 

TJnc in modum. £x finu 11 acdpiatur iemifTiSy & fe- 

> midis iemilleos, & fic porro, tom ipfius i2> 6c om- 

nium fimiiHum complcmeota fumantttf dcfii iemiiles com- 
plementorum» ac rurtus iemii&um compkmcnta &c. Haec 
alterna iemii&um » ac complementorum acceptio , fi duo- 
decies repetatur , pro7enient arcus 64.» quorum iinus inve- 
siieotur per Po^iiina ft , & i. Seriem inremionis didtorum 
44 arcuum eziubet tabelia hic adjc6h. 
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Qpdd (i (inus omncs ha£^enas inveotos finu totoadnumcra- 
ro iimul '\n ordinem redisamuSyfkius habcbimus iio trcuum 
ie/e mutud 45* minutis fuperantium , quorum priilaas efl 4^ 
miautorum » uhimus grad. 90. 
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Ex his izo Sinibus* 



REilquos omnes intermedios ope tertii Pori/rnatis-per re* 
gulam proportionum reperiemus lioc ordtne. 

Prim6 quafremus inter fingulos liorum i to finaum duos 
toiediw duorum arcuuoi minutis if difiRarcntium , qutbus ad 
priores 120 adjundis» habentur fiauc arcuum $5-8, ij mlau« 
tis inviccm excedcntium. 

Deinde inter fingulos jam inventos duo quaerentur medii 
duorum arcuum minutis <- dificrcntium • quibus additis ad 
priores 3^8 proveniunt fmus arcuum 1076 ie minutis 5* fu« 
perantium. ' 

Denique intcr illos fingulos quaeremus medios quatuOr ar- 
cuum uno fe minutoexcedentium^quosfiaddamus illis 107 <^» 
fefaemur (inut ^400 » omnium vidclicet arcuum quadraotia 
Wo fc miaato fupcrantium. 

Probkma VI. 

Sccantesy ^ Tangcntes quajcmtque invemrel 

T^^ finibus jam Intcntis hx line^ nulb negotio itmotcf^inw - 

. ArcCis cujufcunque BS ex. gr. 70, if. fecans cfto AR, tan- 

g:ns BR., fious totus AB. Oporteat iecantem AR invcnire. 
uc Sk finum arcus SB, &>SNfinum complementi SX. Pcr 
prop. 4.. lib. 6. ut Ak (ffeu NS) cfl ad AS, ita AB, (fcu AS) 
cft ad AR. Sunt ergo trcs proportionales. 

Y4 NS 



^44 TrigmmetrU 

NS ^ AB AR 

3inus compl. arcus Sinus totus Secans quadlta 
' dati grad, 70» ij. lo&ooooo. 

Quare (1 quadratum finus totius dividatur per N S {inum 
complcmcQti arcus d^ti y quoticns dabit fccantcni quzficam 
AR , ut patet ex 18. lib. 9. 

Oportcat ddQ<A dati cujufcumque arcus 3S tangeoten) re« 
pcrire BR. Pcr prop. ^- iib. 6. ut Ak (fcu NS) cft ad kS, 
ita AB ad BR. Sunt ergo ptoportionalcs. 

NS kS AB BR 

Sinu^ compL Sinus arcfis Sinus totus Tangou 
arcCis dati dati 1 0000000 quaBiita 

Quare ci^m tres primi termini fint noti^per regukmtrium 
innotefcct quanus* 

Hs^ewt kiturfiuditfit 9U9d fuprk promiferamfSmuttm, 3iP» 
gtnuum, ^ Secmntium theortMm trikus porifmatis f ^ frohU* 
msttT ftx comprih$nfttm, Scio^ plurts tUias tfijinuum repo» 
ritnsldrum was, fti tu^ qttam fropofia^ eojtms txflUMu» a% 
demonjtrutu ufi^ ffi '^tftt fitciltor. 

Problema VIT, 

Sintitn Hums , vel plterium Secttndonm jMittutvrtm 

ittvenire^ . 

jQ^ 4. yr% Hpne(enfet PB arcus untus minuti , Ihi 60 (ecufidonimV 
JLv kB ver6 arcum 16 iccundorum ex.'gr.iinusver6iftonBm 
arcuum fint PM , kN. Quoniam hi arcus infeniibiiiter dif> 
fcrunt a rediis linefs » aflumi pofTunt triangula P B M , k B N 
tanquom r^iUnca. Igitdr per 4.. iib. 6. 

Ut PB I Min. ad kB ita PM ad kN 
fpu ^o iccun, %(i &guQ. iinus ilnMm 

I Min. a6 iibcun, 

Quare pcr regulam trium reperictur finus kN 16 iecundo- 
f um , muitiplicando videlicct iccundum 16 pcr tcrtium* nem- 
pc 2^09 iinum i minuti , fi; produ^um divi^endo per pri- 

giumi nempe 60 iccuq. 

Hoc 



rr Vnicml 345: 

Hoc opcre rq)eritur iiDus unius minuti (canidi 4^ ^9 

60 
pofito (inu toto 1 0000000. licebitque eadem mcthodo repcrirc 
^um unius tertii> Sc fic in infioitum. 

Problenu Vllt 

Jfrutmrc Jtnum arcHSy qtd fr^er gnuiHSy (^ minHtd 
frimay etiam JccftnJa cantineat. 

1N?eniendus fit ex. gr. finus graiduum )6. lo^» i6/t, Arcum ^«4 
grad. 36. 20/. proxime minoremdato reprzicotet FBiar- 
cum vero daco proxime majorem, oempegrad. 36. ai/re- 
icrat LB. Arcum datum grad. 36. lo' i6ft ^ qui inter hos 
modius eft , referat I B. Sinus autcm horum trium arcuum 
liQt LX, FR> IS, 8c ducatur perpcndicularis FOQ^ Arcus 
igitur LF e(l i^, £c\x 6o^^arcus IF, 16 i/, LQ^diffcrentia Si- 
*Buom LX erad. 36, ai/ flc FR grad. 36,10/. Quoniam ig|- 
tur arcus U* , utpote i', inicnlibiliter difSnt arc^ ]ineS,8c 
inult6 adhuc minds arcus IF , i6^,erit per propod 4. 1. 6. 
Ut LF ad IF ita LQdif&rcntia ad lO diff, 
Coit i6tt I Sinuum 8cc, finiis &c. 

Quare cum tres primi termini fint noti , etiam innotefcct 

Suartus , dificrentia lO, qux adclita FR finui grad. 36. 10I4 
ibit fuium qusditum i/. gra, 36. lo/, i6^t 

Problcina IX, 
Dato Sinui arCum ajjignare. 

Slnum daturo quscrc in tabulis. Si eum rcpcrics, arcum il-* 
li debitum habcs adfcriptum , . fi non rcpcrics , quxrc eo 
proxime & majorcm , & minorcm^ quos rcferat LX, FR, 
datum vcr^ rcprxicntcc IS. D\x€tl pcrpcndiculari FOQ,crit 
pcr 4. lib. 6. 

LQ^cxccfTus. 

Ut flnus LX proximc majoris 

dato fupra minorcm FR 

ad 

10 cxccflum 

finus daci IS 

fupra minorcm Fi\ 






arcirt LF " 
60. fccund. 
ad 
nutncrum iccundorum » 
qdat dcbcntur arcui IF. 
Quarc cum tria prima iint nota»ctiam quartum innotcicrf» 
Humerus nempe iecundorum debitvs arcbi f F , qui addituc 
^adibus , ac minutis arc^s ooti FB dabic ancum dcbitum 
iinui dato IS. 

Atqui hde qmJm baBmm dt Stnutuh, Tdttgtntittm, e^ S§^ 
amtitiTn imfttrtimi. ReiiqtMttt tfi , nt quddatn tid flenmtt hm' 
jus rei theoriim fkcittnm fequenti SchoUo decUrttrms, 

Scholium. 

Qjf^io efiy cur radius circidi in M fnrtes divijm 

ajfnmatur. 

UT hujus affutnpti caufa iateliigatur , metniniffe dehemus^ 
otnnes Sinusy $ecantes, ($• Tangttues inventas effe velper 
^radicis extra&ionetn , velper Kegtdarri froportimutn, Etquidetm 
Mi 110 pnus arcuumfe invicetn ^j; tninutis fuperantiutn per ex* 
fraiiienem radicis repertiffmt^ ut patet etc Froblem, i, 2, ^, 4, f . 
Cateri vero enmes inter hes medii ex iilis t lo per proportioms re» 
gulam inmtuere , ut ex Frohlematis f poflrema parte cenfiat. 
Tangentes autem , c^ Sicantes exfinthtsjam notis per regulam 
eandem reperta funt , querttadmodum Problem, 6. efienfum tfi, 
Jam ver)t fturtforis ^ qttiSus radix fmt tlicitnda , tet pberimnm 
jimt non quadratit ix quibusji radicem educas , eafemper a 
vera , qua {tu Ub, 3. Artth. cap. 6. demetifiravi) impeff&dis 
ifiy difiret' exceffu f defe^uve aliqtto , tninere tamen, quam Jk 
^;#-. tr..- * — -''^erentia, qua ob fraHti^'"^ -- /•-*j-.™ 

y eo minoris tttomenti 
^ qteo radix iduSta fiat* _ 

nttmerUs eo tnajorfqtib radius in partfspUtres divifos ajfumettir» 
Exemplumftatuamus infinu ^f graduum , quem VrooL i. do* 
euimus obtiiteri , fiexfemiffe quadrati finus totms radicem ex* 
trsxeris. Si tmmerus radii, feufinth totius affumatur magnus^ 
qtialis hic eft 1 0000000 > HUus etiam quadrjitus , adeoque ^ 
quadr, femifps 5*0000000000000 muUo erit major, Porro radix 
integrai qua elici poteft ex ^ooooooooooooo, efl joy 106 j^qua 
quia ex maximo nutnero elieita eft , etiam iffa magWHs eft n»- 

merus. 



Liker Vnkm. j^^ 

mtms, Vndtfit , ttt ipfits k radia vera mfojpbiU Jife^s » 

^M/ fimper unitate minor eji , ad iffam frcp^ionem habeat in" 

fenj^iiem, proindeque tuto , ^ abfque jenjibiii errore uilone^H" 

^atur, Hanc i^ur ob caufam tantus numerus partiumfinus 

totms affumi debet, Vertimy ut hujus rei caufa manifcfitoreva- 

dat y omnia errorum rapita exaciius erunt colligendal Trmum 

caput erroris efi infinibus illis prtmis i lo , quos reperire opor^ 

tttit per educlionem radicis ex numeris non auadratis, In rdi» 

quii dcinde , qui ex his per rigulam prop, eticiuntur , idemque 

froinde vitium parttcipant , alii dfio irtfunt errores proprii , viJe- 

licet quod in trianguUs LF^, JFO arcus I.F 4/ , O» arcus IF Fig* #9 

il" > aut f affumantur tanqtiom recla Itned > atr^ue infuptr, 

cum regula proportionum exercetur , quod firaSio ex diujtone 

re/idua negligatur, ^uo vitio poftremo etiam Tangentes , ^ 

Secantes, qua omnes ex finibus per prop, reg. obtinentur , labo- 

rent rteceffe eft, Denique citmjmus perpauci tantum bnmediatl 

reperiantur . c^teri vero finus omnes deducantut tx invicem,ex 

fintbus autem Tangentes , ^ Secantes , manfeftum eft , fingu- 

hs pTdtter erroresfibi proprhs contrahere etiam vitia eoruni , e 

quibus ipfi deri-Luntur ; undefitf ut error , ' qui infam imme* 

diate mventofimplex erat, infecundo quafi duplicetur t in ter- 

tio triplicetur i (^ fic deineeps, Utuie coufequetts eft y eofinus 

effe accuratiores , qui ex paucioribus derivantur $ exa^iffimos 

vero effe eos , qui immeJiate , hoc ejl ex alus nullis inventi 

fum, £x his ergo capitibus Sinuum , Tangetvtium , Secantitsm 

defeilus oriuntur i qui ne effent notabiles ^ fed qtsodatnmodo eva* 

nefcerent , radium maximo partium numero drvifum affumer§ 

eportuit ; (jf* quamvis defeBus iUifint non unus , fed {ut jam 

oftendi)pUsres , tamen qttod finguU ntttUusfere monsenti funtt 

etiamiimul junHi errorem vix fenjibilem inducunt , fiaffitmx^ 

tur finus totus partium admodum multarum ^ qua enim propar» 

tione augettir nurhertss radii, eadem crefcunt numerifinuum^ 

froinde errores , qui in tis fupptitandis committi debent, magis 

evaneftunt, 

Deinde iftud etiam tyrones inteHigant , fi Sinus , Tstngentesf 
Secantes acctpiantur ad Jtnum totum 1 0000000. quales pajfim 
in tabulis reperiuntur abje^its duabus primis notis haberi Sinus» 
Tangentes , Secantes adradtum 1 00000 , totidem videticet cy- 
fris mulBatum, Ex, gr, pofito radio 1 0000000 Sirtus 8 grad, 
eft 1 39 1 7 3 1 > y^ cupiam mitmem ad radium i ocooo ,. omiffis 
duabus primis notis t iserit 13917; talis enim Siintis, Tangen- 
tis, Secantis difftrentia a tmjenfotkm erit fraSIio , cujus nu" 
tnerator fint nota abj'eSka , denominator vero finus totus duobus 
cjfris mtd^attts. iaqttefkus 8. g;rad, 23917 tninoris a majd^ 
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54? Trigmftmtrh 

ri 1391T}' » diffiritui4 /erif V__ dMmetri, Ratm fendet ac 

lOOOCO 

mMtt4r4 logifiic^ decaml[t,quam expofki uirithm*Pr^ic£ liS. i* 
faf. 9. O^/fq- tr^fertim ex Thevr. i.<^ 1. c. 10. Foftremb 
hoc 'tmfrtmhhk Qofervt^bitur y cum Stnus^ Tangentes, Secan- 
tpjexfetuntttf reffe^u rAdit 9X.gr, 100000, exttBiores fore eas 
Uneof , Ji ftifputenfur rejfeStu finus 10000000 datum exceden» 
tis duoius cyfris > ^. ub iis itafuffutatis totidem primA nots , 
ut jam dicitim eft^ ahjicimtAr. K^tio eft. qttia errores Jinuum 
ftfuitis notis confttmtiHtn » non tarfautur nifi in frimit notts, Ita 
Regiotnontanus , eumfinus cuferet adfartes radii ^ooooo, af" 
fumfjtt raJium 600000, 00000, c^ afmbus ad eum radiumfuf- 
futatis fritnas quatuor notas/uftulit, Similiter Rhetifut » 94t 
haberet fint^ std radtum 10000000006 ajfumffit radium 
100000,00000» O0OOO, 0» a Jmtbus fer hunc rffertis frafeidii 
^punqtM ttQtas frimaf, J^uo artificio ohiinetur , ut ncta re^i" , 
dua omnes vera exiftant % ac frotade finus ita referti m voris 
nan dejiciant fer unam integram earum fartium , quarftm rm^ 
dius m tahtdis » fifvf canone ajfunutttr* Et taUfJmt H otnrntt 
^i in tabuii^ fajfim defcrifttjunt. 

C A P U T II. 

Triaitt^ttkntm rcSilimortm jlnaljfis. 



TRiao^Ium omn^, qubd per ic manifcflum eil, tria la- 
tera pabet , 8c angulos trcs , qux £mul )m€tz fcnarium 
numerUm cflEciunt. £z his tria fempcr nota (int oportet » ut 
trii reliqua, qu« fiint i|;nota, cognolcantur. Scientia igitur 
ea , quas ex tribus datis » five cognitis docet tria reliqua in« 
cognita iovenire; Jnalyfis 7>iaf^u!orum ab aliis Trigonotitetria 
appellatar. Hoc invento vix aliud > (eu prasdaotius , /eu 
Vtilius- Qupd ex nunc t/rones> ut vel eminus perfpiciant» 
non ea ibl^m trjangula contcmphri debent, qux in carti > vel 
tabuld delineantur ; fcd ab his cogitationes fuas transfcrre ad 
ea oportet> cjuas in campis, atque in aere > imo & in ip((i 
coelaper radios vifualcs, & ipfas rerum diflantias> iongltifdi- 
neique defcribuntur. Opportuoum erit ex iis > quse poflei 
cirunt uberius explananda , cxcmp. unum> altcrumve quaG ad 
tfn totius ibecimen aliquod af&rrc. Intcr Problemata Trigp- 
nomcixi? AOc prit inter (^tcra ' unum > ^ui da(o ^np Iat<n*e 

trJaa* 



ttianguU redacguli, & angulo acato uncreliqut htera quan- 
ta iint , inveniri poflint. 

£x hoc Probieniate montis, aut turris altitudfnem metiri f^*t14 
poteris. Turris alicujus altitudinem referat Tc€ti QF ; di- 
ihntiara ?erd beuli ab eadeni redi 'At^ horiiantaiis , cum 
i^u£ re^m angulum conftituit altitudo FQ^; radium vifua- 
km extentum a turris apice F ad oculum tn A reprxien* 
t(t redhi FA. Habemus triangulum redangulum.inteliigi- 
bile in acre d«{criptum , cujus unum latus cll AQ difiantia 
oculi 4 turre, alterum QF ip(a turris altitudo, tertium ra- 
dius vifjalis AF. Jn hoc triapgulo angulus QAF (ut £10 
loco olUndam) Bt notus innrumento i latus AQ^diih&tia 
jam ilippooatur nota^- £x his duobus cognitis angulo vi- 
^cUcet acuto Q A F 1 & diftantia A Q, per univcrnle Pro- ^ 
olema jam didum . inveiHetur quaota ut altitudo turrh QP. 
Adjungamus &.alterum. Imer cactera Problemata Tri^- 
nometrica etiam iAud occurrit : datis in triangulo qoobbec 
duobus anguiis, quse lit laterum inter & proportio ^ iove* 
nire. 

. Ex hoc Problemate ad didantiam Lunx i Terri dirac^ jr^. u^ 
ti^ndam via aperitur. Centrum Lunx eftoC, centrumter* 
rae A , oculus in ifuperficie terrae in B s &midiameter orbia 
Tcrrse A.B. Ci^tentur tam ex tcrrx centro A, quim ab 
octtlo B extendi re^ ad Lunx centrum C. Quo d&o 
conftituitur triai^Ium a Terri ad Lunam pertingens, cu* 
jas unum latus elt iemidiameter Terrx A B , retiqua duo 
iunt di/lantiac tam centri Terrae, qu^m ipiius oculi a ceo* 
tro Lunae. In ho^ triangulo angulus ACB aftronomico ar* 
tidcto inno^eicit» aogulus.verd ABC fit notns per inihii- 
mentum. Iraquc ex. his duobus aoguiisjam cognitis per 
univcr&le Problcma jam didhim innoteicet , qux fir pror 
porrio lateris CB, vel AC ad btus AB; hoc elt » quotiea 
diilantia Iupx a terrd {emidiametrum tcrrac contineat : ac 
proinde cum alio jam artificio, quot milliaria ndius terrx . . 
.contincat, innotuerit» ipia etiam di flantia Lunac a tetad in 
iniliiaribus innoteicit. Ad tamae rei notitiam nos deduxit 
problema hujufmodi , quod tjro tbrte aJiquis nuilius cffe 
uius judicailet. Hacc ergo di^ iint in gratiam eorum»qui* 
bus illud in ore iemper, cui uiiii, ut ex his etiam caetcra» 
quorum ufum non peripiciunt , atftimare diicant. 
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^Riufquiiifl nltro tendainns ," expcdict Uc in meiTKM-innt 
rcvockfe nomiulla > qux in Eiemcnris traduntur , in qui- 
bus fub haic Jhida hanpcre pleroniquc tyroocs iblcnt. Prsc'^ 
teream lA^» qut his non indigcnt. 
, I. DQtum , & notum idcm lignificant in hac materi-^. ^ 

2. Circumiercntiam circuli parttri folcnt Mathcmacici m 
partcs acqualcs 360, quas gradus appcllant^ Sc harum fingulas 
lurius in ^ acqualcs ,* quas minuta vocaot. 
%. Arcus circuii , ieu pars ctrcumicrentix nota dfcitur, cdm 
* icttur , qooc gradus contineat , tunc cntm arcus 91c, quant^^ 
iit toritts circumferentix pars, innolefcet. 
f%» rjt 4* Anguiorum meninrae funt arcus circuH . qui ex verti- 

ce angnli tanqusm ceittro intcr cjus crura dcfcribuntur. Sic 
aoguli C menliira €(1 arcus OQ^ ccntro C deicriptus intcr 
anguli crura CA , CB. Patct ex ultimii lib. 6^ Hac de 
; ' cauia angukis.C dicitur eile tot graduum , quot gradunm 
eft ille arcixs OQj ut ii arcus OQ^cll grad. 31 , ctiam angfB-^ 
Itis C erit gvadimm ^i. 

f, Angulus iiie C dari , ieu notus eilc dicitur, qiiando ^i- 
tur, quot graduamiit, hoc eft, quot graduum iitarcus OQ^ 
istcr cjus crura cx vertice , ut ccntro dcicriptus, 

6, Angulus- ledhis dicitur 5^1 graduum , quia arcus inter 
cjus latcra centro vcrtice dcfcripcus cA 90 grad. ieu quarra 
pors circumfcrentise totius. • 

Et duo fe^ dicuntur grad. 180 ; qnia arcus inter eonim 
rnira delcriptos , eolqne fiibtendcus « eitgrad. 180, iemiilis 
nempe circumferentfdB. 

Et quatuor fe^i dicuntur cfficere ^60 grad. quia fubten- 

duntur a totfi cifCumfercntiS. 

^» H* 7. Si cx -anguli vcrtice ut ccntro «nter cjus htcra plurcs 

deicribantur arcus OQ, SV, minor aoque cit mcnfura angu- 

ir, ac major j quia minor aajui mogna pars cft iiiscj circum*" 

fcrentiac tottus, ac major fua;, ac prornde ii arcus major OQ 

cftcx.gr. 31. gfaduum , quorum tota circumfcrcntia major 

OQLH cft 36o,ctiam minor arcus SV cft graduum 32,quo- 

rum minor ciKumfawntia SVRTeft 3^$ Patct cx Corol. j. 

prop. 3;. lib. 6. 

ft.ii. ^' Cujuicunque trianguli trcs anguli iimul fumpti cfficiunt 

' grad. 180. Quia per 32. lib. i. trrs illi anguli iimul iumpii 

icmpcr cfficiunt duo^ rc£^os, ac proinde , ii ex angulorum 

-verticibus A» B, C taoquam ccntris intcr trianguU cujufvis 

crura 
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crunL ^teicribantor» eadem intemllo cfrcinl > tr^ arcus F G,' 
!iZ » OQ iiinul ium|«i iiemper confltbunt fimicircubm» lM)e 
•ft arcum i8o gradqvm. Nam fi centro C per6ciaturfefQi<* 
aircuius OQP, & arcus FG tranfcribatur cx Qin Li torcii» 
arcus X Z ax)ualis erit refidqo L P » adeoquc trss fimol arcM 
CX)* FG, XZ ceaficiuat ioteg^Fum fanicirculum OQLP. 

9. Cum in triangulo ABC (juocunque , noti iint dup aiigpi* 
U A ^ad. 1 xf , D grad. 34. etiara C tertius Imiotcfdt , li 
atriu^ue dati gradus ifp lubcraiMiiituv a 180 gradibus. Re- 
mancnt enim gradus 1 1 tcrtii anguli C. ' Patct ex amx>tatio« 
ne 8, 8c cx 31 Isb. i. Atque luc de caufi datis dttobus aogu- 
lis , ctiam tertius 4icitur dSi datus. 

10. Pari ratione » li in quovis rriangulo (ABC) notus fit /^* i^ 
unus angulus ( B grad. 39.) innoteicit eriam iumma rcHquo* 

rum (C , A) fi gradus anguli noti (B grad. 39.)fubtraliantur 
a 180 gradibus > remanent enim gradus (141) fummae duo- 
rum reliquorum (C, A.) Patet ex annorar. 8, 6c 31. lib. i. 
£c hac de caufa dato uno angulo , dicitur 6c rumm» rdiquo- 
rum dari. 

1 1. In trfangulo refiangulo (BAC)dato acutouno(Cgrad. jF^. i|| 
31.) etiam acutus altcr (B) innotcfcet» ii acuti dati (C grad. 

<^i.) fubtrahantur ^ gradibus 90, rcmancnt enim grad. (1*9.) 

Eroacuto altero B. Patet ex annotat. 8 , & 31. lib. i. £c 
ic de cauia in triangulo rcdangulo, ciim datur acutus unus» 
dart dicitur etiam alter. 

II. Quatuor termini A , B , C , Z dicuntur pro- 



portionalcs , ciim primus A cfl ad 
iecundum B, ut tertius C ad quar« 
tum Z 



ut A ad B, 
ita C ad Z 



I 



1 3 . Termini noti /imt , qui numcris exprimuntur , hoc 
eft , quando fcitur , quot partcs alicui certx 9?quales conti* 
neant. 

14. Cum e ouatuor proportionalibus tres termini iunt no« 
ti , quartus vero incognitus • is iempcr innoteicct , ii ^xun- 
dus multipltcctur per tertium , & produ(f^us numerus divida* 
tur per primum , quotiens enim divilionis erit quartus , qui 
ktebat. 

Atque hxc eil rq^la, quacTulgd pronortionum, ^"^t trium» 
& ob iummam utilitatem Aurea appellatur, demonilrata eit 
prop. 19. lib. 9. de qui vide p|ura lib.4. Arithm.cap. i . 

Dato an^ulo, datur ex tabulis (inus ejuiHem : 6c,dato iina 
datur angutus j ut ii detur angulusgrad. 40, i6.gradus quxre 
in vertice tabulx» minuta autem 16 in columni priml ad 
Ixvam. 

Hi9 
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His iKUciTpCotn reperies wn ibittm iuittm iOis debitiint 
646^460 , &d etiam tangenten .8470610 » & iecanteni 
13105-396. Contra fi detur fious ez. gr. 6^63460 , cnja* 
tnguhrai ignores» qasETe in columda finuum nunKfum d»* 
tttte; fcl a noo reperiatur, ei proxime aDquaiem » in co- 
himnlprim^ ad bevam reperies miauta» & in yatioe gradns 
«ondi qusefiti. 

Deoique iioc obienra: :o analyfi triaogoli redangoli quam* 
¥is iblikm duo data exprimaoturi ut duo btera » yel uonin 
ktus cum uno acuto i tamen datum tertium icmper dk 
iple angnhis redus » qui » quta per ie notus c^ , & triao* 
gub re^bngulo nomioato iads iiibiatdligttur » ttltertib cxr 
priminonmkt. 
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ANALYSIS 

TRIANGUU REGTANGULL 
PROBLEMA PRIMUM. 

" Datiji mnibm dffgnlis iMertm pnfartioncni 

invemrci 

Tr^ Afi A C ddicnbc kdtath fiiiurii , latcri A B finum % ifi 
L^ oppofitt anguli C ^ lateri CB finum angDlt op- 
W^% politi A; ' £adem cric kterum proportio , qtia» 
^*"-^ finuum. 

Demondratio patet cx dcfih; 6. cif. i. Itaque f\ cupiam 
fcirc I quanto latu» unum fit altcro majus cx. gr. BC quim 
AC:iinum looooooodividc pcrfinuni f ifojSi. Quoticns 
t .4849619 hoc indieabit j ficnt enim qootiens cft ad 1 ^ itl 

ACcftad BG. ,^ ., . 

Vd aJtcrutri latisri circa rc£bth , puta B C • cui adfcribe 
(inum totum , lateri B A tangcntem acuti C, bafi A C iecan* 
tem ejufdcm ai^K C: Ita patcbit laicrum psoportio < iit 
patet cx definit. ^. cap. a; 

Problema IL 

D^iis h^ (Bd pedfffh 106,) & Mitf nm tk.ih 
(Bffdd. 59; reiiqnn latcrd (jiCy AB) in- 

vemre^ 

r^ triangolo rc£knguIo hTpotennfa, fivc bafis dicitur, q«ef 
redlo angulo opponitttr, latera veri» quae rcdttm anguluat 
continent; 

inftietitio Uterii Ad: 

tTt data bafis BC, ad latus AC, prouf cft fl- 

prout eft finus totns nus anguli B grad. 

too^oooo 5*9. 8/7167* 
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itaeadem bsfis BC« ad ^(dem lateris KQ 

prout eft pedum pcdes quaefi- 

lOO. tos.^.. 

In quo aEuIogtfmo, quia ttcs priifti termlni fiiht n6ti>ctiam 
quartus incognitus • numenis ocmpe pedum lateri A C debi- 
torum innotelcet pcr reguhm poportioiMim multiplicando 
videlicet iecundum Sf^idj^ pcntertium soo» & proiu^uni 
8f7i6730odividendo per primum looooooo, quotiensenim 
8y 7»67^oo cx ca diviiuxie provcaicos» cit quartus» qoi late- 

lOOOOOOO 

bat , mimcrus pedum lciHcet, quos cootinet latus quxOtum 
AC. 

Non affimilis inventio lateris AB. Nam quia datoraeutas 
B grad. f 9. etiam per 31. lib. 1. feu aonotat. i i.datur Acutus 
aicor C giad. 3 1 » unde etiam uiriuique daotur. Jim 

Ut ba{is BC> prout ad ktus ignotum AB, 

eft iiQu^ totus prout cH linus ang. 

looooooo gi'* B'- fii^o^^i 

ita bafts BC, prout ad ktcris ignoti AB pe- 

eft pedum des quxfi- 

100. tos..... 

C^m ergo tria priimi (tnt nota, ettam qoartum , numcra 
Tidelicet podnm lateri A B debitorum pcr rcgukm trium ia- 
notefcet. 

DeffmflrMtio. 

HOc unum tnm Mc » tum fere etiim fn i^uentibus erit 
demonftrandum , quatuor lupradfd^os tcrmioos eficpio- 
portionalcs. Id Ver6 ex definitione 6, cap. 1. manifedum dt, 
Nam baiis BC, latus nempe re6bo anguio A oppolitum eftli- 
nus totus , feu radius , latus verd AC cd (inus anguli oppofiti 
B CY. gr. ^9. grad. qui cjc tabuKs datur ^fji^j^, I^ter 
'qoarum partidm linus totos, nempe balis BG eft looooottK 
earum finus anguli B, ncmpc latus AC eft 85*7 i6y^kzc prom- 
de ut bafis BC prout eft (inus totus looooooo eft ad AC 
8^71673 finum angoli B , ita ehdem baiis BC ex hyp. 100 
pcdes ad idem ktus AC quatfitum , iive ad numerum ptdum 
m latere AC contcntorum. Quod erat deraonOrandunH 

Pari modo per defin. 6. B C eil (inus totus 10000000 , Qc 
AB iious anguli C ji grad^ qui ex ubuks datur /ijo|8i. 

£rgo 
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firgo ut dC finus tofus loofboooo ad BA iinom fif^o^^uit^ 
cailem BC ex hyp. pedes tqo. ad candem B A mcognito pe» 
dum numcro conftantem. Quod crat demoolbandam* 

^ d T A. 

TtinJamifaum huJH^s & imnmm fiquenttum ofirAtlonum^ 
Mc demmflrMimwn eftt qmd quahdo dud qumuitntts A, (ji»Z ^ 

9M4L fun$ ftcunditm quumvis owwn tHnfufMm^ <^ mm edrum 
^ otium notd efi m uUm menfurd ex. gr. in feiilms^'tttm ettani 
mheru Z in fedibtts necejfarib innotefcet per regulam mcreum » 
vide caf. i. lib, 4. JirithmitieA niftnt , t^i id demm^tra» 
tmm eft. 

tVoblema illi 

DAtis Idten $ind {AC mitUariorfim 1 060 ,) & j^^^ ^i. 
actao nno^ latm nlupitm (fiAj) (fr tajhm 
(BC) itrOimre^ 

kx mto acmo dato ndtns Jtat alter : nt fi B ik^ 
iarffrad. 54. his fnkdifSlis a 90» trit Cgr. 5 5; 

Ifivemio- lateris jiB. 

Vt ktus datuni AC» Id krus igndtunf AB, 

prout eft iinus totus prout cft anguii C 

1 0000000 ' dato lateri a^acen« 

lis tangens yidj-^itf 

fta latus datutn AC , ad htcris ignoti AB 

pro^teft mUliariomn miltiaria qdxHu* 
1000 

Invimio kdfis SG 

' Vt latus datum AC; ad bafim ig^tam' BC^ 
prout eft (inus totM prout ed acuti C 

loooockM) dat6 kireri 

adjacentis (ecans 
12^60680 
ita htus datuni AC, ad ignotx BC baieot 
proqt efl miiliiiriaruiifi mdiaria quaeiita. 

iOQO 

Z i QptTti 
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Qoare c&rti in atroque analogifmo tria prima {mt cogiiita* 
etiam quartum utrobique per r^lam proportionum innocci^ 
cet: eritque latus AB miltiariorttm 716 y4>^.^ iaaiis vcrd EC 

loooo 

milliariorum ti3_529« 

loa o 

DemanfirMh. 

PEr defin. 9. cap. i.latus AB e(l tangens anguli C grad. 3^ 
qux ex tabblis datur 7 165-4.16 , Stus vcrd AC eft linus 
torus 10000000 , hoc e(l • quarum partium latos AC ell 
10000000 , carum eft AB Jatus 7161*4.16. Esgo ut AC 
1 0000000 eft ad AB ^i^f^i^ , ira eadem AC ex liyp. 1000 
miliiar. ad milliaria quxfiti lateris A B , hoc eft ad aumerum 
milliariorum in AB contcntorum, ergo Scc. 

Pari modo per defin. 9. cap. 1. refpe^ anguH C grad. ^6 
AC eft finus totus looooooo & BC (ecans , quae ex tabulit 
datur 11360680. Ergo ut AC finus rotus 1 0000000 eft ad 
BC iecantem 11360600, ita eadem AC ex hyp. 100. miil»- 
rium ad candem BC ignotum numerum milikriorum conci- 
ocQtem» crgo &c. 

X 

Problema IV. 

/i.rJ. 15-^ (CB IO60 perticarum) & Mno latere (JC 
J3 89 1 ptrticarHm) Jatis » iftvemre acmcs ^^ 
losy (fr latus dtermn (^B.) 

Ut bafis data CB ad latns datom' AC perd- 
perticarum 1000 darum 891 

ita baiis cadcm CB, «d anguli ignott B , qui da« 
prout eft fuius to- to lateri AC oppont* 

rus ToooOooo tur, (inum. 

Qui proinde pcr rcgulam proportionum reperitur 8610000; 
huic in tabula in?cnitur proxim^ aequalis 891 006 f , cui ad* 
icrjptus eft anguius gr. 63,qni per probl. 9. cap. 1» tdfauc le- 
peritur exa^us 15*. ergo eft angulus B , qui iatebat, in?eat» 
tutem acuto B datur etiam acutus aiter C grad. 17. 

Quoniam ver6 jam in triangulo redbnguio nota elV bafo 
C B cum angulo C , iatus qusefitum B A invenlettir per 
probl. 1. 

Idem fatus indepeodenter ab ai^is reperitur pcr probl. 3, 
ia Scboiio prop. 47. lib. i. cfem. 
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Demonfhratio, 

Per defin. 6. cap. i. CB eft finus totus looocHiob • & 
C A cft iinus anguli B. ergo ut bafis BC looo pertic. ad 
latus A C 89 1 pertic. ita baiis eadem B C prout eft iinua 
totus 1 0000000. ad idein latus AC prout eft iinus ignoti 
aoguli B. 

jilitcr, 

Ut latus C A datum ad bafim CB 

' pertic. 891 pertic. 1000 

ita linus totus ad fecantenn i^noti ang. 

10000000 C datis CB^ CA 

compreheaii. 
Demonftiatio eadem » fid eft defin. 9. cap. 1. 

Problcma V. 

• • 

D^UJbns Uteribm datis {B^fcdtm 79 « CA %tf; 
fedftm 100) tictitos angulos y ^ bajim in^ 
wnirt. 

Invctiindtis Jit angulHs amtts C 

Ut datam ktus AC ad alterum latos 

adjacens quarfito ang. C . datum AB. 
ia finus torus ad anguli quaeliti 

10000000 ;. C tangentem. 

Quas per regulam prop. reperitur 7900000 i hurc proxi-. 
mi SDqualis ipvenitur ^n tafa|uisl.6if 66 15* > cut ad&riptum 
reperies angulum j8 graduum , qui probl. 9. cap. *a. adhuc 
reperietur exa^6s. Tantus ergo.eft acutus C, qui latebat» 
quo ex ^rad. 90 iiibtrado datur & alter B grad* fi , quia 
ver6 noti jam llmt acuti anguli , &c cx hjp. etiam ktera per - 
pipbl, 1. etiam bafis BC fiet nota. «. 

Al^ baiis inveotio ab angulis indepeiidei» tiaditur probl. a« 
jcbolii prop. 47* lib. i • clcm. 
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DmorifirMth^ 

Pcr defio* 9. cap, 1. refpeda linguli C fiaus rotus eft 
C^ , tangcns BA. Ergo ut CA cx hyp. peduni 100 ad 
BA ex hyp. pedum 79. ita cadeai CA » prout cil iinas to- 
tus 10000000 ad eandeai BA » ut cft ungeos ^uxilti aa* 
guh C 

ANALYSIS. TRIANGULI 
O B L I CLU A N G U L L 

TRiadguhim , in quo nullus angulus rcAus eft« oUiquaa* 
gulum voco. 

Problema VL 

1%. ^. 'T^Atis onmibus Uferibus lateris figmeHts (BP^ 
?f • JL/ CF) foBa a ferpemlkttlari (u4F) ex of^ 

'' "fo/Hp angsdo dtsSa ^ :& iffim ferfendic^iikrem m» 
^Pte. . 

Ccntro A intervallo ktcris minoris AB ddcribatur circulqs 
fccans rcliqiu latcra in O , & Q> 2c producatur CA in L: 
manifeilura dl tC elle' fummatm latferuta AC , -AB j & OC 
diffcrentiam corundcm ; iicm patet cx prop. 3. lib. 9. BQ 
hiicaam' cfle in F. «Is ib conftftutis rbaaogtila 3C(i, &* 
(t) e^nU, LCO [a) «qualia font. Ergo pcr 14.. vel 16. Jih.j5.. ; 

f 3- ' ut BC lar»a^, fe quod ad LC finniiNin Jate- 

pcrpendicularis rum reliquofum 

cadit. * BA, AC . 

fta dC dlfferentii ad rca^m CQ 
Tcliquorum laterum. 

Quare ct^m tria prima fint nota , etiam quartum nempe 
CQ innot^(cct , hxc, fi perpcndicukris intra trfangi^om ct- 
dit, (ut in fig. lo) abkta a ktcre noto BC notam f^IinqiMft 
BQj cuju^ iemiiTis BF eA fcgmentum quaefitum mmus.qua 
fubtrado a ktere B C , etiam majus iegmefitmia QF iam»- 
teicct. 

QuW fi pcrpendicukris cadat extra ("ut in Fig/ai) tunc 
cs quartd proportionali CQfubtrahp ktus BC» ut inQOtdcat 
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refiduum BQ^t hujus cnini feioiflis BF dabit f^mentUm 
miaus ad quod adjc^ Jatgre BC habctbr fegmentum ma- 
jus CF. 

Ipfii ver^ perpendicuhrts AF fiet nota » ii ex quadr^to kte* 
ris BA adjacentis minori iegmeiito (obtrahatur quadratura mi- 
noris iqgmoiti BF , & ex rciiduo extrahatur radix , ca cnim 
crit AF, potet ex p. 47. lib. i . • 

Porro ip£t qoarta proportionalis CQ^indicat quando perpen* 
dicularis intra triangulam cadat , oiondo extra i cum cnim 
niiiior cft btcrc dato BC , in quoa incidit pcrpcadicuhris, oi. 
Cadet tntra triaogulum , ci!Un major , extra. 

Hh frohUma, qaodfitn} frolndo fukhrtm % Mtq^ utih efi» 
txpniifur itUm par tfop. 13.6^ ix. liS.i.ut tradidi m/choik 
ihidimi ftd modui hte ttadiuf gti^umtfi facilior ^. 
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Problem» VU. 

jitis emnilms asigulis » Uttrum frcfortionem ^- u* 

invcttire. 



Jn (juovis triangulo codem -cft 'Inter btera proportio , quas 
tflter iuius angulorQm koeribus opfWfitorUBi. ^ 

Demonflraxio» 

Efto triangulum obliquangulum ABC latgrt habens inaBqua* 
lia (alias cnim res per &, eflet manifefta). 6c ex majori CB ab- 
fcindatur CI anuaJis minori AB, ducanturque IL , BF ad 
AC perpendiculafes , qua? quia iunt tnter it parallelaB ,^ erit (4) (*) ^^ 
CI (hoc cft AB) ad CB, ut IL ad «F. Scd pofito fmu toto ^'l-^'^ 
C I eft I L iinus {i) aoeuli C , 6c pofito (inu toto A B , (hoc ^^^ PeriUf^ 
eft eodem • quo ante, aim AB , Cl aequaks (int) BF eft {c) cap, 1. 
iinus afu?uli BAC, ergo latus AB eft ad latus CB , ut linus (c) Ptr 
anguli C ad fioum anguli B A C , cadem crit in reGqnorLm *^^ 
cempsuration^ kucrum dcmonftratio. > 

Tantum nota. Ciim perpendicularis-ftF extra trianguluni 
cadit, eam nihilomious cile iinum anguli BAC, quia (^ ii- (d) ^n» 
nus eft anguli B A F , cum quo {e) eundem habct iinum an- '^- 
gulus BAC , ejus complemenmm ad duos redos. ^j. ^'^ 
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Problema VIII. 

1 ^Atis omiil^Hs la^erihiJiy m^mIos invcmip^ 

Concipiatur in aliquqd latas ex oppofito ^njgvlo denu(& per^ 
pendicularii AF , ^ pcr probl. 6 noca fiant i^mcnta BF. CF^ 

Tum • quia in trianpulo re^ogulo BFA dantyr B A , BF» 
per proU. 4. fimiliter mnoteiccc angulus B. Rurfum , <)uia 
m triangulo rc&ngulo CFA dsotur CA» CF, per probL 4^ 
iimilitcr innotefcct angulus C, & per prop. 31. $b. 1. icuaii- 
BOt. 9. etiam tcrtius £\C. 

Problenia IX. 
JLJ Utera (-45, CB) invemrc. 

f 

Per Prohlema 7* 

Ut tnguli B j qui dato ad anguK C <^po{itt 

kteri AC opponitur, qusefito lateri AB 

/inus 6293204. linum i7S^}74^ 

ita latus datum AC a4 latcris quaditi Al^ 

1 000 palTuum ' paiTus. 

JiMr-jHs per ProblemA 7, 

V% auguli B dato latert a4 ai^uli A oppofiti 
AC oppoiiti iioua quxiico latcri Cft 

6^92204 iinum 8 195*5-21 

k^ latvs datum AC ad bteris quxiiti CB « 
1000 pailtium paiTus. 

. Ip utroquc analogirmp tria prima nota iiinc» quartum igti 
tur utrobique, nimirum l^qra AB, CB innotciccnt pa ^9n 



ho* 
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Problema X. 

DAis JfUfbus lateribm {Cji ped. zkS» BAfed. j^. %/$t 
1 1 ^) C^ anffulo (A gr. II l) iis comprehenfo^ 
reliquos anguks ( C , 5 , ) <^ l4tus reliqtiHm (CB) 
invenire. 



Quoniam CA, BA latera dantur, etiam datur eorura fum* 
ma 318. pcd.& corundem difFercntia ped. 104. Rurfum, quia 
datur angulns A grad. 113» datur Sc reliquorum ignotorum 
C, B iumma (67 grad.) adeoque Sc iemiiTis fummse (grad« 

:} * 3^') <?uju< proiodc tangeqs 66i88y6 datur cx tabulis; 
is poOtis , 

Utlat. datorqm CA; ad jaterum CA, BA 
BA fumma 318. pcd. differentiam 104. 

ped. . 

itatang 661885*6 ad tangentem. . . . ^ ' 
iemil&os fumm» femifleos differ. 

^cogoitorum anff. i^ootorum anig. 

CB 

Ci^m ergo tria prima (int tiott , per reg. prop. innotefcet 
fjuanum, nempe tangens lemif&os differentiac angulorum ig*- - ' . 
tiotorum C » B... huic in columni tangentiom prbxim^ repe^ 
fitur aeoualis..., cui adfcripti funt gnun...4fco-angulo femif' 
ieos dim^tise angulorum C, B , quam fi addas ad iemiilem 
(ummssgrad. 32, 30, angulorum C, B, habetor B raajor 
ouaefitus. Si £btrahas, proveniet minor Cr ktus reliquaQi 
CB reperiturper prasced. jam eqim pBfeter laitia» dantur dc 
Wguli. ' 

Demmftrdti^ . '\^ 

Analogifbi fhpra pofid efl ejufmodi : flant anguli HPF, ^.a/i 
-f ?G aequaies ai^lfs ignotis B , C: 'ceotro P de£ripto cir- ^N . 
Cttk>, qui htera angulorum (ecet in H , F , G, ducaatiir ad ^ 

FP perpendiculares HR, GL, qux pcr deBo. x , flc 6, Uf 
cnmc Gnvl^ angvfonim UPF, FPG, pofto lintt toto , kfk 
flKhoPH, PO, ducatttrdeiadpreaaHOG • & fiat HX ' 
par ipfi GO iungaturque P X , erit XO difierentia ip&raai 
|IO. tilt, faoc eft ipfir^in HO» OG, dei)iqtte%e3t ccptro 
. i Z j- ' • P d^i 
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(>) ?scr P dacatur ad HG perpendicularis PQ^, {£) qi» hitocMt 
S-A ). HG, <)uoniam igttur aB()uaks jQioc H.Q.. GQi& HX, GO, 
ctiam XQ^ , OQ xqualcs crunt. Undc QO eft femi flis 
diflerentik XO redhjiim HO, OG 9 cx quo facite cciaor 
ollcnditur, angulum HPQ cfle icmiOem iumrnx aogula- 
(b) Vtr ruro HPO, OPG, hoc cft {h^ angulorum B, C: & QPO 
«i^» efle feroiflem .diffcrcntix angulorum HPO*, OPGi hoc 
eft B , C : his poiitis diflcremia latcrum CA » Afi 
cfto 2. 
Quia HR cft finus anguli HPF ,' lioc eft B , & GL 
fc) ftr fiauis anguk FPG , koc cft C , eric iatus (c) C A ad kr 
ffM.y. tus BA uc HR finus anguli B ad GL iinum anguli C, hoc 

(d) ff^ (d) eft (quia aequiangula iimt trianguia HRO ,* GLO) ut 
/*/vt*-. ^^ ^ ^^* *^g^ ^A (f ) eft ad Z diffcrentiam latcrum 
l!f.iiZi CA , BA , ut HO ad ipiarum HO , OG di&rcotiam 

X O } & invertendo latcrum difttrrcntia Z eft ad C A , ut 
dificrcntia XO ad HO : atqui . (ut }a.m oftcndi) CA eft 
if)rn ad B A , ut HO ad OG , krjtur (jf) ex arquo Z difie- 
aa.^5* rentia laterum eft ad BA, ut XO di£(ercntia ad OG. £r- 
go invertendo BA eft ad Z* t ut OG ad XO i quoniam 
ergo (ut oftenium fupra) CA eft ad AB , ut HO ad OJ, 

(e) l^ ac proiiidk.(^) componcodo lumma CA , AB cft ad AB» 
Ai.s* ut HG ad OG i AB vcrd (ut jam oftcndi) fit ad Z , ut 
t%A Vt» ^^ ^^ ^^> ^' Ttx^o (h) erit (umma latcrum CA , AB 
xluZ *^ ^ laterum dig^fCQttam 5 vt HG ad XO. Sed ut UG 
(i) ftr «d XO , . fic iemiffis HG nc^mpe H Q , qux (i) tangeo« 
itf, 9« eft angdli HPQ, 9 ;ad iemificm XO , nempe (^ tan- 
OC^HUkm, gcnrem (^) aittqjli.QPb. Ergo fumma latcrum CA, AB, 

2ft ad Z dimviUJs^fn Jaterum > ut H(^tangens anguli 
ttPQ^ (qui , ut oA^ndx fupra , eft femilTis fummae aagu- 
lonim BC). ad QO tangeotcm, ^iaguli (^PO , qui eft 
iemiifis xii&mit«»jAqgttkwm B ,.. cT Cjuod ergt dcmoo- 
ftrandum. 

^/4 fr^Ummuyibituf. 

jqt«, %£^ - £x akenitvo ^agmoincogntto, «c. gr. ex jB m IU119 oppo^ 
ttttfia dod» codcifnatur pcrpcodicuiaris BF. . 
7 -In«triattgDb.Mi9bngqlo BFA* <^pa deturhafis BA|flC;ac«- 
ttis aBgokis BAF , .pcr^prob. 1. invqveoiur W» & AF, .^ 
^btnSd^x datll C A ia Fig. aS. addka md ad C A ia F«. 
xap. fiotaficc etkm<CF. 
' CUvfina cigo iQ.tdgono redaogttlo CFJ labn^deolur .dff^ 
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Ibtcra BF » CF f er probl. 5-. innotdcet BC latus qiMcfitum A 
9aguhi& C, qucfD uoa cum daio A iiibuahe a iSo. gr;uL re« 
mancbic B alca quaeiitorum. 

Problcma XI. 

■ 

DAtb Juobus latmbns AB^ CB^ & OMgttk imt. Pi(.^ 
C iis non comfrehetfji , rriiijms ^ffdos , c^ !'• 
Ai/x^i r€liqH9tm ACinvcnift. 

Pcr ProbknM Ftl. 

Ut A B latui datum ad altcrum htos 
dato angulo C datum 

oppolituo^ ' CB. 

ita finus anguli ad finum ignoti angult 

dati C. A , qui alieii latcri 

dato' CB opponitur. 

Quare qi^m tria prima (int nota» etiam quartum, ncm- 
pe linus anguli ignoti A , innotefcet , Sc per (inuro in- 
veoictur in tabulis angulus ipfe A , li acutus ilt ; li ver6 
A obtufus > tunc angulus pcr finum invcntus fubtradtus 
a ^80 gradibus relinquec quselitum A. Ratio patct cx 
defin. f. 

NMjfe i^itur h)c eft md mventicnem imguU » ut ejusjpeciis 
Mtunde notajit. 

Inyentis anguiis , ktus ignotum AC innotefcet pQr 
Frobl. 9. 

uiliterm 

Ex angulo B datis btertbas compreheofii duda intelligatur ^. |v 
BF perpcndicularis ad latus ignotum AC. 3i* 

In triangulo redlangulo 0FC , ciim detur bafis BC » fe 
pnus acutus C , innotefcent per Problema iecundum CF, 
2c BF. Rurfus in tri?ono redbngulo BFA ciim dentur ba* 
£5 AB, & latus BF, mnoteicenc per Probkma quartum ao« 
gulus BAF, &latus FA. 

Qudd ii angQlus ignotus BAC » qui datis hteribus AB> J^»]V 
CA comprehenditur , iit acutus , ac proinde perpendi- 
^^vhris BF , uc in Fig. }z. incra triangulum GKlat » ao- 
•^i- gulua 
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galus BAF iam inventus eft ipfe B AC quxfitus , & timc F A 

jam nou aadenda eft ad CF aate repercam , ut inaotefcac to- 

tum latus quxiitum AC. 
-^ Si ver6 b AC (it obtqfus » adeoque perpendicularis B F * ot 

■ ** 3J- jn pig. j j. cxtra triangulum cadat , tngulus inrentus B A F 
* fubtrahendus eft a* 180 gradibus» ut innotefcatquacfitus BAC: 

0c tunc F A jam nota demenda ex notd F C , ut innocdcat 

Baus q^aefitum AC. 

p^rjkmigitHr^mvimmimmigHUBACi &lmeris AC 

mcejk eft > m dtiund^ nngHli BjiC t»M fit ffecifi. 



DE DIMENSIONE 

TRIANGULORtJM SPHiERICORUM 

Ux "Bncyclopadid P. Gajparis Schotti 
E Societate Jefu. 

DE ELEMENTIS SPH>£RICIS. 

^. I. 

ELemcnta fphxrica appeBo , qu« ncccffiria iunt tum ad 
trigonomctriam fphxricam, tum ad univcrfim ^h«- 
ricam fcientiam intclligcndam » cujuf m^dl iiuit ^p- 
politioncs nonnullac, 8c definidoncs. 
(^se iequunnir » voco iiippoiitjones , non qudd nuSi de- * v . ^ 
monilratione egeant » icd qu6d dcmonflrata fumantur a Theo- 
doiio» & aliis. 

SUPPOSITIONES. 

I. 

SFhacra cil figura iblida comprchciifi miica iiipcrficie eonre- TitU. C u • 
xit ad quam ab uoo eorum pun£torum , quse intra ^^-J^^d^l^, 
ram iunt , omncs rc6be lincae dudx iunt inter & xquales. '•^t*^» 
Ccntrum fphanrse cil prxdi^m pundhim. Axis iphacraB eft 
re^ quaedam lioea per ccntnim iphaerae duda , & utrimque 
terminaia in fphazrx iuperficie, circa quam quiciceatem cir- 
cumTolvitur iphaera^ Poli fphaerae iiinr extrema pun^ ipfioc 
axis, /» Mffi^tAjigura (^uam ghbef^m fingen ofcrtit) cm- 1%. ^ 
Jrumift Ei axis AC, (^BDj foliAt &.Ct By& D,M^ 
litts melUgentur hAC , &fequ€ntia» fi ante 9cuk$ bsiiaiurgU* 
h$s mMteriuiis, 

« 

Polus drculi in fphacrd defcripti eft punAum m iupcrfiGic Uemdef.f^ 
^haeras , a quo omnes iioeae ad circuli circum&rentiam ten- 



J 
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dones redM fiiQt Mtfr ie aequaks. Ckkull ATCG foimi ^ 
0j B» ^lter Di circtdi Viro BFDC foiuj tmm </? A^akerC 



nu . 

Circuli (phaerge aut (unt maximi , aut non matimi: Maxi-^ 

mi iunt , qut dividuht fphfleram in duas aequaJes part^. £i b1 

7htod,p.6* habentidem centrum cum ipbzr^. £x quofn^itur, circu- 

^ <• lofl fphan-x habentefl idem cum ipHl centrum efle maximos. 

Non maximi funt , cnit non dividunt fphan-am in duas partc» 

flrqualcs. £t hi non nabent idcm centrum cum fphzra. Uu- 

de.circttii non habentes idem cum iphaer^ ccmrum, non (utit 

Ilg, )& maximi. In pgura chrCMlHs AFCG ift fMximusi HIKL vir^ 

im rM^xmus. Ifrhris centrmm ift B » idtm cpadffhsrd. 

IV, 

Tini, L u In rpbflrr^ maximi circuli £e mutu& iecant bifariara : & ^ 
fnf. ii«ix« contrario in fphserd circuli » qui fe roiitu6 bihiriam ftcaiit# 
^. 3& funt niAximi« puo iireuU» ABCD^ c^ AJgCQ fiCMtft U- 
/Mriam in A» & C* 

V. 

Omors maximi circufi ejufScm bhetrx (uflt inter (e a^cjpit^ 
les , quia eorum diametri funt xquales, ci^m omnes per ideni 

g^* ^6» ceatrum tranieant > «/ fMtet sb dutmitris AC, BDi 

* 

vr. 

HmJLf^ $i tn fpfaaeri maximuscirculuscircuhimqaempiflfm ad rte^ 
i>^ !• • 106 angulos iecet , Sc bifiriam cum fecat , &, per poios iplkii 
tranlit. Ad re£tbs angulos Cfetlicet fphiaericos) iecare fedicun^ 
tur • quando unus tranlit per polos alterius , Sc conleqoenEdr 
iion fflclinat magis ad unam ejus partcm , quim ad aheram. 
f%- |i« Sii AFCG feeat cireulHm ABCD ad mfgtshs reM m fundis 
At &C, Sic etiam BFDGfeest csrculHm ABCD 4d angssbi 
n^s m B^ i^ D. Um^ique stutem btfariamfe muittbficasti^ 

1 VIL 

UimfMf. Si in fphaerk matimus circulus eorjm, qui in ^hanriiunt 
i;. 4 !• > circulorum, aHqucm pcr polos fecet, bt&riam, & ad angu* 
k» redos eum iccat. BxfUcatiefatit ix fnximk diitis. 

viiL 
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YIIK 

Si tn rpli.Tr'1 tnaximus circulus per poios altcrius cujuipi^tn vyu ?l^. 
maximi circuli tranCat , tranfibit viciflim hic per poIo« il- i.sJU&ttmi 
lius. Sic ctfCHlus mtiximus ABCD tranjit fer polos By (^ I> f^^Jt/J* 
Circuli maximi jiFCD , (j^'hi<! %kijpm p^ fohs A , /^ x: atr \l^gcui, 
tirius. \ i-^.S^ ' 

IX. 

8i in (phxri circulus circulura per polos fccet # cn-culus ^ 71^ 
maximus eft , Sc bitkriam eum. iecat , & ad angulos red^s. 2. md, 
Sic quiM eirculus ABCDfecat Um HIKL^ qukm AFCG f€r f%. %e. 
folos ifforum B, & p^ Jignum ffl ijfe muximum eirculum, <^ 
usrufnque ^ifariam ficat , (^ ad anguics re^is «4/ f( , (>» IC9 
ium ad Ay ^C^ ^ 

X. 

Si in rphan-J circulus circulum bifariam > 8c id angulos rec- mjf^ 
tos fecat , circulus maximuseft , & per pclos eum iecat. 71nr«3» 
Exflicatto fatit eu froxtmi diSiis, 

XI. 

Omnis circulus maximus diflat undlque per quadrantem pereon^L 
maximi circuli a fuo polo , ktcoque omnis quadrans a polo frtf, j4.4 
maximi circuli in iphjm du^us cft ci ad angulos redos. Sse ■i^*""** 
AFCG dijat afuis foiis B , & D fer quadrontes AB, CB, *%• 5^ 
AD , CD ^. 

XII. 

Si duo, aut ptores maximi circuH maximum circulum ad 
re£los fcccnc angulos, concurfus iplorum crit ipllufmct cir- 
cuii polus. Vatet ex globo materiali , Ji in illo defcribantur 
flures eirculi mAXimi fecataes alium maximum ferfeaJiculM* 
riter. 
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DEFINItlONEl 

Vjtfimt L A Ngulus fphxricus cft, qucm in iphaerx (uper^dc duo ar-» 

^^^^^^' Xjl cus circulorum maximorum fcfc mutu6 (ecanrcs conti- 

i^i^* ncnt. Ti^les fmi iMgult AEC 3 CEB t&^; Dix/, arcus circu- 

#1^! 37« iorum tnaximoruin , quiM anpili ab aliiifphsrA chrcuiis tgti^ 

I m fuperficii ffhdrd Jk IfigOMmftrit ncn tmfidnnmwr. Dixl 

ffAt&tk » leic murud iecantes » ^mm wints chrculi muxaM m 

ffhdrJife mutuoficant , <^ ikmfUMmfi mutuo nmgum » pei' 

Suppoiit. ^* 

it 

Uemd^.%* Angulus iphaericus redua cft » <}uein iii fplixrx fimerfide 
duo arcus circukmim maximorufn (eie ad angulos reoos fe- 
cantium continent. TfPir«i«/fj» du9 circulijkcant fe ad muiU' 
Ids r^dos , qudndo unus ud uiterum rtStus eji^ hoc0j ^tumdo 
tmusfecMns alttrum ncn inciinut magis ad unam parttmt qukm 
ud alttram >, utfufrs dietttm Smpfofit. 6, 

111. 

Uemief.i. ^AnguJus fptiaa-icus of^tufut e(l > qbi re^o major dh acuiii 
yer6 , qui minor cft re^o, ExpUcatiout non tgtt. 

rUe £W Con^tituitur anguius /pharicus ad fttnBum datum m dato ar^ 

t.detrsdu^, cu circuii maxtmi m fuferficie fphAra , fi fer iliud ftmBum, <^ 
'fpbmrica» pgr foium dati arcus defcrHatur chrcuius maximus\ hujut emin 

fnf, le. circuli c&cumfertntia cumarcu daio angulttm rtHum tonftitiuti 
ckm chcuisis hic ad ch^cuium llimi arcusfit rtSbts per Suppofit. 

ffg^ ^y^ 7. & 9. Sic fi arcus ADB fit chttsU maximi areus i fi^ fdtlss 
tjuspt E i fitx funcio A ftr E dtuatur circulus tuaxhmu 
AEB t^c • trit smguius A reBus. Si ftr datum pun^um def" 
cribatur arcus ctrcuii maxhui non ftrfoios dtuiarcus , tonfiimti 
th^cumferemia hujus circuii cum dato arcu anguios ma^ales , 
oitufum ttmsm , dlterum acutum, Slc circuU maxhm arcks 
THG cum chcuU maxtmi arcu AVB ad funHum F cmfittitit 
Mgubtm AFH 6btu[Um > & HFD dcututn. 

^quales fphserales anguU funt • qui fub arcubus cireokmiiri 
id sequales angutos incuaacQrum contiBestiir. 
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V. 

Trtangulain ijrfttn-tctmi eft» qood tribos arcubus drcul0'< Umirf^si 
rum maxiakbnim fphaerae fuperncie contlnctur. JtaqtuUte^ 
r« triangidi fphdFkifimt Mrr$u>^ nMximarnin dreuhnm /mg$^ 
Utim fmkir€ulo imwres, TriangfilM(n fphdricum efi vel 4qui» 
Idterumf fi nimhrum emnes tres arcusfuerm nquuUs: veitfef- 
teUs I j^ dm tuntkm urttesfuermt dtquaUs : vtl fcalenum > fi 
0mnes indquules inter fe futrint: Item vel re^angulum ffi * fi 
nimirum uiiquau anguUim,hubuerit re0um: vel obtufan-ulum» 
fi mlitptem iti^um bahuerit : vei acutangulum > fi emnes actf 
tifttenut, IB reBangule^ ^ obtufangula triangulo ffhanco , 
fi tmtts angttiMt efi re&tts » vei okufus > fojfttm aiii dm etiam 
offoreSi^ vd obtttfi, vei aiter fiikm* quod in reSiUneit nm 
foutiagk, • 

VI. 

Arcus anguli ^haerici dk arcus «rculi maximi » cujus po- ^/^^ g^^ 
lixs eft in ipib an^lo inter duos arcus angulum fphaericum ^ 
compehendentes mterceptus. Sic arctts anguli AECeft jiC Fi^^ ^* 
fji^o $ }ton^omi^s orgo areus anguie ffhdrico offofitus eft iiiius 
tmgttii arctts* ^uia vero foius circHli maximi abeft ab eo 
fttadrante circttS maxifm,fit ut ttterqtio arcuum anguitm com* 
frehondentmm ktter attgititm»fii»^ anguli pojitorum/tt auadran^ 
^uarefi anguiusfueritre&usy arcus anguii erit quadrans : fi 
ttfttttts > ^tadrante tninor i fi obtttjus , major cftadrante. 

VII. 

Complemciitom arc6s*eft earceilixs» quo quadranseum Tu- ^ ^ 
perat > n arous minor eft qua^ntc : vcl ab eo Tuperatur > ii 7, 
cft quadrame major. 

vin. , 

Compiementum anguli fphaerici eft excefliis, quo quadrans ce»ir.^ 
•rcum ipilus anguli fuperat, Ycl^ab eo iupcraiur. *' 

IX. 

Sinnsi Tangens, & Secans anguli f^hsnrici i^ ftnus , tan^ aav. d^m 
gcas> fc ifcans jJlius ^dis > qiii arcus anguli dicicur. 9. 
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de proprietati bus 

anguloruiH) & triangulorum fpha> 

ricorum. 

I. 

• 

SI anguU fphaerici cnira» five latera conttnuftQtur » concnr- 
runt > 6c femictrculoi cfficiunt. Sic amgulTBjiC cmrM 
A B > AC c0nthmMts cfi9CMmmt m Dt i^ tfficmM frmianmln 
ABD» ACD. Rjuio eft» qma pcr i. Defiiiit.iii0 mrms BA$ 
fy» CA fma mrcus msximantm drcsAmmtfifi mmtthficmttisi 
pcr 4 vcrd fuppofit. m ffkitrd ttmximi ctrcttUfi tnttttt^ k^tt* 
ritmtficam. 

IL 

CU9ittt t, ' Si angofi fpluerici cnira coatinaata coocuomt r Bc feini- 
dt frMnf. drculos efficiunt, fiunt duo anguli oppofiti inter & SDtpmku 
J^. fnf, TtUtsfitm tmguU BAC, BDC. Rtuii t^» mtitt bttkmm «w*. 
Hf • 34* ^^ tttmfitrttm » ttmf ttrctmt GH juxta Defipt. 6. 

III. 

Cisv, iUd. C&m arcuf ctrculi maximi io ipbaerd fiiper arcum drculi 

f^^f' f' maximi omfifiens angulos .iacit , aut duos redos» aut duo- 

f%..3i* bus re^s aequales e£it. Sic 4ir€tss circttU tttttttmti IG cmfi- 

fttntfitfir ttrctcm AG D ftuit itt0t ttt^litht AQL 9 DGL Si 

ightir circtttut arcis IG trtmfit pcr foUtm drudi mrcMt AGD, 

ficetttr hic ttb iU» ttd tmgttks rt^t per 1 1 . Suppofit. j^^Mi /ir 

folum tranfits fif ttsms attgttUtt okuptt» aUtr aattttt: aftiiaf* 

lititet tamnt dttoSttt reSis, 



Ctm, tUi, libicdium triangulorum ipinBricoram duo angufi Gtfn bt* 
f^ ^ fim fimt aequales , dcfrodudis sfiquaHbus arcubus ctiam an* 
guU infia bafim fiunt sequales. Hinc iequitnr, omne triaS' 
gulum fpbxricum aBquiaqgolum eile etiam frauilatfiram* 



V. 



Vkir Vmcmh yfx\ 

• V. 

Si triaogidi ^Asrtci doo «aguU fiiat letcr fe irqi3riBi»etiatn Cim^nf^ 
kten iub aBqtiaiibus aoguiis fiibteoia rum inter fe aequaiia. ^* 
Hinc £quicar » omae triaDgolum ^khaericuin fl^umguittm 
cile etiam sequiJaterum. 

VI. 

^uihtcri triaoguli ipiuBrtci iiogula ktera pofiunt dSt qua« ^. /^ 
drantes maxin»ruin circulorum > & fineula quadrantilius vel «r.^« 
majora, vel minora. Quando iingula iunt (]uadrantes« om- ^/* 
nes aiiguH iunt re^ : quando majora quadrantibus » omnes 
funt obtofi: quaadominora» acoa. £ contrario,quaada in 
triaiieuk» ^mrico JDqniangnio iiflguli aqguli fimt reai » iin^ 
gula Jatera iimt quadrantes : quaim obtufij majora ^i^qua- 
drantev quandoacuti» minora. 

VII. 

lioieclia triaagoli ^haoici aequaKa duo btera poiCint tXB(:J^^pt§^ 
«a^inntes , & majom» tut minm quadr«ntibufi« Quandp M* 

iont quadrantes» aogult funt xeBiw quando nvijora» obtufi: 
quando minora « acuti. £ contrario > quaiKio duo anguli 
acqualcs iiipra bafim funt re6H ^ latera aequalia funt quadranres: 
quando obtufi» majora iunt quadrante:quando acuti> minora* 

VIIL 

In omni triaogulo /ptuerico ifi>firele> cujus duo htera aequa- cup fm^ 
Ua flint quadrantes, (i angulus fiib iplis comprehenfus eilrec- a^. 
tus » bans eft ooadrans : iiacotns , quadrante mtnor : ii obtu- 
fus, major. £t viciinm , ii baiis eft quadrans , angulus op- 
poiitus eft re£his : ii major quadrante , obmfus : S mioor , 
acutus. Semper autem polus baiis dl in angulo fub Jateribui 
comprehenib. 

IX. 

In omni triangulo fphaerico , cujus omnes arcus funt qua- Cf^^ptf^ 
drante majores , vel unus quadrans , & reliqui duo quadrante ^7- 
majores » omnes tres anguli funt obtufi. 

Aa 1 X. 
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372* Tr^anmtirk Ldfer Vmc/if^ 

' X. 

€Um,fnf» In offlni tritngul» (^hcrico*re6bilgalo » cojas oimies ardif 

At« > fuot c^uadrante mioores , reltqui duo anguli iuat acuti. Bt fi 

rdiqui dao iimc acati » erunt fingali arcus quadrame minofcs. 

XI. 

C!M9.fnf, In omni trianguk» fphaericos cajus omnes ai^Ii (iint aco- 
^^ ~ ti, arcus finguli iunt quadranie minores. 

XIL 

eimf. fnf* In omni triangnlo (phasrico, cujus unas qoidem arcasqato 
S^* drante major fit, rdiquoram verd uterque quadrante nainor, 

nulLtts angulorum rcms eft« 

XIII. 

TAiv. Af , Ficri non poteft, ut 10 triaogub ^hsBricoredangalo aoas 

m, fn,$9. tant5m arcus fit qaadrans. ^man , f m ccmuUi m trsMagitk 

tmum qm/Unmtm > emfdiTiMif f^ dtiTMfth^ fi^hmndm 
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$. iiL ; . 
DE DIMENSIONE, 

TRIANGULORUM 

» 

Sphxricorum re£bngulQruin 5 in quibus 
unus tanciim eft rcdus. 

SI triaD£|uIam ^haoicum habet tres redoft» datii* fisfc 
cognitis tliis , dau fuot etiam latera ipibrum , utpote 
quadraDtes , & vidlTim p9r6, ftQfritt. Si luJiet duos 
redlos , datis illis » daQtur & latcra red^is oppofita » 
nempe duo quadrantes f9r 6. Frotrkt. Si d^tur etiam ktus 
«ertium , dauir aagutostertius s ec Viciflim , quia tunc Ifttus. 
tertium eft menfura aoguli fer 6, Dtfin, In his igitur caiibus 
nuIIA tri^ometrii eft opus, led IblilUn, quando trianguhim 
habet unicun) redium , & reliouos pbliquos » cujufmodi eft 
triai^lum' appoiitum redan^um ad B. - Sexdecim variatib- fii* ff« 
nes in hoc cafu occuirere poilunt , pro quibus iexdecim re* 
goks psBfcriWmtts. In omnibu^ nomine baits intdliginms 
Iffcum TdGto adgulo oppoiitum , ut 4^ arcum^ AC. 

• Propofitio I^ Probleina. 

Ai9fftUm €X id(i y fjr latert , quod Offgtih qudfi^ 
offomtnr^ invenirtm 

r\ prsBcedenti triangulo fit data baiis AC 6oo. 8e hxa% itB fFX'|x« 
loo , iitque inveniendus angulus C oppofitus lareri datV. 
jFiat, ur iiaa&totus ad rmumlaterts AB dati,ita iecans com«^ 
j^ementi baiis AC ad iinum anguli C quieiiti, EXEM*» 
FLUM, Sinus totus e(l looooooo, iinus Jateris AB aoo efl 
^4toiot} iecans complementi baiis AC 6oo, eil iif^joof» 
Du^ti &cante prsedi^id per iinum lateris AB , fit fumma 
394930^95*9010, qua dtriia per radium 1 0000000, prove- 
lut quodcns 3949308 9£9f_ pro iinu anguli C, cui reipondent 

10000 

Aa 3 13^* 



•'74 Trigonmetri4 

i)o. \f\ 4&^. Jnxu htm normnm ettMm reUftu ifer^tkM 
Mitm dehmt, BnvitMis ^fd eti^no txemfU m feipim'- 

films. 

• - • ■ • 

c Propofitio IL ProblesuL 

jtHguktm fx h^f & laart^ ijftUra^hfktlff 4JU 
jaciti ittVenire. 

*%• jr» TN pNBjCcdcflri trfajigulo datti Ufis A C fit'«oo. jo' , kta< 
X BC 300 , fitfjuc inrc9ietidus. angolus C klert daio adjscens. 
Fiat , ut radius ad ungcntem latcris 6C dati^, ita tangeos 
complemcnti bafis AC , ad finum comj^mcnti anguli C 
^utl. 



Propofi^io III. Probtana. 



mre. 



Fk.tf* TlAfisACfi^tf^o, jo', angului Adatusfitijo. jo te 
JD '«iKratur angulus C. Fiat , ut radius ad finuoft compte- 
«icQti bafii AC , iu tafl^ena angyli A dati ad ta^;entem con* 

pkmenti anguli C quaem* 

Prop6fitio IV. Probkim. 

'^lingdttm €x Utere «ftt^9 attgtth off(^$ y & tdier$ 
ttt^uU tton relto invemre^ ^ 

^ %S* A ^fukis inreftigMidus fit C, btos datam AB, &>fin" 
JTL lus datus A. J^iat » ut radius ad finum anguli A dati, 
Ita finus complemcatf ktak AB datt ad fimai com{dcmcnti 
•oigaU C quaefiti« 



FWh 



Ubtr Vmm^ <75t 

Propofitio Y* Problom. 

y§ifftUm ex Imere tptdpto m^gio dijacente » (^ ^ei/% 
an^fUo noH reOo invemre. 

DU^nn$oA e9^et t mtmm^tJmstimd/amfitmMJorreBo^mt f^.^, 
minor t volsm i«/& > mu uuus Mbmtm mn dmmnjit 
2H»dronu mmus > mie miims» Angoliis inveitigaodus (ic C ^ 
itus datuin oC « angulus datus A» Fiat, ut radius ad &• 
cantem ktcris dati » ita finus complesienti anguli dati ad ti* 
pum anguli quadSti. 

Propofitio Vr. Probleim. 

jlnguliioH ex mroque Uuere eirca angnbm reStm 
invcmrc» 

A^^Ius inveftigsindus (it C , latera data AB » & f%« |r« 
BC circa angulum redhim. Ftat« nt finus totns ad 
linum kteris BC » cui aneulas quzntua adjacet > ita 
tangens complementi alterius lateris AB quaciito angulo op« 
fpiiti ad tangentem complementi anguli C quaefiti. 

Propofitio VII. Pit)blcma. 
Latus ex hafiy c^ ^^ ititore invMre. 

BAfit data & AC» latus datum BC> latus, quod inveitiga- f^, |f. 
tur » A fi« ..Fiatff ut iinus totus ad {ecanten^ dati latcris 
B C • ita finus con>plementi b^t» A C ad tinum compkmeoii 
laieris AB quxitti. 



A a 4 Pro- 
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Propolitio VIII. Probkma. 

iMm ex bafi , ^ ^i$lo , ipU kteri ^tu/uo 0^$-* 
mtnry irrvtnire^ 

B^fts data fit A C « atigukis datos C , latas qaod qinoitar « 
A B. Fiat, ut Bnutf totus ad iifuun baiia AB » ka udui 
anguli dati C ad fioQmkteris AB qusefiti» , . 

Propofitio IX. ProblciM. 

LdtHs ex hafi , <^ angnk^ ^i lateri fna/ttifadja' 
cet 9 invemre. 

^* ^^* n Afls data fit AC, angulus datus A, ktus, quod quaerftur, 
JD AB. Fiaty uc finus totus ad (ioum complenkenti affgu- 
li A dati , iu tangens bafis A C ad tttngcntem lateris AB 
qtixfiti. ' • 

Propofitio X. Problcma. 

LatMs ex altero tatm, & atigtdo , qstl ftapt^ lateri 
adjacet y invenire. 

^* X J Mit minusi v$l an mutr sMgulus n^ reaus fit acut$ts,MMt 

- cbtufusi vtl Jenique, an bafisfit qttoihattte miner, vel niMJtr, 

Larus quaefitum lit A B» angulus datus A , latus datum BC 

Fiat I ut radius ad hngentem conaplemeati aaguli A datf » 

ita angtos lateris BC dati ad fiiium lateris AB qtt«(iti< 



fto* 



t 



Propofitio X*I. Problema* 

Uums ex dlim.latirey &0tigtth^ (p$i Lueri qu^lko 
^pomttnrj iftvtmre^ 

LAtas quxfitum A B , htuc datam BC » angDlus datus C. 
Fiat, ut radius ad linum ktens BC dati» ita taagcnsan- 
guli C dati ad tangentem lateris AB quarfiti. 

Propoiitio XIL Problema. 
Littttt ex tttrofte ttnffd» nm re&o iwvemi. 

LAtus quxfitum AB, anguli dati A, 8c C. Fiat, ut; fiiras f^, t^ 
totus ad fecantem complementi anguli A • ita fious com- ^ 
rkmenti aaguli C ad fioum compkmcnti Jateris A B quaefitL 

Propofitio XIIL Problema, 
"BAfato ex Utere^ (^ ttngtdo ei ti^ttcettte itrvemire^ 

BAfis quaefita AC, aogulusdattti A, htusdatum AB. Fiat, j^, ^f^ 
ut finus totus ad finum complementi anguli A dati , ita 
tangens complementi lateris A B dati ad tangentem comple* 
sncoti baiis AC quxfitXw 

Propofitio XIV. ProUema« 
Bafim ex latere y ^ tmgulo ei offofito itfvemr^* 

4 

\ 

BAfis quatfita AC , angulus datus A , latus datum BC. Fiat, f^^ ^f; 
ut iinus totus ad (ecantem complementi aoguii A dati , 
iu finus latais BC dati ad finum baiis AC quaefit8B« 



Aa f Pro^ 



m 

Propofitio XV. PrdUetna. 

Bm^ ex mrofie Utire' invemre^ 

* • ■ » 

tk tu H^* quafita AC , latus unum datum AB, akcrum BC. 
n* ^^ U pj^^ ^ ^j ^yj j^^j ^ ^^^j^ complemcnti latcria A B» 

Ita fiouc compiementi altcriug latcris BC ad iinum complcmcdh 
ti tafis AC quadlt». 

PiDpofitio XVI. Problcma. 
A$fM ex mroqme /mgmb mn reSo hevenire. 



M, ^f. 12 A& qoarfita A C , anguli ^Jari A , & C. Fiat, ut fimw 
D toltts ad tangcntcm complancnti angi^i A , ita tan^os 



ipicmcn 
AC quxikx. 



t ' 
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§. IV- 

DE DIMENSIQNE 

TRIANGULORUM 



Sphaericorum obliquangulorufn. 



/ 



AD quatnordecim cgSss rcduci poffiint cum P« 
yoamu Bapiifis KJecioh omoia , ad quae obliquan- 
gulorum triangulorum iphamcorum dimeniionet 
pertinent quae toodem Problcmatibus cum co« 
dem iblvo» ut iequitur. 

Prq>o£tia XVII. PrckitmSL 
^^mlmm jpicie frsctjptkttm ex dMJs^dmlm UtierAm% 



A nfdm ^te frMconutm MeUur , fkmd$fiih$r mrhnpe 
£\, Mcntusy vf/ ^tufits. Fiat , nt ftnos htdris oppofiti an<« 
mik) dato ad Gmxm anguli dati, ita latus rdiounm datnm ad 
Soum angoli quacfiri , & acutus eft. Si obtufus eft , iiibtraho 
ao^lum pnedido modo invcntum ^ gradibus i8o » eritqoo 
reiiduam aoguius qusefitus. 



Pro- 



} 8o TrigonometrU 

Propofitio XVIII. Problcma. 

^^ulttm verticaUm ex datis dHobus laterihus fiftgt^ 

^ latim^qtMdranie minoribusy ^ Angulo wu eortim 

iffofiti , (^ Jpecie o^hK oppofiti reliqub laterl 



tnvcture. 



\ 



ANgtdunt vertieaUttt afpetU , qtti a Jatis lattribus cmt* 
prtlHftditur* Fiat , ut radius ad tangcntem aneult 
dati , ita iinus *complementf laicris ad^acentis angub dato 
ad tangentem comp)emenri AnguU frmo tttventi. Dcinde fiat, 
ut tangens hferis adjacentis angulo dato ad tangentem com* 
jtlcmenti relioui lateris dati , ita finus compiementi anguli 

J^rimd inventi ad finum compfementi atiguli (tcundh mvmui. 
[am , fi angulis datis latcribus o|^fitis funt ejufdem ipcciei» 
iimma fnveniorum angu!Orum primi , 8c fecundi erit arigii- 
lus vertfcalfs 4L.:etitusi iin mini!ks, di^entia iaventorum ao- 
gulorum crit quxiitus anguhis verticaiis. 

Propofitio XIX.' Problcina. 



^tigulmit . tdrtm^ ad bafim ex Jatis lateritmi elemm 
bus fimul fenriaiK^do mimrthis 9 (jr asigtda vetrti- 
caU itrvettire. 



F 



lAt, ut finus coQ^Jenaenti iemifummx iateram ad fjnura 
complementi femidifierenttx eorundem, ita tangenscom- 
piementi fcmianguU verticalis ad taogentem femifummae ao* 
gulorum quaefitorum. 'Deinde fiati ut finus iemifummsE la- 
terum ad^ linum fcmidifferentiae eorundem , ita tangens com- 
plementi femianguli verticali ad tangentem femidiflfcrentiae \ 
addendae ipli femifummz an^dorum, ut fiat angulus m^jor» 
demendae, ut fiat angulus mmor quasfitorunli. 



Pro- 



tihr XhikM. iti 

ftx)pofitio XX. Problcmai 

j1fU[Hlum quemvts ad Ifalm ex daris tdterSfm dtu^ 
lus, fiLm Mkerm» fabtm fa ^mm mims; 



F 



Tat, ut radias ad iecantexn «aguK verticaKs» Ita taogeiir 
^ compicmcnti latcris oppofiti aiig|Qlo qgxfito bA^ taogea- 
tem compleroenti primi ca(as. Deinde nat » ut taageQs 
complementi anguli ▼erticalis • ad iecsmtem complemaiti- 
ai^li prtm^ inventi > ita fuHis di&rentix inter primani 
caium , ac latus alterum ad taagentem compknwnti an- 
guli qwefiti, 

Propofitjo XXI. Pfoblema, 

• « 

jhjgubm tertitm tx ddtis dmbHs dttguks Mcmis^ijr 
later$ offoJuQ um certrm ^ ac fiecte lateris effefiti 
aberi angulo datfi invemre. 

. ut radtus. 9^ £nufli complementt laterss dati » it» 
_ tangens aoguli adjacentis etdem lateri ad tangeatini 
complementi primi angpli. Deinde fiat, ut ^nus comple- 
xnenti anguli adjacentis dato lateri ad iinum complcmcnti 
reliqui dati axiguli , ita finus primi anguli ad finum &<- 
cuodi apguli ^cie eon^mis lateri non data ^am » fi 
Jatus datum eft minus quadrante » iiimma primi » 8c ie- 
cundi anguli inventi conflabit ai\gulum tcrtium quxfitums 
fi vcr6 eS majus quadrante , fumma fa^ ex iecundo an« 
gulo , 8c primi aoguli c0mplemento iubtrada ex gradilHB 
i8p cundcm dabit. 

Propofitio XXII. ProMcma. 



rflat 
r tai 



Afsgttlm^ bafi effopttm ex datis dttebtts aagtiUsj qm^ 
rum tit^s fauem Jit acmus 9 & ex hafi iis ddr 
jaceme j qtta fit mimw quadrante , invemre. 

Flat, nt radius ad finom anguli datorum nuooris» ita-fioos 
rcliqui aoguli dati ad ioveotum primum. Deiadc fiat,oc 

ntifm 



ivdius ad ioventiim primum* itafinus vor&s» hafis ad ioveA^ 
tum ficttQdum.. Terdd iddaciir tu?eotas fiondus finut ver« 
, £> di£feremiae inter utrumvis datorum angulorum > & reliqui 
iuppfeo^eQtam ad gradus 189« dcfi^ iii^Qs verliis anguU ver« 
mliii c|uae&i. 

Propofitio XXin. Probfema. 

^dsgjfiliim quemlibet toftfnm wttcnlet» €X dmU trir 
. hts Uttmlm ^tarmc* 

FTat, ttt radius ad ficantem complementi hteris unius con*' 
tineatis angdum qusefittitt » ita iecans compiementi late» 
lis alterfos eundem conttnentis ad inventura primum. Defn* 
de 6at, ut radius ad inventnm primum, ita difierentia fiouum 
fcribrum anguli quxfiti, 

Piopofitio XXIV. Probfema. 

$s/m ex ditokut eUtis It^er^t fingulaxim qttaSrdtt* 
te nttnerrtMs 9 & mfffh ttiti eentm effefitoy ttc 
Jpeck at^ttU offofiti rekquo tUto^-Utteri imveftire. * 

Flat , ut radius ad fccantem af^|ulldall 9 ita tangens com* 
plemeoti lateris adjacentis angulo dato adcangentem com- 
plementi primi arcus. Deinde &t • ut finus complemcoti 
hxecis adjacentis angulo dato, ad finum -complementi reliqpi 
lateris dadt ica fious complementi sfcus primi ad arcum le* 
cundum dddendum arcui primo» B wgaii lateribus dads op- 
pc^ti £mt ejufiiem fpcciei , ut Iiabeatur bafiss alioquki diob* 
xentia inventorum arcuum dabit bofim. 

Propofitio XXV. Piobleina, 

Sa/m ex datis laterilms dttottts ^ ftiorttm fijtem 
smttm fit^tpsadyimte nwms y ^ ex dtuo tmptU 
verticMi ACHto y imenire. 

Flat» ut fiadius ad finura lateris datomm minoris» ita finus 
reliqui laterfs ad alitid } invenietur arcus » qui vocetur pri- 
mus. Bdndefiat * ot radius ad areum primum » tta finus 
verfiis anguli verticalis ad arcum iecundum » quem adde 
finui verM dittrcoti» iaterum » &. fiet finus vafiis bafc 

-«laefitaBi 

.. . Pro- 



Liter Vnidit. ^ 

Pmpofitio XXVt ProbhfnU 

l^fiM ddJMcmtem nbtfkm dfig^lh Jsuis aCHtif extii^ 

. c^. €X lattre ttm eonmt ofpo^ j mc nm Jfifit 

iMerii effofiti sdtm ^utgnio invemre. ^ 



Flat» uefadku ^ ^CeciQtein tnguli adjaeentis ItlfrflM^» , 
ta^geas coinpleinenti btcris dati ad tangdtitem priM ai^^ 
ctia. &inde fiat > at «angen^ angulf adjacentis kitefi dato ad 
taiwntem complenienti reliqtti anguli daH , ita iidus prinii 
arcui ad fioam ieouadi arcns ijpecitf conformis lateti fM» ^ 
to. Jom fi iatuadatum eft rbious qoadrante / romti^-^irl^ 
mi » & feeoQdt arcus inventt conflabit balim ^s^Mtaf. ^ - Ai^ 
fi omjus tS^ ^uadrante» fumma^fisidft ex iecundo areu ,* 9l[i 
€ompitmei|toprkni aicds ad femicircolum coBflabit ittam 



Propofitia XXVH/ Probkma; 



' D 
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Lattts dato ^m^ m lo ^pofitdm j fieei^ Jadtem fractjgm^ 

tmtSj fx Mtis ditohtes atfgtslis ^ f^ lafere ttm «^ 

" mtr'ofpofk0 Invenirt. ^' 

Flflt, «t finus anguii oppoiiti dato kteri ad finum dati late^' 
ns »' iltir iiinis fdiqai «usgliJfMt adTiAum kteris qaoSH 
-qimlivnte Mifaldris. At, (i debdltefle maju&Quadrante.&^ 
tmbator ]iti9a>iAV«tttttm I gradibus 't^ i fip babebitf ktttd 

.^9tBtlMn« 



■ • • • 
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PWpdfitio XXVIlt. PJtoblenla* 

£4fitf tttfmnjMii unic^ siEIh ti Jatisdngults dtteBks 
Jimul dkos reUos non excedentihis ^ (t ^tc^Jk^^igr 
fit ndjacente ittvemre. 

Fkt, ut finuf tbmpWmentf RmifuYnmx tngulomm dato^* 
rum ad fioum compiementi iemidifferaQtiae eorundem» 
ita tangens iemibafis ad ungentem ibmiibmmae laterum. 
Deinde fiat, ut iiQus iemiiummae angulorum datorum ad fi- 
num iemidifiTentiae corundem » ita tan^s iemibafis ad taii^ 
gentcm ie.midifeentiae bterum addendxipfifemiiummaelate- 
rum« ut kbeatur latus niajus: dcmcndxtut habcatur minus. 



1^4 TrifffPtom^rU Liber Vmcms. 

BfOpofitio ^XIX. PiobleQii4 

fMui $ttrmmm ex dafi$ m^mbs JWwi' » ^ 

^^fidtsmmmsfit mmm j & $x Imfi mlf^cemt 

Jti mmr mMdnuu^ y iwuimrt. 



/^ 



FUt^ «t nulia» ad taageotMii mmH ^Vl^BA ^me^xfm^ 
tfy,, lU ijaus completiieiiti Ug^ ad q mg O Mua compl»- 
ipenti piimi inveatL OeiQde fiat » «t taogetls toiii{ieanK 
ti^J^s ^ fi<;inteBV primi inireati , ioi fimif caDDplBOKnci 
di0qreatiaB inter primum iaventom.^ & ficundttm datKvm 
aqgu|oram » ii quxritur latus •ppofitum angub ttcat» > vd 
fi^us .q>mplemcnci iummaB i»Q»<x. iovcnto primo • 8c al» 
ierodatorum aoguk>rum > fi qaiEritur .htsa oppofitum in» 
... )btufi> ad oui^ent^ complenratt.laamolai|ttBfiii> fi 
ida fumma » aut differenda non excodat gnd. 90. vd 
i^emcnti 4Mi.graduai 180. ^ xxtoifHu ' \ 

Prop<i(iao.XXX»Pn)btewur :. . 

tusqnodvis iampMm Bafim ex ^is triimimtgidss 



imHmre. 

* ■ • 



ETat » ut radiua.a^: imKiiem complenieoli i ahMlrilw ^ 
gulprum.^fM^ Jba^i,;kijacentium . . im immtm^ 
, flMlilt rcli^i dxetofj^ ^aiig^Jorufi jf^:fmm m. iqliii.mBtnr 
ioventum. Deiode fiat, ut radius ad arcum intiptuv^stia 
diflferentiaduorumfinuum veribrum (de qul roox) ad iinum 
Tcrfus bafiSrqaafi^caeMrr Ut?os«dfaonjm ;finuuraj[veribrttm fit 
iinus verfus' anguU vdrticalfs , alter autcm^^finus verfus dif* 
.ftrCTfix^r qi^x cft.iqtcr q^emvis du^^. as|gji(qp]ij[|.«im* 
'ccnnu|^ bali , *Sc intcr atteriusitem tx^ aid[jsuxniis iupple* 
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